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A.DESO 1

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Cho a,b,c >0 va a > 1. khang dinh nao duéi day sai?
A.log,b>ceb>c. B. log,b >log,c < b > c.
C.a’>a"=b>c. D.log,b <log,c < b < c.

Cd&u 2. Tap nghiém ctia bat phuong trinh 22 < 254 13
A. (—o34). B. (0;4). C. (0;16). D. (4;+c0).

Céu 3. Cho cac ham sb y = a* va y = b* véi a, b 1a nhiing s6 thuc duong khac 1,

¢6 @6 thi nhu hinh vé. Pudng thang y = 3 cit truc tung, d6 thi ham s6 y = «* va

y=0b"1an ludt tai H, M, N. Biét rang 2HM = 3MN, khéng dinh n&o sau day diung?

y
M
d
H N

0 X

A & =D, B. 3a = 5b. C.a* =0 D.d’ =b.
Cdu 4. Nghiém ctia phuong trinh 2%+3 = 27 ]a:
10 4

A.x:?. B.ng. C.x=4. D. x=10.

Cau 5. Cho a 1a mot sb thuc duong va biéu thiic T = log,(4a). Khang dinh nao
sau day dung?
A. T =4log,a. B. T =log,a. C.T=1-logga. D.T =1+log,a.

Cdu 6. Cho ba sb6 thuc duong a, b, ¢ khac 1. D6 thi cac
ham sb y = a*, y = b*, y = ¢* dudc cho trong hinh vé bén.
Ménh dé nao duéi day dung?

A.b<c<a. Bic<a<b. Cia<b<c. Dia<c<b.

Céu 7. Cho a >0, m, n € R. Khang dinh nao sau day diung?

Ad"+d" =a"". B.d"-a"=da"". C.(@") =) D.L=am
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Céu 8. Tap xac dinh ctia ham s6 y =2* 1a

A.R. B. (0;+oo). C. [0;+<). D. R\{0}.
Cdau 9. Tim nghiém cta phudng trinh log,(x —5) = 4.
A.x=11. B. x=13. C.x=21. D.x=3.
Cau 10. Biét rang 10% =2; 108 = 5. Tinh 10%tA+ 10%B,
52 2 5
A. 10. B. = C. 3 D. >
Cdu 11. C6 bao nhiéu s6 nguyén thudc tap xac dinh ctia ham s6 y = In(15 —x?)?
A.7. B. 6. C.5. D. 8.

Céau 12. Cho q, b, ¢ 1a céac s6 thuc duong, trong d6 a,b > 1 va théa man log,c =3,

log, ¢ = 4. Gia tri bi€u thic P = log,, ¢ 1a

12 7 1
A.P—7. B'P_E' C.P—E. D.P=12.

PHAN 2. Céu fréc nghiém ding sai

b3
et vn(5)
a

logZbh+1

Cau 1. Cho cac biéu thtic sau: P =

va Q = log, b* +log,» b°

v6i a, b 1a cac s6 duong va a khac 1.
a) QO =6log,b. b) P =6log,a. c) OQ=3P. d) O-P=12.

2

Cau 2. Cho hai ham s6 f(x) = 5* va g(x) = (%) .

a) Ham s6 y = f(x) dong bién trén R.
b) Ham s6 y = g(x) c¢6 tap xac dinh (0;4-c0).

1
c) Tap nghiém cta phuong trinh f(x) = g(x) la {—5;0}.

d) Tap nghiém ctia bat phuong trinh f(x) < g(x) khong chita sé6 nguyén.

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Ap suét khong khi P theo cong thic P = By - e (mmHg), trong d6 x 1a d6
cao, Py = 760 (mmHg) 14 ap suat khong khi & mtc nuée bién (x = 0), k 1a hé sb
suy giam. Biét réng & d6 cao 1000 m thi ap suat khong khi 1a 672,71 (mmHg).

Tinh ap suét ctia khong khi 6 d6 cao 4000 m. KQ:[ [ [ 1]
Cdu 2. Biét 4* +4~* =23, tinh gia tri biéu thic P =2+ 2. KQ:[ [ [ 1]
Céu 3. Bibt V/5-V/25- /5 =571 v6i m,n € Z va nguyén té cting nhau. Tinh m -+ n.

KQ:[ [ [ ]
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Cdu 4. C6 bao nhiéu s6 nguyén x théa man (2)‘2 — 4x> [log; (x+25)—3] <0?

KQ:[ [ [ 1]

PHAN 4. Tu luan.

Cau 1. Giai cac phuong trinh sau:
2 1

7

a) 49

b) log, (x—4)+1log, (x—3) = 1.

Cau 2. Gia st log,;5 = a, logg7 = b, log,3 = c. Biéu dién log,, 35 theo a va b.
Cau 3. Gia sit sb tién goc 1a A, 1ai suét 1a r%/ ki han gii (c6 thé 1a thang, quy
hay ném) thi tong sb tién nhan dudc ca gbc va ldi sau n ki han gitila A(1+r)". Ba
Hanh giii 100 triéu vao tai khoan dinh ky tinh 1ai kép véi 14i suat 1a 8%/ nam.
Tinh s6 tién 1ai thu dudc sau 10 nam.

Céu 4. Rudi gidm dudc tha vao binh sita ntta lit cung véi mot qua chubi (dé 1lam
thic &n) va cay men (dé 1am thic &n va d€ kich thich dé tring). Gia st rang sb

ludgng rudi duc qua sau ¢ ngay dudc cho béi cong thite P(r) = 15650 077" Hoi

phai mét t6i thiéu bao 1au (don vi ngay, lam tron dén hang phan chuc) dé trong
binh ¢6 180 con rudi gidm? (Gia st trong qua trinh thi nghiém khéng ¢ con rudi

nao bi chét di) KQ:[ [T 1]

— Hét—

= GV: NGO bUC TAI @ Trang 9/118



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

B. DE 5O 2

PHAN 1. Cau tréc nghiém nhiéu phuvong an lua chon

Cau 1. Rit gon bidu thitc P = x8 - /x véi x > 0.
A.P=xs. B.P= i C.P=2x. D. P =i

Cdau 2. Tap xac dinh ctia ham s6 y = log,x 1a
A. [0;+e0). B. (—o0; o). C. (0;+oo). D. [2;+).

Cau 3. Phuong trinh logs (2x+ 3) = logs (x+2) c6 nghiém la
A . x=1. B. x=5. C.x=-1. D.x=-5.

Cdu 4. Nghiém ctia bat phuong trinh log,(x—1) > 3 1a
A.x>0. B.1<x<0. C. x> 10. D.1 <x< 10.

Cau 5. Gia tri ctia biéu thic P = log, 8 +log 59 la

A. 6. B. 7. C.s. D. 4.
Cdu 6. V6i a 1a sb thuc duong tuy ¥, log,a® 4 log, a bang

A. %10g2 a. B. glogz a. C. log,a. D. %logz a.
Cau 7.

Cho ham s6 y = log,x (0 <a# 1) ¢6 d6 thi nhu hinh ¥
vé. Khang dinh nao sau day la dung?

A. Ham s6 nghich bién trén R.

B. Ham s6 nghich bién trén (0;+co).

C. Ham s6 dong bién trén R. 5 ;
D. Ham s6 dong bién trén (0;4oo). /

Céu 8. Chon khang dinh sai trong cac khang dinh sau:
A. Ham s6 y = log, x dong bién trén R.
B. Ham s6 y = log 1 x nghich bién trén tap xac dinh cta né.
2
C. Ham s6 y = 2* dong bién trén R.
D. Ham sb y = xV2 ¢6 tap xéc dinh 12 (0;+oo).

Cau 9. Cho x > 0. Viét biéu thic /7 : \/x duéi dang liy thita véi sb ma hitu ti.

9 9 a 9
A. x7. B. x5. C. x10, D. x10.
Cdu 10. Nghiém ctia phuong trinh 32! =327 13
1
A.x:§. B.x=0. C.x=-1. D.x=1.
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Céu 11. Cho a va b 1a hai s6 thuc duong théa mén «b? = 32. Gia tri cta biéu
thic 3log,a+2log, b bang

A. 4. B. 5. C.2. D. 32.
Céu 12. Véi a, b 1a cac sb thuc duong va m, n 1a cac sb6 nguyén, ménh dé nao sau
day sai?

A.loga+logh =logab. B. loga—logbzlogg.

C.log,1=0. D. loga+1loghb =loga-logh.

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho ham sb y = log, x. Khi dé:
a) Ham s6 c6 tap xac dinh D = R.
b) Ham s6 c6 tap gia tri T = R.
¢) Ham s6 dong bién trén khoang (—oco; +o0).
d) Db thi ham s cat duong thang y = 1 tai diém c6 hoanh dd bang 3.

Cau 2. Choa,b,c>0,a#1vam,neR.
a) log,1=1. b) a'°%’ = b,

1
c) log,a" = —. d) log, b"'c" = mlog,b+nlog,c.
m

PHAN 3. Cau tréc nghiém & 15i ngdn.

Cau 1. Su tang truéng ctia mot loai vi khudn trong phong thi nghiém dugc tinh
theo cong thiic S(r) = Sy -¢’. Trong dé Sy 1a s6 luong vi khudn ban dau, S(r) 1a s6
luong vi khuén c6 sau ¢ (pht), r 12 ty 18 ting truéng (r > 0), ¢ (tinh theo phit) 1a
thoi gian tang truéng. Biét rang s6 luong vi khuan ban dau c¢6 500 con va sau 5
gig ¢6 1500 con. Héi sau bao nhiéu gio ké tit lic ban dau ¢é 500 con dé sb lugng

vi khuén dat 121500 con? KQ:[ [ [ 11
X . " 2ab . .
Cau 2. Cho log,3 =a va log;5 = b. Biet log;, 150 = % v6im, n € Z. Gia
a
tri cta biéu thic L = m+ n bang bao nhiéu? KQ:[ [T 1]
A £ , . e , 6+3(3"+37"
Cau 3. Cho so thuc x théa man 9*+9* = 14. Tinh gia tri biéu thic P = 5 i 3x(+1 + 31_2 .

KQ:[ [ []]
Cdéu 4. Cac khi thai gay hiéu tng nha kinh 14 nguyén nhan cht yéu lam Trai
dat noéng lén. Theo OECD (T chiic Hop tac va Phat trién kinh té thé giéi), khi
nhiét d6 Trai dat tang 1én thi tong gia tri kinh té toan cau giam. Ngudi ta udc
tinh rang, khi nhiét do Trai dat ting thém 2°C thi tong gia tri kinh té toan cau
gidm 3%; con khi nhiét d6 Trai dat tang thém 5°C thi tong gia tri kinh té toan

cau giam 10%. Biét rang, néu nhiét do Trai dat tang thém ¢°C, téng gia tri kinh
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té toan cau giam f(1)% thi f(r) = k-4’ trong dé k, a 1a cac hing s6 duong. Khi
nhiét d6 Trai dat ting thém bao nhiéu do thi téng gia tri kinh té toan cau giam
dén 25% (két qua lam tron dén hang phan chuc)? KQ:[ [ [ 1]

PHAN 4. Tu luan.

Cau 1. Giai bat phuong trinh 210g%(2x—|— 1)+4>log 5(2x—1).

Cau 2. Cho céac sb duong a, b, c khac 1 théa man log,(bc) = 2, log,(ca) = 4. Tinh
gia tri cia bi€u thic log,(ab).

Cau 3. Ong Binh vay v6n ngan hang véi sb tién 100 triéu déng. Ong du dinh
sau ding 5 nam thi tra hét ng theo hinh thic: sau ding mot thang ké tit ngay
vay, ong bat dau hoan ng, hai 14n hoan ng lién tiép cach nhau ding mét thang,
s6 tién hoan ng & méi lan 14 nhu nhau. Héi theo cach d6, s6 tién ¢ ma éng sé
phai tra cho ngan hang trong méi 1an hoan nd 1a bao nhiéu? Biét 1ai suat hang
thang la 1,2% va khong thay déi trong thoi gian 6ng hoan ng.

— Hét—
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C.PESO 3

PHAN 1. Cau tréic nghiém nhiéu phuong an lva chon

Cdau 1. Nghiém cta phuong trinh 3! =27 1a

A.x=5. B. x=4. C.x=3. D.x=2.
Cdu 2. Cho a, b 12 cac s6 thuc dudng (a # 1) théa man log,a = 2, log, b = 3. Tinh
gia tri ctia biéu thiic P = log,(a’b).

A.P=10. B.P=5. C.P=2. D.P=1.

A i 1S A . . 25
Cau 3. V6i g 1a s6 thuc duong tuy y, logs — bang
a

5 2
C. 5—logsa. D

A.2—logsa.

“logsa’ “logsa’

Céud. Cho0<a+#1,x>0,y>0. Khang dinh nao sau day sai?

A. log,x* = alog,x. B. log,(xy) =log,x+log,y.
1 1
C.log,/x= Elogax. D.log gx= Elogax.
Cau 5.
Puong cong trong hinh bén 1a do thi cia mot ham sé trong y

bon ham s6 dugc liét ké 6 bon phuong an A, B, C, D dudi day.

Hoéi ham so d6 1a ham so nao?

A.y=logyx. B.y=log sx. C.y=log,2x. D.y=log; x. 9
2

Cdu 6. Trong cac ham s6 sau day ham s6 nao khong phai 14 ham s6 ma?

A.y=x"% B.y= (\/g)x C.y=4"" D.y=53.
Cau 7. Nghiém ctia phudng trinh log; (2x— 1) =21a
7
A.x=3. B.x=5. C’ng' D.xzi.
1 2—2X—3
Cdu 8. Goi xi, x> 1a hai nghiém cta phuong trinh 7! = (5) . Khi d6

X1 +x béng:
A. 2. B. —1. C.2. D. 1.

x+2
Céu 9. Tap nghiém ctia bat phuong trinh (3) >91la

A. [0;+00). B. [—4;4o0). C. (—oo;—4]. D. (—oo;4].
Cau 10. T4ap nghiém ctia bat phuong trinh log, (3x— 1) < 3 1a
A. (—o;3). B. %;3}. C. (%3) D. (3;+4-o0).
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Céu 11. Chon khang dinh sai.
A.Néu 0 < a < 1thilog,u>log,ve0<u<v.
B.Néua>1thia*>a" < u>v.
C. Néu a > 1 thi log,u > log,v < u > v.

D.NéuO<a<1thia>a" <u<v.

Céu 12. Cho cac s6 duong a # 1 va céc s6 thuc o, f. Pang thic nao sai?
A.a% af =a®B. B.a% aP =a*F. C. % =q% B, D. (a®)P = aoF.
a

PHAN 2. Cau tréc nghiém ding sai

Cdau 1. Cho ham s6 y =2*
a) Ham sb c6 tap xac dinh 2 = R.
b) Ham s6 nghich bién trén khodng (—oo; +0).
¢) Do thi ham sb6 di qua diém A (2;4).
d) D6 thi ham sb ¢ hinh sau.

Cau 2. Choa,b,c>1vam,neR.
3
a) log,\/a\/a = 7

1
b) logabz.logﬁc-logcz a’ =

6.
1
c) Cho log3 =m, log7 = n. Khi d6 log; 70 = nt .
m

d) Cho logs2 = m, logs3 = n. Khi d6 log,5,30 = (m+n+1)(3+m).

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Tim s gia tri nguyén ctia tham s6 m d€ ham s6 log (x> — 2mx+4) c6 tap

xac dinh R. KQ:[ [T 1]
Cdau 2. Cho db thi ctia ham s6 y = 2°t? di qua diém A(0;4) va B(1;8). Tinh gia
tri ab. KQ[[[]]
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- Cas v , 5-2¥-27* O B
C/al.f 3. Cho 4*+47*=7. Khi d6, biéu thic P = S 440 ngdlgla phéan
so toi gian va a € Z, b € N*, Tinh tich a - b. KQ: [ [ [ 1]

Cdéu 4. Gia tri con lai cia mot chiée xe mua mdi theo thoi gian ¢ duge xac dinh
béi cong thitc: V(r) = 1,5¢ %! trong d6 V(¢) dudc tinh bang ty dong va ¢ tinh
bang nam. Sau it nhit bao nhiéu nam ké tit thoi diém mua xe gia tri chiéc xe d6
con lai duéi 500 triéu dong? KQ:[ [ [ 1]

PHAN 4. Ty luan.

Céu 1. Cho x, y, z 1a cac s6 thuc 16n hon 1 va goi w 1a s6 thuc duong sao cho
log,w = 12, log,w = 20 va log,, w = 6. Tinh gia tri cta log_w.
Cdu 2. Giai cac phuong trinh sau

1 3x+4 1 4x
a) (5) 3= (5) 2734, b) 344 4-4.3% —3V3 .41 _4.3V3 =,

c) logs(x+5)+logs(x—5) =logs3+2. d) log(2*+8) =1.

Cau 3. Tim m dé phuong trinh 5 +23+2m — §m+x ¢6 hai nghiém trai diu.

Céu 4. Mét hoc sinh A khi da 18 tudi dude cha me cho 200000000VND. Sé tién
nay dudc bao quan trong ngan hang MSB véi ki han thanh toan 1 nam va hoc
sinh A chi nhan dudc s6 tién nay khi hoc xong 4 nam dai hoc. Biét rang khi du
22 tudi, s6 tién ma hoc sinh A duge nhan sé 1a 243101250 VND. Vay lai suat ki

han mo6t nam cta ngan hang MSB la bao nhiéu?

—Hbt—
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D. DE SO 4

PHAN 1. Cau tréc nghiém nhiéu phuong an lua chon

Céu 1. Cho « 1a s6 thuc duong khac 1. Gia tri cta log s a® bang

2 3 2 3
Ao §. Bo _E. C. _5. D. 5.

Cau 2. Véi a, b 12 hai s6 duong tuty y thi log (a’5?) c6 gié tri bing bi€u thic nao
sau day?

1
A. 310ga—|—§logb. B. 2loga+ 3logh.

1
C. 3loga+2logh. D.3<loga+§logb).

. I N
CAau 3. Gia tri ctia bidu thice P = 3'-V2.32+V2.92 bing
A. 3. B. 81. C. 1. D. 9.

Cdau 4. Cho a,b 1a cac sb6 thuc duong khac 1 va x,y 1a cac sb thuc. Khéng dinh
nao sau day la khang dinh dung?

A. d@ =a". B. a_y =a. C.a'v’ = (ab)*™. D. (a*) =a* .
a

Cau 5. Cho biéu thitc P = x- {/x{/xy/x véi x > 0. Ménh nao duéi day la ding?
A.P:x%. B.P:x%. C.P:x%. D.P:xl3_0.
Cdu 6. Tim tap nghiém S cta bat phudng trinh log% (x2 +1) < log% (2x+4).
A.S=(-2;-1). B. S = (—2;400).
C.S=(3;4)U(-2;—1). D. S = (3;+00).
Cau 7. Tap nghiém ctia bat phuong trinh 34— > 27 1a
A.[-1;1]. B. (—o; 1]. C.[-VZ:V7].  D.[li+e).
Cdu 8. Tim tap x4c dinh 2 ctia ham s6 y = log;(3 — x).
A. 2= 3;+»). B.2=R\{3}. C.72=(—=;3). D.2=R.

Céu 9. Trong cic ham s6 sau day, ham s nao dong bién trén R?

2\* T\X 1\* .
A.y—(g). B.y—<§). C.y:<ﬁ). D.y=27%
Céu 10. Puong cong 6 hinh bén 14 d6 thi cia mot ham sb6 y

dudc liét ké trong bon phuong an A, B, C, D duéi day. Hoi
d6 12 ham s6 nao? 1

A.y=—x>+2x+1. B. y =log) s x.
1
C.yzi. D.y=2"
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Cé&u 11. Tap nghiém ctia phudng trinh 3° 32 = [ 13
A. S={3}. B. s={1;2}. C.s5={1}. D.S={2}.
Céu 12. Cho a 1a s6 thuc duong va khéac 1. Ménh dé nao sau day 1a sai?
A.log, (;—C> =log,x —log,y,vx > 0,y > 0.
B. log,(xy) =log,x+log,y,Vx > 0,y > 0.

1
C. log, x> = Elogax, Vx > 0.

D. loga =

log, 10°

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho phuong trinh log(x — 1)> = log(x+ 1). Khi dé
a) DPiéu kién x > 1.

b) Phuong trinh da cho c¢6 chung tap nghiém véi phuong trinh x> — 3x + 421 =0.

¢) Tong cac nghiém caa phudng trinh béng 3.
d) Biét phuong trinh c¢6 hai nghiém x;,x, (x;1 <x2). Khi d6 ba s6 x1:x7:6 theo
thi tu d6 tao thanh mét cap sb cong.
Cé&u 2. Cho ba sb thuc duong a, b, c khac 1. Do thi cacham sé y=a*, y=b*, y=¢*
dudc cho trong hinh vé dudi.

a) Ham s6 y = ¢* 1a ham s6 dong bién trén R.
b) Ham s6 y = ¢* 12 ham s6 xac dinh trén (0;4-o0).

¢) limb* =0.
X—+o0
d) a<c<b.

PHAN 3. Céau tréic nghiém trd I1&i ngén.

Cau 1. Cho log,b =3 valog,c=4véia, b, c>0,a+# 1. Tinh gia tri cta biéu thic
2, b
P =log, (#) .
c
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KQ:[ [ [ []

CAu 2. Tap x4c dinh ctia ham sb y = logy(—3x + 23x — 20) c6 bao nhiéu gia tri

nguyén?

Céu 3. Anh Hung gt tiét kiém khoan tién 700 triéu dong vao mot ngan hang
v6i 14i suat 7% / nam theo hinh thic 1ai kép ki han 12 thang. Tinh thoi gian t6i
thiéu gt tiét kiém dé anh Hung thu dudc it nhat 1 ti dong (ca von 14n 14i). Cho
biét cong thitc 1di kép 1a T =A- (1+r)", trong d6 A 1a tién von, T 14 tién von va
1ai nhan dudce sau n nam, r 1a 1ai suat/nam.

KQ:[ [ [ ]]
Cdu 4. Biét 9% = % Tinh B = (3% +3%)> — (81% +817%).

KQ:[ [ 1]

PHAN 4. Ty luan.

Céu 1. Giai cac bat phuong trinh sau

a) logy(x+7) > logs(x+1). b) 2log, (x* —x—1) <log j5(x—1).
Céu 2. Cho hai ham s6 y = a*, y = b* v6i a, b 1a céac sb el e
N 1 2
duong khéc 1 ¢6 @b thi 1a (C1), (C,) nhu hinh vé. V6 y=c  w| n / /

dudng thang y =c, (¢ > 1) cat truc tung va (Cy), (C;) 1an F

lugt tai M, N, P. Biét rang Souny = 3Sonp. Tim mbi lién

hé gitta a va b. /l
X

0

Cdu 3. Lam phat la su tdng mic gia chung mot cach lién tuc cia hang hoa va
dich vu theo thoi gian, tic 1a su mat gia tri cia mot loai tién té nao dé. Chang
han, néu lam phat 1& 5% mot nam thi stic mua ciia 1 triéu dong sau mot nam chi
con 1a 950 nghin dong (vi da giam mat 5% cta 1 triéu dong, tiic 1a 50000 dong).
N6i chung, néu ti 16 lam phat trung binh 14 r% mét nam thi tong sb tién P ban

N 2 N n
dau, sau n nam so tién do6 chi con giatrilaA=P- <1 — ﬁ) :

a) Néu ti 1é lam phat 14 8% mét nam thi stic mua ctia 100 triéu dong sau hai

nam sé con lai bao nhiéu?

b) Néu sttic mua ciia 100 triéu dong sau hai nam chi con 1a 90 triéu dong thi ti
1é lam phat trung binh cia hai nam doé la bao nhiéu?

¢) Neu ti l1é lam phat 1a 5% mot nam thi sau bao nhiéu nam stic mua caa so

tien ban dau chi con lai mot nira?

Cau 4. Giai phuong trinh log, x +log; x + log,x = log, x.
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E.DESO5

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cdu 1. Phuong trinh 52 — 1 =0 ¢6 tap nghiém la

A. S ={3}. B. S ={2}. C. 5s={0}. D.S={-2}.
Cdu 2. Véi a 1 sb thuc duong tuy ¥, biéu thiic T = Ina? — In /a bang
4 3 5 5
A. gll’la. B. In g C. § D. glna.
Cau 3. Cho logg2 =a, logg5 = b. Tinh I =log; 5 theo a, b.
A. 1= b . B./= b . C.1= b : D.I:l—).
14+a 1—a a—1 a

Cau 4. Cho a, b 12 cac sb thuc duong (a # 1) théa man log,a = 2, log, b = 3. Tinh
gia tri cia biéu thitc P = log,(a’b).

A. P=10. B. P=5. C.Pp=2. D.P=1.
Cau 5. Cho biéu thiic P = {/x- ¥/x3/x, véi x > 0. Ménh dé nao dudi day ding?
1 7 5 7
A.P=x2. B. P =x12, C. P=1x8. D. P =x24,
0 a\ﬁJr1 -az_ﬁ £
Cau 6. Rut gon biéu thitc P= ————— véi a 1a so thuc duong khac 1.
ﬂ—z \/§+2
(av>2)
A. o . B. a. C.d. D. a*.
Cau 7. Véia>0,b>0, a, B la cac sé thuc bat ki, dang thiic nao sau day sai?
o o a—p
a. B — qotB &% — (gh)* 4 _ 0B “_:(E>
A.a%-aP =a*"P. B.a%* b* = (ab)". C'gB a* P, D'bﬁ 5 .
Céu 8. Puing cong trong hinh vé sau 1a do thi cia ham sb nao duéi day?
y
1 ,,,,,,,,,,,,,,,,,,,,,,,,
ol N e x
A.y=—-¢" B. y = |Inx]|. C.y=Inx. D.y=c¢"

CA&u 9. Cho cac s thuc dudng a, b véi a # 1. Khang dinh nao sau day la khang
dinh dang?

1 1 1
A.logp(ab) = Eloga b. B. log2(ab) = 5 + >

1
C. log(ab) =2+1log,b. D. log,(ab) = Zloga b.

log,, b.
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Céu 10. Ham s6 nao sau day nghich bién trén tap xac dinh ctia né?
A.y=log,x. B. y =log; x. C.y=log sx. D.y=1log; x.

Cdu 11. Bat phuong trinh log% (2x—3) < log% (5—2x) c6 tap nghiém la (a;b).

Tinh gia tri S=a+b.

11 7 13 9

A.S—?. B°S_§' C'S_f' D°S_§'
Cau 12. Nghiém cua phuong trinh log; (2x—1) =2 1a

9 7

A.x=3. B.x=5. C.x—i. D.x-i.

PHAN 2. Céu fréc nghiém ding sai

Cdau 1. Cho ham sb6 y =2*.
a) Tap xac dinh ctia ham s6 14 khoang (0; +o).
b) D6 thi ham sb luén di qua diém (0;1).
¢) Ham s6 dong bién trén Z.

X . N A < N 2 1 . R
d) Do thi ham so y = 2* cat duong thang y = 3 tai diem M(—3;38).

Cdu 2. Cho phudng trinh logs Vx> —3x+21 = 1 (%), biét phuong trinh cé hai
nghiém x, x; (x; < xp).

a) Phuong trinh (*) ¢6 chung tap nghiém véi phuong trinh x> —3x —4 = 0.

b) Téng cic nghiém ctia phuong trinh (%) bang 4.

¢) Ba s6 x;; x2; 8 theo thit tu d6 tao thanh mot cip sb cong.

d) xlgrgl (x—2) +XILI% (x—2)=—1.

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Trong hinh vé bén cac dudng cong (Cy): y=a", (C2): y=">b", (C3): y=¢"
va duong thang y = 4, y = 8 tao thanh hinh vuéng MNPQ c6 canh bang 4.

Y

y:a" y:bx
8 N P
y=c'
4 M 0
| |
| |
‘ l
1 I I
— | |
| |
Il Il
o m m+4 X

X
SAL Y = . « X Lz .o c s e s Y N
Biét rang abc =2 véi x, y € Z" va - toi gian, gia tri cia x +y bang bao nhiéu?
y
KQ:[ [ [ 1]
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Cdu 2. Biét téng cac nghiém ctia phuong trinh log 3 (x—2) +logs (x— 4)2 =01a
S =a-+bv2 (véi a,b 1a cac sb nguyén). Gia tri cia biéu thic Q = a + 3b bang bao

nhiéu? KQ:[ [ [ 1]

Cdau 3. Trong moét nghién cttu, mot nhém hoc sinh dude cho xem cung mét danh
séach cac loai dong vat va dugc kiém tra lai xem ho con nhé bao nhiéu phan tram
danh sach dé sau méi thang. Gia st sau ¢ thang, kha nang nhé trung binh cta
nhom hoc sinh d6 dugc tinh theo cong thic: M(r) =75—20In(r+1),0 <t < 12 (don
vi:%). Pén thang thi may thi nhém hoc sinh d6 nhé dugde khoang mot nita danh
sach cac loai dong vat da xem? KQ: [ [ [ 1]

Céu 4. Cudng do mot tran dong dat dudc cho bdi cong thiic M = logA —logAy
do Richter, v6i A 1a bién d6 rung chan t6i da va Ay 14 mot bién d6 chuédn (hing
s6). Pau thé ky 20, mét tran dong dat 6 San Francisco ¢6 cudng do do dugc 8
do Richter. Trong cung nam d6, tran dong dat khac 6 Nhat Ban c¢6 cudng do do
dudc 6 d6 Richer. Héi tran dong dat ¢ San Francisco c6 bién d6 gap bao nhiéu
lan bién d6 tran dong dat 8 Nhat Ban? KQ:[ [ [ 1]

PHAN 4. Tu luan.

A cai 1A X _ 1
CA&u 1. Giai bt phuong trinh 37 —#+5 > o
~ % Y - 2a—b
Cau 2. Cho so0 thuc duong a, b théa man log,ca = log,,b = log,s

.Tinh =.

b
Cau 3. Mot nguosi gi 100 triéu dong vao ngan hang véi 1ai suat 0,4%/ thang.
Biét rang néu khong rut tién ta khéi ngdn hang thi ci sau méi thang, sb tién
14i sé dudc 1ap vao von ban dau dé tinh 14i cho thang tiép theo. Héi sau 6 thang,
ngudi d6 dudc linh sb tién bao nhiéu, néu trong khoang thoi gian nay ngusi dé
khong rat tién ra va 1ai xuat khong thay d6i?

1 x2—(m+2)x
) = 5%7 ¢6 hai

Cdau 4. Tim gia tri ca tham s6 m dé phuong trinh (§

nghiém phén biét a va b théa mén diéu kién log, (b'°%") —2log Jab+4=0.

—Hbt—
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F.PESO 6

PHAN 1. Cau tréc nghiém nhiéu phuong an lua chon

Cau 1. Tap nghiém ctia bAt phudng trinh 223 =1 1a
A.S={1;-3}.  B.S={2}. C.S={-1;3}. D.s={o0}.

Céu 2. Tap nghiém cta bat phuong trinh log% (Bx—2) > log% (4—x)la

2 3 23 3
A.S—(§,3) B.S—(—OO,E) C.S—(g,i) D.S—(§,4)

Cau 3. Cho biéu thic \5/ 8V2V2 = 2%, trong do ™6 dang phan s6 t6i gian. Goi
n
P = m?> +n?. Khang dinh nao sau day dung?
A. P (350;360). B.Pec(360;370). C.P e (330;340). D.P e (340;350).

Cdu 4. Cho n* > 7P v6i o, B € R. Ménh dé nao dudi day la ding?

A.a>p. B. o < B. C.a=28. D. o <B.
Cdu 5. Cho sb thuc a > 0,a # 1. Gia tri log,» Va3 bang
5 2 3
A. -. B. -. C.2. D. -.

4 3 8
Céu 6. Véi a,b,c 1a cac s6 thuc duong, a va ¢ khéac 1 va a # 0. Ménh dé nao dudi
day sai?

A.log,b-log.a=log.b. B. log,« b = atlog,b.
b

C. log, (—) =log,b—log,c. D. log, (bc) =log,b+1log,c.
C

CAu 7. Gié tri biéu thic T = (¢¥)°*” biing
A.9. B. 8. C.e. D. 6.

Céu 8. Tap xac dinh ctia ham s6 y = log /(12 —x—x%)1a

A. (—4;3). B. (—3;4).
C. [-4;3]. D. (—o0; —4) U (3;+<0).
Cau 9. Nghiém cta phuong trinh log,(3x—1) — 1 =log,(x+ 1) la
3 5
A x==. .x=3. x=1. =,
X=z B.x=3 C.x=1 D. x 3

Cau 10. Cho ham s6 mii y = (6 —a)" véi a 1a tham s6. C6 bao nhiéu s6 tu nhién
a d& ham s6 da cho dong bién trén R?
A. 3. B. 6. C.5s. D. 4.

= GV: NGO bUC TAI @ Trang 22/118



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

Cau 11. Cho ham s6 y=1log,x(a > 0,a # 1) ¢6 d6 thinhu ¥

hinh veé. Gia tri ctia a bang

A.a=2. B.a=2. C.a:L. D.a:%.

N

Céu 12. Cho a < 0,b > 0. Ménh dé nao sau day sai?

A Va8 =ab?.  B.Va*bd = |ab?|. C. Vathd = |a|b?.  D. Va*bd = —ab?.

PHAN 2. Céu fréc nghiém ding sai

Céu 1. S6 nguoi trong cong dong sinh vién da nghe mot tin don nao d6 1a N =
P(1—e"%159) trong d6 P la tong sb sinh vién clia cong dong va d 1a sb ngay troi
qua ké tu khi tin don bat dau.
a) Trong mot cong dong 1000 sinh vién, sau ngay thi nhat cé 140 sinh vién
nghe dudgc tin don.
b) Trong mét cong dong 1450 sinh vién, dé€ 525 sinh vién nghe dugc tin don
phai méat 3 ngay.
¢) Sau 3 ngay 500 sinh vién nghe dudc tin don thi cong dong c6 1400 sinh vién.
d) S6 ngay dé mot nita cong dong sinh vién nghe dudc tiéng don 1a 5 ngay.

Cdau 2. Cho ham s6 f(x) = logs(x*> +1).
a) Tap xac dinh ctia ham s6 12 2 = R.
b) x = —1 12 nghém ctia bat phuong trinh f(x) < 0.
¢) Phuong trinh f(x —2) = logs(2x> — x+7) ¢6 nghiém duy nhét.
d) Phuong trinh f(x) = logs (x> +4x+m) — 1 ¢6 hai nghiém duong phan biét khi
m € (4;5).

PHAN 3. Céau tréc nghiém tr& I1&i ngén.

. . ) e A . I
Cau 1. Miic cuong do &m L (don vi: dB) dudce tinh béi cong thic L = 10log (W) ,

trong dé6 I (don vi: W/m?) 1a cudng d6 am. Miic cuong do am 6 mot khu dan cu
dude quy dinh la dudi 60 dB. Hoi cuong do am cua khu vue do phai dudi bao
nhiéu W/m??

Cdu 2. Cho d6 thi ctia ham s6 y = log, (ax+ b) di qua diém A(1;3) va B(9;6). Tinh

gia tri a+ 3b. KQ[ [T 1]
Céu 3. Cho ham sé f(x) = %logz ( 12_xx> va hai s6 thuc m, n thude khoang (0 1)
sao cho m+n = 1. Tinh f(m)+ f(n) KQ:[ [T 1]
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Cdu 4. Sau mot thang thi cong, cong trinh xay dung 16p hoc tu thién cho hoc
sinh vung cao da thuc hién dudec mot khéi lugng cong viéc. Néu tiép tuc véi tién
do nhu vay thi du kién sau ding 23 thang nita céng trinh sé hoan thanh. D&
sém hoan thanh cong trinh va kip thoi dua vao st dung, don vi xay dung quyét
dinh ti thang tha hai tang 5% khéi ludng cong viéc so véi thang ke trude. Hoi
cong trinh sé hoan thanh 6 thang thi may sau khi khéi cong? KQ:[ [ [ [ ]

PHAN 4. Ty luan.

Céu 1. Cho sb thuc a théa mén 0 < a # 1. Tinh gia tri ctia biéu thic
T =log (M) .
Cdu 2. Giai cac bat phuong trinh sau
a) logg(x+7) > logz(x+1). b) 2log, (¥* —x—1) < log 5(x—1).

Céu 3. Ngay 1/1/2024, 6ng Thanh giii vao ngan hang 200 triéu dong theo hinh
thitc 14i kép véi 1ai suat 1,7%/1 nam, ky han 1 thang. Bat dau tit thang 2/2024,
déu dan dau méi thang, 6ng Thanh rit 4 triéu dong dé chi tiéu. Goi K, (triéu
dong) 14 sb tién con lai trong ngan hang sau lan rat thi n cia 6ng Thanh (mdi
lan, 6ng Thanh rat ddng 4 triéu dong), gia st 14i suit ngan hang khong thay
d6i hang nam, tim sb6 n nhé nhét sao cho K, < 4 (triéu dong).

CAu 4. Giai phuong trinh 4% —3+2 | 42746x+5 _ 43 +3x47 | 1

—Hét—
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G.DESO 7

PHAN 1. Céu tréc nghiém nhiéu phuong én luva chon

4
Cau 1. Cho a la mot sb thuc duong. Gid tri ctia biéu thitc P = (v/27)“ bing

A. 4. B. 2. C. 8. D. 1.

. Y 2y s
Cau 2. Tap nghiém cua bat phuong trinh <§> < 5 la

A. (0;+c0). B. (—0;0). C. (—;2). D. (2;+4-o0).
. aV3+l. g2=vs .
Cau 3. Rut gon biéu thitc P= ———— véi a la so thuc duong khac 1.
<aﬁ2>ﬁ+2
A. & . B. a. C.d. D. a*.

Cau 4. Mot nguosi g 100 triéu dong vao ngan hang véi 1ai suat 0,4%/ thang.
Biét rang néu khong rat tién ta khoéi ngan hang thi cit sau méi thang, s6 tién
14i sé dugc lap vao von ban dau dé tinh 1ai cho thang tiép theo. Héi sau 6 thang,
ngudi dé duge linh s6 tién (ca von ban dau va 1ai) gan nhéat véi sb tién nao duéi
day, néu trong khoang thoi gian nay ngudi d6 khong rat tién ra va lai xuat
khoéng thay d6i?

A. 102160000 dong. B. 102017000 dong.

C. 102424000 dong. D. 102423000 dong.

1
Cau 5. Rut gon biéu thitc P = x3 - ¥/x v6i x > 0.
1 2
A. P = /x B. P =x8. C.P=x9. D. P =x>.

A s Lz RN [ES
Cau 6. V6i a, b la cac so thuc dufdngtuyyvaa;rél,loglﬁbang
a

1
A. 3log,b. B. log,b. C. —3log,b. D. §logab.

Cau 7. Nghiém ctia phuong trinh 2*~! =3 ¢6 dang a+1log,3(a € R,0 < b # 1).
Tinh S =a+b.
A. 3. B. 2. C.1. D. 4.

Cau 8.
DPudng cong hinh bén 14 d6 thi cia ham s6 nao duéi day? y

1 X
A.y=2% B.y=1log,x. C.y=log; x. D'y:<§)°
2
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CAu 9. Tap xac dinh ctia ham s6 y = log; (x — 4) 1a

A. (—o04). B. (4;+00). C. (5;4o). D. (—o0;+00).
Cau 10. Nghiém ctia phuong trinh log;(5x) =2 1a

A.x:§. B.x=09. C.ng. D. x=8.

5 5
Céu 11. Cho a > 0 va a # 1, khi d6 log, **Va2922 bang
2022 2021
A.2021. . —. . —. D. 2022.
0 2021 C 2022 0

Cdau 12. Ham s6 y = log, x ¢6 do thi di qua diém nao sau day?

A. (0;1). B. (1;1). C. (2;2). D. (2;1).

PHAN 2. Cau tréc nghiém diing sai
Cau 1. Cho cac d6 thi ham s6 y = log,x,y = |

R =log, x

log, x,y =log.x nhu hinh vé. Khang dinh nao sau T

A . y = log,x
day dang?

a) a>1. 0

X
b)0<c<l1<a<b. !
3 log,b _ 3/75
c) (a’y/a) = Vb2 = log.x

b
d) P:logc—l—l—log—jtlogg—logﬁ >0 véid> 0.
b c d d

Cdu 2. Xét bat phuong trinh log(x —21) < 2 —logx.
a) Diéu kién xac dinh ctia bat phuong trinh da cho 1a x > 0.
b) Tap nghiém ctia bat phuong trinh da cho c6 dang S = (a;b) khi d6 a+b =21.
¢) Tap nghiém ctia bat phuong trinh da cho c6 dang S = (a;b) khi d6 a- b = 525.
d) Bat phuong trinh da cho vo nghiém.

PHAN 3. Céau tréic nghiém trd I1&i ngén.

Cdu 1. Téng tat ca cac nghiém clia phuong trinh log, x> +log, (5 — x) = log, (x+3)
12 bao nhiéu? (1am tron két qua dén hang phan chuc) KQ:[ [T 1]

Céu 2. Chox>0,y>0,x+y>0thdéa man

x2+y2
X+y

271" 120237 Jog, < 47420237

Tim t6ng gi4 tri 16n nhat va gia tri nhé nhat ctia biéu thitc P = x> +y? —8x—2y+10
(lam tron dén hang phén tram) KQ:[ [ [ 1]

Cau 3. Cho a, b 1a céc sb6 thuc duong 16n hon 1 théa man log, b = 2. Tinh gia tri
biéu thic P = log,» b +log,. b KQ:[ [T 1]
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Cau 4. Nam 2021, dan sé ctia mot qubc gia chau A 1a 19 triéu ngudi. Ngudi ta
uéc tinh réng dan sb ctia qubc gia nay sé tiang gap doi sau 30 ndm nita. Khi doé,
dan sb A cta quéc gia d6 sau 7 nam ké tit ndm 2021 dude udc tinh bang cong thic
A=19- 23t_0. Hobi v6i toc do tang dan s6 nhu vay thi sau 20 nidm nita, dan sb6 qubc
gia nay sé 1a bao nhiéu triéu ngusi? (két qua lam tron dén hang don vi theo don

vi tinh: triéu nguoi). KQ:[ [ [ 1]

PHAN 4. Ty luan.

Caul.

S/ 1515
3
vVa®b3

b) Dt a =log;2;b =log; 11;¢ = log; 23, hay biéu dién log; 2024 theo ba sb a, b, c.

a) Rut gon biéu thic A = (v6i a,b 1a nhitng s6 thuc duong).

Cdu 2. Giai cac phuong trinh sau
a) 37197 =27, b) logs (3x* —8x+4) = logs(5x—6).

Cau 3. Goi I(r) 1a sb ca bi nhiém bénh Covid-19 & quéc gia X sau r ngay khao
sat. Khi dé ta c6 cong thitc 1(r) = A.e"o(~1) véi A 1a s6 ca bi nhiém trong ngay
khao sat dau tién, ro 1a hé s6 1ay nhiém. Biét rang ngay dau tién khao sat c6 500
ca bi nhiém bénh va ngay thi 10 khao sat c6 1000 ca bi nhiém bénh. Héi ngay
thit 20 s6 ca nhiém bénh gan nhéat véi s6 nao duéi day, biét rang trong subt qua
trinh khao sat hé s6 1ay nhiém 1a khéng d6i?

Cdu 4. Giai bt phuong trinh (x> +1)- 28142 +-1_or 21 <,

— Hét—
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H.PESO 8

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Tim tat ca cac gia tri thuc ctia m dé phuong trinh 3* = m ¢6 nghiém thuc.
A.m>0. B.m>1. C.m>0. D.m #0.
Céu 2. Ménh dé nao trong cac ménh dé dudi day sai?

2
o4 2025\* 1 | Py
A.Ham soy= (—ﬂ ) dong bién trén R.

B. Ham s6 y = logx dong bién trén (0;+oo).
C. Ham s6 y = In(—x) nghich bién trén khoang (—eo;0).
D. Ham s6 y = 2* dong bién trén R.

Cau 3. Tap nghiém ctia bt phuong trinh 57! > 579 I3

A. [-2;4]. B. [—4;2].
C. (—o0; 2] U [4; 4o0). D. (—oo; —4] U [2;400).
Cdéu 4. Tap xac dinh ctia ham s6 y = Inx 1a
A. (0;+c0). B. R. C. [0;+00). D. R\ {0}.
1
Cau 5. Rt gon biéu thie P = x3 - ¥/x véi x > 0.
1 2
A.P=/x B. P =x8. C. P =1x9. D. P =x.
Cdu 6. Tap nghiém ctia bat phuong trinh log, (x —1) > 5 1a
A. (33;+0). B. (—;33). C. (—eo;11). D. (11;+-00).
Cdu 7. Cho a > 0 va a # 1, khi d6 log, /a bang
1 1
A. 3. B. -. C.—-. . 3.
3 3 D.3
1 2x
Cdu 8. Nghiém ctia phuong trinh 3**! = (5) la:
A.x=1 B. x 1 C ! D !
« X = 1. e X = —1. « X = —. X = ——.
5 TS
Cau 9. Cho log, b = 3,log,c = —2. Khi d6 log, (a*b?\/c) bang
A.5. B. 8. C. 10. D. 13.

Céu 10. Tap nghiém cua bat phuong trinh 0,6* > 3 1a

A. (—ooilogye3).  B. (logg3;4e0). C.(—o0;l0g30,6). D. (log;0,6;+00).
Céu 11. Pinh luat thi ba ctia nha thién van hoc Kepler vé quy dao chuyén dong
cho biét cach uéc tinh khoang thoi gian P (tinh theo nam Trai PAt) ma moét hanh
tinh can dé hoan thanh mét quy dao quay quanh Mét Troi. Khoang thoi gian d6
dudc xac dinh béi moét ham sé6 P =d %, trong do6 d la khoang cach tit hanh tinh
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dé dén Mat Troi tinh theo don vi thién van AU (Astronomical Unit) 14 khoang
cach tu Trai Dat dén Mat Troi, tic 1a 1 AU khoang 93 triéu dam. Héi sao Hoa
(Mars) quay quanh mat troi thi mat bao nhiéu nam Trai Pat (lam tron két qua
dén hang phan tram)? Biét khoang cach tit sao Hoéa dén Mit troi 1a 1,52AU.

A.187. B. 1,78. C. 1,69. D. 1,96.
Céu 12. Tap xac dinh ctia ham s6 y = o la
log, x—1
A. R\ {2}. B. (0;+<). C. (0;4+)\{2}. D.(0;+)\{1}.

PHAN 2. Céu fréc nghiém ding sai

1 N
Cau 1. Cho ham so f(x) = ex*+x. Cac ménh dée sau dung hay sai?

a) f(1)=+/e.
b) Ham s6 xéc dinh trén 2 =R\ {—1;0}.
¢) Bat phuong trinh f(x) < 1 ¢6 2 nghiém nguyén.

2024
d) f(1)-f(2)--- f(2024) = 2005

Cdéu 2. Cong thitc logx = 11,8+ 1,5M cho biét méi lién hé gita nang ludng x tao
ra (tinh theo erg, 1 erg tuong duong 10~ jun) véi do 16n M theo thang Richter
ctia mot tran déng dat.
a) Tran doéng dat c6 do 16n 2 do Richter tao ra ning luong khoang 6,3 - 1034
erg.
b) Tran dong dat c6 do 16n 3 do Richter tao ra ning lugng khoang 2 - 10° (J).
¢) Tran dong dat c6 do 16n 5 d6 Richter tao ra ning luong gip 100 lan so véi
tran dong dat c6 do 16n 3 do Richter.
d) Nguosi ta udc ludng rang mét tran dong dat cé d6 16n khoang tu 4 dén
6 d6 Richter. Ning ludng do tran dong dat d6 tao ra nam trong khoang
10178 < x < 10208 erg.

PHAN 3. Céau tréic nghiém trd I1&i ngén.

Céu 1. Mot ngan hang X quy dinh vé s6 tién nhan dude cia khach hang sau n
nim giti tién vao ngan hang tuan theo cong thiic P(n) = A (1 +8%)", trong d6 A 1a
s6 tién glri ban dau ctia khach hang. Héi s6 tién A (triéu dong) it nhat ma khach
hang phai gtii 1a bao nhiéu dé sau 3 nam khac hang dé nhan dudc 16n hon 850

triéu dong (két qua lam tron dén hang don vi). KQ:[ [T 1]
Céu 2. Cho x,y 1a cac s6 thuc 16n hon 1 thoa man x2 + 9y? = 6xy. Tinh gia tri ctaa
0 141 1
bidu thite M = 212X T 108127 KQ:[ [ [ [ ]
2log;,(x+3y)
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Cau 3. Cho Vo —24+v2a—5+Va+2+3vV20—5=7V2, a € B;+oo>. Tim o.
KQ:[ [ [ []
Cdu 4. Do thi ham sb6 y = f(x) dbi xiing v6i d6 thi ham sb6 y = log,x (0 < a # 1)

qua diém /(2;1). Gia tri ciia biéu thiic f (4 —a=2°"") bing bao nhiéu?

KQ:[ [ 1]

PHAN 4. Tu luan.

Cdu 1. Cho a, b > 0 va déu khéac 1 thod man Ina+ In(8h) = 21In(a + 2b). Rit gon
bicu thic P = log, (2a) +logy (2b) —

loggh’
Céu 2. Lic dau trong ao c¢6 mot sé con éch. Ngudi ta ghi nhan s6 luong éch
trong 5 nam dau nhu hinh bén duéi.

700+
600+
500+
400+
300+
200+
100

Gia st s6 luong éch tiang theo ham s6 n(r) = Cd’ véi C 12 hang sb.
a) Tinh s6 luong éch lic ban dau.

b) Tim ham sb biéu dién s6 lugng éch sau r nam ké tit khi ching xuéat hién trong
ao.

¢) Du doan s6 lugng éch sau 15 nam.

Céu 3. Vao dau mbi thang, ong An déu gii yao ngan hang sb tién cb dinh 30
triéu dong theo hinh thic 13i kép véi 14i suat 0,6% /thang. Tinh tong s6 tién ong
An c6 dudc sau thang thi hai. (don vi triéu dong, lam tron két qua dén hang
phﬁn muoi).

Cdu 4. Tinh tong tat ca cac nghiém ctia phuong trinh
1 | .
5log 3 (x+3)+ 7102 (x—1)° =logs(4x).

— Hét—
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.DESO9

PHAN 1. Céu tréc nghiém nhiéu phuong én luva chon

Céu 1. Tap nghiém cta bat phuong trinh 5! > 579 13

A. [-2:4]. B. [—4;2].

C. (—o0; —2] U [4;400). D. (—o0; —4] U [2;+0).
CA&u 2. Véi a, b 1a cac s6 thuc dudng va m, n 1a cac sb6 nguyén, ménh dé nao sau
day sai?

A.loga+logh =logab. B. loga—logbzlogg.

C.log,1=0. D.loga+1logh =loga-logh.

W=

Cdau 3. Cho ham sb f(a) = v6i a > 0, a # 1. Tinh gia tri caa

a 3- (3/5— \%F)
a% : (\8/;— v a‘1>
bi€u thitc M = f(2017201¢).

A.M=20171908 1, B. M =-2017'98 1,
C. M =20172%16—1. D. M =1-2017%%16
Cau 4. Véia>0,b>0, a, B 1a cac sb thuc bat ki, ding thiic nao sau day sai?
A. % af =a®B. B.a% b* = (ab)*. C. a = q% B, D. a = <c_z> a_B.
ab bP b

Céu 5. Ham s6 nao dudi day dong bién trén tap xac dinh ctia né?

Ay (l) B.y— (2) C.y=(V3).  D.y=(05)

T 3
Cdu 6. Cho hai s6 duong a, b, a # 1, théa man log» b +log, b*> = 2. Tinh log, b.
8 4
A. —. B. -. C.2. D. 4.
5 5
Cdu 7. Cho log,x = 3,log,x = 4 v6i a,b 1a c4c s6 thuc 16n hon 1. Tinh P = log,, x.
12 7 1
A.P=12. B.P—7. C.P—E. D.P—E.
Cau 8.
Hinh bén 14 d6 thi ctia ham sb nao trong cac y

ham s6 sau day?
A.y=(04)". B.y=(V2)"
C.y=1log,x. D.y=log 4.

\

0] X
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CAu 9. Véi a > 0 dat log,(2a) = b, khi dé log,(8a*) bang
A.4b+7. B. 4b+3. C. 4b. D.4b—1.
Céu 10. Cudng do anh sang tai do sau 4 (m) duéi mat ho dude tinh theo cong
h
14 A
thiac 1, = I - (5) trong d6 I la cuong do anh sang tai mat ho. Cuong do anh
sang tai d6 sau 5 (m) glp bao nhiéu lan cuong d6 anh sang tai do sau 13 (m).

A.43. B. 5. C. 4. D. 3.

2~ ., . b 1 v
Cau 11. Gia tri caa log, T bang

1 1
A. 4. B. -. C.-. D. —4.
4 8
Céau 12. Cho a =3Y3, b =132 va ¢ = 3V6. Ménh d8 nao duéi day ding?
A.a<b<ec. B.a<c<b. C.c<a<hb. D.b<a<e.

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho db thi ham sb y = o* dudi day.

]

a) Ham sb da cho nghich bién trén khoang (0;1).
b) Ham s6 cho béi céng thic y = 3.

X . N A ~ 4 N 2 1 . .- 2 , N A A
c¢) Do thi ham so da cho cat duong thang y = 3 tai diém c¢6 hoanh d6 khong

am.
d) D6 thi ham s6 da cho cat dudng thang y = —x+ 1 tai diém c6 hoanh do6
duong.

Céu 2. Trong nam 2019, dién tich ritng trong méi ctia tinh A 1a 1000 ha. Gia st
dién tich rung trong méi cia tinh A méi nam tiép theo déu ting 6% so véi dién
tich riing trong méi ctia nam lién trude. Sau ndm 2019.

a) Cong thic sau n nam thi dién tich trong rung cta tinh A 1a A =

1000 (1 +0,06)" 1.

b) Vao nam 2032, dién tich ritng ndm d6 hon gap déi nam 2019.

c¢) Vao nam 2025 thi dién tich rung nam do dat trén 1400 ha.

d) Dién tich ritng vao hai ndm sau ké tit nam 2019 sé dat 1123,6 ha.
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PHAN 3. Céau tréc nghiém trd I1&i ngén.

Cau 1. Cho log;;,490 = a+ Tlog7 v6i a,b,c 1a cac s6 nguyén. Tinh gi4 tri ctia
c

biéu thtc T =a+b+c KQ:[ [T 1]
Cau 2. Cho 2 sb thuc duong a, b théa man \/a # b, a # 1, log,b = 2. Tinh gia tri
ctia biéu thiic T = log Ja Vba. (két qua 1am tron dén hang phan chuc).

b

KQ[ [ [ []

Cau 3. Tap nghiém ctia bat phudng trinh logs(x —2) —log; x > 1 1a § = (a; +).
3

Gia tricaaala KQ:[ [T [ 1]
Céu 4. Thuc hién mdt mé nudi cay vi khuén véi 1000 vi khudn ban dau, nha
sinh hoc phat hién ra s6 luong vi khuén tang thém 25% sau méi hai ngay. Céng
thiic P(t) = Py-a' cho phép tinh s6 lugng vi khuén ctia mé nudi ciy sau r ngay ké
tit thoi diém ban dau. Sau bao nhiéu ngay thi s6 luong vi khudn vuot gap doi sb
lugng ban dau? Lam tron két qua dén hang phan muoi. KQ: [ [ [ 1]

PHAN 4. Ty luan.

Cau 1. Tim tap xac dinh cua cac ham so sau:

a) y = 4% —2xF1; b) y=In(1—Inx).
Cdu 2. Cho cdc ham s6 y =log,x va y =log,x c6 ¥ =9
dd thi nhu hinh vé bén. Pudng thang x = 5 cat log, x
truc hoanh, db thi ham sb y = log,x va y = log, x C/
lan lugt tai A, B va C . Biét rang CB = 2AB va log, x
a = mb" véi m,n 1a cac s6 nguyén duong. Tinh rl
m? +n?. 0 / 51A x

. e P N A ~ L4 yd / A
Cau 3. Cong thic h=—-194- logF la m6 hinh don gian cho phép tinh d6 cao &
0

so v6i mat nudce bién ctia mét vi tri trong khong trung (tinh bang ki-16-mét) theo
ap suat khong khi P tai diém d6 va ap suat P, cia khong khi tai mét nude bién
(cung tinh bang Pa - don vi ap suét, doc 1a Pascal).

p 2 N 1
a) Neu ap suat khong khi ngoai may bay bang EPO thi may bay dang 6 do cao

nao?

4 A . ° L3 . M 4 A 2 A A

b) Ap suat khong khi tai dinh cia ngon nai A bang 3 lan ap suat khong
khi tai dinh cia ngon nui B. Ngon nui nao cao hon va cao hon bao nhiéu
ki-16-mét? (Lam tron két qua dén hang phan muoi.)
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J.PESO 10

PHAN 1. Cau tréc nghiém nhiéu phuong an lua chon

Céu 1. Véi m 1a s6 thuc duong tuy ¥, biéu thic m% : m% bang
A.m’. B. m'°. C. m% D. m13_0.
Cau 2. Tim tap tat ca cac gia tri cia a d€ Va® > vVa2?
A.a>0. B.0O<a<. C.a>1. D.%<a<%.

Cdu 3. Cho a 12 hai sb thuc duong khéc 1. Dat log; a = m. Tinh theo m gia tri cla
biéu thitc D =log; a —log sa+log,9.
3

2 —3m? B D_3m2—2 C D_4—3m2

m m 2m

A.D= D.D = —-3m.

Cau 4. Véi a 1a sb thuc duong khéac 1 tuy ¥, gia tri log,»a® bang
2 3
A. 8. B. 6. C. -. D. -.

3 2

~ - A 2 N ga— 1 N
Cau 5. Tap nghiém cta phuong trinh 52 < S 1a

A. [1;+00). B. (—;0). C. [2;+c0). D. (—oo;1].
Cdu 6. Tap nghiém ctia bat phuong trinh logsx < 0 1a

A. (—oo;5). B. (0;5). C. (—;1). D. (0;1).
Cau?7.
Puong cong trong hinh bén 14 d6 thi ciia mét ham sb trong y

b6n ham sb6 dudc liét ké & bén phuong an A, B, C, D duéi day.
Héi ham s6 d6 14 ham sb nao?

A.y=logx. B.y=log sx. C.y=log,2x. D.y=log; x. 9
2

Céu 8. Trong bon ham s6 sau, ham s6 nao nghich bién trén R?

. 2022\* 2021\*
A.y—2022 . B.y— (m) . C.y—logzozzx. D.y— (207) .
CAu 9. Véi a 1a sb thue dudng tuy ¥, Va bing

A. aé. B. a%. C. a°. D. a%.

Cau 10. Nghiém cta phuong trinh log, (5x) = 3 la:
8 9

A.ng. B.ng. C.X:8. D.X:9.
Cau 11. Tap nghiém cua phudng trinh log, x = log,(2x+ 1) 1la
A.{-1}. B. o. C. {0}. D. {1}.
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Céu 12. Miic cudng do am L do biang decibel (viét tat 1a dB, doc 1a dé-xi-ben)
ctia am thanh c6 cuong do / (do bang oat trén mét vudng, ki hiéu 1a W/ m?) dudgc
dinh nghia L = 10log é, trong d6 Iy = 1072w/ m? 1a cudng d6 &m thanh nhé nhét
ma tai ngudi c6 thé phat hién dudc (goi 12 ngudng nghe). Xac dinh mic cudng do
am ctia Am thanh giao thong thanh phé dong dic c6 cudng d6 7 = 1073W / m??

A. 90. B. 130. C. 110. D. 150.

PHAN 2. Céu fréc nghiém ding sai

Cdu 1. Biét a =log,,5, b =logg 7, ¢ = log, 3.

1
a) c>2. b)a.c:glogZS.
a-c 3(b+ac)
C) T = 10g75. d) 10g1235 = C—|——2

Cdu 2. Cent 4m nhac la mo6t don vi trong thang légarit caa cao do hodc khoang
tuong d6i. Mot quang tam bang 1200 cent. Coéng thic xac dinh chénh léch
khoang thoi gian giita hai nét nhac c6 tan sé a va b (a > b) 1a n = 1200 - log, %.
a) Khoang thoi gian chénh léch giita hai nét nhac cé tan sb 443 Hz va 415 Hz
la 131 cent.
b) Khoang thoi gian chénh 1éch giita hai nét nhac c¢6 tan s6 345 Hz va 398 Hz
nam trong khoang (246;250).
¢) Gia st khoang thoi gian 1a 230 cent va tan s6 dau 1a 328 Hz thi tan s6 cubi
cung la 287,2 Hz.
d) V6i tan s6 dau khong vudt qua 355 Hz va tan s6 cudi cung 1a 384 Hz thi
khoang thoi gian chénh lénh giita hai n6t nhac khéng vudt qua 178 cent.

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cau 1. Tinh gia tri ctia biéu thic

I I 1 I
N — -
1020 2023! | logyum 2023!  logyoms 2023! " Togygyyms 2023

KQ:[ [ [ ]]
2x—1
Céu 2. Cho biéu thic A = 32 1. (%) +9%t1 Tinh A khi 3* = 2.

KQ:[ [ [ 1]

Cdau 3. Cac loai cay xanh trong qua trinh quang hop sé nhin dude mot luong

nhé cacbon 14 (mét dong vi cia cacbon). Khi mét bo phan cta ciy nao d6 bi
chét thi hién tuong quang hop ciing ngung va né sé khong nhan thém cacbon
14 ntta. Ludng cacbon 14 ctia bd phan do sé phan huy moét cach cham chap, no
chuyén héa thanh nito 14. Goi P(¢) 1a s6 phan trim cacbon 14 con lai trong mét
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bd phan cta cay sinh trudéng tir s nam trude day thi P(r) dude tinh theo cong thic
P(t) = 100 - (0,5)570(%). Phan tich mot m&u g tit mot cong trinh kién tric cd,
nguoi ta thu dude ludng cacbon 14 con lai trong mau gb d6 14 50%. Tim nién dai
cong trinh kién tric trén. KQ:[ [ 111

Cdu 4. Cho ham sb f(x) xac dinh trén R va théa man cac diéu kién f(1) =1,
f(m+n) = f(m)+ f(n)+mn véi moi m, n € N*.

f(96) - f é69) — 241} 4 ing bao nhiéu?

KQ:[ [ [ []

Gia tri ctia biéu thic T = log

PHAN 4. Ty luan.

Cdu 1. Giai cac bat phuong trinh sau
a) 0,127% > 0,142 c) logy(x+7) > —1;
b) 2.52F < 3; d) logys(x+7) >logys(2x—1).

Cdéu 2. Gia st nhiét do 7 (°C) cia mot vat giadm dan theo thoi gian cho bdi cong
thic: T =25+ 70e~ %% trong d6 thoi gian r dude tinh bang phiit.

a) Tim nhiét d6 ban dau caa vat.

b) Sau bao lau nhiét d6 cta vat con lai 30 °C?

Cdu 3. Giai phuong trinh log, (8 —x?) +log; (v1+x++v1—x) —2=0.
2

1 n [
log,b logya

Cau 4. Cho hai s6 thuc a > 1,b > 1 théa méan diéu kién Vv2018.

1
log,, b B log,,a

Tinh gia tri ctia biéu thic P =

—Hbt—
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K.DESO 1

PHAN 1. Céu fréc nghiém nhidu phuong én lva chon

Cau 1. Cho hinh chép S.ABC ¢6 SA | (ABC), tam giac ABC cén tai A, H 1a trung
diém canh BC. Khang dinh nao sau day dung?
A.BC | SB. B. BC 1 SC. C. SB 1 AH. D. BC 1 SH.

Cdu 2. Ta biét hinh hop chit nhat c¢6 6 mat 1a
cac hinh chit nhat. Quan sat mot bé nuoi ca

c
canh hinh hép chit nhat sau va cho biét géc A
gitta hai dudng thang AA’ va C'D’ bang géc
nao sau day?

A. (A’A,AB). B. (A'A,AD).

C. (A'A,A'B). D. (A'A,AB'). AL

Cau 3. Cho hinh lap phuong ABCD.A’B'C'D’ (tham khao A
hinh vé). Hinh chiéu vuéng géc cia diém C’ trén mat
phang (ABCD) 1a diém

A.C. B. A. C. D. D. B.

B/

C/

B C
Cadu 4. Cho hinh chép S.ABC ¢6 day la tam giac vuong tai B; SA L (ABC). Goc
gitia (SBC) va (ABC) la géc nao?
A. SBC. B. SBA. C. SCB. D. SCA.

Cau 5. Cho hinh chép S.ABC ¢6 day ABC la tam giac vudng can tai B, SA vudng
goc véi day. Goi M 1a trung diém ctia AC. Khang dinh nao sau day sai?
A.BM L AC. B. (SBM) L (SAC). C. (SAB) L (SBC). D. (SAB) L (SAC).

Cdu 6. Trong cac ménh dé sau, ménh dé nao sai?

A. Hai duong thang cung vudng géc véi mét méit phang thi song song.

B. Hai mat phang phan biét cung vudng géc véi mot dudng thang thi song
song.

C. Hai duong thang phan biét cung vudng géc véi mot duong thang thi song
song.

D. Hai mét phang phan biét cung vuéng géc véi moét mit phang thi hai mat
phang d6 song song hoac cat nhau.
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Céu 7. Cho hinh chép S.ABC c6 day ABC la tam gidc déu s
canh a, canh bén SA vudng goc véi day (tham khao hinh
vé). Sb do goc gitta hai mit phang (SAB) va (ABC) la

A. 45°, B. 90°.

C. 30°. D. 60°. o

Cau 8. Cho hinh chép S.ABCD c¢6 day ABCD hinh chi nhat v6i AB = 4a,BC = a,
vudng géc véi mét phang day va SD = 2a. Thé tich khéi chép S.ABCD bang
8 2
A. 64°. B. 34°. C. §a3. D. §a3.
Céu 9. Cho khéi chép va khéi lang tru cé dién tich day, chiéu cao tuong tng

N R N Vi
bang nhau va co6 theé tich lan lugt 1a Vi, V,. Ti so 71 bang
2
2 3
A. - B. —-. C. 3. D. .
3 2 3

Cau 10. Cho hinh chép S.ABCD c6 day ABCD la
hinh thoi tam O va SA = SC, SB = SD. Trong cac
ménh dé sau ménh dé nao sai?

A. BD 1 SA. B. AC L SD.

C. BD 1 AC. D. AC 1 SA.

Cau 11. Cho hinh chép S.ABCD c¢6 day la hinh vudng, SA vudong goéc véi day. Goi
H va K 1an lugt 12 hinh chiéu ctia A 1én SB va SD. Ménh dé nao sau day 1a sai?

A.SC L (AHK). B.BC L (AHK). C.ASBCvuéng. D.AK L (SCD).

Cdu 12. Cho hinh chép tit giac déu S.ABCD. Phat biéu nao sau day dung?
A. Géc phéng nhi dién [S,AB,C] 14 SBC.

[D,SA,C) 1a DAC.

S,AC,B] 14 SOB.

D. Géc phéng nhi dién [D, SA, B] 1a BSD.

B. Géc phang nhi dién
C. Géc phang nhi dién

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho hinh lap phuong ABCD.A'B'C'D'.
a) BD | B'D'. b) Géc giita AC va B'D' bang 90°.
¢) Tam giac ACD' 1a tam giac déu. d) Géc gitta AC va A’B bang 30°.
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Cau 2. Cho hinh lang tru ABC.A’B'C’ ¢6 day la tam giac giac vuéng can tai A véi
canh huyén BC = 2a. Biét A’H | (ABC) véi H 1a trung diém BC.

a) BC L (AA'H).

b) B'C' 1 AA'.

¢) Tim dudc hinh chiéu cia tam gidc A’AB trén mét phang (ABC) khi d6, dién
2
tich hinh chiéu d6 theo a bing %

d) Goi 7 12 hinh chiéu ctia A’ trén mit phang (BCC'B’). Biét A’ = g. Khi d6 do

av/3

dai A’H theo a bang —

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Céu 1. Cho hinh chép tam gidc déu S.ABC c6 d6 dai canh d4y bang 1, canh bén
bang v/3. Goi O 1a tam cta day ABC, goi d;, d, 1an ludt 1a khoang cach tit A va O
dén mit phang (SBC). Tong d = d; +d, 14 bao nhiéu? (lam tron dén chit s6 thap
phan tha hai) KQ:[ [ [ 1]
Cadu 2. Cho hinh chép S.ABC c6 day la tam giac vuong tai B, SA | (ABC), SA =
AB = 1. Mat bén (SBC) hgp véi mat ddy mot géc bang bao nhiéu do?

KQ:[ [ [ ]
Cdau 3. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = a, AD = 2a, AA’ = 3a. Tinh
goc phang nhi dién [A’,BD,A]? (tinh theo dd, lam tron két qua dén hang phan

chuc). KQ:[ [ [ []

Cdéu 4. Gia dinh bac An mudn lam mai tén cho san thudng 1a hinh chit nhat
ABB'A’ véi kich thuéc chiéu dai AA’ = 10 m va chiéu rong AB = 6 m. Bac du dinh
lam mai ton (kin) ¢6 thanh ngang CC’ = 6 m nam chinh gifta mai, song song va
cach mat san san thudng 2 m(tham khao hinh vé). Biét rang chi phi lam mai
ton tron géi cho méi m? 1a 250000 VND. Tinh s6 tién (triéu dong) bac An phai
chi tra (lam tron dén hang phan mudi).

C C’

B Bl

Luu y: Khoang céach gitta thanh ngang va mat san 1a d6 dai doan thang nbi mot
diém thuodc thanh ngang dén hinh chiéu cta diém d6 trén mét san.

KQ:[ [ [ 1]
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PHAN 4. Ty luan.

Cau 1. Cho hinh chép S.ABC c6 SA L (ABC). Goi H 1a hinh chiéu ctia A trén BC.

a) Chitng minh rang (SAB) L (ABC) va (SAH) L (SBC).

b) Gia st tam giac ABC vuong tai A,A/B\C = 30°,AC = a,SA = ——. Tinh sb6 do
cua goc nhi dién [S,BC,A].

a3
2

Cau 2. Cho hinh chép S.ABCD c6 day la hinh vuéng ABCD canh a va canh bén
SA vudng géc véi mat phang (ABCD). Biét mat phang (SBC) tao véi day mot goc
60°. Tinh khoang cach giita hai dusng thang BD va SC.

Cau 3. Ngubdi ta xay dung mot chan thap bang bé tong cé dang khdi chép cut ti
giac déu (Hinh bén). Canh day duéi dai 5 m, canh day trén dai 2 m, canh bén
dai 3 m. Biét rang chan thap dudc 1am bang bé téng tuci véi gia tién 1a 1470000
dong/m?3.

D/

C’
A 0

B

Tinh s6 tién dé mua bé tong tusi lam chan thap, két qua dude l1am tron dén hang
triéu.

—Hét—
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L. BDE $O 2

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Trong cac ménh dé sau, ménh dé nao la ding?

A. Néu hai mat phing vudng géc véi nhau thi moi dudng thing ndm trong
mét phang nay sé vudng géc véi mat phang kia.

B. Hai mat phang phan biét cung vudng géc véi mot méit phang thi vudéng géc
v6i nhau.

C. Hai mat phang vuéng géc véi nhau thi moi dudng thing nidm trong mat
phéng nay va vuéng géc véi giao tuyén ctia hai mat phang sé vudng géc véi
mat phéng kia.

D. Hai mét phéng phéan biét cung vudéng géc véi moét mat phang thi song song
v6i nhau.

Céu 2. Cho khbi chép cé dién tich day B = 6 va chiéu cao i = 2. Thé tich ctia khoi
chép da cho bang:

A. 6. B. 3. C. 4. D. 12.

Cdu 3. Cho hai dudng thang phan biét a, b va mat phang (P), trong d6 a L (P).
Chon ménh dé sai.

A.Néub | athib| (P). B.Néub| athib L (P).
C.Néub L (P)thib|a. D.Néub | (P) thib L a.
Cau 4. Thé tich khéi 1ap phuong canh bang 2 bang
A. 6. B. 8. C. 4. D. 2.
Céu 5. Cho hinh hép chit nhat ABCD.A'B'C'D’. Biét A .
AB=AA' =a,AD = av/2. Tinh géc gitta A'CvaDD'. 3
A.90°.  B.30°.  C.60°.  D.45°. o
T R EEEESE D
B - C

Cau 6. Cho hinh chép S.ABCD c6 day la hinh vudéng canh av/3, SA L (ABCD) va
SA = a/2. Géc gitta duong thang SC va mét phang (ABCD) bang
A. 45°, B. 30°. C. 60°. D. 90°.

Cdau 7. Cho hinh chép S.ABC c6 SA vudng géc véi mit phang (ABC), AABC la tam
gidc déu canh bang a. Khoang cach tit C dén mit phang (SAB) bang

A. @ p. 43

B. a. C. 2a.
a a 3
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Céu 8. Cho hinh chép ti gidc déu S.ABCD. Tim ménh dé sai trong ciac ménh dé
dudi day.

A. (ABCD) L (SBD). B. (SAB) L (ABCD).

C. (SAC) L (SBD). D. (SAC) L (ABCD).

Cau 9. Cho hinh chép S.ABCD ¢6 day ABCD la hinh thoi va SB vudng géc véi mat
phang (ABCD). Mit phang nao sau day vudng géc véi mit phang (SBD)?
A. (SBC). B. (SAD). C. (SCD). D. (SAC).

Cau 10. Cho khéi lang tru ding ABC.A'B'C’ ¢6 AB=AC = a, AA' = av/2, BAC = 45°.
Tinh thé tich V ctia khéi ling tru da cho la
3 \/E 3 3 3
a a a a
A2 B. . C.—. D. .
4 4 2 6

Céu 11. Hay chon khang dinh ding.

A. Hinh chép déu 1a hinh chép c6 day la da giac déu.

B. Chan dudng cao ctia hinh chép déu la trong tam cta day.

C. Hinh chép tam gidc déu c¢6 canh bén bang canh day 1a ti dién déu.

D. Hinh chép ti gidc ¢ c¢6 day 1a hinh vuéng 1a hinh chép ti giac deu.
Cdu 12. Trong khong gian, hai dudng thang a, b dudc goi 1a vudng géc véi nhau
khi nao?

A. Khi a va b cat nhau va géc gitta chung bang 90°.

B. Khi géc gitta a va b bang 90°.

C. Khi a va b chéo nhau va géc giita chung bang 90°.

D. Khi ¢ va b nam trén cung moét mat phang va géc gitta ching bang 90°.

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho hinh chép S.ABCD c¢6 day la hinh vuéng.
Canh bén SA vudng géc véi mat phing day nhu hinh
vé sau day.

a) (SAB) L (ABCD).

b) Géc gitta (SBC) va (ABCD) 1a SCD.

¢) Géc giita (SCD) va (ABCD) 1a SDA.

d) S6 do ctia géc nhi dién [B,SA, D] bang 90°.
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Cau 2. Cho hinh chép S.ABC c6 mat bén (SAB) vudéng goc v6i mat day va tam
giac SAB déu canh 2q4. Biét tam giac ABC vuong tai C va canh AC = av/3. Khi d6
a) SH 1 (ABC).
b) d(S, (ABC)) = aV/3.
3
¢) d(C, (SAB)) = %—

3
d) Thé tich ctia khbi chép S.ABC bing %

PHAN 3. Cau tréc nghiém trd 1i ngén.

Céu 1. Cho hinh chép S.ABCD c6 day 1a hinh chit nhat AB =2a, BC =av/2,SA=a
va SA L (ABCD). Goi M 1a trung diém SD. Tinh tan o véi a géc gitta hai dudng
thang SA va CM (két qua lam tron dén hang phan tram). KQ:[ [ [ 1]

Céu 2. Mot bé boi v6i mat nuédce khi day c6 dang hinh chit nhat véi chiéu rong 12
m va chiéu dai 25 m. Cac thanh bé xung quanh thang ding va day 13 mot mat
phang nghiéng. Chiéu sau tai mot dau bé 1a 1,0 m va ting dan déu dén 1,8 m &
dau kia cia bé (xem hinh vé). Ban dau bé khong chita nuée. Nguoi ta st dung
mot may bom cong suat 16n dé bom nude vao bé véi toc d6 khong ddi 1a 60 m3/gis.

Hoéi sau bao nhiéu gio thi may bom bom day bé nuéc? KQ:[ [ [ 1]
| | | |
y ; ; : : 1.75
] | | I I ~
o | | | I 150 §
/10 I I I I
ik | | | | 125 &
Vs ! : : : 1.00 o
[ ) | I I I @
i 1I, v | | | | )
" 1 | | | | CU
T | 1 i 5,
A | | ; <
I//://I /( : : :— ________ : m
//: 7 |/://| Ittt | |
VA Lm=zz T T R N S A

0 5 10 15
Chiéu dai (m)

Céu 3. M6t hop phan khong bui ¢6 dang hinh hop chit nhat, chiéu cao hép phan
bang 8.2 cm va day cta né c6 hai kich thuée 1a 8,5 cm, 10,5 cm (xem hinh vé sau).
Tim géc phang nhi dién [A,B'D',A’] (tinh theo d9, 1am tron két qua dén hang
phan chuc).

KQ:[ [ [ 1]
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Cau 4. Cho hinh chép S.ABC c6 day la tam gidc déu canh a, SA L (ABC) va SB =
2a. Goi G 1a trong taAm tam giac ABC. Véi a = v/15, tinh khoang cach tit G dén
mat phang (SBC).

KQ:[ [ [ 1]

PHAN 4. Tu luan.

Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh thoi tAm O va SA = SC,SB =
SD.

a) Chitng minh rang SO L (ABCD).
b) Goi I,K lan ludt 1a trung diém ctia BA va BC. Chiing minh rang /K L (SBD)
valK 1. SD
Cau 2. Cho hinh chép S.ABCD c6 day la hinh thang vuong tai A va B ¢c6 AD =

2a,CD = a va tam giac ACD vuong tai C, canh bén SA = a+/3 va vuong goc véi day.
Tinh géc giita duong SC va mit phang (ABCD).
Céu 3. Mot chiéc khay dung day nudc c6 dang hinh hop chit nhat véi kich thuée

chiéu dai 20 cm, chiéu rong 10 cm, chiéu cao 8 cm (hinh a).

Hinh a Hinh b

Pé san bét nude cho dd day, ngudi ta d6 nuée tit chiée khay thi nhat d6 sang

chiéc khay thi hai c6 dang hinh chép cut tit gidc déu véi day khay 1a hinh vuéng

nho c6 duong chéo dai n(cm), miéng khay la hinh vuoéng 16n ¢6 duong chéo dai
g L L v 2 .,

2n(cm) (hinh b). Sau khi do, muc nuéc 6 khay thi hai cao bang 3 chiéu cao caa
Ay eo .1 . A o

khay do6 va ludng nuéc trong khay thi nhat giam di 1 so v6i ban dau. The tich

ctia chiéc khay thit hai theo don vi centimét khéi c6 két qua chinh xac dén hang
don vi 12 a (cm?). Tong cac chit s6 cia s6 a bang bao nhiéu?
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M. BE $O 3

PHAN 1. Cau tréc nghiém nhiéu phuong @n lua chon

Cdau 1. Qua diém O cho truéc, c6 bao nhiéu méit phang vudng géc véi duong
thang A cho truéc?

A. 1. B. V6 sb. C.3. D. 2.
Céu 2.
Cho hinh chép S.ABCD c6 tit ca cic canh bang S

nhau. Géc giita hai duong thang SA va CD bang
A. Géc gitta hai dudng thang SA va BD.
B. Géc giita hai duong thang SA va AB.
C. Géc gitta hai dudng thang SA va SC.
D. Géc gitta hai dusng thang SA va AC.

Céu 3. Cho hinh chép S.ABC c6 AABC vuéng tai BvaSA L g
(ABC). Géc giita dudng thang SC va mit phang (SAB) 1a géc
nao sau day?

A. SAC. B. CSA. C. CSB. D. SCB.

B

Cdu 4. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat va SA vudéng goc
v6i (ABCD). Khi d6, mat phang(SCD) vudéng géc véi mit phang

A. (SBC). B. (SAC). C. (SAD). D. (ABCD).
Cau 5. Cho hinh l4p phuong ABCD.A’/B'C’'D’ canh a. Tinh géc gitta hai dusng
thang BD va AD'.

A. 30°. B. 45°. C. 60°. D. 90°.

Cdau 6. Cho hinh chép S.ABC, day la tam giac ABC vudng tai g
B, canh SA | (ABC). Chon khang dinh ding.

A. d(C,(SAB)) =CS. B. d(C,(SAB)) = CA.

C. d(A,(SBC)) = AB. D. d(S,(ABC)) = SA.

Cdau 7. Cho hinh chép S.ABC c6 day la tam giac vudng tai B; SA | (ABC). Goc
gitia (SBC) va (ABC) la géc nao?
A. SBC. B. SBA. C. SCB. D. SCA.
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Céu 8. Cho khdi chép S.ABC c¢6 day ABC la tam giac vudng tai B, do dai canh
AB = a\/2, BC = a\/3, canh bén SA vudng géc véi méit phang day va SA = 4a. Tinh
thé tich V ctia khoi chép S.ABC.

243/6 a6

A.V = T B.V =243/6. C.V =da’\/6. D.V = 3

CAau 9. Trong cac ménh dé sau, ménh dé nao 1a dung?

A. Néu hai mat phang vudng géc véi nhau thi moi dudng thing nam trong
mat phang nay sé vudéng géc véi mit phang kia.

B. Hai mat phéng phan biét cung vudng géc v6i mot méit phang thi vudéng géc
v6i nhau.

C. Hai mat phang vuéng géc véi nhau thi moi dudng thang nam trong mat
phang nay va vudng géc véi giao tuyén ctia hai mat phang sé vudng géc véi
mat phang kia.

D. Hai mat phéng phan biét cung vudng géc véi mot mit phang thi song song
v6i nhau.

Céu 10. Cho hinh lap phuong ABCD.A'B'C’'D’. Pudng thang AC' vudng géc véi
mat phéng nao sau day?

A.AC' L (BB'D'D). B.AC' L (ABCD). C.AC' L (AA'D'D). D.AC L (A'BD).

Cau 11. Cho hai mit phang (P),(Q) cé giao C
tuyén la duong thang CD. Diém A € (P),B € (Q)
va AO, BO cung vuéng géc véi CD. M 1a mot diém
bat ki thude CD (M +# 0). Xac dinh géc nhi dién
[A,CD,B].

A.AOB. B.AMO. C.AMB. D.OAB.

D

Cau 12. Cho hinh chép S.ABCD c6 day la hinh vuéng canh a, SA L (ABCD), SA =
av/3. Khoang cach tir diém A dén miat phang (SBC) bang

A. aV/3. B. %g. C. 2a\/3. D. #.

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho hinh chép S.ABCD c6 day la hinh chit nhat va SA vuéng géc v6i mat
phang déy. Goi H, K theo thi tu 14 hinh chiéu ctia A trén cac canh SB, SD.

a) Tam giac SBC vuong. b) Tam giac SCD vuong.

c) SC L (AHK). d) HK 1 SC.
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Cau 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh bang a. Mat bén
SAB la tam gidc déu va nam trong méit phang vuéng géc véi mit day.
a) Chiéu cao hinh chép béng a.
T
) Theé tich khoi chép bang <
¢) Khoang cach giita duong thang CD va mat phang (SAB) bang a.
d) Khoang céach giita hai dudng thang SA va CD bang v/ 2a.

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Cho hinh chép S.ABC c¢6 SA vudng goc véi day, tam gidc ABC vudng can
tai B, AB =1, SA = 2. Tinh khoang céch giita hai dudng thang AC va SB (lam tron
dén hai chit s6 phan thap phan). KQ:[ [ [ 1]

Cdu 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, SA | (ABCD). Biét
SA=3,AB=2,AD =3. Goi a la géc giita SA va mat phang (SBD). Tinh sina (lam
tron két qua dén hang phan tram). KQ:[ [T 1]

Cau 3. Tinh thé tich cta khéi chép ti giac déu S.ABCD c6 chiéu cao bang /3 va
do dai canh bén 3 (lam tron dén hang phan tram). KQ:[ [ [ 1]

Céu 4. Kim tu thap bang kinh tai bao tang
Louvre 6 Paris c¢6 dang hinh chép ti gidc déu
v6i chiéu cao 14 21 m va canh day dai 34 m. Géc
nhi dién tao béi hai mat bén c6 chung mét canh

cta kim td thap c¢6 s6 do bang bao nhiéu d6

(Iam tron dén hang don vi)?

KQ:[ [ [ 1]

PHAN 4. Tu luan.

Cau 1. Cho hinh chép S.ABCD c6 day ABCD la mot hinh vuéng, SA L (ABCD). Ké
AH vuong goc véi SC (H thuoc SC), BM vudong goc véi SC (M thuoc SC). Ching
minh rang SC | (MBD) va AH | (MBD).

Cdu 2. Cho hinh ling tru ding ABC.A'B'C’ ¢6 cac canh bén bang av/2 va day la
tam gidc vudng tai A, AB = a, AC = a\/3. Tinh tan géc tao béi hai méit phang
(A'BC) va (BCC'B').
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Céu 3. Mot chiéc 1éu du lich hinh chép c¢6 day 1a
luc giac déu va hinh chiéu ctaa dinh léu trén mat
dat trung véi tam cta luc giac day, khung léu lam
bang tre (nhu hinh). Ngudi ta mubn treo mét day
den trang tri doc theo cot & gitta cta léu tu dinh
xudng san. Do dai ctiia day den can chuén bi 1a bao
nhiéu mét néu biét géc gitta cac thanh tre véi mat
san 1a 30° ; tAm 16t san hinh luc gidc déu c6 dién
tich 18 mét vuong (lam tron két qua dén hang phan
muoi)?

—Hbt—
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N. DE 5O 4

PHAN 1. Céau tréc nghiém nhiéu phuong én luva chon

Cau 1. Cho diém M va mit phang (&) c6 bao nhiéu dudng thing di qua diém M
va vudng géc véi mit phang (o)?
A.2. B. V6 sb. C. 0. D. 1.

Cdau 2. Cho hinh lang tru déu ABC.A’B'C’ ¢6 canh day bang 1, canh bén bang 2.
Goi C; 1a trung diém cta CC'. Tinh c6sin caa géc gitia hai duong thang BC, va
A'B.
A2 B. Y2, .2, D. Y2,
6 4 3 8
Céu 3. Trong khong gian cho ba duong thang phan biét a, b, c. Khang dinh nao
sau day dung?
A. Néu a va b cung nam trong mot méit phéng va cung vudng géc véi ¢ thi a || D.
B.Néua|bvacLathiclb.
C. Néu q, b, c cing nam trong mét phang (P) va géc giita a va c bang géc giita
bvacthialb.
D. Néu a va b cing nam trong mat phang (P) va (P) || ¢ thi géc giita a va ¢ bang
goc gitta b va c.
Céu 4. Dbien vao chd trong sau dé c6 khang dinh ding.
“Néu hai mat phang ... ... v6i nhau thi bat ki mét dudng thing nio nam trong
mat phéng nay va vuéng géc véi giao tuyén cling vudng géc véi mét phang kia”

A. song song. B. cat nhau. C. phan biét. D. vuong géc.

Cdu 5. Cho hinh l4ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Goi o 1a géc giita
hai mat phang (ACD') va (ABCD). Gia tri ctia sin o bang:
1 1 V6
A. 7 B. 7 C. ER D. V2.
Cau 6. Cho ti dién S.ABC c6 day ABC la tam giac vudng tai B va SA vudng goc
v6i mat phang (ABC). Goi M, N 1an lugt 14 hinh chiéu vudng géc ctia A trén canh
SB va SC. Khéng dinh nao sau day sai?

A.AM 1 SC. B.AM 1 MN. C. SA L BC. D.AN L SB.

Cau 7. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi, SAB = SAD = 90°. Goi
H, K lan lugt 14 hinh chiéu vudng géc ctia diém A trén cac canh SB, SD. Pudng
thang HK vudng géc véi dusng thang nao sau day?

A. AC. B. SB. C. SD. D. AB.
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Cau 8. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a, SA | (ABCD).
Tinh khoang cach tit diém B dén (SAC).
av/'2 a2

av'2
B. =~ C. =~ D. =~

a
A. >

Cau 9. Cho hinh chép S.ABCD c6 day ABCD la hinh chi nhat, AB = a, AD = 2a,
SA vudng géc véi day va SA = av/3. Thé tich cta khdi chép S.ABCD bang

3 3
A. 4\/3§a . B. 4/34d°. C. 2\/3§a . D. 2\/34°.

Céu 10. Cho khéi hop hinh chit nhat c6 ba kich thude 2; 4; 6. Thé tich ctia khoi
hép da cho bang
A. 16. B. 12. C. 48. D. 8.

Cau 11. Cho hinh chép S.ABCD c¢6 day la hinh vuéng tdm O va SA =SB = SC = SD.
Hinh chiéu ctia diém S trén mat phang (ABCD) 1a diém nao duéi day?
A. 0. B. A. C. D. D.C.

Cau 12. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh va tam giac SAD
vudng can tai S. Géc gitta hai dudng thang SA va BC bang
A. 60°. B. 45°. C. 30°. D. 90°.

PHAN 2. Céu fréc nghiém ding sai

Cau l.
Cho hinh lap phuong ABCD.A’B'C'D’ c6 canh bang a. B Al

a) Thé tich cta khéi 1ap phuong 1a 34°.

b) D6 dai duong chéo A'C = av/2.

¢) Géc giita AC va A'D’ bang 45°.

d) Khoang cach tit A dén (A’BD) bang 3+/3a.

Cau 2. Cho hinh chép S.ABC ¢6 SA, SB, SC d6i mot vuong goc va SA = SB = 2a,
SC = 3a.
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A

S « C

a) SA 1 BC.

b) Vsapc = a’.

¢) Sb do géc nhi dién [B,SA,C] bang 90°.

d) Khoang cach tit diém A dén mit phang (SBC) bang av/2.

PHAN 3. Céau tréic nghiém tr& I1&i ngén.

Cau 1. Cho hinh chép S.ABCD c6 day 1a hinh chi nhat canh AB =1, AD = /3.
Canh bén SA = ? va vudng géc véi ddy. S6 do géc phang nhi dién [S,BD,C] la
a®. Tim gia tri cua a. KQ:[ [T 1]
Cdu 2. Cho hinh chép S.ABC c6 day 1a tam giac déu canh bang 3. Tam gidc SAB 1a
tam gidc déu va nam trong mat phang vudng géc véi méit phang (ABC). Khoang

cach gitta hai duong thang SA va BC bang bao nhiéu? (l1am tron dén hang phan

tram). KQ:[ [ 1]

Céu 3. Trong mét chuyén du lich anh An dung gia d6 ba chan dé E ﬂ
kep dién thoai chup hinh (mét chiéc gia d6 cAu tao gom hai phan: “‘—g=—
Phan thi nhat 1a chan; phan thd hai 1a dau kep dién thoai nhu

hinh vé). Biét rang gia d6 dudc mé ra sao cho ba gbc chan cach

déu nhau mét khoang cach bang 120 cm. Tinh chiéu cao cta gia
dd, biét chan cta gia dd dai 130 cm va dau kep dién thoai dai 15
cm (két qud tinh centimet). KQ:[ [ [ 1]

Céu 4. Mot sot dung do c6 dang hinh chép cut déu \
(tham khao hinh bén dudi). Pay va miéng sot la \

cac hinh vuéng tudng tng cé dién tich lan ludt la \
400 (cm?*) va 900 (cm?), canh bén cta sot dai 15cm.
Tinh thé tich ctia sot 1am tron dén hang don vi. (don /

vi cm?) KQ:[ [ 1] /
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PHAN 4. Ty luan.

Cdu 1. Cho hinh chép S.ABCD c6 SA L (ABCD). Cho biét ABCD la hinh thang
vuong tai A va D, AB = 2AD.

a) Ching minh CD L (SAD);
b) Goi M 1a trung diém ctia AB. Chitng minh CM L (SAB).

Céu 2. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, AB = a, AD = av/2.
Tam gidc SAB la tam gidc déu va nam trong mit phéng vudng géc véi day. Tinh
thé tich ctia khoi chép S.ABCD.

A . N . 3 . < 1s .
Cau 3. Cho hinh hop ding ABCD.A'B'C'D’ ¢6 AA’ = %, day ABCD la hinh thoi

canh a va goc BAD = 60°. Goi M va N lan ludt 1a trung diém cta céc canh A’'D’ va
A’'B’. Tinh khoang cach tit diém A dén mit phang (BDMN).

—Hbt—
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0.PEsO 5

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho hinh chép S.ABCD c¢6 day ABCD la hinh cht nhat véi AB = a, AD =
v/2a, canh bén SA = 3a va SA L (ABCD). Géc giita duong thiang SC va mit phang
(ABCD) bang
A. 60°. B. 120°. C. 30°. D. 90°.
Cdu 2. Cho hai duong thang phan biét a,b va mit phang (P). Chon khang dinh
dung?
A.Néua| (P)vablathib L (P). B.Néual (P)vab L (P)thib La.
C.Néua L (P)vab _Lathib| (P). D.Néua | (P)vab| (P)thib | a.
Céu 3. Thé tich cta khoéi lang tru cé dién tich day S = 12 va chiéu cao h =4 la
A.V =24, B.V =3. C.V =16. D.V =48.
Cau 4. Cho hinh chép S.ABC c6 SA L (ABC). Goi J 1a trung diém cua SA, G la
trong tam tam gidc ABC. Hinh chiéu ctia dudng thang JG trén mit phang (ABC)
la
A. duong thang AB. B. dudng thang BC.
C. duong thang AC. D. duong thang AG.
Cau 5. Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat tam O, SA L

(ABCD). Goi H 1a hinh chiéu ctia A 1én BD va K 1a hinh chiéu ctia A 1én SD.
Géc phang nhi dién [S,BD,A] 1a

A. SKA. B. SBA. C. SHA. D. SDA.
Céu 6. Mot do choi c6 dang khéi chép cut ti gidc déu 3 cm

(hinh vé) véi d6 dai hai canh day lan lugt 14 3 cm va 5
cm, chiéu cao 14 9 cm. Thé tich ctia khdi chép cut tit gidc

déu d6 bang
A. 151 cm3. B. 441 em?.
C. 195 cm?. D. 147 cm3.

Céu 7. Cho tit dién déu ABCD. Goi M, N lan ludt 1a trung diém cac canh AB va
BC. Tinh sb6 do géc gitta hai dudng thang MN va CD.
A. 30°. B. 60°. C. 45°. D. 90°.

Cau 8. Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh chit nhat va SB L BC. Ménh
dé nao sau day 1a ding?

A.SA L (ABCD). B.SB L1 (ABCD). C.BC L (SAC). D.BC L (SAB).
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C@u 9. Cho hinh chép S.ABCD c6 ddy 1a hinh thoi tam O va SO | (ABCD). Khi
dé duong thang AC vudng géc véi mit phang nao sau day?
A. (SAB). B. (SAD). C. (SCD). D. (SBD).

Cau 10. Cho hinh chép S.ABC c¢6 day ABC la tam giac can tai B, canh bén SA
vudng goc véi day, I 1a trung diém AC, H 1a hinh chiéu cta 7 1én SC. Khang dinh
nao sau day dung?

A. (BIH) L (SBC). B. (SAC) L (SAB). C. (SBC) L (ABC). D. (SAC) L (SBC).

Cau 11. Cho hinh chép S.ABC c6 canh bén SA = a va vudng goc véi day, AB = a.
Khoang cach tit diém A dén SB bang
A a2 a3

> B.z. C.

N

Cau 12. Cho hinh chép S.ABCD c¢6 SA vudng goc véi
miét phang (ABCD), day ABCD la hinh vuong. Ménh
de nao sau day 1a dung?

A. SA | SB. B. SC 1L BD.

C. SB L SD. D. SA 1 SC.

PHAN 2. Céu fréc nghiém ding sai

Céu 1. Hinh vé bén dudi mé ta moét nha xudng c6 bon biic tudng va hai mai nha
déu 1a cac hinh chit nhat véi cac kich thude ghi trén hinh.

?,
» o
- %
sy G
—P
l g
E : H |7
e S c
=
A 20m D

a) Biic tuong (ABFE) vudng géc véi mit dat (ABCD).

b) Géc tao béi hai biic tusng (ADHE) va (BCGF) bang 90°.

¢) Goéc doc gitta mai nha (EFQP) so v6i mat dat (ABCD) c6 sb do xép xi bang
29° (lam tron dén hang don vi).

d) Géc nhi dién tao bdi hai mai nha c6 sb do xap xi bang 104,5° (1am tron dén
mot chit s6 thap phan).
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Cau 2. Cho hinh chép S.ABCD c6 day la hinh vudng canh «q, tam giac SAB vudng
can tai S va nam trong mat phing vuéng géc véi ddy. Goi M 1a trung diém cua
SD.

a) SA L (ABCD).

b) Khoang céch tit diém S dén mat phang (ABCD) bang g.

. N A - 2 . .« A ., . M 2
c) Goi a 1a so do goc phang nhi dién [S,CD, B], gia tri tan o bang g
d) Khoang cach gitta hai dudng thiang AB va CM bang a.

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Céu 1. Ngudi ta dung mét cai 1éu cdm trai c6 dang hinh chép ti gidc déu cé tat
ca cac canh bang nhau va bang 3 m trén mat dat bang phang. Sau d6 tit dinh
cta léu, nguoi ta gan mot bong den sao cho khoang cach tit dinh 1éu dén bong
den bang 30 cm. Khoang cach tit béng dén dén mat dat x4p xi bao nhiéu mét?
(lam tron dén hang phan mudi). KQ:[ [ [ 1]

Cau 2. Cho hinh chép S.ABCD c6 day la hinh thoi canh béng 1. Tam gidc ABC
déu, hinh chiéu vuéng géc H ctia dinh S trén mit phang (ABCD) trung véi trong
tam ctia tam giac ABC. Puong thang SD hdp véi mat phang (ABCD) géc 30°. Tinh
khoang cach d tit B dén mat phang (SCD) (lam tron dén chit s6 hang phan tram).

KQ:[ [ [ 1]

Cdu 3. Cho 0A, OB, OC d6i mét vudng géc va khong dong phang. Biét OA = OB =
a\/3, OC = a. Tim sb do d6 clia géc tao béi hai mat phang (ABC) va (OAB). (két

qua lam tron dén hang phan chuc). KQ:[ [ [ 1]
Céu 4. Mot khéi g6 hinh lap phuong c6 dé dai canh
bang x (cm). O chinh giita moét mat cta hinh lap g __
phuong ngudi ta duc moét 16 hinh vuéng théng sang /I,,,,i:;:(;f; J:r«‘r o
mat d6i dién, tAm cta 16 hinh vuéng 1a tAm cta mat :FI //j}ji"/_jg
hinh lap phuong, cac canh 16 hinh vuéng song song Ié")*i‘?ﬁ/ﬂ’ o
v6i cac canh ctia hinh lap phuong va ¢6 d6 dai y (cm) W/L_L/-J
nhu hinh vé bén. Biét réing x = 80 cm, y = 20 cm va thé -

80

tich V cua khdi g6 sau khi duc ¢6 dang a-10° (cm?).
Gia tri cta a la bao nhiéu? KQ:[ [ [ 1]

PHAN 4. Ty luan.

Cau 1. Cho hinh chép S.ABC. Cac diém M, N, P tuong tng la trung diém cua
SA, SB, SC. Puong thang qua § vudng géc véi mit phang (ABC) va cat mat phang
d6 tai H. Chitng minh rang SH | (MNP).
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Céu 2. Cho hinh chép S.ABCD cé day ABCD 1a hinh chit nhat; ASAB déu canh a
va nam trong mat phang vudng géc véi (ABCD). Biét SC tao véi (ABCD) mét géc
bang 30°. Tinh thé tich V cta khbi chép S.ABCD.

Céu 3. Cho tt dién ABCD ¢6 (ACD) L (BCD), AC=AD =BC=BD =4,CD =x(0 <
x < 8). Goi I, J 1an ludt 1a trung diém ctia AB va CD. Vi gia tri nao cta x thi
(ABC) L (ABD) (1am tron két qua dén hang phan mudi)?

— Hét—
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P.DESO 6

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1.

Mot chiéc ban can d6i hinh chit nhat duge dat trén 4 e

mat san nam ngang, mat ban song song véi mat san

(nhu hinh vé bén duéi). Hinh anh nay goi nén hinh ||, P

anh dudng thang (dudc biéu thi béi cac dudng thang
a, b, ¢, d, ) vudng géc v6i mit ban (ki hiéu mat phéng
(P)). Khang dinh nao sau day sai?
A.d 1L (P). B.al(P). C.bL(P). D.cL(P).
Cdau 2. Cho hinh chép ti gidc déu S.ABCD cé day 1a hinh vuéng ABCD tam O
2 2,
canh a, SO = %, goc gitta hai duong thang AB va SD la
A. 120°. B. 60°. C. 30°. D. 90°.
Cdu 3. Cho hinh chép S.ABCD cé day 1a hinh vudng, SA vudng géc véi mat phang
day. Hinh chiéu vudng géc clia tam gidc ASCD lén mit phang (ABCD) 1a
A. NABC. B. AACD. C. ABCD. D. AABD.
Cau 4. Cho hinh chop S.ABCD c¢6 day ABCD la hinh vuéng tam O, SA L (ABCD).
Khang dinh nao sau day sai?
A. (SBC) L (SAB). B. (SAB) L (ABCD).
C. (SAC) L (ABCD). D. (SAC) L (SAD).

Céu 5. Cho hinh chép S.ABC c¢6 day ABC la tam giac déu,
canh bén SA vudng géc véi day, M la trung diém AC, N la
hinh chiéu cta B lén SC (nhu hinh bén). Khang dinh nao
sau day dung?

A. (BMN) L (SBC). B. (SAC) L (SAB).

C. (BMN) L (ABC). D. (SAC) L (SBC).

Céu 6. Cho khéi chép cut déu ABC.A'B'C' ¢6 dusng cao h = 3 cm, hai mat day
ABC, A'B'C’ ¢6 canh tuong tng lan ludt 14 4cm, 2cm. Tinh thé tich khéi chép
cut.

A. 4cm?. B. = 43 cm?. C. 7/3 cm3. D. 61/3 cm3.

Cau 7. Cho khéi lang tru cé dién tich day bang 15 va chiéu cao bang 10. Tinh

thé tich V cta khéi lang tru da cho.

A.V =50. B.V =75. C.V:23—5. D.V = 150.
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Cdu 8. Cho hinh lap phuong ABCD.A’B'C'D'. Pudng thang nao sau day vudng
géc v6i duong thang BC'?
A. A'D. B. AC. C. BB D.AD'.

Cau 9. Cho hinh chép S.ABCD véi day ABCD la
hinh vuong c6 canh 2a, SA = a\/6 va vudng goc
v6i day. S6 do ctia géc nhi dién [S,BD,A]?

A. 90°. B. 30°. C. 60°. D. 45°.

Céu 10. Cho ling tru déu ABC.A’B'C’, biét AB = AA’ = a. Khoang céch tit diém A
dén mat phang (BCC'B') bang
3

A. a\/3. B. %_. C. %. D. a.
Cdau 11. Cho hinh chép S.ABCD c6 day la hinh vudéng canh a. Puong thang SA
vudng géc véi mit phang day va SA = a. Goi M 1a trung diém ctia CD. Khoang
cach tit M dén mit phang (SAB) bang

A Y2

2

Céu 12. Chon ménh dé dang trong cac ménh dé sau day:

B. a. C. aV2. D. 2a.

A. Qua mét diém c6 duy nhat mot mit phang vudng géc véi mot mat phang
cho trudec.

B. Cho hai dudng thang chéo nhau a va b dong thoi a L b. Ludn c6 mit phang
(a) chtta a va (o) L b.

C. Cho hai dudng thang a va b vudéng géc véi nhau. Néu mit phang («) chita
a va mat phang (B) chita b thi (a) L (B).

D. Qua mét dudng thang c6 duy nhat mot mét phéng vudng géc véi mot dusng
thang khac.

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho hinh chép S.ABCD, day la hinh thoi tdm O va SA = SC, SB = SD.
a) SO L AC. b) SO L (ABCD). ¢) AC L (SBD).  d) (AC,SB) = 60°.

Céu 2. Cho hinh ling tru ding ABC.A'B'C' ¢6 day ABC la tam gidc déu canh
bang a va géc nhi dién [A’, BC,A] bang 30°.
a) Géc nhi dién bing géc A’MA, véi M 1a trung diém ctia BC.
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a’\/3
1

b) Dién tich day ctia hinh lang tru la Sapc =

¢) Chiéu cao ciia hinh léng tru bang a.
. - v 3ad®
d) Thé tich khéi ling tru bing %.

PHAN 3. Céau tréc nghiém trd I1&i ngén.

Céu 1. Kim tu thap Kheops 6 Ai Cap c6 dang 14 hinh chép tit gidc déu c¢6 canh
day dai 262 mét, canh bén dai 230 mét. Khi xay dung kim tu thap ngudi Ai Cap
6 dai da tinh toan xay dung mot dusng ham lay sang tu nhién tit mot mét bén
dén tam day ngéin nhit. Khoang cach xay dudng ham dé 1a bao nhiéu (lam tron
dén chit s6 thap phan thi nhdt)? KQ:[ [ [ 11

Céu 2. Cho hinh chép déu S.ABCD c6 day tdAm O canh « va canh bén 1a av/7.
Tinh géc phang nhi dién [S,BC,0]? (tinh theo dd, lam tron két qua dén hang don

vi). KQ:[ [ [ 1]

Céu 3. Mot chiée thang c¢6 dang hinh thang cin cao 7 m, hai chan thang cach
nhau 80 cm, hai ngon thang cach nhau 60 cm. Thang dudc dua vao bd tuong nhu
hinh sau. Tinh géc tao gitta dudng thang chan tuong va canh cot thang (tinh
gan dang theo don vi d9, 1am tron két qua dén hang don vi).

N e -

—_ —_ =< 80 o

%ht-\:vt{’" = —~

/ e

/

KQ:[ [ [ 1]
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Céu 4. Mot chiéc 1ong den kéo quan c6 hinh lang tru luc giac < S
déu véi canh day 8 cm. Biét tong dién tich cdc mit bén cua

chiéc 1ong den nay bang 1536 cm?. Tinh thé tich ctia chiéc 1ong | |° .
den dé (két qud lam tron dén hang don vi cm?>).

PHAN 4. Ty luan.

Céu 1. Cho hinh chép S.ABC c¢é day ABC la tam gidc can tai A, diém 7 va H lan
ludt 1a trung diém ctia AB va BC. Trén doan CI va SA lan luot 1ay hai diém M, N
sao cho MC = 2MI, NA = 2NS. Biét SH | (ABC). Chiing minh MN 1 (ABC).

Céu 2. Cho hinh chép S.ABCD ¢6 day ABCD la hinh vuéng canh bang 2024, SA
vuong goc vii day va mat bén (SCD) hop véi mat day (ABCD) mot goc 60°. Tinh
khoang cach tit diém B dén mit phang (SCD).
Cau 3. Cho khéi chép S.ABCD c6 day 1a hinh vuoéng. Canh bén SA vudng géc véi
day, canh bén SC tao véi day géc 45° va khoang céch tit A dén mit phang (SBC)
bang v/2. Tinh thé tich cta khéi chép da cho.

—Hbt—
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Q. PESO 7

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho hinh chép S.ABCD c¢6 day ABCD la hinh ch@t nhiat tam O, SA L
(ABCD). Goi H 1a hinh chiéu caia S 1én BD. Géc phang nhi dién [S,BD,A] 1a
A. SOA. B. SBA. C. SHA. D. SDA.

Cé&u 2. Cho khéi ling tru ding ABCD.A'B'C'D’ ¢6 day 1a hinh thoi canh a, BD =
av/3 va AA' = 4a. Thé tich caa khéi lang tru da cho bang

3 3
A. 2343 B. 4/34°. C. 2\/5" . D. 4‘/3" .

Céu 3. Cho khéi hop chit nhat ¢6 3 kich thude 3; 4; 5. Thé tich caa khéi hop da
cho bang?
A. 10. B. 20. C. 12. D. 60.

Céu 4. Cho hinh chép S.ABC c6 day ABC 1a tam giac déu va SA = SB = SC. Goi
I 1a hinh chiéu vuéng géc ciia S 1én mit phang (ABC). Khang dinh nao sau day

dting?
A.]1a trung diém AC. B. 7 1a trung diém BC.
C.I1a trung diém AB. D. / 12 trong tAm tam giac ABC.

Cau 5. Cho hinh chép SABCD c6 day la hinh vuéng ABCD canh a va cac canh
bén bang a. Goi M, N lan lugt 1a trung diém AD va SD. S6 do géc (MN,SC) bang
A. 60°. B. 45°. C. 30°. D. 90°.
Cdau 6. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh a, SD = a va
SD vudng géc véi mét phang day. Tinh géc gitta duong thang SA va mat phang
(SBD).
A. 60°. B. 14°. C. 45°. D. 30°.

Cau 7. Cho hinh chép S.ABCD c6 day ABCD la hinh
chit nhat. Goi M, N lan lugt 1a trung diém cta SC va
SD (tham khao hinh vé). Khang dinh nao dudi day
dung?

A. MN 1 AC. B. MN 1 BD.

C. MN 1 AB. D. MN 1 BC.

B C
Céu 8. Cho khéi hop ABCD.A'B'C'D’ ¢6 day ABCD la hinh thoi canh 24, ABC =
120°, AA' = a/2 va géc giita AA’ va méit phang (ABCD) bang 45°. Thé tich khbi
hop bang bao nhiéu?
A. d. B. V3d°. C. 4v/3d°. D. 2\/34°.
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Cdau 9. Thé tich cta khéi tit dién déu biét chiéu cao ti dién bang a bing
3 3 6 6
£a3. B. \/—_a3. C. £a3. D. £a3.
8 3 2 3
Cdu 10. Cho hinh chép S.ABC c6 SA L (ABC) (tham khao s
hinh vé). Hinh chiéu vuéng géc ctia dudng thang SB trén
mit phang (ABC) 1a duong thang

A. BC. B. AB. C. AC. D. SA.

A.

B

Céu 11. Cho hinh chép ti gidc déu S.ABCD c6 tat ca cac canh bang a. Goi M 1a
trung diém ctia SD. Tang ctia géc giita duong thang BM va mit phang (ABCD).
V2 V3 2 1
A. 7. Bo T. Co 5- Do g-
Cdu 12. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh v/3a, canh bén
SD = v/6a va SD vudng géc véi méat phang day. Khoang cach giita hai dudng thang
SB va CD bang

A. a\/3. B. aV2. C. 2a. D. a.

PHAN 2. Cau tréc nghiém diing sai

Céu 1. Tu mét tAm ton hinh vudng MNPQ c6 canh bing 4 dm, ngudi ta cat tAm
tén theo cac tam gidc cAn MAN, NBP, PCQ, QDM bang nhau sau d6 go cac tam
giac can ABN, BCP, CDQ, DAM sao cho cac dinh M, N, P, Q trung nhau dé dudc
khoéi chép tit gide déu c6 day 1a ti gidc ABCD. Biét dudng cao ké tit A cia tam
giac MAN bang 1 dm.

M 4dm (0]

1 dm

N P

a) Canh day cta hinh chép déu dudce tao ra bang 2 dm.
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b) Canh bén cta hinh chép déu dudc tao ra bang /5 dm.
¢) Chiéu cao cia hinh chép déu dudge tao ra bang 2 dm.

o L. . X v 4
d) The tich khoi chop déu dudc tao ra bang 3 dm?.

Cadu 2. Cho hinh lang tru tam gidac ABC.A'B'C’ ¢6 day la tam giac ABC cén tai A,
goc BAC = 120° va AB = 2a. Hinh chiéu ctia A’ trén mat phang (ABC) trung véi
trung diém H cta BC, biét AA' = a2

a) Hinh chiéu vuong géc ciia dudng thang AA’ 1én mat phang (ABC) 1a duong

thang AH.

b) Gée A/AH 1a géc giita dudng thdng AA’ v mit phing (ABC).

¢) Géc gitta hai duong thang AA’ va AH bang 60°.

d) (A’AH) L (BCC'B).

PHAN 3. Céau tréic nghiém trd I1&i ngén.

Cdau 1. Cho hinh chép tam gidc déu S.ABCcé canh day bang 1, G la trong tam
tam gidc ABC. Géc gitta mat bén va day bang 60°. Tinh khoang cach ti G dén
miit phang (SBC). KQ:[ [ [ 1]

Céu 2. Trong mét budi da ngoai, ban Nam muén
dung mét cai 18u hinh kim tu thap. Biét khoang A
cach tit dinh 1éu t6i mét chan 1éu 1a 270 (cm), géc ‘
nhi dién tao bdi hai nita mit phing tuong tng
chita hai mai 1éu déi dién 1a 55°. Héi khoang cach
gita hai chan 1éu lién tiép Nam can dung béng
bao nhiéu milimet? (Lam tron dén hang don vi)

Céu 3. Mét cot béng ré dude gdn xudng nén san phang.
Ngudi ta gidn mét diém C 6 dinh caa cot sao cho C nam
trén mat phang song song véi nén san va diém A dat 6 chan
c¢ot bong ré nhu hinh vé. Ngusi ta mubn budc mét soi day
cang vao hai diém A va C. Héi sd¢i day c6 dé dai bang bao

nhiéu mm (két qua lam tron dén hang don vi)?

KQ:[ [ [ 1]
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Céu 4. Cho hinh chép S.ABC c6 day 1a tam gidc ABC déu canh 2, tam giac SBA
vuong tai B, tam gidc SAC vuong tai C. Biét géc giita hai mit phang (SAB) va
(ABC) bang 60°. Thé tich khoi chép S.ABC 1a bao nhiéu (két qud lam tron dén
hang phan tram)? KQ:[ [T 1]

PHAN 4. Tu luan.

Cau 1. Cho hinh chép S.ABCD ¢6 day ABCD la hinh chit nhat, canh bén SA vuong
géc véi méat day. Goi H, K 1an ludt 1a hinh chiéu ctia A 1én SB, SD. Chiing minh:

a) AK L (SCD). b) AH L (SBC). ¢) SC L (AHK).

Cdéu 2. Trong khong gian cho tam giac déu SAB va hinh vuéng ABCD canh a
nam trong hai mit phang vudng géc. Goi o 1a géc gitta hai mit phang (SAB) va
(SCD). Khi d6 hay tinh tan c.

Céu 3. Mét chiéc thap c6 phan dudi c6 dang
hinh hop chit nhat, day la hinh vuéng co
canh dai 5 m. chiéu cao ca hinh hép chit
nhat 13 12 m. Phan trén ctaa thap c6 dang
hinh chép déu, cac mat bén 1a cac tam giac
can chung dinh. M6i canh bén ctia hinh chép

dai 8 m. Tinh thé tich ctia thap dong ho nay

(lam tron két qud dén hang don vi).

12m

B/:

Cdau 4. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = AA" = 1,AC = 2. Tinh
khoang cach giita hai dudng thang AC’ va CD'.

—Hbt—
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R.DESO 8

PHAN 1. Cau tréc nghiém nhiéu phuong @n lua chon

Cau 1. Cho hinh chép S.ABCD c6 day la hinh vuéng, SA L (ABCD). Khang dinh
nao sau day la dung?
A. SA 1 SC. B. BD | SD. C. SA L BC. D. AC 1 SD.

Céu 2. Cho hinh 1ap phuong ABCD.A'B'C'D'. Tinh géc gitia hai duong thang AC
va A’B.
A. 60°. B. 45°. C. 75°. D. 90°.

Cau 3. Cho hinh chép S.ABCD c6 day la hinh thoi tdm O va SA = SC, SB = SD.
Trong ciac ménh dé sau ménh dé nao sai?
A.AC L SD. B. BD | AC. C. BD 1 SA. D. AC 1 SA.

Céu 4. Cho hinh chép tam gidc déu S.ABC c6 canh day bang 2a, géc gitia mat
bén va mat day bang 60°. D6 dai canh bén cta hinh chép bang

A 2L B, Y7, c. Y17 p. Y15
3 3 3 3

Cau 5. Cho hinh chép ti giac S.ABCD c¢6 day ABCD la hinh chit nhat va SA L

(ABCD). Khoang cach giita duong thang BC va mit phang (SAD) bang

A. AB. B. BD. C. SB. D. CA.

Cdu 6. Cho hinh chép S.ABC c6 dién tich day ABC bang a?\/3 va thé tich khéi
chép bang . Tinh chiéu cao 4 ctia hinh chép da cho.

a3 w3 w3

A h=—" c B.h=—= C.h=—= D. h=a\/3.

Cdau 7. Cho hinh chép S.ABCD c6 day la hinh vuéng canh a, SA | (ABCD), SA =
av/3. Khoang céch tit diém A dén mét phang (SBC) bang

A. a\/3. B. %g. C. 2a\/3. D. %.
Cau 8. Cho hinh lap phuong ABCD.A’B'C'D’ (tham khao A

hinh vé). Gia tri sin ctia géc gitta duong thang AC’ va mat 5 | P
phing (ABCD) bing i c
V3 G V3 V2 N
Ao T. Bo T. C. 7. D. 7. ) /) 77777 - — = D
B C

Cau 9. Cho tua dién OABC c¢6 ba canh OA, OB, OC d6i mot vudng goc véi nhau.
Goi H 1a truc tam ctia tam giac ABC. Khang dinh nao sau day sai?
A.AB 1 OC. B. OH 1 (ABC). C. OH 1 BC. D. OH L OA.
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Céu 10. Cho hinh lap phuong MNPQ.M'N'P'Q’ ¢6 canh bang a. S6 do ctia géc nhi
dién [N,MM’,P] bang
A. 30°. B. 45°. C. 60°. D. 90°.

Cau 11. Cho cai ném hinh lang tru ding nhu hinh veé.

Thé tich ctia cai ném bang
A. 3696cm?’. B. 1848cm3. C. 3669cm3. D. 1884cm3.

Céu 12. Cho khéi chép cut déu ABCD.A’B'C'D’, day ABCD va A’B'C'D’ ¢6 d6 dai
canh 1an lugt 14 6a va 3a, 6 dai canh bén bang 4a. Tinh thé tich ctia khéi chép
cut déu ABCD.A'B'C'D'.

3a3\/4ﬁ a3\/4_6 21a3\/4_6 a3\/4ﬁ

A.2. B.2. 02 D.2.

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Trong lao déng, mit phang nghiéng thudng dude st dung vi tinh tién
dung ctia né. Hinh vé sau minh hoa mét mat phang nghiéng dung dé van chuyén
do, c6 d6 nghiéng so v6i mit phéng ndm ngang 14 30°, vAn chuyén 1én mét phéng

c6 do cao 1 m. Quan sat hinh vé va xac dinh tinh dung sai cia cac ménh de sau.

C D
W4 —_
o 7
N mRIITC T H
Im A

a) CAK dudc goi 1a géc gitta dudng thing d va mat phang (Q).

b) CAK la géc phéng nhi dién ctia géc nhi dién [C,AB,K].

¢) Mit phang nghiéng c¢6 d6 dai khoang 1,73 m.

d) Biét chiéu rong ctia mat phang nghiéng dang st (j/_u_ng la 1 m, khi do6 sin
5

ctia géc gitta duong thang BC va mat phang (Q) la -
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Cdau 2. Cho hinh chép S.ABCD c¢6 day
ABCD la hinh vudng canh «a, tam giac SAD
déu va ndm trong mat phang vuéng géc
v6i mat day (ABCD). Goi H, M lan luct 1a
trung diém ctia cac canh AD va AB.

a) (SC,(ABCD)) = SCH.

b)S6 do cha géc nhi dién

[((ABCD),CD, (SCD)] bang 90°.
c¢) cosin clia goc gitta hai mét phéng

(SBC) va (ABCD) bang ?
d) (SMD) L (SHC).

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Céu 1. Cho hinh ling tru ti giac déu ABCD.A’B'C'D’ ¢6 canh day bang 2. Goi M,
N, P lan ludt 14 trung diém cta AD, DC, A'D'. Tinh d((MNP),(ACC")) (lam tron
két qud dén hang phan tram). KQ:[ [ [ 1]

Cé&u 2. Cho khdi ling tru ABC.A’B'C’ ¢6 day ABC la tam gidc vudng tai A, AB =a,
BC = 2q. Hinh chiéu vuéng géc ctia dinh A’ 1én mét phang (ABC) 1a trung diém
H cta canh AC. Géc gitta hai mit phang (BCB'C') va (ABC) bang 60°. Thé tich

< N kv'k p P
khoi lang tru da cho bang L—cﬁ, trong do k, m la cac so tu nhién nguyén to cung
m
nhau. Tinh gi4 tri biéu thic m — k. KQ:[ [T 1]

Céu 3. Cho hinh chép S.ABCD ¢6 day ABCD la hinh vuéng. Goi H, K lan lugt
12 trung diém ctia AB, AD. Biét SH | (ABCD). Géc giita hai duong thang BK, SC
béng bao nhiéu do6? KQ:[ [ [ 1]

Céu 4. Trong mot khoang thoi gian dau ké tit khi cat canh, may bay bay theo
mot duong thang. Géc cat canh ciia may bay 1a géc gitta dudng bay va mit phang
nam ngang ndi cat canh. May bay cat canh va bay thang véi van toc 210 km/h
v6i géc cat canh 12°. Sau 2 phut ké tit khi cat canh, do cao cia may bay so véi
mat dat 1a bao nhiéu mét (1am tron dén hang don vi).

KQ:[ [ [ 1]

PHAN 4. Ty luan.

Cau 1. Cho hinh chép S.ABC c6 SA L (ABC). Goi H 1a hinh chiéu ctia A trén BC.
a) Chiing minh rang (SAB) L (ABC) va (SAH) L (SBC).

/3

— 3 4
b) Gia sit tam gidc ABC vuong tai A,ABC = 30°,AC = a,SA — “T Tinh sb do
cua goc nhi dién [S,BC,A].
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Céu 2. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh vuéng canh a, SA = a2 va
SA L (ABCD). Goi M, N lan lugt 12 hinh chiéu vudng géc ctia dinh A 1én c4c canh
SB va SD. Tinh géc giita duong thang SB va mat phang (AMN).

Céu 3. Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Tinh khoang cach
tir diém A t6i mat phang (A’BD).

Cau 4.

Cho hinh chép déu S.ABCD cé day canh a va
chiéu cao SO = 2a. Goi M, N, P, Q lan ludt 1a
trung diém cta SA, SB, SC, SD. Tim a biét rang
thé tich khéi chép cut déu ABCD.MNPQ bang
1008 (don vi thé tich).

— Hét—
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s.DESO 9

PHAN 1. Cau tréc nghiém nhiéu phuong @n lua chon

Cau 1. Cho lang tru ding ABC.A'B'C’ ¢6 day ABC la tam B
giac vuong tai B, ¢c6 AC = a+/3, canh bén AA’ = 3a. Géc

giita duong thang A’C va mat phang (ABC) bang 4 i ¢
A. 45°. B. 90°. C. 60°. D. 30°. i
Bl
/)\ NG \\\
A e

Cau 2. Cho tit dién S.ABC c¢6 ABC 1a tam gidc can tai C, SA L (ABC). Goi H, K lan
ludt 14 trung diém ctia AB, SB. Khéng dinh nao sau day la sai?
A.AK 1 SB. B.CH 1 AK. C.CH 1 SB. D.CH 1 SA.

Céu 3. Cho hinh lap phuong ABCD.A'B'C'D', goi H 1a hinh chiéu ctia B 1én A'C.
Géc phang nhi dién [B,A’C,D] la
A. BHD. B. BCD. C. BA'D. D. BAD.

Cdu 4. Cho hinh chép S.ABC c6 day ABC la tam giac vudéng can tai B va AB = 2a.
Tam gidc SAB déu va ndm trong mat phang vudéng géc véi day. Tinh thé tich v
ctia khoi chép S.ABC.

33 3V3 33 2433
Av=2YV3 B.y— V3 c.v—V3 D.y = 2V3

4 3 12 3
Cau 5. Cho hinh chép S.ABC c¢6 day la tam giac khong vuong, SA | (ABC) va H
12 hinh chiéu vudng géc cta S 1én BC. Hay chon khéng dinh dung.

A. BC 1 AB. B. BC L SC. C. BC L AH. D. BC L AC.

Céu 6. Cho khdi chép tam gidc déu S.ABC biét AB = a va SA = 2a. Tinh chiéu cao
ctia khoi chép S.ABC.

av/33 av/33 av/141 a6
9 ° 3

AV= B.V= C.v= D.V=—-.

6 3

Cdau 7. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuoéng tam O, canh a. Canh
bén SA vuong goc vdi day, goc SBD = 60°. Tinh theo a khoang cach gitta hai duong
thang AB va SO.

A2, B. V0 .3 D.%Y3

2 4 3 5

Céu 8. Cho hinh chép déu S.ABC c¢6 ABC 1a tam giac déu canh «, canh bén SA =
av?2

6

A. 30°. B. 45°. C. 60°. D. 90°.

1 2 N
. Gia tri goc o gitta hai mat phang (SBC) va (ABC) bang
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Céu 9. Cho hinh 1ap phuong ABCD.AB,C,D,. Géc gitta hai dudng thang AC va
DA, bang

A. 60°. B. 90°. C. 45°. D. 120°.
Cau 10. Cho ti dién S.ABC c6 day ABC la tam giac vudng tai B va SA vudng goc
v6i mat phang (ABC). Goi M, N 1an luct 14 hinh chiéu vudng géc ctia A trén canh
SB va SC. Khang dinh nao sau day sai?

A.AM 1 SC. B. AM 1 MN. C. SA 1L BC. D. AN 1 SB.
Céu 11. Cho hinh ling tru ding ABC.A’B'C’' ¢6 day ABC la tam giac déu canh
a va A’'A = 2a. Goi M 1a trung diém ctia A’A. Khoang céach tit M dén mat phang
(AB'C) bang

\/ﬁa \/ga 2\/§a 2\/ﬁa
A. TE B.T. C. 5 D. 9

Cau 12. Cho hinh chép S.ABCD c¢6 SA vudng goc véi
miét phang (ABCD), day ABCD la hinh vuong. Ménh
dé nao sau day 1a dung?

A. SA | SB. B. SC 1L BD.

C. SB L SD. D. SA 1 SC.

PHAN 2. Céu fréc nghiém ding sai

Cau 1.

Kim tu thap Cheops 1a kim tu thap 16n nhéat
trong cac kim tu thap 6 Ai Cap, dudc xay dung
vao thé ki thi 26 truée Cong nguyén va 1a mot
trong bay ki quan cta thé gidi ¢6 dai. Kim tu
thap c6 dang hinh chép véi day la hinh vuong co
canh dai khoang 230m, céic canh bén bang nhau
va dai khoang 219m (kich thuéc hién nay). Kim
ti thap Cheops dudc mdé phong béi hinh chop
S.ABCD véi O 1a giao diém ctia hai dudng chéo AC
va BD nhu hinh bén duéi. (Theo britannica.com).

a) Goc tao bdi canh bén SC va canh day AB cta kim tu thép (gan diung) la
48,3°.

b) Puong thang SO vudng géc véi mat phang day (ABCD).

¢) Puong thang SO vuong géc canh day AB va BC.

d) Biét rang d6 dai SO chinh la chiéu cao ca kim ti& thap Cheops, ta tinh
dudgc SO ~ 146,67m.
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Cau 2. Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang vudéng tai A va B,
SA L (ABCD); SA = a; AB = BC = a; AD = 2a.
a) Khoang cach ti diém D dén canh BC 1a aV/2.
b) Khoang cach tit diém A dén (SBC) 1a a.
. L1 s 3R £ L avo
c) Khoang cach tu diém A den (SCD) la %.

d) Khoang céch giita hai duong thing AC va SD 1a “Tﬁ

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Cho hinh chép S.ABCD c¢6 day la hinh vuong, canh SA vuong géc véi day,
géc gitta dudng thing SB va mit day bang 60°. Goi M, N, P 1an lugt 1a hinh chiéu
vudng géc cua A 1én cac duong thang SB, SC, SD, khoang cach giita hai dudng
thang MN va BD bang 3v/2. Tinh thé tich khéi chép S.ABCD (két qud lam tron
dén hang don vi). KQ:[ [ [ 1]

Céu 2. Mot hop phan khéng bui ¢6 dang hinh hop chit nhat, chiéu cao hép phan
bang 8,2 cm va day ctia né c6 hai kich thuée 1a 8,5 cm, 10,5 cm (xem hinh vé sau).
Tim géc phang nhi dién [A,B'D’,A’] (tinh theo dd, 1am tron két qua dén hang
phan chuc).

KQ:[ [ [ 1]

) >}
/
/

8,2 cm
S
r
|
|
|
|
\\
/
&

g

Cau 3. Cho hinh chép S.ABCD c¢6 day ABCD la hinh chtt nhat, canh bén SA |
(ABCD). Biét SA =3, AB=2, AD = 3. Goi « 1a géc giita SA va mit phang (SBD).
Tinh sina (1am tron két qua dén hang phan tram).

KQ:[ [ [ []

Cdau 4. Mot cay cot co cao 2,2m & san truong dude xay theo phuong thang ding
so véi mét san. Ngudi ta dung mot soi day cot ti dinh cot co dén mot diém dudi
san va chiéu dai cta day 1a 3m. Gia s day dudc kéo thang va khong co dan. S6
do géc (theo d6) tao béi soi day va mat san 1a bao nhiéu? (1am tron két qua dén

hang don vi)

KQ:[ [ [ 1]

= GV: NGO bUC TAI @ Trang 73/118




B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

PHAN 4. Ty luan.

Cdau 1. Cho hinh ling tru tam gidc déu ABC.A'B'C’' ¢6 AB = a, géc gitta duong
thang A’C va mat phang (ABC) bang 45°. Tinh thé tich khéi ling tru ABC.A’B'C'.

Cau 2. Cho hinh chép S.ABCD c6 day 1a hinh thang vuong tai A va D, AB =2AD =
2CD = 2. Biét SA L (ABCD), SA = 3. Tinh dién tich hinh chiéu vudng géc ctia tam
giac SBC 1én mat phang (SAB).

Céu 3. Mot vat trang tri c¢6 dang hinh chép S.ABCD dudc ngén lam hai phan
chtia keo va banh. Biét rang hinh chép cé day ABCD la hinh vuéng canh 1 m,
SA = /3 m. Hai mat phang (SAB) va (SAD) cung vudng géc véi mat day. Goi (o)
12 mat phang qua AB va vudng géc véi mat phang (SCD) 1a mit phang ngin cach
hai phan nay, trén dé ta dit mot miéng van gb sao cho cac canh cia miéng van
nam trén cac canh cta khoi chép. Tinh dién tich ctia miéng van gb d6 (lam tron
két qua dén hang phan tram).

— Hét—
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T. DESO 10

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Cho hinh chép ti gide déu S.ABCD c6 canh day bang a, tAm cua day 1a O.
Goi M va N lan ludt 1a trung diém ctia SA va BC. Biét géc giita dudng thang MN
va mit phang (ABCD) bang 60°. Thé tich khéi chép S.ABCD bang

A V10 B, V30 c. “V30. p, “V10.

6 2 6 3

Céu 2. Cho hinh chép S.ABCD cé day ABCD la hinh chit nhat, tam giac SAB déu
va nam trong mét phang vudng géc véi day. Goi H, K 1an lugt 1a trung diém caa
AB,CD.
Géc phang nhi dién [S,AB,K] 1a

A. SHK. B. SAK. C. SAC. D. SAD.

Cau 3. Cho hinh chép S.ABC c6 day la tam gidc déu canh g, cdc mit bén (SAB)
va (SAC) cung vudéng goc véi mat day, SA = g. Géc gitta hai mat phang (SBC) va
(ABC) bang

A. 60°. B. 30°. C. 45°. D. 90°.

Cdu 4. Cho lang tru diung ABC.A'B'C’ ¢6 day ABC la tam giac vudng can tai A,
3

£ . , e 1 S 6 ., .. D
AB = a. Biet thé tich ctia khoi lang tru ABC.A’B'C’ bang a o Goc gitta hai mat
phéng (A’BC) va (ABC) bang

A. 30°. B. 90°. C. 60°. D. 45°.

Céu 5. Cho hinh chép S.ABC cé day la tam gidc déu canh a. Biét SA = a\/3 va
SA vudng géc véi mat phang (ABC). Khoang cach tit diém S dén duong thang BC
bang

av15 b av'15

5 T
Cdu 6. Cho ti dién OABC c¢6 OA, OB, OC d6i mot vudng géc va OB = OC = a/6,
OA = a. Tinh g6c nhi dién [A,BC, O]

A. 60°. B. 30°. C. 45°. D. 90°.

A. a\/3. B. a. C.

Céu 7. Cho hinh hop chit nhat ABCD.A'B'C'D’, BC = a, AC = 2a, A'A = a\/3. Tinh
géc giita méit phang (BCD'A’) va mat phang (ABCD).
A. 30°. B. 45°. C. 60°. D. 90°.

Cau 8. Cho hinh chép S.ABCD c¢6 day la hinh vuéng canh a, SA vudng goc véi
day, SA = a. Khoang cach giita hai dudng thang SB va CD la
A. a\/3. B. a\/2. C. 2a. D. a.
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Céau 9.

Ban Khang muén dung mét chiéc 1éu nhé c¢6 dang hinh
chép (tham khao hinh vé) trang tri cho sinh nhat em
trai. Mat day caa chiée 1éu c¢6 kich thude 1a 120 x 160
cm. D€ dung dudc 1éu ¢6 chiéu cao 150 cm thi ban Khang
can chuén bi bon thanh gb dung khung c6 chiéu dai t6i
thiéu bao nhiéu? Biét rang cac thanh gb c6 khoang cach
tit chan dén dinh léu bang nhau.

A. 3011 cm. B. 50v/11 cm.
160 cm
C. 50/13 cm. D. 30v/13 cm.

Céu 10. Cho hinh lang tru déu ABC.A’B'C’ ¢6 AB = a. Goi M, N lan ludt 1a trung
diém ctia AB va BC. Khoang cach giita MN va mat phang (ACC'A’) bang
A Y3 B, > c. 22 D. %2,
4 2 4 2
Cdau 11. Cho khéi ti dién OABC c6 cac canh OA, OB, OC d6i mét vuong géc véi

nhau va OA = a, OB = b, OC = ¢. Thé tich cta khéi tit dién OABC bang

AV = %abc. B.V = éabc. C. V = 3abc. D.V =abc.

Céu 12. Cho khéi hop ABCD.A'B'C'D’ ¢6 ddy ABCD 14 hinh thoi canh 2a, ABC =
120°, AA’ = a\/2 va géc giita AA’ va mat phang (ABCD) bang 45°. Thé tich khéi
hép bang bao nhiéu?

A. d. B. V3d°. C. 4v/3d°. D. 2\/34°.

PHAN 2. Céu fréc nghiém ding sai

Cdau 1. Pai Kim tu thap Giza ¢6 dang la mo6t hinh
chop ti giac S.ABCD, c6 day 1a hinh vudng canh dai
230 mét, hinh chiéu caa dinh trén méit phang day
trung véi tam cua hinh vuéng day va cé chiéu cao
146 mét. Goi O la chan duong cao caa Kim tu thap.

a) Canh ctia Kim tu thép tao véi day mét géc gan bang 42°. (két qua lam tron
dén hang don vi).

b) Goi I 1a trung diém canh CD, géc gitta SI va mat day cta Kim tu thap gan
bang 52° (két qua 1am tron dén hang don vi).

¢) Goéc giita duong thang SO va mat phang (SCD) gan bang 48° (két qua lam
tron dén hang don vi).
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d) Tia nang mat troi in bong ctia dinh Kim tu thap trén mat dat, cach chan
kim tu thap 93 mét. Khi d6, géc giita tia ning va mit dat gan bing 35°.(két
qua lam tron dén hang don vi).

Céu 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi tam O, duong thang SO

, ) 6
vudng géc véi mit phing (ABCD). Biét AB = SB = a, SO = “T Khi d6
a) AC L (SBD). b) ((SAC), (SBD)) = 60°.
2ay/3
c) BD = af. d) (SAB) L (SAD).

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Cho lang tru ding tam giac ABC.A’B'C’ ¢6 day ABC la tam giac vuéng can
tai B. Cho AB = a, AA’ = a+/3. Tinh s6 do géc giita hai mit phang (A’BC) va (ABC)
theo don vi do. KQ:[ [T 1]

Cdau 2. Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat tam O, SA vudng
géc v6i mat phang (ABCD). Biét AB = 10, AD = 20, SA = 10v/5. K& AM vudng goc
v6i SB tai M. Tinh khoang cach tit diém M dén mit phang (SAC) (két qua lam
tron dén hang phan tram). KQ:[ [ [ 1]

Cau 3. Trong ctta s6 6 hinh bén, canh va khung cita 12 cac -
ntta hinh tron c¢6 dusng kinh D = 100 cm, ban 1é dugde gin
6 diém chinh gitta O ctia cic cung tron khung va canh cta.
Khi ctta md, duong kinh ctia khung va duong kinh ctia canh -
song song v6i nhau va cach nhau mét khoang d (cm); khi

ctta dong, hai duong kinh d6 trung nhau. Hay tim khoang
cach d 16n nhat dé géc nhi dién tao béi canh va khung ciia
khong vugt qua 60°.

Cau 4. Mot may nubéc nong st dung
nang lugng mat troi cé cac kich thudc
nhu hinh duéi day. Céac 6ng hap nhiét
chan khong d6 tao v6i mat san thugng
mot géc biang bao nhidu do (1am tron két

qua dén hang don vi)?
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PHAN 4. Ty luan.

Céu 1. Cho hinh chép S.ABCD cé day ABCD 1a hinh chit nhat ¢c6 AB=a, AD =av/2,
SA 1 (ABCD) va SA = 2a.

a) Tinh cosin géc giita hai duong thang BC va SD.
b) Goi I 1a trung diém ctia CD. Tinh cosin géc gitta hai dudng thang SB va Al.

Cadu 2. Cho hinh lap phuong ABCD.A’B'C'D’ tam O. Goi I 1a tdm cta hinh vudng
A'B'C'D’ va M 1a diém thudc doan thang OI sao cho MO = 2MI. Tinh césin ciia
géc tao bdi hai méit phang (MC'D') va (MAB).

Céu 3. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh bang 10. Canh
bén SA vudng géc véi mat phang (ABCD) va SC = 10+/5. Goi M, N lan luot 1a trung
diém ctia SA va CD. Tinh khoang cach d gitta BD va MN.

— Hét—
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U.DESO 1

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Trong dé kiém tra 15 phit mén Toan caa 16p 11A c6 20 cAu trac nghiém.
M5i cau trac nghiém c6 4 phuong an tra 16i, trong d6 chi c6 mot phuong an tra
16i dung. Nam giai chic chin ding 10 cau, 10 cau con lai lua chon ngau nhién
dap an. Tinh xéac suit d&€ Nam dat dugc dung 8 diém. Biét rang mdi cau tra 16i
diang dude 0,5 diém, tra 18i sai khong bi trit diém.

~ () ()"
e (3 ()" SORON

Céu 2. Lép c6 40 hoc sinh gom 16 nam va 24 nit. Thay gido ch nhiém can chon
ngau nhién trong 16p mot nhém gom 3 hoc sinh dé tham gia van nghé ki niém
ngay thanh lap trusng. Tinh xdc suit nhém thay chon dugc cé it nhat 2 hoc sinh
i 55 6
193 2 253 161
EYEL B. 35" C. 735" D. Yot

Cau 3. Mot 16p hoc ¢6 30 hoc sinh, trong dé ¢6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngiu
nhién mét hoc sinh. Xéc suat ban hoc sinh dudc chon khong thich choi mon thé
thao ri\ao la ; ; |

A. 10 B. 5 C. 30° D. 15
Cau 4. Mot t6 trong 16p 12CT c6 4 hoc sinh nit 1a Giang, Thanh, Thao, Anh va
5 hoc sinh nam 1a Son, Tung, Hoang, Tién, Hai. Trong gio hoc, gido vién chon
ngau nhién mot hoc sinh trong t6 d6 1én bang dé kiém tra bai. Xét cac bién cb:
H: “Hoc sinh d6 1a mot ban nt”.
K: “Hoc sinh d6 c6 tén bat dau bang chit T”.
Néu néi dung ctia bién ¢ hgp H hop K.

A. “Giang”.

B. “Tung, Tién, Thao”.

C. “Tung, Tién, Giang, Anh, Thanh, Thao”.

D. “Giang, Thanh, Thao, Anh”.
CAu 5. Cho A va B 12 hai bién cb doc lap. Biét P(4) = 0,4 va P(B) = 0,5. X4c suat
ctia bién c6 AUB la

A.09. B.0,7. C.0.5. D.0,2.
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Céu 6. Gieo mot dong tién can doi va dong chat lién tiép 3 lan. Tinh xac suat

ctia bién cb A “It nhAt mot 14n xuét hién mat sip”.
1 3 7 1

A.P(A) = > B.P(A) = g C.PA) = g D.P(A) = T
Céu 7. Mét hop c6 12 chiée thé cung loai, méi thé dudc ghi mét trong cac s6 tu
nhién, hai thé khac nhau thi ghi hai s6 khac nhau. Rat ngau nhién 1 chiéc thé
trong hop. Xét bién cb A: ”S6 xuat hién trén thé dudc rit ra la sé chia hét cho 3¢
va bién cb B: “S6 xuat hién trén thé dugdc rat ra 1a sé chia hét cho 4”.
Bién c¢6 A hop B dudc phat biéu nhu sau:

A. “S6 xuat hién trén thé 1a s6 viza chia hét cho 3 viza chia hét cho 4”.

B. “S6 xuat hién trén thé 1a s6 chia hét cho 3 hoic chia hét cho 4”.

C. “S6 xuat hién trén thé 1a sb chia hét cho 12”.

D. “S6 xuat hién trén thé 14 sb chia hét cho 7”.

Céu 8. Gieo mét con xuc xac can déi va dong chat. Goi A 14 bién ¢6 “Sé6 chadm
xuat hién trén con xuic xac 1a mot sé chan”, B 1a bién cb “S6 chAm xuét hién trén
con xuc xac chia hét cho 3”. Tap hop mo ta bién cb AB 1a

A. {2;3;4;6}. B. {2;4;6}. C. {3;6}. D. {6}.

Cau 9. Gieo hai con xtic xac can doi va dong chat. X4c suat ctia bién co “Tong

s0 cham xuat hién trén hai con xuc xac chia heéet cho 5” la

5 1 7 2
A. 6 B. & C. % D. 5"
Céu 10. Trong mot 16p hoc gom 15 hoc sinh nam va 10 hoc sinh nit. Gido vién
goi ngau nhién 4 hoc sinh 1én giai bai tap. Xéac suat dé 4 hoc sinh dude goi d6 ¢
@ n‘2151119\’%1 nitla 442 443 219
" 533" B. 206" C. 306" D. 3
Cdu 11. Hai ngudi doc lap nhau ném béng vao ré. Moéi ngudi ném vao rd cia
minh mét qua béng. Biét rang xdc suit ném béng triung vao rd cla ting nguvi

. N 1 N 3 . RS A w2 R . - . N 2 59 .
tuong ing la — va = Goi A la bién co: “Ca hai cung ném boéng trung vao ro ”. Khi

3
do, xac suat cua bien co A 1a bao nhiéu?
1 1 1 3
A. - B. -. . —. D. -.
3 7 C 21 7
Cdu 12. Cho A, B 1a hai bién cb doc 1ap. Biét P(A) = 0,5; P(AB) = 0,2. Tinh P(AU
B).
A.04. B. 0,9. C. 0.6. D.0,7.

PHAN 2. Céu fréc nghiém ding sai
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Cdau 1. Hai ban Y va Q méi ban chon ngiu nhién mét sé6 nguyén duong cé mot
chit s6. Khi d6 A
a) X4c suat dé ban Y chon dudc s6 1a s6 chan 1a 5

b) X4c suit dé€ ban Q chon dudc s6 14 s6 1é va chia hét cho 3 1a

¢) Xac suat dé hai ban Y va Q chon dudc hai sb gibng nhau la

On ©.| Q| =

2 A g . N . A s - N A < N 56

d) Xac suat dé hai ban Y va Q chon dudc hai so c¢6 tich 1a mét so chan la TR
Cdéu 2. Trong dé kiém tra 15 phat mén Toan c¢6 20 cau trac nghiém. Mbi cau
trac nghiém c6 4 phuong an tra 16i, trong d6 chi ¢6 mét phuong an tra 16i dung.
Binh giai chac chan ding 10 cau, 10 cau con lai lua chon ngiu nhién dap an.
Biét rang mdi cau tra 16i dung dugdc 0,5 diém, tra 16i sai khéng bi tri diém. Céc
khéng dinh sau day, khéng dinh nao ding, khing dinh nao sai?

a) Binh chic chin dugc 5 diém.

A r n s s Ap A 1s D
b) Xac suat tra loi sai 6 mot cau la T
1 3

6 4
¢) Xac suat dé Binh dat ding 8 diém la (Z) - (Z) .

d) X4c suat dé Binh dat dudc tit 9 diém trd 1én nhé hon 0,0004.

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cdu 1. Hai ban An va Binh cung tap ném béng ré6 mot cach doc lap 6 hai nira
san khac nhau. X4c suit ban An va ban Binh ném béng vao ré lan lugt 14 0,6 va
0,9. Trong cung mét lan ném, tinh xac suat c6 it nhat mot ban ném béng vao ro.
KQ[[[]]

Cdu 2. Rat ngiu nhién 1 1a bai tit bo bai tay 52 1a. Tinh xac suit ca bién cb
“Léa bai dudc chon ¢6 mau den hodc 14 d6 c6 sb chia hét cho 3”(1am tron dén hang

phan tram). KQ:[ [ [ []

Cau 3. Mot hop dung nhiéu qua cau véi nhiéu mau sic khac nhau. Nguoi ta 1ay
ngau nhién mét qua cau tit hop dé. Biét xac suat dé 1ay dude mot qua cau mau
xanh tit hop bang 5 xac suat dé lay dudc mét qua cau mau d6 ti hop biang 2
Goi A 1a bién ¢b “Lay dudc mot qua cau mau xanh” va B 1a bién c6 “Lay dudc mot
qua cau mau d6”. Tinh xac suat dé lay dudc mot qua cau mau xanh hodc mot
qua cau mau d6 ti hop (1am tron dén hang phan tram). KQ:[ [ [ 1]
Céu 4. Mot hop chita 3 qua béng xanh va mét s6 qua béng d6 c6 cung kich thudce
va khéi luong. LAy ra ngiu nhién 2 qua béng tit hop. Biét rang xac suit cta bién
cdb “Lay dudc 2 qua béng dd ” gap 5 lan xac suit cta bién ¢6 “Lay dude 2 qua

béong xanh ”. Tinh xac suat ctia bién co “Lay dudc 2 qua bong c6 cuing mau ”.

KQ:[ [ [ 1]
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PHAN 4. Ty luan.

Céu 1. Hop thi nhét chia 3 tAm thé cung loai dude danh s6 1an ludt tix 1 dén 3.
Hop thi hai chita 5 tAm thé cung loai duge danh s6 lan lugt tit 1 dén 5. Lay ra
ngau nhién tit m6i hop 1 thé. Goi A 1a bién ¢b “Tong cac sb ghi trén 2 thé bang
6”, B 1a bién cb “Tich cac sb ghi trén 2 thé 1a s6 18”.

a) Hay viét tap hop mo ta bién cb AB va tinh P(AB).
b) Hay tim mot bién cb khéac réng va xung khic véi ca hai bién cb A va B.

Céu 2. Pé nghién citu moi lién quan gitia théi quen hut thube 14 véi bénh viem
phéi, nha nghién citu chon mét nhém 5000 nguvi dan 6ng. V6i mobi ngudi trong
nhém, nha nghién ciu kiém tra xem ho ¢6 nghién thubc 1a va cé bi viém phéi
hay khong. Két qua dudc théng ké trong bang sau:

Viém phoi | Khong viém phai
Nghién thube 14 752 nguoi 1236 nguoi
Khong nghién thubc 14 | 575 nguosi 2437 ngudi

Tut bang thong ké trén, hay ching té rang viéc nghién thubdc 14 va méac bénh
viém phoi c6 lién quan véi nhau.

Céu 3. Trong thu vién c6 3 quyén sach toan, 3 quyén sach 1y, 3 quyén sach héa,
3 quyén sach sinh. Biét cac quyén sach cung mon giéng nhau. Xép 12 quyén sach
trén 1én gia thanh moét hang sao cho khong cé 3 quyén nao cung mén ding canh
nhau. Héi c¢6 tit ca bao nhiéu cach xép?

— Hét—
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V. BE s 2

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Cho hai bién cb A, B; bién c6 giao cia hai bién ¢6 A, B ky hiéu la
A.A\B. B. B\ A. C.AUB. D.ANB.

Cdu 2. Mot truong c¢6 50 em hoc sinh gidi trong dé ¢6 5 cap anh em sinh déi.
Can chon ra 3 hoc sinh trong s6 50 hoc sinh dé tham gia trai he. Tinh xac suét

trong 3 em 4y khong c6 cip anh em sinh d6i nao.
102 48 97 242
“ 545" B. 29° C. 08" D. 245"
Céu 3. Mot hop dung 25 tAm thé cung loai dudc danh sb ti 1 dén 25. Rit ngau
nhién mot tam thé trong hop. Xét cac bién s6 P: “S6 ghi trén tAm thé 1a sb chia
hét cho 4” va Q: “S6 ghi trén tam thé 1a sb chia hét cho 6”. Noi dung ctia bién cb
giao PQ la gi?
A. {3;6;9;12;15;18;24}. B. {1;2;4}.
C. {12;16;20;24}, D. {12;24}.

Cdu 4. Hai nguoi doc lap nhau ném béng vao ré. Mbi ngusi ném vao ré caa
minh mot qua béng. Biét ring xac sudt ném béng tring vao ré caa ting ngudi
tuong ung la % va 7 Goi A 12 bién cb: “Ca hai cung ném béng trung vao ré ”. Khi
d6, xac suat cta bién c¢b A 1a bao nhiéu?

1 1 1 3
Ao g. Bo ?. Co ﬁ. Do ?.

Cau 5. Gieo hai con xiic xac can déi va dong chat. X4c suat cia bién co6 “Tong
s0 cham xuat hién trén hai con xuc xac chia heéet cho 5” la

5 1 7 2
A. 6 B. 6 C. e D. 9"
Cdu 6. Néu A va B 1a hai bién cb thi P(AUB) bang
A.P(A)+P(B)—P(ANB). B. P(A)—P(B) —P(ANB).
C.P(A)-1P(B)—P(ANB). D.P(A)-P(B)+P(ANB).

Cau 7. Mot 16p hoc ¢6 30 hoc sinh, trong d6 ¢6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngiu
nhién mot hoc sinh. X4c suat ban hoc sinh dudc chon khong thich choi mon thé

thao nao la
3

A L. B.>. c. L. D. L.
10 5 30 15
Cau 8. Mot hop chita 6 qua cau trang va 7 qua cau den. Ly ngiu nhién dong
thoi bén qua trong sb d6. Xac suat dé cé it nhat mot qua cau trang bang

A B. 120 c. 13 p. 3¢
143 143 24 143
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Céu 9. Xét phép thit “Ban thi nhat gieo dong xu, sau d6 ban thi hai gieo con
xuc xac”. Goi A 1a bién ¢b “Pong xu xuit hién mit ngtia”, B 1a bién ¢b “Con xtc

xac xuat hién mit 4 cham”. Tinh x4c suat ctia bién co AB.

1 1 1 5
A. - B. -. .= D. —.
3 6 ¢ 2 12

Cau 10. Lép 11A8 truong THPT X ¢6 25 hoc sinh nam va 20 hoc sinh nit. Chon
ngau nhién dong thoi hai ban tit 16p nay dé tham du cudc hop ctia trusng. Tinh

xac suat chon dudce hai ban c6 cung giéi tinh dé di du cudc hop.
A D B. 0 c. . D. 2.
99 33 99 99
Céu 11. Hai ban Hung va Hai cung tham gia cudc thi toan cap thanh phé. Biét
rang hai ban khong thi 6 cung mét phong va méi phong chi ¢6 mot thi sinh dude
chon vao vong chung két. Xac suat vao vong chung két cia Hung va Hai 1an lugt
12 0,4 va 0,5. Tinh xac suat dé ca Hung va Hai cung vao vong chung két.

A.0,75. B. 0,25. C.0,2. D. 0.9.

~ . « A A g <A 2 1 . , . s
Cau 12. Cho C, D la hai bien co xung khac. Biét P(C) = 5 P(D) = c Khi d6 gia
tri cha P(CUD) la

A~ B.
10

7 17
.. D. —.
¢ 15 30

W | =

PHAN 2. Cau tréc nghiém diing sai

Cdu 1. Ca hai xa tha cung ban vao bia. Xac sudt ngudi thi nhat ban tring bia
12 0,8; ngudi thi hai ban tring bia 1a 0,7. Khi d6 xac suat dé:
a) Nguoi thi nhat ban tring va nguoi tht hai bang khéng tring bia bang
0,14.
b) Nguoi thi nhit ban khéng tring va ngudi thi hai ban tring bia bang 0,14.
¢) Hai ngudi déu ban tring bia bing 0,56.
d) Cé6 it nhat mot ngudi ban trung bia bang 0,94.

Cdéu 2. M6t nha sach ban hai loai sach 7 va II. Theo théng ké cho thay c¢6 60%
s6 nguoi mua loai sach 7, 70% s6 ngudi mua loai sach I7 va c¢6 50% s6 ngudi mua
ca hai loai sach trén. Chon ngiu nhién mot ngudi mua. Xét bién cb A: “Nguoi
dé mua loai sach /”va B 1a bién c6: “Ngudi d6 mua loai sach /7”. Xét tinh Pung -
Sai cta cac khang dinh sau:

a) P(A) =0,6 va P(B) =0,7.

b) “Nguoi d6 mua it nhat mét trong hai loai sach” 1a bién ¢c6 ANB.

¢) Xac suat nguvi d6 mua it nhat mot trong hai loai sach 14 0,9.

d) X4c suat ngudi d6 khong mua hai loai sach trén 14 0,2.

PHAN 3. Cau tréc nghiém tr& 15 ngdn.
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Céu 1. Mot chiée may c6 hai déng co I va II chay doc 1ap nhau. Xac suat dé dong
c6 I va II chay tot lan luot 14 0,8 va 0,7. Tinh xac suat dé it nhat mot dong co

chay tot. KQ:[ [ [ 1]

Cdéu 2. Hai van dong vién mén quan vot A va B thi dau tran chung két mot giai
Grand Slam. Tay vot nao thang 3 hiép truée thi thing tran. Trong méi hiép dau,
xéc suat dé A thang 14 0,3 va dé B thang 14 0,7. Tinh xéc suat dé A thang tran
chung két d6 (lam tron dén hang thi 3 sau dau phdy). KQ:[ [ T 1]

Céu 3. Chon ngiu nhién 2 dinh trong s6 20 dinh ctia mot da giac déu 20 canh.
Tinh xac suat cta bién cb6 A “2 dinh dudc chon 1a dudng chéo cta da giac” (lam
tron dén hang phan tram). KQ:[ [ [ 1]

Céu 4. Thanh c6 4 tam thé dudc danh sb6 1, 3, 4, 7. Thanh 14y ra 3 trong 4 thé va
xép ching thanh mét hang ngang mét cach ngau nhién dé tao thanh mét sb c6
3 chit s6. Tinh xac suit cta bién cb A: “S6 tao thanh chia hét cho 2 hodc 3 ” lam
tron két qua dén hang phan tram). KQ:[ [ [ 1]

PHAN 4. Tu luan.

Céu 1. Mot hop dung 9 tam thé cung loai dudc ghi sb tit 1 dén 9. Rit ngau nhién
dong thoi hai tAm thé tit trong hop. Xét cac bién cb sau:

A: “Ca hai tam thé déu ghi s6 chan”;

B: “Chi c¢6 mét tdm thé ghi s6 chan”;

C: “Tich hai s6 ghi trén hai tAm thé 13 mot s6 chan”.
a) Chiing minh ring C = AUB. b) Tinh P(C).

Céu 2. Trong mét chiéc hop c6 20 vién bi ¢é cung kich thudc va khéi lugng,
trong d6 c6 9 vién bi mau do, 6 vién bi mau xanh va 5 vién bi mau vang. Lay
ngau nhién dong thoi 3 vién bi. Tim xac suat dé 3 vién bi lay ra c6 ding hai

mau.

Céu 3. Trong ngay hoi STEM tai mét trusng THPT, ban Tri hoc 16p 11T da thiét
ké san pham la bang diéu khién dién t& mé ctta phong hoc 16p minh. Bang gom
10 nit, méi nut duge ghi s6 tit 0 dén 9 va khong c6 hai niut nao dude ghi cung
mot s6. PE mé cita can nhén 3 nat lién tiép khac nhau sao cho 3 sb trén 3 nut
theo thit tu da nhan tao thanh mét day s6 tang dan tit 0 dén 9 va c6 tong 1a 10.
Ban Tué ciing hoc 16p 11T chi nhé duge 1a day sé ting nén nhan 3 nit lién tiép
khéac nhau. Biét rang néu bam sai hai 1an lién tiép clra sé tu dong khéa lai va
khong thé mé dude nita. Tinh xac suat dé ban Tué md dudce ctta phong hoc dé.

—Hét—
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W. BE SO 3

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Mot hop chia 22 tAm thé cung loai dudc danh sb lan lugt tir 1 dén 22.
Chon ra ngiu nhién 1 thé tit hop. Goi A 1a bién c6 “S6 ghi trén thé dudc chon
chia hét cho 27, B 14 bién cb “Sb ghi trén thé dude chon chia hét cho 3”. X4c suét

ca bién c6 AB bang
3 7 1 7
Ao ﬁ- Bo ﬁ- C. 5- Do ﬂ.
Céu 2. Lay ra ngiu nhién 2 qua béng tit mot hop chita 5 qua béng xanh va 4
qua béng d6 c6 kich thudc va khéi lugng nhu nhau. Xac suét cta bién c6 “Hai

qua bong lay ra c6 cung mau” la

1 2 4 5
A. 5 B. 5 C. 9 D. 9
Céu 3. Cho hai bién cb A va B ¢6 P(4) = % P(B) — i, P(AUB) = % Khéng dinh
nao sau day dung
A. Doc lap. B. Khéng xung khic.
C. Xung khac. D. Khong ro.

Cau 4. Gieo hai con xiic xac can doi va dong chat. X4c suat ctia bién co “Tong

s0 cham xuat hién trén hai con xuc xac chia heéet cho 5” la

5 1 7 2
Ao %. Bo 6. Co %. Do §.

Cdéu 5. Mot xa tha ban lién tiép ba mii tén vao bia ngadm. Biét rang xac suét
ban tring bia ngadm cta xa thi 1a 0,6. Xac suat dé trong ba 1an ban tén c¢6 dung
hai lan tén tring bia ngam la
81 54 24 18
" 125" B. 15" C. 175" D. 5"

Cau 6. Mot 16p hoc ¢6 30 hoc sinh, trong d6 c6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngiu
nhién mot hoc sinh. Xac suat ban hoc sinh dudc chon khong thich choi mon thé
thao nao la

1 3 7 1
A, —. B. -. . —. D. —.
10 5 ¢ 30 15
Céu 7. Trong mot 16p hoc gom 15 hoc sinh nam va 10 hoc sinh nit. Gido vién goi
ngau nhién 4 hoc sinh 1én giai bai tap. Xac suat dé 4 hoc sinh dudc goi d6 c6 ca

nam va ntu la

219 442 443 219
'] E. B. %. Ca %. Dc @.
Cdu 8. Cho A, B1a hai bién cb doc lap. Biét P(A) = 0,5; P(AB) = 0,2. Tinh P(AUB).
A. 04, B.09. C. 0,6. D.0,7.
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Céu 9. Mot hop c6 52 chiéc thé cung loai, méi thé dudc ghi mot trong cac sb tu
nhién, hai thé khac nhau thi ghi hai s6 khac nhau. Rat ngau nhién 1 chiéc thé
trong hop. Xét bién c6 A: “S6 xuat hién trén thé dude rut ra la s6 18” va bién cb
B: “S6 xuat hién trén thé dudc rut ra l1a s6 nguyén t6”.
Chon cau sai khi phat biéu vé bién c6 AB.

A. “S6 xuat hién trén thé 1a s6 18 hodc s6 nguyén t6”.

B. “S6 xuét hién trén thé 1a s6 nguyén t6 18”.

C. “S6 xuét hién trén thé 1a s6 nguyén t6 khac 2”.

D. “S6 xuat hién trén thé vira 1a s6 1é vita 1a s6 nguyén t6”.
Cau 10. Do con stc sic khong can dbi nén méi khi gieo con stc sic d6 thi xac
suat xuat hién mat 2 chAm va mat 5 cham 1an lugt 14 0,35 va 0,25. Xac suat xuat

hién mat 2 cham ho#c mat 5 cham 1a

A. 0,6. B. 0,0875. C. 0,4875. D. 0,9125.
Cdu 11. Cho A, B 1a hai bién c¢6 doc lap. Biét P(A) = %,P(AB) = é. Tinh P(B).
4 5 13 9
Ao §. Bo %. Co %. . Z.

Cdau 12. Cho A, B 1a hai bién c6 doc lap, biét P(A) =0,5, P(ANB) =0,2 . X4c suat
P(AUB) bang
A.03. B. 0,5. C. 0,6. D.0,7.

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Mot truong hoc c6 ti 1& hoc sinh thich béng d4a 14 50%, thich béng ré 1a
70% va thich ca hai mon nay la 40%.
a) Xac suat dé giap mot hoc sinh trong trudng ma hoc sinh dé khong thich
béng da hoac khong thich béng ré 14 0,7.
b) S6 hoc sinh trong trudng thich béng da nhiéu hon sb hoc sinh thich béng
ré.
¢) X4c suat dé giap mot hoc sinh trong truosng ma em d6 thich béng da va
khong thich béng r6 14 0,2.
d) Xac suat dé gap mot hoc sinh trong truong ma em dé thich ca béng da va
béng ré 12 0,4.
Céu 2. Mot hop cé 20 chiée thé cung loai, dudc danh sb tur 1,2,...,19,20. Rat
ngau nhién mot thé trong hop. Xét cac bién cb:
A : “Sb trén thé dudc rut ra la sb chia hét cho 5”.
B : “S6 trén thé dudc rat ra 1a sé chia hét cho 3.”
C: “S6 trén thé dudc rat ra 1a sé chia hét cho 5 hodc chia hét cho 3. ”
D : “S6 trén thé dudc riat ra 1a sé chia hét cho 15 .
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a) Bien co A va bien co D la hai bién co xung khac.

, P Z 1
b) Xac suat cua bién co D la 20"

¢) Bién cb D 14 bién c6 hop ctia bién c¢b A va bién cb B.
d) S6 phan tit ca khong gian méu 1a 190.

PHAN 3. Cau tréc nghiém trd 15i ngdn.

Cdu 1. An va Binh khéng quen biét nhau va hoc & hai noi khac nhau. X4c suét
dé An va Binh dat diém giéi vé mon Toan trong ki thi cudi ndm tudng tng la
0,92 va 0,88. X4c sut dé ca An va Binh déu dat diém giéi bang bao nhiéu? (Lam
tron két qua dén hang phan tram). KQ:[ [ [ 1]

Cdéu 2. Mot bénh truyén nhiém cé xac suit truyén bénh 14 0,7 néu tiép xic véi
ngudi bénh ma khong deo khiu trang 14 0,2 néu tiép xic véi ngusi bénh ma deo
kh4u trang. Xac suat anh An it nhat mét 1an bi 1ay bénh tit ngusi bénh ma anh
tiép xtc ngudi bénh 5 1an déu khong mang khéu trang 1a bao nhiéu? (két qua
lam tron dén chit s6 thap phan thi ba). KQ: [ [ [ 1]

Cdu 3. Gieo ngau nhién 3 con xdc xac can d6i va dong chat. Tinh xac sult cta
bién c¢b A: “Tich sb chAm xuit hién trén méi con xtc xac chia hét cho 15”.

KQ:[ [ []]
Céu 4. Mot van dong vién thi ban sung. Biét réng xac suat dé van dong vién
ban tring vong 10 1a 0.2; ban tring vong 9 1a 0,25 va ban tring vong 8 1a 0,3.
Néu ban tring vong k thi dudc k diém. Van dong vién dat huy chudng vang néu
dudc 20 diém, dat huy chudng bac néu dude 19 diém va dat huy chuong dong néu
dugce 18 diém. Van dong vién thuc hién ban hai 1an va hai 1an ban dbc lap véi
nhau. Xac xuat dé van dong vién dat dude huy chuong bac 1a KQ:[ [ [ 1]

PHAN 4. Ty luan.

Céu 1. Mot khu pho ¢6 50 ho gia dinh nudi ché hodc nudi meo, trong d6 c6 18 ho
nudi ché, 16 ho nuodi meéo va 7 ho nudi ca ché va meéo. Chon ngiu nhién méot ho
trong khu pho trén. Tinh x4c suat dé

a) Ho6 d6 nuoi cho6 hoac nudi meo;

b) Ho d6 khong nudi ca ché va meo.
Céu 2. Hai ban Viét va Nam cung tham gia mot ki thi trac nghiém mon Toan
va mén Tiéng Anh mét cach doc lap nhau. Pé thi ctia mbi moén gom 6 méa dé khac
nhau va cdc mén khac nhau thi ma dé ciing khac nhau. Pé thi dugce sip xép va

phét cho hoc sinh mét cach ngau nhién. Tinh x4c suat dé hai ban Viét va Nam

¢6 chung ding mot méa de thi trong ki thi doé.
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X. DE 5O 4

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho A va B 1a hai bién c6 doc lap. Biét P(A) = 0,4 va P(B) = 0,5. Xac suat
ctia bién c6 AUB la

A.09. B.0,7. C.0,5. D.0,2.

Cdéu 2. Mot xa tha ban lién tiép ba mii tén vao bia ngdm. Biét rang xac suét
ban tring bia ngdm cta xa thi 1a 0,6. Xac suit dé trong ba 1an ban tén c¢6 dung

hai 1an tén tring bia ngam la
81 54 24 18
- 155" B. 15" C. 5 D. 15
Céu 3. Hai ban An va Binh doc lap véi nhau tham gia mot cudce thi. Xac suat
dé ban An va ban Binh dat giai tuong tng 14 0,8 va 0,6. Xac suat dé c6 it nhat
mot ban dat giai la
A. 0,94. B. 0,924. C. 0,92. D. 0,93.

Cdu 4. Cho A, B1a hai bién cb doc 1ap. Biét P(A) =0,5; P(AB) = 0,2. Tinh P(AUB).

A.04. B. 0,9. C. 06. D.07.
Cau 5. Cho A, B 12 hai bién cb xung khic. Biét P(4) — % P(AUB) = % Tinh P(B).
A2 B. > c. 2. D. ..
5 5 5 5
” g P 2 1 1 .
Cadu 6. Cho A, B la hai biéen co doc lap. Biet P(A) = Z’P(AB) =9 Tinh P(B).
4 5 13 9
AL B. . B D.2.
9 36 C 3% 4

Céu 7. Xét phép thit “Ban thi nhét gieo dong xu, sau d6 ban thi hai gieo con
xuc xac”. Goi A 1a bién c¢6 “Pong xu xuat hién mit sap”, B 1a bién ¢b “Con xtc
x4c xuat hién mat 6 chAm”. Tap hop mé ta bién cb AB 1a

A' {(574)7(5‘75)7(576)} B' {(576)7(N76)}

Céu 8. Hai ban Triét va Khang, mdi ngudi gieo dong thsi mot con xic xic can
d6i, ddng chat. Xét hai bién cb sau:
A: “S6 chdm xuat hién trén con xic xac ban Triét gieo 1a s6 18.”.
B: S6 chdm xut hién trén con xtc xic ban Khang gieo 1a s6 chia hét cho 5.”.
Chon cau duang:

A. Hai bién c6 A, B 1a hai bién c6 doc lap.

B. Hai bién ¢6 A, B 1a hai bién c6 xung khic.

C. Bién c6 A giao B 1a {1;3;5}.
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D. Bién c6 A hgp B 1a {1;2;3;5}.
Céu 9. Mot hop dung 25 tAm thé cung loai dudc danh sb tix 1 dén 25. Rt ngau
nhién mét tam thé trong hop. Xét cac bién s6 P: “S6 ghi trén tAm thé 1a sb chia
hét cho 4” va Q: “S6 ghi trén tam thé 1a s6 chia hét cho 6”. Noi dung ctia bién cb
giao PQ la gi?

A. {3;6;9;12;15;18;24}. B. {1;2;4}.

C. {12;16;20;24}. D. {12;24}.
Cau 10. Cho A va B 1a hai bién cb doc lap. Biét P(A) = 0,4 va P(B) = 0,5. Xac suat
ctia bién c6 AB la

A.09. B.0,7. C.0.5. D.0.2.

Cau 11. M6t 16p hoc ¢6 30 hoc sinh, trong d6 ¢6 18 hoc sinh thich da bong, 16
hoc sinh thich cau long va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngau
nhién mét hoc sinh. X4c suat ban hoc sinh dudc chon khong thich choi mon thé
thao nao la

1 3 7 1
Ao E. Bo g. C. %. Do E.

Cau 12. Gieo hai con xtic xac can doi va dong chat. Xac suat ctia bién co “Tong

s0 cham xuat hién trén hai con xac xac chia heéet cho 5” 1a

5 1 7
A. 36 B. G C. 36" D.

Ol

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Gieo hai con xtuc xac can doi va dong chat.
* A la bién c6 “Tong s6 cham xuat hién trén hai con xtc xac bang 5”.
* Bla bién co “Tich so cham xuat hién trén hai con xtc xac bang 6”.

* (Cla bien co “Co it nhat mot con xtic xac xuat hién mat 1 cham”.

Khi dé6
a) A={(1;4);(4,1);(2;3);(3;2)}. b) AC={(1;4);(4;1)}.
c) AB={(2;3)}. d) BC ={(1;6);(6;1)}.

Céu 2. Mot hop c6 20 chiée thé cung loai, méi thé dude ghi mot sé trong cac sb
1,2,...,19,20; hai thé khac nhau thi ghi hai s6 khac nhau. Rat ngau nhién mot
chiéc thé trong hop. Xét cac bién cb

A: “Sb trén thé dugc rut ra la sb chia hét cho 5”.

B: “S6 trén thé dudc rut ra 1a sb chia hét cho 3”.

C: “S6 trén thé dudc rut ra 1a sb chia hét cho 5 hoac chia hét cho 3.

D: “S6 trén thé dudc rut ra 1a sb chia hét cho 15”.
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a) Bien co A va bien co D la hai bién co xung khac.

, P Z 1
b) Xac suat cua bién co D la 20"

¢) Bién cb D 14 bién c6 hop ctia bién c¢b A va bién cb B.
d) S6 phan tit ca khong gian méu 1a 190.

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Céu 1. Nha trudng mudn chon mot doi van nghé c6 di ca nam va nit gom 12
em di biéu dién ti mét nhém hoc sinh gém 10 nam sinh va 8 nit sinh. Tinh xéc
xuat d€ doi vin nghé dude chon c6 it nhat 6 ban nit. (Lam tron két qua dén hang

phan mudi). KQ:[ [ [ []

Céu 2. Mot hop dung 9 tAm thé dude danh s6 tit 1 dén 9, hai tAm thé khéac nhau
danh hai s6 khac nhau. Rat ngau nhién dong thoi hai tam thé ti hop. Xét cac
bién b sau

A: “Ca hai tAm thé déu danh s6 chén”, B: “Chi ¢c6 mot tam thé danh sb chin”,
C: “Tich hai s6 danh trén hai tAm thé 1a mét s6 chan”. Tinh xac suat dé bién cb
C xay ra (lam tron dén hang phan tram). KQ:[ [ [ 1]

Céu 3. Chon ngau nhién 3 dinh trong sb6 12 dinh ctia mot da giac déu 12 canh.
Tinh xéc suat cia bién cb A “3 dinh dudc chon tao thanh mét tam gidc vuéng”(lam
tron dén hang phan tram). KQ: [ [ [ 1]

Céu 4. Ngudi ta tham do mot sbé lusng ngusi hAm mo béng da tai mot thanh
phd, noi c6 hai d6i béng da X va Y cung thi dau giai vo dich qubc gia. Biét réng
s6 luong ngudi hAm mé ddi bong da X 1a 22%, sé luong ngudi hAm mé ddi bong
da Y 1a 39%, trong s6 d6 c6 7% ngudi néi rang ho hAm mé ca hai doi béng trén.
Chon ngau nhién mét ngusi hAm mo trong s6 nhiing ngudi dude héi, tinh xac
suat dé chon dudc ngusi khong ham mo ddi ndo trong hai ddi béng da X va Y.

PHAN 4. Tu luan.

Céu 1. Mot hop chia 21 tAm thé cung loai dude danh s6 tit 1 dén 21. Chon ra
ngau nhién 1 thé tit hop. Goi A 1a bién ¢6 “S6 ghi trén thé dudc chon chia hét cho
2”. B 1a bién cb “S6 ghi trén thé dudc chon chia hét cho 3”.

a) Hay mo ta bang 16i bién cb AB.

b) Hai bién c6 A va B c6 doc lap khong? Tai sao?
Cdu 2. Ba xa tha 1an lugt ban vao mét bia. Xac sudt dé xa tha thd nhéat, tha

hai, thi ba ban tring dich lan lugt 12 0,8 ; 0,6 ; 0,5. Tinh xac suat dé c6 dung hai
ngudi ban tring dich. KQ:[ [ [ T[]
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Y.DESH 5

PHAN 1. Cau tréc nghiém nhiéu phuong @n lua chon

Cau 1. Cho A va B 12 hai bién ¢ doc lap. Biét P(4) = 0,4 va P(B) = 0,5. X4c suat
ctia bién c6 AUB la

A.09. B.0,7. C.0.,5. D.0,2.
Céu 2. Mot hop dung 25 tAm thé cung loai dudc danh sb tix 1 dén 25. Rt ngau

nhién mét tam thé trong hop. Xét cac bién s6 P: “S6 ghi trén tAm thé 1a sb chia
hét cho 4” va Q: “S6 ghi trén tam thé 1a s6 chia hét cho 6”. Noi dung ctia bién cb
giao PQ la gi?

A. {3;6;9;12;15;18;24}. B. {1;2;4}.

C. {12;16;20;24}. D. {12;24}.

Céu 3. Hai ban An va Binh déc 1ap v6i nhau tham gia mot cudc thi. Xac suét
dé ban An va ban Binh dat gii tuong tng 14 0,8 va 0,6. Xac suit dé c6 it nhat
mot ban dat giai la

A.0,94. B. 0,924. C. 0,92. D. 0,93.

Cau 4. Mot 16p hoc ¢6 30 hoc sinh, trong dé cé6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngiu
nhién mot hoc sinh. Xac suat ban hoc sinh dudc chon khong thich choi mon thé
thao nao la

1 3 7 1
A . B. .. C. 55 D. .
Céu 5. Cho hai bidn cb A va B ¢6 P(4) = % P(B) — 411’ P(AUB) = % Khéng dinh
nao sau day dung
A. Doc lap. B. Khéng xung khac.
C. Xung khic. D. Khong r5.

Cdu 6. Cho A va B la hai bién cb doc lap véi nhau, P(A) = 0,4 va P(AB) = 0,02.
Khi d6 P(B) béng
A. 0,55. B. 0,06. C. 0,05. D. 0,25.
Cdau 7. Cho A va B 1a hai bién cb doc 1ap. Biét P(A) = 0,7 va P(B) = 0,2. X4c suét
cta bién cb AB bang
A. 0,06. B. 0,9. C. 0,14. D. 0,24.
Cdu 8. Néu A va B 1 hai bién cb bat ki thi P(AUB) bang
A.P(A)+P(B)—P(ANB). B. P(A) —P(B) —P(ANB).
C.P(A)—P(B)—2P(ANB). D.P(A)—P(B)+P(ANB).
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Cdau 9. Cho A, B1a hai bién cb doc lap. Biét P(A) = 0,5; P(AB) = 0,2. Tinh P(AUB).

A.04. B. 0.,9. C. 0.6. D.0,7.
2~ N N . < A A g < A 1 1 s
Cau 10. Cho A va B la hai bien co xung khac. Biet P(4) = 3 P(B) = e Tinh
P(AUB).
7 1 1 1
A. Ex B. IEx C. 7 D. 7

Cau 11. Gieo hai con xiic xic can doi va dong chat. Xac suat ctia bién co “Tong

s0 cham xuat hién trén hai con xudc xac chia heéet cho 5” la

5 1 7 2
A. % B. ¢ C. e D. 5"
Céu 12. Cho 4, B 1a hai bién c¢6 lién quan dén mot phép thit ¢6 hitu han cac két
qua dong kha ning xuit hién. Xét A va B 1a hai bién c6 doc lap. Ménh dé nao
sau day sai?
A. A va B 1a hai bién cb doc lap. B.P(AB) =P(A)-P(B).
C. P(AB) =P(A)-P(B). D.P(AB) = (1—P(A))-P(B).

PHAN 2. Céu fréc nghiém ding sai

Céu 1. Hai cau thi1 béng da va stt phat dén, xac suat ban cia cau thi thi nhat
va cau tha thi hai tuong tng 14 0,8 va 0,7. Goi A va B 1an lugt 14 bién ¢6 cau tha
thi nhat va cau tha thi hai ghi dude ban thang. Khi d6

a) P(A) =0,2.

b) P(B) =0,8.

¢) Xac xuét chi c6 cau thu thi nhat lam ban 14 0.8.

d) Xac suét Chi c6 cau tha thi hai lam ban 12 0,14.

Cdu 2. Trén mét bang quang cdo, ngudi ta méc hai hé théng béng den. Hé théng
I gom 2 béng méc nbi tiép, hé théng I/ gobm 2 béng mic song song. Kha nang bi
héng ctiia mbi béng den sau 6 gis thap sang lién tuc 1a 0,15. Biét tinh trang cta
moi béng déen 1a doc 1ap. Xét tinh ding sai ctia cac phat biéu sau

a) Xac suat dé hé thong /7 bi hong (khong sang) bang 0,0225.

b) X4c suét dé hé thong /I hoat dong binh thuong bang 0,9775.

¢) X4c sult dé hé thong 7 bi hong (khéng sang) bang 0,5775.

d) Xac suét ca hai hé thong bi hong (khong sang) (két qua dude lam tron dén

hang phan tram nghin) bang 0,02624.

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Céu 1. Hai bénh nhan X va Y bi nhiém vi rat SARS-CoV-2. Biét ring xéac suét

bi bién chiing nang ctia bénh nhan X 14 0,1 va cia bénh nhan Y 14 0,2. Kha nang
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bi bién chiing néng ctia hai bénh nhan 1a doc 1ap. Hay tinh x4c suit cta céc bién
c6 “Ca hai bénh nhan déu bi bién chiing ning” KQ:[ [ [T
Cdu 2. Ba xa thu cung ban, méi ngudi mot vién dan vao bia mot cach doc lap
v6i nhau. Xac sut ban tring bia cia ba xa tha 1an ludt 1a %;1 va 3 Tinh xac
sudt cta bién cb c6 it nhat hai xa thu khéng ban tring bia (két qua lam tron téi
hang phan tram). KQ: [ [T 1]
Céu 3. Mot doi tinh nguyén gom 9 hoc sinh khéi 10 va 7 hoc sinh khéi 11. Chon
ra ngau nhién 3 ngudi trong doi. Tinh x4c suit ctia bién c¢6 “Ca 3 ngudi dudc
chon hoc cung méot khéi”? (Két qua 1lam tron dén hang phan tram)

KQ:[ [ [ ]
Cdéu 4. Nha truong mudn chon mot doi van nghé c6 di cd nam va nit gom 12 em
di biéu dién tit mét nhém hoc sinh gom 10 nam sinh va 8 nit sinh. Biét xac xuét
dé d6i van nghé dudc chon c6 it nhat 6 ban nit 1a ™ véi m; n nguyén duong va m
t61 gian. Tinh T = m +n. " KQ: IEEH]

PHAN 4. Tu luan.

Céu 1. Trong dot kiém tra cudi hoc ki 17 16p 11 cta cac trudng trung hoc phd
thong, thong ké cho thay c¢6 93% hoc sinh tinh X dat yéu cau; 87% hoc sinh tinh
Y dat yéu cau. Chon ngiu nhién mét hoc sinh ctia tinh X va mét hoc sinh cta
tinh Y. Gia thiét rang chat luong hoc tap cta hai tinh 1a doc 1ap. Tinh x4c suat

a) Ca hai hoc sinh dudc chon déu dat yéu cau;

b) Ca hai hoc sinh dude chon déu khong dat yéu cau;

¢) Chi c¢6 ding mot hoc sinh duge chon dat yéu cau;

d) Cé it nhat mét trong hai hoc sinh dude chon dat yéu cau.

Cdu 2. Trong tran dau béng da giita 2 d6i Real Madrid va Barcelona, trong tai
cho d6i Barcelona dude hudng mot qua penalty. Cau tha sut phat ngau nhién
vao 1 trong bén vi tri 1, 2, 3, 4 va thtt mén bay ngusi can pha ngau nhién dén 1
trong 4 vi tri 1, 2, 3, 4 véi xac suat nhu nhau (th mén va cau tha sat phat déu
khong doan duge ¥ dinh ctia d6i phuong). Biét néu cau thu sit va tha mon bay
cung vao vi tri 1 (hodc 2) thi th moén can pha dude cd sut dé, néu cung vao vi
tri 3 (hoac 4) thi xac suat can pha thanh cong 1a 50%. Tinh xac suat ctia bién cb

|

' cu sut khong vao ludi".

—Hét—
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Z.PESO 6

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Trén gia sach c6 cac quyén vé khong nhan xép canh nhau véi bé ngoai,
khéi lugng va kich thuée gibng hét nhau, trong d6 ¢6 5 quyén ghi moén Toan, 5
quyén ghi mon Ngit Van va 3 quyén ghi mén Tiéng Anh. Lay ngau nhién hai
quyén v3. Xét cac bién cb:
M: “Trong hai quyén vé dugc lay, chi c6 1 quyén ghi mon Tiéng Anh”;
N: “Trong hai quyén vé dudc 14y, chi ¢6 1 quyén ghi mén Ngit Van”.
Khi d6, bién cb giao ctia hai bién c6 M va N la:

A. “Hai quyén v6 dudc 1ay ghi cung mét mén”.

B. “Hai quyén v6 dudc 1ay ghi hai mén khéac nhau”.

C. “Trong hai quyén vé dudc 1ay, mét quyén ghi mén Tiéng Anh va mot quyén

ghi mén Ngit Van”.
D. “Hai quyén v6 dudc 14y c6 it nhat moét quyén ghi mon Tiéng Anh”.

Céu 2. Lép c6 44 hoc sinh géom 24 hoc sinh giéi va 20 hoc sinh kha. Thay gido
cht nhiém can chon ngiu nhién trong 16p mét nhém goém 3 hoc sinh dé kiém tra
kién thtc cit. Tinh xac suat trong 3 ban thay chon s6 hoc sinh giéi nhiéu hon hoc

sinh kha.
A.i 1886 C 1380 D 46

e ETTIE ETTIR " 301"
Céu 3. Mot hop chita 22 tAm thé cung loai dude danh s6 lan lugt tir 1 dén 22.
Chon ra ngiu nhién 1 thé tit hop. Goi A 1a bién c6 “S6 ghi trén thé dudc chon
chia hét cho 27, B 14 bién cb “Sb ghi trén thé dude chon chia hét cho 3”. X4c suét
cia bién c6 AB bang

3 7 1 7

A. 2 B. 7 C. > D. YR
Céu 4. Hop thi nhat chita 3 tAm thé cung loai dude danh s6 1an lugt tit 1 dén 3.
Hoép thi hai chita 5 tAm thé cung loai duge danh sé 1an lugt tit 1 dén 5. Lay ra
ngau nhién tit méi hop 1 thé. Goi A 1a bién ¢6 “Tong céc sb ghi trén 2 thé bang
6”, B 1a bién cb “Tich cac s6 ghi trén 2 thé 1a s6 18”. Viét tap hop mo ta bién cb
AB.

A.AB={(1;5);(3;3)}. B. AB=1{(1;5);(2;4);(3;3)}.

C. AB={(1;5);(3:1);(3;3);(3;5)}. D.AB={(1;5);(1;6);(3;3);(3;5)}.

Céu 5. Trong mot 16p hoc gom 15 hoc sinh nam va 10 hoc sinh nit. Gido vién goi
ngau nhién 4 hoc sinh 1én giai bai tap. Xac suat dé 4 hoc sinh dudc goi d6 c6 ca

nam va ntu la
219 442 443 219
B D

° ﬁ. . %. Ca %. . @.
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Cau 6. Mot hop chita 6 qua cau trang va 7 qua cau den. LAy ngiu nhién dong

thoi bén qua trong sb d6. Xac suat dé cé it nhAt mot qua cau tring bang
A B. 2. c. B D. ¢,
143 143 24" 143

Céu 7. Hop thit nhat chita 3 tam thé cung loai dude danh s6 lan ludt tix 1 dén 3.
Hop thi hai chia 5 tam thé cung loai dude danh s6 1an lugt tit 1 dén 5. Lay ra
ngau nhién tit méi hop 1 thé. Goi A 1a bién ¢6 “Tong céc sb ghi trén 2 thé bang
6”, B1a bién cb “Tich céc s6 ghi trén 2 thé 1a s6 18”. Goi C 1a bién ¢b khéc rong va
xung khéc v6i ca hai bién cb A va B. Tim bién cb C.

A C={(1:2);(1;4):(2:1);(2:2);(2:3):(2:5); (3:2);: (3:4) }-
B. C={(1;2);(1;4);(2:1);(2;2);(2:3):(2:5):(3;3); (3:5) }.
C. C={(1;,2);(1:4);(2:1):(2;2);(2:3);(2:5):(3;3); (3:6) }.
D. C={(1:3);(1:4);(2:1);(2:2);(2:3);(2:5):(3;2); (3;4) }.

Céu 8. Gieo ngau nhién mét con xtc xac caAn déi va dong chat ba 1an lién tiép.
Goi A 12 bién cb “Tong s6 chAm xuét hién trén ba con xic xac bang 8”, B 1a bién
¢b “Tich s6 chAm xuat hién trén ba con xic xac khéng vudt qua 30”. Xac suat
ctia bién c6 AB bang
5 1 1 7
A. % B. 3 C. 9" D. 7

CA&u 9. Cé hai tui dung cac vién bi cé cung kich thuée va khéi luong. Tai I ¢6 3
vién bi mau xanh va 7 vién bi mau do. Ti 7 ¢6 10 vién bi mau xanh va 6 vién
bi mau dé. Tt méi tdi, lAy ngAu nhién ra mét vién bi. Tinh x4ac suat dé hai vién
bi dIIOc 14y c6 cung mau Xanh.

1
AE BR C.g. DE

Céu 10. Khao sat mot truong trung hoc phd thong, ngusi ta thay c6 20% hoc
sinh thuan tay trai va 35% hoc sinh bi can thi. Gia st dic diém thuén tay nao
khong anh huéng dén viéc hoc sinh ¢6 bi can thi hay khong. Gép ngiu nhién
mot hoc sinh ctia truong. Tinh xéc suit cta bién ¢b hoc sinh d6 bi can thi hodc
thuan tay trai.

A.0.72. B. 0,48. C. 0,65. D. 0,07.

Céu 11. Trén dudng di tit Ha Noi vé tham Pén Hung 6 Phi Tho, Binh, Minh va
5 ban khéc ngoi vao 7 chiéc ghé trén mot xe 6 t6 7 chd. Khi xe quay lai Ha Nbai,
moi ban lai chon ngdi ngadu nhién mét ghé. Tinh xac suat cia bién ¢b "Cé6 it nhat

mot trong hai ban Binh va Minh vin ngoéi ding ghé cit cia minh"
AL B. L c.2. D.>.
7 7 7 7

PHAN 2. Céu fréc nghiém ding sai
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Céu 1. Trong mot bai thi trac nghiém khach quan gom 10 cau. Mdi cau cé 4
phuong an tra 1oi, trong d6 chi c6 mot phuong an ding. Mot hoc sinh chuén bi
bai khong t6t nén lam bai bang cach: V6i mbi cau, chon ngiu nhién mét phuong
an tra 16i. Xét tinh ddng sai trong cac khang dinh sau.

a) Xac suat dé hoc sinh d6 tra 1si ding méi cau 1a 0,25.

b) Xac suat dé hoc sinh d6 tra 16i sai ca 10 1a 10-0,75.

¢) Xac suat dé€ hoc sinh d6 tra 16i sai méi cau 1a 0,75.

d) Xac suét dé hoc sinh d6 tra 16i dung 1 cau 1a 10-0,25.

Cau 2. Hai nguoi doc lap nhau ném béng vao ré. Méi ngudi ném vao ré ctua
minh mét qua béng. Biét rang xac sudt ném béng vao dude ré ctua ting ngudvi
tuong ang 1a 0,2 va 0, 5.

* Goi A 1a bién c6: “Ngudi thit nhat ném béng vao dudc rd”.
e Goi B 1a bién c6: “Ngusi thi hai ném béng vao duge ré”.

* Goi X 1a bién c6: “Ca hai cung ném béng vao dudc ré”.

e Goi Y la bién cb: “Chi c6 mot ngusi ném bong vao dude ro”.

Xét tinh ding sai cac ménh dé sau
a) Biéncb Y =AUB.
b) Xac xuat ctia bién ¢ X 1a P(X) = 0,1.
¢) Bién c¢6 X = AB.
d) Xac xuat ctia bién ¢6 ¥ 1a P(Y) =0,5.

PHAN 3. Céau tréic nghiém trd I&i ngén.

Céu 1. Tung dong thoi mot dong xu va mot con xic xac 12 mat (tix 1 dén 12).
Xac suat d€ dong xu xuat hién méit ngita va con xic xac xuat hién mét 1a boi
cta 3 bang bao nhiéu? (Lam tron két qua dén hang phan tram) KQ:[ [ [ [ |

Cdu 2. Trong mot coéng ty, c6 25% nhan vién biét tiéng Anh va 50% nhéan vién
biét 1ap trinh. Gia st viéc biét tiéng Anh khong anh hudng dén kha nang biét
l4ap trinh ctia nhan vién. Chon ngau nhién mét nhan vién trong cong ty. Tinh
xéc suat dé nhan vién dé biét tiéng Anh hoac biét lap trinh. Két qua lam tron
dén 2 chit s6 thap phan. KQ: [ [ [ 1]

Cédu 3. Biét rang xac suét sinh con trai trong méi 1an sinh 14 0,51. Tinh xac suét
sao cho trong ba lan sinh c6 it nhat mét 1an sinh con trai (méi lan sinh 1 con)?
(Két qua 1am tron dén hang phan tram) KQ:[ [ [ 1]

Céu 4. Hai ban Chién va Cong cung chdi ¢ véi nhau. Trong mot van cd, xac
suit Chién thing Céng la 0,3 va xac suit dé Cong thing Chién 1a 0,4. Hai ban
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dung chdi khi ¢6 ngudi thing, ngusi thua. Tinh xéc suit d€ hai ban dung choi

sau hai van co. KQ:[ [ [ 1]

PHAN 4. Tu luan.

Céu 1. Cé hai tai dung cac vién bi ¢6 cung kich thudc va khoi lugng. Ti 7 ¢6 3
vién bi mau xanh va 7 vién bi mau do. T1i /7 ¢6 10 vién bi mau xanh va 6 vién
bi mau d6. T méi tii, 14y ngdu nhién ra mét vién bi. Tinh xac suat dé

a) Hai vién bi dudc lay c¢6 cung mau xanh;

b) Hai vién bi dudc lay c¢6 cung mau do;

¢) Hai vién bi dudc 14y c6 cung mau;

d) Hai vién bi dudc l1ay khéng cung mau.

Cau 2. Cho X = {0,1,2,3,...,15}. Chon ngau nhién 3 s6 trong tap hop X. Tinh
xac suat dé trong ba sb6 dudc chon khong c6 hai s6 lién tiép.

Cau 3. Viét va Nam cung tham gia ki thi THPTQG nam 2016, ngoai thi ba mén
Toan, Van, Tiéng Anh bat budc thi Viét va Nam déu déng ki thi thém ding hai
mon tu chon khac trong ba mon Vat 1i, Héa hoc va Sinh hoc duéi hinh thic thi
trac nghiém dé€ xét tuyén DPai hoc. M6i mén tu chon trac nghiém cé 12 ma dé thi
khac nhau, ma dé thi cla cac mon khac nhau 1a khac nhau. Tim xéac xuat dé
Viét va Nam c6 chung ding mét mon thi tu chon va chung mot ma de.

—Hbt—
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. DESO1

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

n N - N £ . . T .
Cau 1. Pao ham ciia ham s6 y = 5sinx — 3cosx tai xog = 5 la
(00 o) oro v
A.y(2 =3. B.y > =5. C.y )= 3. D.y )= 5.
Cdau 2. Mot chat diém chuyén doéng c6 phuong trinh s = 212+ 3¢ (¢ tinh bang giay,
s tinh bang mét). Van toc ctia chat diém tai thoi diém 1y = 2 (giay) bang

A.22(m/s). B. 19(m/s). C. 9(m/s). D. 11(m/s).

- ) V4x+1 Kkhix>0 . .
Cau 3. Chohamsby=f(x)=4{ ¥ 7" Khéng dinh nao 1a ding vé

x+1 khi x <0
dao ham ctia ham s6 f(x) tai x = 0?

A. f(0)=—1. B. f'(0) = 0. C. f'(0) = 1. D. Khong ton tai.
Cau 4. Cho ham s6 y = f(x) c6 dao ham théa man f/(6) = 2. Tinh gia tri ctia biéu
thic lim M

x—6 x—6
1 1
A.2. B. 3 C. 3 D. 12.

Cau 5. Cho ham s6 y = f(x) c6 dao ham tai diém xo. Tim khang dinh ding trong
cac khang dinh sau

- f(x) = f(x0) f(x)+f(x0)
' _ / =
A f'(x0) = lim —— S B. /' (x0) = lim p—
. f(x) = f (%) . f(¥) +f (%)
/ — / =
C. /') = xllgclo x+xo D. f'(x0) xlgl)?o x+Xx0
Cdu 6. Trong cac ménh dé sau, ménh dé nao sai?
A. (sinx) = —cosx. B. (cosx)' = —sinx.
1
r_ r_ _
C. (tanx) = e D. (cotx) = i

Cau 7. Cho u = u(x),v = v(x) 1a cdc ham s6 c6 dao ham tai diém x thudc khoang
xéac dinh. Ménh dé nao sau day diung?

A. (w) =uv+u. B. (w) =uv .
u\'" o u\'"  uv+uw
() =7 D.(3) ==
~ < % 1 . "
Cau 8. Cho ham so f(x) = T Tinh f (—1).
x_
AL B. > c.2. D. >
27 27 9 27
Cau 9. Pao ham ctia ham s6 f(x) = 5x> —x% — 1 trén khoang (—oo; +o0) 12
A. 0. B. 15x* —2x—1.  C. 15x*+2x. D. 15x% —2x.
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Cdau 10. Pao ham ctia ham sb6 y = vV4x2 +3x+ 1 1a

1
A.y =12x+3. B.y = .
Y Y 2V4x2 +3x+1
Cy—_ >+3 D.y— X3
2V4x2 +3x+1 4x2 +3x+1

Cau 11. Cho ham sb6 y = f(x) x4c dinh trén khoang (a;b) va c6 dao ham tai
xo € (a;b). Phuong trinh tiép tuyén ctia ham s6 y = f(x) tai diém M(xo; f(xo)) c6
dang nao sau day?

A.y+ f(x0) = f'(x0)(x +xo). B. y— f'(x0) = f(x0)(x —x0)-
C. y— f(x0) = f'(x0) (x — x0)- D.y= f'(xo)(x—xo).

Céu 12. Tinh dao ham cép hai ciia ham s6 y = €.
A. &7, B. 2¢%. C. 4¢*. D. 2¢*.

PHAN 2. Cau tréc nghiém diing sai

Cau 1. Cho ham s6 y = f(x) =x* —2x+3 ¢6 do thi (C).

a) Tap xac dinh 2 = R.

b) f'(x) = 4x* — 2x+3.

c) f(x) = 12x%

d) Phuong trinh tiép tuyén ctia (C) tai A(1;2) la y = 2x+2.
Cdéu 2. Mot vat chuyén déng trén duong thang dudc xac dinh béi cong thic
s(t) =13 — 31> + 7t — 2, trong d6 r > 0 va tinh bang gidy, s 12 quang dudng chuyén
dong dudc cta vat trong ¢ gidy va dude tinh bang mét.

a) Sau 5 giay, vat chuyén dong quang duong l1a 83 m.

b) Van tdc tiic thoi clia vat tai thoi diém r =5 1a 50 m/s.

¢) Khi van toc ctia chuyén dong bang 151 m/s thi quang duong vat chuyén

dong dudc la 352 m.
d) Tai thoi diém ¢ = 1 gidy, van toc ciia chuyén dong dat gia tri nho nhét.

PHAN 3. Cau tréc nghiém trd 1i ngén.

~ N A 1 A
Cau 1. Cho ham so6 f(x) = —§x3 +4x?> —7x — 11. Trong doan [0;2025], bat phuong
trinh f/(x) > 0 c6 tat ca bao nhiéu nghiém nguyén? KQ:[ [ [ 1]
~ N A 1 ~ X . < < A A o
Cau 2. Cho ham so y = f(x) = )% c6 do thi (C). Phuong trinh tiep tuyen caa
X
do thi ham so (C) tai giao diém ctia (C) véi truc hoanh cé dang y = ax +b. Tinh
3a+6b KQ[[[T]]
Cau 3. Mot vat chuyén dong véi phuong trinh S(¢) = 4¢> +¢°, trong d6 ¢ > 0, ¢
tinh bang giy, S() 14 quang dudng chuyén dong tinh bang mét. Tai thoi diém
van tdc clia vat bang 11 m/s thi gia tbc cua vat bang bao nhiéu (m/s?).
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KQ[ [ [ ]
Cdéu 4. Can nang trung binh cta mot em bé trong do tudi tit 0 dén 36 thang cé
thé dugc tinh gan ding bdi ham sb w(r) = 0,000761> — 0,06¢ + 1,8¢ 4 8,2, trong d6
114 d6 tudi, dudc tinh bing thang va w 1a can néing, dude tinh bang pound. Tinh

téc d6 thay doi cAn ning ctia em bé d6 tai thoi diém 15 thang tudi (két qua viét
duéi dang s6 thap phan va lam tron dén hang phan tram).

KQ:[ [ [ []

PHAN 4. Tu luan.

Cau 1. Tinh dao ham cta cac ham so sau:

a) y=x*-3% ) y=——

cosx

Cé&u 2. Cho ham s6 y = sin’x. Ching minh rang y” + 9y — 6sinx = 0.

mx3 mxz

Cau 3. Cho ham sb f(x) = T + (3—m)x—2. Tim cac gia tri nguyén caa
tham s6 m dé f'(x) > 0 v6i moi x € R.

Cdau 4. Mot ky su thiét ké mot duong ray tau lugn, ma mét cit ca né gdm mot
cung dudng cong c6 dang parabol, doan dbc 1én L; va doan doc xudng L, 1a nhiing
phan duong thang c6 hé sb géc 1an lugt 1a 0,5 va —0.,75. P& tau luon chay ém va
khong bi d6i huéng dot ngét, L; va L, phai 1a nhiing tiép tuyén ciia cung parabol
tai cac diém chuyén tiép P va Q. Gia st goc toa do dat tai P va phudng trinh cta
paraol 13 y = ax? + bx + ¢, trong d6 x tinh bang mét.

a) Tim c. y
b) Tinh y'(0) va tim b.

¢) Gia st khoang cach theo phuong ngang gitia
Pva Qla 40m. Tim a. P

/1;1 0

d) Tim chénh léch do cao gitta hai diém chuyén
tiép P va Q.

— Hét—
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.DESO 2

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Tiép tuyén cta d6 thi ham s6 y = 3 tai diém c6 hoanh d6 bang 3,
tuong ung la N

A.y=Tx+13. B.y=-7x+30. C.y=3x+09. D.y=—x-2.
Cdau 2. Pao ham cap hai ctia ham s6 y = tanx la

A. )" =2tanx (1 —tan’x). B. )" =2tanx (1 +tan’x).

C.y" = —2tanx (1 —tan’x). D.y" = —2tan (1 + tan’x).

Céu 3. S6 gia Ay cia ham s6 y =x2+2x— 5 tai diém xp = 1 1a
A. (Ax)2—4Ax.  B.(Ax)*+4Ax.  C.(Ax)>—2Ar.  D.(Ax)*+2Ax—5.

Cdau 4. Tinh dao ham ctia ham sb6 y = /x+x tai diém xo =4 1a

9 3 5
A.y(4)= > B.y'(4) =6. C.y4)= % D.y(4)= e
. . . s 1 % 2
Cau 5. Tinh dao ham cia ham so y = xl .
x_
—1 2 3 -2
Ay=—- B.y=—--5 C.y= . D.y =
gNCElE P -y P -y P -y
Céu 6. Tinh dao ham cap 2 ctia ham sb y = 2x —sinx.
A.y" =sinx. B.y' =2+sinx. C.y" =cosx. D.y’ =2 —sinx.
Céu 7. V6ix >0, ham s6 y = Inx ¢6 dao ham 1a
1 1 1 1
Ay =—. B.y=—-. C.y=—-. D.y =-.
=7 V=-= Y= Y ==
Cdu 8. Cho ham sb f(x) = 2x* —4x> + 1. Gia tri cia f/(—1) bang
A. 6. B. 16. C. —16. D. 2.
Céu 9. Tinh dao ham cia ham sb y = tan3x.
3 -3 -3 1
A.y = . B.y = . C.y= : D.y = :
Y = Cos23x YT cos?3x y sin?3x Y T cos23x

~ N A 1 ~ X R RN < A A
Cau 10. Choham soy= §x3 +x? —2x+1 ¢6 @6 thi 1a (C). Phuong trinh tiép tuyén

o 1
cua (C) tai diem M (l;g) la

A.y=3x-2. B.y=-3x+2. C.y:x—g. D.yz—x—k%.
) 3-va-x khix #£0
Cau 11. Cho ham s6 f(x) = { | 4 . Tinh f(0).
N 1 1 1
A. Khong ton tai. B. f(0) = —. . f(0)=-. D. /(0) = —.
ong ton tai. B. f'(0) = 1 C. f(0) = f10) =53
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Céu 12. Phuong trinh chuyén déng ctia mot chat diém dudc biéu thi béi cong
thitc s(1) = 4 — 2r + 41> + 27, trong d6 + > 0 va r tinh bang gidy (s), s(r) tinh bang
mét (m). Tim gia toc a ctia chat diém tai thoi diém 7 = 5 (s).

A. a =68 m/s2. B.a=115m/s>. C.a=100m/s®. D.a=225m/s>.

PHAN 2. Céu fréc nghiém ding sai

2
Céu 1. Cho ham sf)y:);j31. Khi ds
3
/ — —
a)y(l)= 5

b) Tong cac nghiém ctia phuong trinh y = 0 bang —6.
X . > N A . g 3

¢) Do thi cia ham so0 y’ di qua diém A (1; —5).

d) y'(1) <¥'(2).
Cdu 2. Cho d6 thi ham s6 (C): y = —2x* +x*>+ 3. Biét rang A la tiép tuyén ctia do
thi (C) tai diém M(1;2).

a) Phuong trinh tiép tuyén ctia do thi (C) la A: y= —6x+8.

b) Hé sb géc cta tiép tuyén 1la —6.

c¢) Tiép tuyén A cat truc tung tai diém M(0;—8).

d) Tiép tuyén A cat truc hoanh tai diém N(1;0).

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cau 1. Cho f(x) = Vx* +1—-3x*>+5ax—2. Tim a dé f'(2) = 5. KQ:[ [T 1]

X2 4x+1 ax® +bx+2

Cau 2. Cho ham sb y = .Bibtringy = —— - Gidtricaa a®+b
y e a—— 1 gy (22t 1) 1 1cua a +

bang KQ:[ [ [ 1]

~ N % 9 . s N cRy e A % - N . .30
Cau 3. Cho ham s0 y = — ¢6 do thi 1a (C). Biet tiep tuyen cua do thi (C) tai diem
X
M (3;3) tao v6i hai truc toa do0 mot tam giac. Tinh dién tich tam giac do6.

Cdéu 4. Mot vat chuyén dong véi van toc v (m/s) phu thude thoi v
gian 7 (s) c¢6 do thi 12 mét phan ciia dudng parabol véi dinh 5| ---
I1(1;5) nhu hinh vé bén. Gia toc clia vat tai thoi diém s = 1,5 (s)

bang bao nhiéu? KQ:[ [ [ 1]

|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
|
l
1

)
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PHAN 4. Ty luan.

Céu 1. Tinh dao ham cta cac ham sb sau:
a) y= <2x3—|—3)2; b) y = cos3x; c) y=Ilog, (x2—|—2).
Céu 2. Goi A 1a tiép tuyén ctia do thi ham s6 y = —x° + 3x2 — 3x — 2 song song véi
duong thang y = —3x — 2. Tim tung d6 giao diém cua A véi truc tung.
Céu 3. Dan s6 (tinh theo nghin nguvi) cia mét thanh phé dude cho bdi cong
, 26t + 10
thae f(r) =

+5
nam 2015. Tim toc d6 tang dan so trong nam 2025 cia thanh pho do.

, trong d6 7 (duge tinh bang nidm) 1a khoang thoi gian ké tu

Cdu 4. Biét ham s6 y = f(x) — f(3x) lién tuc trén va c6 dao ham cap hai véi
moi x € R, biét y’(3) = 5, y’(1) = 10. Tinh dao ham cap hai ctia ham sb g(x) =
f(x)—f(9x) tai x = 1.

— Hét—
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PESH 3

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cdau 1. Pao ham ctia ham s6 y = xsinx bang

A.y' =sinx+xcosx. B. y/ = sinx — xcosx.

C.y =xcosx. D.y = —xcosx.

. .z D . s % 3x+1 .,
Cadu 2. Dao ham cap hai caa ham so y = x_:rz la

X
/N 10 /N 5 /N 5 /N 10
5. == 7 Coy'=— 3 Y= — 3
(x+2) (x+2) (x+2) (x+2)

Cdu 3. Cho ham sb f(x) = sin’x, v6i moi x € R ta ¢ f”(x) bang

A. f’(x) =2cosx. B. f7(x) =2sin2x. C. f’(x) =cos2x. D. f”(x) =2cos2x.
CAu 4. Dao ham ctia ham s6 y = (—x?>+3x+7)7 1a

A.y =7(—2x+3)(—x*+3x+7)5. B.y =7(—x*+3x+7)°.

C.y = (—2x+3)(—x*+3x+7)5. D.y =7(—2x+3)(—x*+3x+7)".

Céu 5. Ham s6 y = sin (g - 2x> ¢6 dao ham bang

A.y =2sin2x. B. )y = —2sin2x.
T

C.y =cos (5—2)6). D.y =2cos (g-h).
Cau 6. Cho ham s6 y =x>—x+2. Tinh y/(1) .

Ay =-1.  B.y(1)=1. C.y(1)=2. D.y(1)=0.
Cau 7. Pao ham ctia ham s6 y =1In (1 —x%) 1a

2x —2x 1 1
A. . B. . . . D. .
x2—1 x2—1 1 —x2 x2—1

Céu 8. Ham s6 y = 2% ¢6 dao ham la

A.y =2%In 2. B.y =2>*In2. C.y =21 D.y =2x- 2%,

Céu 9. Choham s y= %3+ 3x2—2 ¢6 d6 thi la (C). Viét phuong trinh tiép tuyén
v6i do thi (C) biét tiép tuyén c6 hé sb géc k = —9.

A.y+16=—-9(x+3). B.y=-9(x+3).

C.y—16=—9(x—3). D.y—16=—9(x+3).
Cau 10. Cho ham sb y = f(x) c6 dao ham tai diém xq. Cong thiic tinh dao ham

ctia ham so tai diém xq la

A, f/ (_xo) — hm M B. f/ (x0> — llm f('x) _f('x()) )
X0 X —X0 X—X0 X+ X0

C. fl (XO) — hm M. D. f/ (xo) — llm f(-x) +f(-x0) .
X0 X+ X0 X—X0 X — X
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- . % 2x—=3 C s
Cau 1l. Ham so y = al c6 dao ham la
X

+1
5 -5 5 -5
Ay=—"_- B.y=—"1. Y = : D.y = :
YT )y YT ) YT YT
Cau 12. Ham sb y = v/x2 ¢6 dao ham 1a
Ay = - ! ! ! 2 D.y = 2

—. B.y=——. C.y = .
e T T
PHAN 2. Céu fréc nghiém ding sai

R ” -3 NN . oa

Cau 1. Cho ham sb y = 2" 5 €6 dd thila (). Khi d
X
a) y/(0)=1.
N P 0 7

b) Do thi cia ham so y’ di qua diém A (1; 5)'

c) Y'(1) <y'(2).

d) Piém M thuéc (C) ¢6 hoanh dé xo = 0. Khi d6, phuong trinh tiép tuyén cta

(C) tai M song song véi duong thang y = 7x +2024.

Cau 2. Chuyén dong ctia mot vat c6 phuong trinh s(r) = 4cos <277:t — %) m, vGi ¢
12 thoi gian tinh bang giay. Khi d6

b
'(t) = —8msi (2 t——).
a) s'(1) msin (27t — 5

b) s"(t) = 167%cos (2717 — %)

¢) Van toc clia vat tai thoi diém khir =5 s 1a s/(5) = 6,505 m/s.
d) Gia téc ctia vat tai thoi diém khir = 5 s 1a s”(5) ~ 152,533 m/s>.

PHAN 3. Cau tréc nghiém trd 15i ngén.

sin3x cos 3x

Cdau 1. Cho ham sé f(x) = 3 + cosx — \/§(sinx+

). Toéng cic nghiém
thudc doan [0; 7] ctia phuong trinh f’(x) = 0 bang bao nhiéu (két qua lam tron
dén hang phan muoi)? KQ:[ [ [ 1]
Céu 2. C6 bao nhiéu phuong trinh tiép tuyén ctia d6 thi ham s6 y = x> +3x+2,
biét tiép tuyén dé vuong géc véi duong thang A:x+6y+6=0? KQ:[ [ [ [ ]
Céu 3. Dan sb P (tinh theo nghin ngusi) cia mét thanh phé nhé dude cho béi

500z R .
cong thuc P(r) = ——, trong d6 ¢ la thoi gian dudc tinh bang nam. Tim toc do

249
tang dan s6 tai thoi diém r = 12. (Két qua lam tron dén hing phan mudi).

KQ[ [ [ []
CdAu 4. Cho ham s6 y = —x> +3x> +9x— 1 ¢6 d6 thi 1a (C). Tim hé sb géc 16n nhét
ctia tiép tuyén tai mot diém M trén do thi (C).

KQ:[ [ [ 1]
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PHAN 4. Ty luan.

Cau 1. Tinh dao ham cua cac ham so sau

a) y=(1—x)(1—-2x)(1—-3x); b)y=(x+ﬁ)(x2+x+1);

e) y=(x+3x) (2—x).

CAau 2. Cho ham sb P(x) = ax>+bx+3, (a, b1a cac hang s6 ). Tim a, b biét P'(1) =0,
P’(1) = -2.

Céu 3. Nguoi ta xay mot cdy cau vugt giao thong hinh parabol néi hai diém c6
khoang cach 14 400 m (hinh bén duéi). P6 déc ciia mét cau khong vudt qua 10°
(d6 dbc tai mét diém dude xac dinh béi géc gitta phudng tiép xdc véi mat cau va
phuong ngang nhu hinh duéi day). Tinh chiéu cao giéi han tit dinh cau dén mat
duong (lam tron két qua dén chit s6 thap phan thi nhat).

Ya

h
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DESH4

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

~ N o N A 2 3 M
Cau 1. Pao ham ctia ham s6 y = (x2 - —) bang
X

1 2\2 2\?
A.y’:6(x+—2) (xz——). B.y’:3(x2——).
x X X

2 2
C.y’:6(x—i2><x2—g) : D.y/:6<x—l)(x2—g>.
x x x x

Cdu 2. Cho ham sb y = sin’x. Khi d6 y”(x) bang

1
Ay = ECOSZ)C. B. P = 2sin2x. C.y' =2cos2x. D.y" =2cosx.
Cdu 3. Cho ham sb f(x) = x> +2x, gia tri ca f(1) bang
A. 6. B. 8. C. 3. D. 2.
A . C e s £ 3x+1 .,
Cau 4. Dao ham cap hai cia ham so y = x;rz la
X
10 5 5 10
"= . == . Cy'=— . D.y'=— .
(x+2)2 R ) N ) (x+2)?
~ A A L3 A . N A 1 . .« 2 ~ N A 2
Cau 5. Tiep tuyen caa do thi ham so y = 2x+ 3 tai diém c6 hoanh d6 xo = —1 co
hé sb géc bang
1 1
A.5. B. ——. C. -5. D. -.
5 5

Cdu 6. Viét phuong trinh tiép tuyén ctia d6 thi (C): y = x* — 8x*> +9 tai diém M
¢6 hoanh d6 bang —1.

A.y=12x+14. B.y=12x—14. C.y=12x+10. D.y=—-20x—-22.
Céu 7. Ham s6 y = 2 ¢6 dao ham la

A. (2x—3)-2¢ 31 2. B. 273 2.

C. (2x—3). 2773, D. (x? — 3x) - 2031,
Céu 8. Pao ham ctia ham s6 y =x* —4x2 -3 1a

Ay =—4x+8x. B.y=4x>-8x. C.y=4x"-8x. D.y =—4x>+8x.

Cau 9. Ham s6 y = 27=x ¢6 dao ham la

A. 27~ 1n2. B. (2x—1)-2°*.1n2.
C. (32 —x)- 271, D. (2x—1)-2° .
Vax2+1-—1 40
Cdu 10. Cho ham sb f(x) x4c dinh bdi f(x) = X > 77 Tinh 1(0).
0, x=0
A.2. B. 0. C. % D. Khéng ton tai.
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. . £ 1 .
Cau 11. Cho ham so f(x) = T Tinh f"(—1).
x —_
8 2 8 4
A, ——. B. -. . —. D. ——.
27 9 C 27 27
Céu 12. Mot chat diém chuyén dong thang dude xéac dinh béi phuong trinh s =
3 — 312+ 542, trong d6 ¢ tinh bang gidy va s tinh bang mét. Gia tbc cta chuyén
dong khi r =3 la:

A. 12 m/s?. B. 17 m/s2. C. 24 m/s?. D. 14 m/s?.

PHAN 2. Céu fréc nghiém ding sai

Céu 1. Cho ham sb y = v2x —x2. Xét tinh ding sai ctia cac ménh dé sau

1— —1
a) y/:—xz' b) y”:—3.
2x—x (, /2x—x2)
1
c) y3.y//:1‘ d) y/_|_(x3_2x2)_y//:_§.

CAu 2. Vi tri cia mét vat chuyén déng thang dude cho bdi phuong trinh

1 3 P - M N N P M 2
s(t) = §t3 — Etz + 3¢, trong d6 ¢ dude tinh bang gidy va s dudc tinh bang mét.

a) Van toc tic thoi cta vat tai thoi diém 7 = 3 bang 3 m/s.
b) Gia tdc tiic thoi ctia vat tai thoi diém ¢ = 2 bang 1,5 m/s>.
¢) Van toc ca vat tang dan trong khoang thdi gian ti gidy tha 3 dén giay thi

5.
d) Trong thoi gian tit gidy thi 1 dén gidy thi 4, vat c6 van téc nhé nhat bang
1 m/s.

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Phuong trinh tiép tuyén ctia do thi ham s6 y = —log, x tai diém c6 hoanh
do xo = 2 ¢6 dang y = ax+b. Tinh a + b (két qua lam tron dén hang phan chuc).

KQ:[ [ [ []

Cdau 2. Cho hai ham s6 f(x) va g(x) déu c6 dao ham trén R va théa man
F2—x)=2f2(2+3x) +x* - g(x) +36x =0,Vx € R.

Tinh A =3£(2) +4f'(2). RKQ:[ [ [ ]

Cau 3. Nhiét do co thé ciia mot ngudi trong thoi gian bi bénh dudc cho béi
cong thitc T (1) = —0,1¢> 41,2t + 98,6, trong d6 T 1a nhiét d6 (tinh theo don vi do
Fahrenheit) tai thoi diém 7 (tinh theo ngay). Tim toc do thay doi nhiét d6 6 thoi
diém r = 2. KQ:[ [T 1]
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~ N A 1 » A . . N A A > . - 2
Cau 4. Cho ham so y = o do thi (C). Goi A la tiep tuyen caa (C) tai diem
x R—

M(2;1). Dién tich tam giac dudc tao bdi A va cac truc toa do bang bao nhiéu?

KQ:[ [ [ 1]

PHAN 4. Tu luan.

x+1
x—2"
Cau 2. Tinh dao ham ctia ham s6 s6 y =x(x—1)(x—2)... (x—2021) tai diém x = 0.

Céu 1. Tinh dao ham cap hai ctia ham s6 y =

P N A - 2 s A . N . 0 . NI A > -
Céu 3. Choham soy= )lc— c6 do thi (C) va diém A (m; 1). Goi S 1a tap tat ca cac
—x
gia tri ctia m dé c6 ding mot tiép tuyén cta (C) di qua A. Tinh téng binh phuong
cac phan ti caa tap S.

Cdau 4. Nha Nam c6 mot chiée ban hinh tron ¢6 ban kinh bang v/2 m. Nam muén
treo mot béng den ¢ phia trén va chinh gita chiéc ban sao cho mép ban nhan
dudc nhiéu anh sang nhét. Biét rang cudng do sang cta béng den dugc biéu thi
béi cong thite C(£) = k- 512‘2“
den t6i mép ban) va mat ban; k 14 hang s6 ti 1é chi phu thudc vao ngudn sang
(k > 0); ¢ 1a khoang cach tit béng den t6i mép ban. Tinh khoang cach Nam can

. Trong d6, o 1a géc tao bdi tia sang (chiéu tit béng

treo bong den tinh tu mat ban.

— Hét—
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.PDESO5

PHAN 1. Cau tréc nghiém nhiéu phuong an lua chon

Céu 1. Pao ham cép hai ctia ham s6 y = tanx 1a
A.y" =2tanx (1 —tan’x). B.y" =2tanx (1 +tan’x).
C.y" = —2tanx (1 —tan’x). D.y" = —2tan (1 + tan’x).
Cdu 2. Cho ham sb6 f(x) = sin?x, v6i moi x € R ta c6 f”(x) bang
A. f’(x) =2cosx. B. f’(x) =2sin2x. C. f”(x) =cos2x. D. f”(x) =2cos2x.

- ) 1 : . , , P .
Cau 3. Choham soy= T Chon khang dinh dung trong cac khang dinh sau:
— X

A.Y'+y3=0. B.y —y*=0. C.y'+2y°=0. D.y’ —2y* =0.
Céud. Ham s6 y = —— 5— la dao ham ctia ham s6 nao dudi day?
sin” x
1
A. y=tanx. B. y = cotx. C.y= —cotx. D.y=—.
sinx
~ N 2 . N ; 3x+1 .,
Cdau 5. Pao ham cap hai ciia ham so y = la
x+2
A.y' = 10 . B.y'=-— > . Cy'=— > . D.y'=— 10 .
(x+2)* (x+2)* (x+2)° (x+2)°

~ < <A A 4 X . N A 2 . . 2 P N
Cau 6. Phuong trinh tiep tuyen véi do thi ham so y = % tai diéem c6 hoanh
X
dox=01a?

A.y=x+2. B.y=—x-2. C.y=—x+2. D.y=—x.

Céu 7. Tinh dao ham cap hai ctia ham s6 y = —3cosx tai diém xp =

T
5
Ay’ (E> =-3. B.) <E> =5. C.y' (E> =0. D.y’ (E> =3.

2 2 2 2
Cau 8. Cho ham sb f(x) = vx2 —2x+3, tinh f(2).
Al B. V3. ., D.2/3.

Cau 9. Hé sb géc cuia tiép tuyén véi do thi ham sb f(x) = x> tai diém M(—2;—8)
1a?
A. 12. B. —12. C. —192. D. 192.

Céu 10. Cho ham sb f(x) = (3x—7)5. Tinh "(2).

A. f"(2) =0. B. f(2) = 20. C. f"(2)=—180. D. f"(2)=30.
Céu 11. Pao ham cép 1 cta ham s6 y= ——— bang biéu thiic nao sau day?
x2—2x+5
—2x—2 —4x+4 C —2x+2 2x+2
T (2 —2x+5)% T (2 —2x+5)% T (k2 —2x+35)% T (a2 —2x+5)2
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Céu 12. Cho ham s6 y = u-v trong d6 u, v 14 cac ham s6 c¢6 dao ham cap hai. Hay

chon khang dinh dung.
A. y// =u' v +u V. B. y// _ (u/ . v/)/‘
C. y// — u//'V+M'V//. D.yll :ull'v+2M/'V/+u'V//.

PHAN 2. Céu fréc nghiém ding sai

~ N A 1 ~ A . N N 2
Cau 1. Cho ham s6 f(x) = §x4 —3x% 42024 c6 @6 thi (C) v dudng thang d: y =

a) Dao ham cta f(x) 1a f'(x) = 2x> —6x.

b) Hé sb géc ctia dudng thang d 1a 4.

¢) Goi A la tiép tuyén ctia d6 thi (C) song song véi d, khi d6 hé sb géc ctia A 1a
—4,

d) Cé hai tiép tuyén ctia do thi (C) song song véi d.

. . % 1 e . A A
Cau 2. Choham so y = % Xét tinh dung sai ciia cac ménh dé sau

a) y(1) = 1. b) y(2) = —%.
c) y’-4x=2;—(lnx)-2x-ln2. d) y’(l)—i—y(l):%.

PHAN 3. Cau tréc nghiém trd 1i ngén.

sin?x — cosZx

Céu 1. Pao ham ctia ham s6 y = — tai diém x = T (lam tron dén phan
Sinx - cosx 6
tram). KQ:[ [ [ 1]
Cau 2. Cho ham s6 y =x* —2x?>4+m—2 ¢6 do thi (C). Goi S 14 tap cac gia tri cia m
sao cho d6 thi (C) c6 ding mét tiép tuyén song song véi truc Ox. Téng cac phan
tit cia S 1a KQ:[ [ [ 11
Cdu 3. Mot vat chuyén dong theo quy luat s = %t3 —1249¢, véi t (gidy) 12 khoang
thoi gian tinh ti ldc vat bat dau chuyén déng va s (mét) 1a quang duong vat di
duge trong thoi gian d6. Quang dudng vat di dude tinh ti lic bat dau chuyén
dong dén luc vat dat van tbc nhé nhit bang (l1am tron két qua dén hang phan

tram)? RKQ:[ [ [ ]

Cdu 4. Dan s6 ctia mot thi tran ven bién (tinh bang nghin ngusi) dudc mé hinh
S 3007

hoéa béi ham so P(t) = ——
L ham 20 PU) =50y SN

tang dan so nam 2028. (Ket qua lam tron déen hang phan mudi).

, trong d6 ¢ 1a s6 nam ké tit ndm 2020. Tim toc d6

KQ:[ [ [ 1]
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PHAN 4. Ty luan.

Céu 1. Tinh dao ham cta cac ham sb sau

a) y=tan(e*+1); b) y = v/sin3x; c) y=cot(l—2%).
Cau 2. Cho ham s6 f(x) =x?> —2x+3 ¢6 d6 thi (C) va diém M(—1;6) € (C). Viét
phuong trinh tiép tuyén véi (C) tai diém M.

o N A 1 2 2 2 2 2, . 2 L 2 N 2,
Cau 3. Ham so S(r) = 7 €0 thé dudc st dung dé xac dinh siic can S ctia dong mau
c6 ban kinh r (tinh theo milimét) (theo Bach khoa toan thu Y hoc "Harrison’s
internal medicine 21st edition"). Tim toéc do thay déi cta S theo r khi r = 0, 8.

2 1

- \/x—|—2—\/)_c_ Vx+2—+vx+1
T=Ff)+fFQ2)+f(3)+-+f(2023).

Céau 4. Cho ham s6 f(x) . Tinh tong

— Hét—
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.PESO 6

PHAN 1. Cau tréc nghiém nhiéu phuong an lua chon

Cau 1. Viét phuong trinh tiép tuyén ctia d6 thi ham sb f(x) = x> — 2x> 4+ 3x+1 tai
diém c6 hoanh d6 xo = 2.

A.y=—x-1. B.y=7x—14. C.y=7x-1. D.y=—x+09.
) 2 _2x—1 .,
Cau 2. Dao ham ctia ham séy:%béng
x_
2 2 2 2
x*—4x+5 x-—6x+5 x-—6x+4 x —6x—1
Ay=-———"+By="-—7F.Cy=——7. D.y="———.
R ) e N ) R o)
Cau 3. Pao ham ctia ham s6 f(x) = v/2 — 3x2 bang biéu thiic nao sau day?

A —3x B 1 C —6x2 D 3x
V232 T2v2-322 T2v2 =302 TV2-322
Cdéu 4. Heé s6 goc cta tiép tuyén véi do thi ham sb y = sinx+ 1 tai diém c6 hoanh

déx():glé

A.k:—\/Tg. B.kz?. C.k:—%. D.k:%.
Cdéu 5. Cho ham s6 y = xcosx. Tim hé thic ding trong cac hé thiic sau.

A.y' +y=sinx+2xcosx. B. " +y=2sinx.

C.y"+y= —sinx+xcosx. D.y" +y= —2sinx.

Vix+1 khix>0
x+1 khix <0

dao ham ctia ham s f(x) tai x = 0?

Cdu 6. Cho ham s6 y = f(x) = . Khang dinh nao 1a dung vé

A. f(0)=—1. B. f'(0) = 0. C. f'(0) = 1. D. Khong ton tai.
Céu 7. Cho ham s6 y=x> —3x*+x+1 véi x € R. Pao ham y’ cia ham sb 1a

A,y =5 —12x° +1. B. " =5x* —12x°.

C.y" =20x% —36x°. D. y" = 20x> — 36x2.
Cdu 8. Trén khoang (0;+o0), dao ham ctia ham s6 y = log, x 12

1 In2 1 1
Ay = . B.y’:n—. C.y=-. D.y=—.
xIn2 X X 2x

Cau 9. Cho ham s6 y = f(x) c6 dao ham tai diém xo. Tim khang dinh ding trong
cac khang dinh sau.

A. f'(xo) = lim M. B. f'(x0) = lim M.
X—X0 X — X0 X—X0 X — X0
. =tip P Dt = i PR
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Cau 10. Ham s6 y =x>+x+ 1 c6 dao ham trén R 1a

A.y =3x B.y =2+x. C.y =x*>+x. D.y =2x+1.
Céu 11. Pao ham ctia ham s6 y = sin’2x trén R 1a

A.y = —2sindx. B.y =2sin4x. C.y =—-2cos4x. D.y =2cos4x.
Céu 12. Cho ham s6 y =x° —3x*+x+1 v6i x € R. Pao ham y” ctia ham s6 1a

Ay =58 —12x> + 1. B. " =5x* — 12x°.

C.y" =20x> —36x°. D. y" =20x° — 36x7.

PHAN 2. Céu fréc nghiém ding sai

Cdu 1. Cho ham s6 f(x) = v—5x2 + 14x 9.

a) Tap xac dinh ctia ham s6 14 2 = {1; g} .
—5x+7
b) Pao ham f'(x) = .
' f) V—5x2+14x—9
¢) Pao ham cia ham sb tai xo = 11a f/(1) = 2.
) 7
d) Tap nghiém cta bat phuong trinh f’(x) <0 la ( 3 g)

Céu 2. Mot vat dude phéng theo phuong thang ding véi van toc ban dau 1a 20
m/s thi d6 cao ctia né so véi mat dat (tinh bang mét) sau r gidy dude cho béi cong
thic h = —2¢> + 20t + 22.

a) Do cao ban dau cta vat 1a 22 mét.

b) Van tdc ctia vat tai thoi diém 7 14 v(r) = —2r +20.

¢) Van toc clia vat tai thoi diém r =3 s 1a v(3) = 8 m/s.

d) Tai thoi diém vat cham dat thi van toc cia vat 1a 15 m/s.

PHAN 3. Céau tréc nghiém trd I1&i ngén.

Céu 1. Sau khi phat hién mét dich bénh, cac chuyén gia y té udc tinh sé nguoi
nhiém bénh ké tit ngay xuat hién bénh nhan dau tién dén ngay thi ¢ 1a f(r) =
35¢% — §t3 (két qua khao sat trong 12 thang lién tuc). Néu xem f'(¢) 1a toc d6
truyén bénh (ngudi/ngay) tai thoi diém 7 thi téc do truyen bénh 16n nhat vao
ngay thi may? KQ: [ [ [ 1]

2 2
” P x“+4x—1 ax+bx+c
Cadu 2. Cho hs 0y=——— cOdao hs = —

ohamsoy i3 c6 dao ham y (2x+3)2

biéu thic P = o>+ b* + ¢? bang KQ:[ [ [ 1]
Céu 3. Nhiét d6 7 (don vi: °C) ctia mot tAm kim loai dude 1am ngudi phu thudce
vao thoi gian 7 (phit) theo phuong trinh 7(r) = 100e*! +20. Tinh tbc d6 thay

doi nhiét do ctia tAm kim loai tai thoi diém 7 = 5 phut. Két qua lam tron téi hang

phan chuc. KQ:[ [ 1]
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Cdau 4. Cho ham sb f(x) = x*e¢ . Téng cac nghiém ctia phuong trinh f'(x) =0

la bao nhiéu? KQ:[ [ [ 1]

PHAN 4. Tu luan.

Cau 1. Tinh dao ham ctua cac ham so sau

2x—1\° 2x
—_— * b = N
a) y <x+2>’ )y 2+1
c) y=e* sin’x; d) y=log(x+ /)

Céu 2. Tinh dao ham cip hai caa cic ham s6 sau
a) y=x> —4x>+2x—3; b) y=x%e".

Cdau 3. Ham s6 R(v) = @ c6 thé dung dé xac dinh nhip tim R ctia mét ngudi ma
tim ctia nguoi d6 ¢ thé lay di dude 6000 m! mau trén méi phit va v ml mau trén
moéi nhip dap (theo Bach khoa toan thu Y hoc "Harrison’s internal medicine 21st
edition"). Tim toc d6 thay doi ctia nhip tim khi luong méu tim d4y di 6 mét nhip
la v = 80.

X

Cdu 4. Cho ham sb f(x):ln2018+ln( 1). Tinh

X+
S=f()+f2)+fB)+ -+ 1(2017).

— Hét—
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DAP AN CAC PE CHUONG HAM SO MU VA LOGARIT
BANG DPAP AN PE SO 1

DAP AN PHAN I

1. Al|2. A||38. D|[4. c|[5. D||6. D||7. c][s. A|l9. C]
(10. B||[11. A||12. A]

PAP AN PHAN II
Cau 1. (@b(®)S(c)S(dD||Cau?. ORIOEIORICH:!
PAP AN PHAN III
Cau 1. Cdéu 2. Céu 3. Céu4
alels[ N[s] [ [ [ll7lol | [jlzle] []]
BANG DAP AN PE SO 2
PAP AN PHAN I

1. B|[2. cC|[38. C]|4. A|[5. B||6. B||[7. DJ|[8. A][9. D]
110. A|[11. B|[12. D]

PAP AN PHAN II
Cau 1. (@)s(P(c)S(d)Ss ||Cau?. @s®pl)s@p
PAP AN PHAN III
Céu 1. Cdéu 2. Cdéu 3. Céu4
HEERI IR ENNE EREN
BANG DAP AN PE SO 3
PAP AN PHAN I

1. B||2. B|[3. A]|4. D|[5. A|l6. A||[7. B|[8. D][9. C]
[10. C]|11. C]||12. B]

PAP AN PHAN II
Cau 1. (@b(®)s(c)P(dD||Cau?. (@bp®)s(e)pds

PAP AN PHAN III
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Cau 1 Cau?2 Cdu 3. Cdau 4.
L L Dl [ [idol Tl 1 1]
BANG DAP AN DPE SO 4
DAP AN PHAN I
1. Al|2. C|[3. B||4. A][5. All6. C||7. Al|[s. cC][9. B]
(10. C||11. B]|12. C]
DAP AN PHAN II
Ccau 1. (@)s)s(c)P(db | |Cau2. @sbb)s@b
DAP AN PHAN III
Cau 1. Cdu 2. Cau 3 Cdau 4.
sl [slls ] [ [ [lel | [ [isl 1215
BANG DAP AN DPE SO 5
PAP AN PHAN I
1. D||2. D|[3. B||4. B|[5. C||6. A||7. DJ|[9. B][10. D]
[11. D||12. B|
DAP AN PHAN II
Ccau 1. (@s)b(c)P(dS | |Cau2. @pb)s)s@b
DAP AN PHAN III
Cdau 1. Cdu 2. Cdu 3. Cau4
A3 [ el [ Ifjisl [ []Jlrfofo] |l
BANG PAP AN DE SO 6
DAP AN PHAN I
1. c||2. c|[3. D||4. A][5. D||6. B||7. B|[8. A][9. B]
110. C|[11. D|[12. D]
DAP AN PHAN II
Cau 1. (@)s(b)b(c)S(db | |Cau2. @pb)s)s@p
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DAP AN PHAN III
Cdau 2. Cdu 3. Cau4
efof Pl [ lefz ] [ ]

BANG DAP AN PE SO 7

PAP AN PHAN I

1. Al|2. A|[3. All4. cC|[5. All6. A|l|[7. Al[s. cC][9. B]
110. C|[11. B|[12. D]

PAP AN PHAN II
Cau 1. (@Pb)b(c)s(dSs | |Cau2. @s®)spds
PAP AN PHAN III
Céu 1. Céu 2. Céu 3. Céu4
LIS stisl 1 D lislol [
BANG DAP AN DPE SO 8
PAP AN PHAN I

1. Al|2. A|[3. All4. A|[5. A|l6. A||[7. B|[8. D|[9. B]
[10. A][12. C|

PAP AN PHAN II
cau 1. (@Pb)b(c)s(dSs | |Cau2. @sbb)s@p
PAP AN PHAN III
Céu 1. Cdéu 2. Cau 3. Céau4
ol sl 1 T iels] [ lf2fof2]1]
BANG DAP AN PE SO 9
PAP AN PHAN I

1. A||2. D|[3. B|]|4. D|[5. C||6. B||[7. B|[8. A][9. D]
[10. C||11. D||12. D]

PAP AN PHAN II

Cau 1. (@)s()b(c)s(ds | |Cau2. @sbb)p@b
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PAP AN PHAN III

Céu 1. Cdéu 2. Céu 3. Céau4

ol L L =tel sl LD le ] [2] ]
BANG DAP AN DE SO 10

PAP AN PHAN I

DAP AN PHAN II

Cau 1. (@)sb)p(c)P(d)D | |Cau2. @sbb)pds
PAP AN PHAN III

Cau 1. Cdau 2. Cdau 3. Cau4

2jof2fgf{3]7[ [ [|[s[7][slofjf3] [ []

= GV: NGO bUC TAI @ Trang 4/13
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PAP AN CAC PE CHUONG QUAN HE VUONG GOC
TRONG KHONG GIAN

BANG PAP AN PE SO 1

PAP AN PHAN I

1. D|[2. A|[3. All4. B|[5. D||l6. c||[7. B|[8. cC|[9. D]
110. D|[11. B|[12. C]

PAP AN PHAN II
Cau 1. (@p®)P(c)P()S ||Cau?. @p®dpP)s@s
PAP AN PHAN III
Cau 1. Cdau 2. Cdau 3. Cau 4
HEERE BERE BN
BANG DAP AN DPE SO 2
PAP AN PHAN I

1. C||2. c|[3. B]|4. B|[5. C||6. B||[7. A][8. B|[9. D]
110. C|[11. C]|[12. B]

PAP AN PHAN II
Cau 1. (@Pb)s(e)P(db | |Cau?2. @pbb)sds
PAP AN PHAN III
Céu 1. Cdau 2. Cau 3. Céau4
Ll 4zl L s [l 1T
BANG DAP AN PE SO 3
PAP AN PHAN I

1. Al|2. B|[38. C]|4. B|[5. C||6. D|[7. B|[8. A][9. C]
110. D] [11. A|[12. B]

DAP AN PHAN II

Cau 1. (@s()s(c)s(ds ||Cau2. @sbb)pds
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PAP AN PHAN III
Céu 1. Cdau 2. Cau 3. Cau 4.
ol e l7fflo], [4lofflel.lof3l)ft[r]3]]]

BANG DAP AN PE SO 4

DAP AN PHAN I
1. D||2. B|[3. B|]|4. D|[5. C||6. D|[7. A][8. B|[9. C]
110. C|[11. A|[12. B]
DAP AN PHAN II
Cau 1. (@)s()s(c)p(ds | |Cau2. @pb)s)pds
DPAP AN PHAN III
Cau 1. Cdau 2. Cau 3. Cdau 4.
s l2 L [3[2flul2]s] [isl3]7]8]
BANG DAP AN DE SO 5
DAP AN PHAN I
1. A||2. B|[3. D||4. D|[5. cC||6. D||[7. B||8. D|[9. D]
110. A|[11. A|[12. B]
DAP AN PHAN II
cau 1. (@pb)s(c)P(db | |Cau2. @s®b)sds
PAP AN PHAN III
Cdu 1. Cdu 2. Cau 3 Cau 4.
L[ 8] [)fof [elsjialo], [2Jl4[3]2] |
BANG DAP AN DPE SO 6
DAP AN PHAN I
1. Al|2. B||3. B|[4. D|[5. All6. cC||7. D][s. A|l9. C]

(10. C||11. B||12. B]

PAP AN PHAN II
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Cau 1. (@Ppb)b(c)P(dS | |Cau2. @pb)b)s(ds
PAP AN PHAN III
Cau 1. Céu 2. Cdéu 3. Céau4

OENEI KON

8[o] |

EIEIEIE

BANG PAP AN PE SO 7

PAP AN PHAN I

DAP AN PHAN II

Cau 1. (@)s(®P(c)P(dD||Cau?. ORIORIOEIC:
DAP AN PHAN III

Cau 1. Cdau 2. Céau 3. Céau4

o] . [2]s[2]2]6]4 HNEE|

EIEEE

BANG DAP AN DE SO 8

PAP AN PHAN I

PAP AN PHAN II
cau 1. (@Pb)s(c)s(dp | |Cau2. @pb)s)s@p
PAP AN PHAN III
Céu 1. Cdéu 2. Cau 3. Cau4
ol [ fffs] 1 1 jlelol [ lfe4]s]s]]
BANG DAP AN PE SO 9
PAP AN PHAN I

1. C||2. A|l[3. All4. D]|[5. C||6. B||7. DJ|[8. cC][9. A]
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PAP AN PHAN II

cau 1. (@)sb)p(c)P(d)b | |Cau2. @s®s)s@p

PAP AN PHAN III

Cau 1. Cdou 2. Cdau 3. Cau4

4ol [)[sel Tofjlol, [al9fal7] []]
BANG DAP AN PE SO 10

PAP AN PHAN I

PAP AN PHAN II

Cau 1. (@P(®)P(c)S(dD||Cau?. ORIOEIOEICE:
PAP AN PHAN III

Céu 1. Cdau 2. Cau 3. Céau4

6ol Yzl [als|lslo] [ [f[3l2] [
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PAP AN CAC PE CHUONG CAC QUY TAC TINH XAC SUAT
BANG DPAP AN PE SO 1

PAP AN PHAN I

1. c||2. D|[38. A]l4. c|[5. All6. c||[7. B|[8. D|[9. C]
[10. C||11. B||12. D]

PAP AN PHAN II
Cau 1. (@Pb)s(c)s(db | |Cau2. @pb)b)s(ds
PAP AN PHAN III
Céu 1. Cdéu 2. Cau 3. Céau4
[BDK| DOE DNDL DREE)
BANG DAP AN PE SO 2
PAP AN PHAN I

1. D|[2. D|[38. D||4. B|[5. C||6. A||[7. A][8. D|[9. D]
(10. C|[11. c|[12. D]

PAP AN PHAN II
Ccau 1. (@)sb)p(c)P(d)b | |Cau2. @pb)s)s@p
PAP AN PHAN III

Céu 1. Cdau 2. Cau 3. Céau4
DRDE DEDEIDNDEL

> 42

9 9

BANG DPAP AN PE SO 3

PAP AN PHAN I

1. Al|2. c|[38. B]|4. c|[5. B||6. A|l|[7. cC][s8. D|[9. A]
110. A|[11. A|[12. D]

DAP AN PHAN II
Cau 1. (@)s(b)s(c)s(db | |Cau2. @s®ple)s@s

PAP AN PHAN III
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Cdau 1. Cdu 2. Cdu 3. Cau4
of s [ffe] [ [ Jlof [2]s

o
—

BANG DAP AN PE SO 4

PAP AN PHAN I

PAP AN PHAN II
Céau 1. (@P(b)b(c)S(db | |Cau2. @s®b)s@s
PAP AN PHAN III
Cau 1. Cdou 2. Cbu 3
43 ] 7)ol 7 2[)lo].[o]6]
BANG DAP AN PE SO 5
PAP AN PHAN I

PAP AN PHAN II

Cau 1. (@)P(d)S(c)s(db | |Cau2. @p®d)bP)s@s
PAP AN PHAN III

Caul Céu 2. Céu 3 Cau4

o Jof2jfo]. [8[e]jlo] 2]

63 ]5]

BANG DAP AN PE SO 6

PAP AN PHAN I

PAP AN PHAN II

Cau 1. (@b(®)s ()PP ||Cau?. @s®pepP@D
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PAP AN PHAN III
Céu 1. Cdéu 2. Cdau 3. Cau 4.
ol [rf7fflo], Tel3fjlo]. [8]s8]jlo]. [2]1]

DAP AN CAC PE CHUONG PAO HAM

BANG DPAP AN PE SO 1

DAP AN PHAN I
1. A||2. D|[3. D||4. A|[5. A|l6. A||[7. Al[8. D|[9. D]
110. C|[11. c][12. C]
DAP AN PHAN II
Ccau 1. (@pb)s(c)P(ds | |Cau2. @pb)s)s@p
DAP AN PHAN III
Caul Cdu 2. Cdau 3. Cau 4.
7L [ L =Lel [ Jfllal | [jfel. [s]1]
BANG DAP AN DE SO 2
DAP AN PHAN I
1. B||2. B||3. B||4. D|[5. D||6. A||7. D]|[s8. B|[9. A]
110. C|[11. B|[12. A]
DAP AN PHAN II
cau 1. (@)s()s(e)p(d)s | |Cau2. @pDd)P)s@s
DPAP AN PHAN III
Cau 1. Céu 2. Céu 3. Cau 4.
L [ el T D fjieds] [Hi=[s] [
BANG DAP AN DE SO 3
DAP AN PHAN I
1. A||2. D|[3. D||4. A|[5. B||6. B||[7. A][8. B|[9. D]

[10. A][11. A||12. D]
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PAP AN PHAN II
Cau 1. (@Ppb)s(c)s(db | |Cau2. @pb)s)pds
PAP AN PHAN III
Céu 1. Cdau 2. Cau 3. Céau4
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A.DESO 1

PHAN 1. Cau tréc nghiém nhiéu phuong @n lua chon

Céu 1. Cho a,b,c >0 va a > 1. khang dinh nao duéi day sai?
A.log,b>c&b>c. B. log,b >log,c < b > c.
C.d’ >a"=b>c. D.log,b <log,c = b <c.

Loi giai

Vi co s6 a > 1 nén

* log,b>c < b>a‘. Do d6,log,b > c < b > c 1a khang dinh sai.

e Céac khéng dinh con lai déu dung.

Chon dAp AN (A) ... vt O
Cd&u 2. Tap nghiém ctia bat phuong trinh 22 < 254 13

A. (—o4). B. (0;4). C. (0;10). D. (4;+c0).
Loi giai
Tac2¥ < 2 o 2x<x+4 e x < 4.
Tap nghiém ctia bat phuong trinh § = (—oo;4).
Chon dap 41 (A) ..ot O
Céu 3. Cho cac ham s6 y = a* va y = b* véi q, b 12 nhiing s6 thuc duong khac 1,
¢6 d6 thi nhu hinh vé. Pudng thang y = 3 cat truc tung, d6 thi ham sb y = «* va
y=0b*1an ludt tai H, M, N. Biét rang 2HM = 3MN, khang dinh nao sau day ding?

y
M
d
H N
0 X
A. & =b. B. 3a = 5b. C. d* =b. D.d =0b°.

Loi giai
3
2HM =3MN = HM = gHN.
Goi M (x1;3) € y =a* = x; =log, 3.
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N (x1;3) € y =b* = xp = log, 3.

Khi d6
HM=>HN & log 3= Slog,3 & — — S loga= Jlogib o a=b3 ©dd =5
~5 Ba T 508 T oo a T Slogah | o3 T 3 0BT AT v
Chon dAp 40 (D) ...\ et O
Cdu 4. Nghiém ctia phuong trinh 223 = 27 13;
10 4
A.x:?. B.x:g. C.x=4. D. x=10.

Loi giai
22x+3 — 2x+7

& 2x+3=x+7

& x=4.

Vay phuong trinh c6 nghiém duy nhat x = 4.
Chon dap 41 (C) ...t O
Céu 5. Cho a 1a mét sb thuc dudng va biéu thic 7 = log,(4a). Khang dinh nao
sau day dung?

A. T =4log,a. B. T =log,a. C.T=1-logga. D.T=1+log,a.
Loi giai
Ta c6 T = log,(4a) =log,4 +logsa=1+1log,a.
Chon dap an @ ............................................................... O

Cdu 6. Cho ba sb6 thuc duong «a, b, ¢ khac 1. D6 thi cac
ham sb y = d*, y = b, y = ¢* dudc cho trong hinh vé bén.
Ménh dé nao duéi day ding?

A.b<c<a. Bic<a<b. Cia<b<c. Dia<c<b.

Loi giai

Puong thang x =1 cat do thi cacham sbé y=a*,y =b",y =
tai cac diém c6 tung do lan lust 1a y =q, y=b, y = ¢ nhu
hinh vé bén.

Tu d6 thi két luadn a < ¢ < b.

Chon dap an @ ............................................................... O
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Céu 7. Cho a > 0, m, n € R. Khang dinh nao sau day diung?

A.d"+d"=d"™. B.d"-a"=d"". C.(d")"=(d")". D. ﬁ =d" "
Loi giai ‘
Tinh chat liy thira, ta ¢6 (a)" = a”" = (a")".
Chon dap 41 (C) ....ntit i O

Cdu 8. Tap xac dinh cia ham s6 y =2*1a
A. R. B. (0;+c0). C. [0;+c0). D. R\{0}.
Loi giai
Tap xac dinh ctia ham s6 y =2*1a R.
Chon dAp AN (A) ... nr i, O
Cdau 9. Tim nghiém cta phudng trinh log,(x —5) = 4.
A.x=11. B. x=13. C.x=21. D.x=3.
Loi giai
Piéu kién: x—5>0< x> 5.
Phuong trinh da cho tuong duong véi log,(x —5) =4 < x—-5=2'ex-5=16 <

x =21 (thoa man).

Chon dap 41 (C) .....ui i O
Cdu 10. Biét rang 10* =2; 108 = 5. Tinh 10%t8+ 10%-8,
52 2 5
A. 10. B. —. C.:. D. —.
5 5 52
Loi giai
Ta c6 10%t8 = 10%. 108 = 2.5 = 10.
s 10% 2
Ma10% B =_— =2,
10 552
Vay 10%B+ 1028 = o
Chon d4p 4N (B) ... 'vie it O
Cau 11. C6 bao nhiéu s6 nguyén thudc tap xac dinh ctia ham s6 y = In(15 —x?)?
A.7. B. 6. C.5. D. 8.
Loi giai
Piéu kién 15—x2 >0 < —/15 <x < V15.
Doxe€eZ = x={£3;+2;+1;0}.
Chon dap 41 (A) ... .o O

Cau 12. Cho a, b, ¢ 1a céc s6 thuc duong, trong d6 a,b > 1 va théa man log,c = 3,

log, ¢ = 4. Gia tri bi€u thic P = log,, ¢ 1a
12 7 1
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Loi giai
o 2 1k R 1 1 1 1
Tu gia thiét ta suy ra ¢ # 1 valog.a = = —;log.b= =-
log,c 3 log,c 4
Khi do, ta co
P lo 1 1 12
pry CcC = — — e p—
Sab log.(ab) log.a+log.b 1 1 7
— + —
3 4
Chon dap an @ ............................................................... O

PHAN 2. Cau tréc nghiém ding sai

bS
log,(a*b?) —log, <—2)
a

log2bh+1

Cdau 1. Cho cac biéu thiic sau: P = va Q = log, b* +log» b°

Vv6i a, b 12 cac s6 duong va a khac 1.
a) O =6log,b. b) P =6log,a. c) O =3P. d) O-P=12.
Loi giai
Ta c6 Q =3log,b+6- %logab = 6log,b.
Ta co
P log,a’® +log, b*> — (logb b® —log, a2)
log2b+1
3+2log,b—3+2log,a
log2b+1

1
2|\ log,b )
( 08abF log, b

logZb+1

) logZb+1
log, b

logZbh+1
2

- log, b

= 2log, a.
a) (D) Vay Q = 6log,b.

b) (S) Vay P = 2log, a.

c) (S) Vay 0 #3P.

d) ® Vay Q-P=12.

Chon dép 4n|a ding | bsai [csai [ddung| ..., O
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Cau 2. Cho hai ham s6 f(x) =5 va g(x) = <i) :

a) Ham s6 y = f(x) dong bién trén R.
b) Ham s6 y = g(x) c6 tap xéc dinh (0; +oo).

1
c) Tap nghiém cua phuong trinh f(x) = g(x) la {—5;0}.

d) Tap nghiém ctia bat phuong trinh f(x) < g(x) khong chita s6 nguyén.
Loi giai

a) (D) Pung.

Vi5 > 1nén ham sb y = f(x) dong bién trén R.
b) (S) Sai.

Tap xac dinh cta g(x) la 2 =R.
c¢) () Pung.

1\* 1
T . x:<_) :_22 = —0.
acos 25 S x X“ & X > x=0

1
Vay tap nghiém ctia phuong trinh f(x) = g(x) la S = {_5;0}'

d) ) Ping.

2
1\ 1
Ta c6 5* <—) -2 & —— :
acosS' < 5 Sx<< 2 & 2<x<0

Chon dép an |a ding | bsai|cdung [ddung|..................ooL, O

PHAN 3. Céau tréic nghiém trd I&i ngén.

Cau 1. Ap suit khong khi P theo cong thic P = By - e (mmHg), trong dé x 1a d6
cao, By = 760 (mmHg) 12 4p suat khong khi & miic nudc bién (x = 0), k 1a hé sb
suy giam. Biét réng & d6 cao 1000 m thi ap suat khong khi 1a 672,71 (mmHg).
Tinh ap suat ctia khong khi 6 d6 cao 4000 m. Papan:(4|6 |6
Loi giai

O d6 cao 1000 m 4p sult khong khi 12 672,71 (mmHg).

67271 1 67271
Nén ta c6 672,71 = 760e! 0% & 1000k — — =2 — o | — In—"—.
en ta €0 674, ¢ ¢ 760 1100067n 760

Y

. 2 4000- In
Ap suit 6 d6 cao 4000 m 14 P =760e*0% =760e 1000 760 =~ 466,52 (mmHg).

DA AN: 466 | .. OJ
Cdu 2. Biét 4*+4~* =23, tinh gia tri biéu thitc P =2°+2"*. Dap an:| 5
Loi giai

Dt P=2" 2= P> 0.
Taco P2 = (25 +2%) 2 =4 445 42.25.27 =23 42 =25,
Vay P =5.
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DD An: |5 o O]
2 m . N A A N s

Cau 3. Bidt v/5-v/25-v/5=5n véi m,n € 7 va nguyén to cung nhau. Tinh m +n.
Papan:| 7|9

Loi giai
Ta co

W
()]
~
[\
W
5
W
I
W
| —
N
~
[\®)
W
(9]
| —
v
| —
I
W
| —
/N
W
V]
W
Q| —
N——

1 7 1 7 1,7 19
— 55 (55) —55.560 = 55760 — 560
Suy ra m =19, n = 60.
Vay m+n=179.
DD AN [T oo O

Cdu 4. Cé6 bao nhiéu s6 nguyén x théa man (2)‘2 — 4x> logs (x+25) —3] < 0?

Papan:| 2|6

Loi giai
Piéu kién x > —25.
Pat f(x) = (27 —4) [log; (x+25) - 3].

x=0

x=2.

e ¥ _ (¥ =22 2 =0y

* logy(x+25)—3=0clog; (x+25) =3 & x+25=3 < x=2.

Bang xét dau

x [ -25 0 2 +oo
£(x) - 0 + 0 +
~25<x<0

T bang xét dau, f(x) <0<
x=72.

Vay c6 26 sb nguyén x théa yéu cau.

D aAp An: |26 ..o e O]

PHAN 4. Tu luan.

Cau 1. Giai cac phuong trinh sau:

1

49°
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b) log, (x—4)+1log, (x—3) = 1.
Loi giai

2 1 x=-—1

a) 7 "= o P x=2 +x+2=0< .

49 -2
Vay nghiém ctaa phuong trinh trén la x= —1; x = 2.

b) log, (x—4)+1log,(x—3)=1 (1)
x—4>0 {x>4
=

x—3>0 x>3
Phuong trinh (1) tré thanh

Piéu kién { x> 4.

x=2 (loai)
log,(x—4)(x—3) =1 (x-4)(x-3)=2ex>-Tx+10=0< S
X =

Vay nghiém ctia phuong trinh trén la x = 5.
Cau 2. Gia stt log,;5 = a, logg 7 = b, log, 3 = c. Biéu dién log,, 35 theo a va b.
Loi giai
Ta co

1 log, 5
logyys =a ¢ slog;5=a e 1223 = 3a < log, 5 = 3ac.
Ta ctng c6
1
logg 7 & §10g27 =b & log, 7 = 3b.
Khi dé6

log,35 log,5+log,7 3ac+3b
log, 12 log,3+2  c+2

log,35 =

Cau 3. Gia sit sb tién goc 1a A, 1ai suét 1a 7%/ ki han gii (c6 thé 1a thang, quy
hay ném) thi tong sb tién nhan dudc ca gbc va ldi sau n ki han gitila A(1+r)". Ba
Hanh giii 100 triéu vao tai khoan dinh ky tinh 1ai kép véi 1ai suat 1a 8%/ nam.
Tinh s6 tién 1ai thu dudc sau 10 nam.

Loi giai

Ap dung cong thic tinh 1ai kép, sau 10 nim sb tién ca gbc va 14i ba Hanh thu vé
14 A(1+7)" =100(1 +0,08)'0 ~ 215,892 triéu dong.

Suy ra s6 tién 1ai ba Hanh thu vé sau 10 nam 1a 215,892 — 100 = 115,892 triéu
dong.

Cdu 4. Rudi gidm dudc tha vao binh sita ntta lit cung véi mot qua chubi (d€ 1lam
thic &n) va cay men (dé 1am thic &n va d€ kich thich dé tring). Gia st rang sb

ludng rudi duc qua sau ¢ ngay dudc cho béi cong thite P(r) = 1556 50037 Hoi

phai méat t6i thiéu bao lau (don vi ngay, lam tron dén hang phan chuc) dé trong
binh ¢6 180 con rudi gidm? (Gia st trong qua trinh thi nghiém khong c6 con ruoi
nao bi chét di) Dapan:| 1|4 4

Y
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Loi giai

Pé trong binh ¢6 180 con rudi gidm thi

230
Plt) = 1565005

23
1+56,5¢ %77 ==
o0 18

=180

5
56 5 —0,37t - =
e 18

5
=037t _
© 1017

—0,37t =1n

1017

t—__

2 144
037 11017

Pap an: m .................................................................. O
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B. DE 5O 2

PHAN 1. Cau tréc nghiém nhiéu phuvong an lua chon

Cau 1. Rit gon bidu thite P = x6 - 3/x véi x > 0.
A.P=xs. B.P=./x C. P=x5. D.P =1
Loi giai

Ta c6
Chon d4p 4N (B) ... '\ttt O
Cdu 2. Tap xac dinh ctia ham s6 y = log,x 1a

A. [0;4o0). B. (—oo;+c0). C. (0;+00). D. [2;+0).

Loi giai

Diéu kién x4c dinh ctia ham s6 y = log, x 14 x > 0.

Vay tap xac dinh ctia ham s6 y = log, x 1a 2 = (0;4-0).

Chon dap an @ ............................................................... O

Cau 3. Phuong trinh logs (2x+ 3) = logs (x+2) ¢6 nghiém la
A.x=1. B.x=5. C.x=-1. D.x=-5.
Loi giai

3
o (w4350 [x>-2 3
Diéu kién = 2 &5 x> 2.
x+2>0 > 2 2

Phuong trinh logs (2x+3) =logs (x+2) © 2x+3 =x+2 < x=—1.
Vay nghiém ctaa phuong trinh la x = —1.
Chon dap an @ ............................................................... O

Cdu 4. Nghiém ctia bat phuong trinh log,(x—1) > 3 1a
A.x>09. B.1<x<0. C. x> 10. D.1<x<10.
Lai giai
Piéu kién: x > 1.
Tacolog,(x—1)>3<x—1>8<x>09.
Vay nghiém ctia bat phuong trinh 1a x > 9.
Chon @4p AN (A) ... nri i, O
Cau 5. Gia tri cha biéu thic P = log, 8+ log 59 la
A. 6. B. 7. C.S8. D. 4.
Loi giai
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Ta ¢6 P =log,8+log 59 =10g, 2’ +log | 3> =3log,2+4log;3 =3+4=7
£

Chon dAP AN (B) ... v vttt e O
Cdu 6. Véi a 1a sb thuc duong tuy ¥, log,a® + log, a bang

A. %logz a. B. glogz a. C. log,a. D. —log,a.
Loi giai

) 1 5
Ta c6 log, a®> +log,a = 2log,a + Elogza = Elogz a.

Chon daAp AN (B) ... v ettt O
Céau 7.
Cho ham s6 y = log,x (0 <a# 1) ¢6 d6 thi nhu hinh ¥
vé. Khang dinh nao sau day la ding?

A. Ham s6 nghich bién trén R.

B. Ham s6 nghich bién trén (0;+co).

C. Ham s6 dong bién trén R.

D. Ham s6 dong bién trén (0; o).
Lai giai
Ham s6 dong bién trén (0; +oo)
Chon dap an @ .................................. O
Cdu 8. Chon khang dinh sai trong cac khang dinh sau:
A. Ham s6 y = log, x dong bién trén R.

B. Ham s6 y = log 1 x nghich bién trén tap xac dinh cta né.
2

C. Ham s6 y = 2* dong bién trén R.
D. Ham sb y = xV2 ¢6 tap x4c dinh 1a (0;+c0).
Loi giai
Ham s6 y = log, x dong bién trén khoang (0; +oo).
Chon dap 41 (A) ... i O

Cau 9. Cho x > 0. Viét biéu thic V7 : \/x duéi dang liy thita v6i s6 ma hitu ti.
A. x%. B. x%. C. x17_0. D.x%.

Loi giai

Ta c6 Vx7: \/E:x% :x% = x10.

Chon dap an @ ............................................................... O

Cau 10. Nghiém ctia phuong trinh 3> =32*1a

A.x:%. B.x=0. C.x=-1. D.x=1.

Loi giai
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Taco3>H =32 o2+ 1=2—x&x=1cx= %
Chon dAp AN (A) ... nr i O
Céu 11. Cho a va b 13 hai s6 thuc dudng théa man «3b? = 32. Gia tri caa biéu
thitc 3log,a+2log, b bang
A. 4. B. 5. C.2. D. 32.
Loi giai
Ta c¢6 log, a’b* = log, 32 < 3log,a+2log,b =5
Chon d4p 4N (B) ... '\ttt e O

Cdu 12. Véi a, b 1a cac sb thuc duong va m, n 1a cac sb6 nguyén, ménh dé nao sau

day sai?
A.loga+logh =logab. B. loga—logbzlogg.
C.log,1=0. D. loga+1logh =loga-logh.
Loi giai
Ménh dé sai 1a “loga +logh = loga - logb”.
Chon dap an @ ............................................................... O

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho ham sb y = log, x. Khi dé:

a) Ham s6 c6 tap xac dinh D = R.

b) Ham s6 c6 tap gia tri T =R.

¢) Ham s6 dong bién trén khoang (—oco; +oo).

d) D6 thi ham sbé cat duong thang y = 1 tai diém c6 hoanh d6 bang 3.
Loi giai

a) @ Ham s6 ¢6 tap xac dinh D = R.
Ham s6 y = log,x x4c dinh trén (0;+) do d6 ham s6 c¢6 tap xac dinh D =
(0;4-00).
Chon Sai.

b) @ Ham sb c6 tap gia tri 7 =R.
Ham s6 y = log, x ¢6 tap gia tri T =R.
Chon Dung.

c) (S) Ham sb dong bién trén khoang (—oo;+oo).
Ham s6 y = log, x xac dinh trén (0;+oo) va c6 co s6 4 > 1.
Do d6 ham sb dong bién trén khoang (0; +oo).
Chon Sai.
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d) @ Po6 thi ham sb cat dudng thang y = 1 tai diém c6 hoanh d6 bang 3.
Phuong trinh hoanh d6 giao diém: log,x = 1 < x=4! =4,
Chon Sai.

Chon dép an |asai | bdung | csai|dsai|..............oooo O

Cau 2. Choa,b,c>0,a#1vam,neR.
a) log, 1 =1. b) d'°%b = p,
1
c) log,a" = —. d) log, b"'c" = mlog,b+nlog,c.
m
Loi giai

a) (S) Sai.

Ta c6log,1 =1.

b) (D) Pung.
Ta c6 a'°%? = p.

c) (S) Sai.

Ta c6 log,a™ = mlog,a = m.

d) P Pung.
Ta c6 log, b™c" =log, b™ +log,c" = mlog,b+nlog,c.

Chon dép 4n|asai|bdung [csai [ddang| ... O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Su ting truéng ctia mot loai vi khudn trong phong thi nghiém dugc tinh
theo cong thiic S(r) = Sy -¢". Trong d6 Sy 1a s6 lugng vi khudn ban dau, S(r) 1a sb
luong vi khuén c6 sau ¢ (phut), r 12 ty 1é ting truéng (r > 0), ¢ (tinh theo phut) 1a
thoi gian ting trudng. Biét rang sb luong vi khudn ban dau c¢6 500 con va sau 5
gig ¢6 1500 con. Héi sau bao nhiéu gid ké ti ldc ban dau c6 500 con dé s6 lugng
vi khuén dat 121500 con? Pap an:| 2 |5
Loi giai

Ta ¢6 Sy = 500 (con); 5 gio bang 300 phit.

Sau 5 gid s6 vi khudn 1a S(300) = 500- 3% < 1500 = 50030 < r = ;%3.

Vay khoang thoi gian ¢ ké tit ldc bat dau c¢6 500 con vi khuén dén khi s6 luong vi
khudn dat 121500 con thoa méan 121500 = 500" < 1 — 124 _ 30()11n3243 — 1500
(phut) = 25 (gid). g !

DD An: |25 e O

2ab
SADHMANR im0 e 7. Gid
a-t+?2

tri cta biéu thic L = m+ n bang bao nhiéu? Dap an: | 2

Cdu 2. Cho log,3 = a va logy 5 = b. Biét log;, 150 =
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Loi giai
1

Ta c6 log,3 =a < log;2 = — valogz 5 = b.
a

I
log; 150 logs(2-3-5%) logs2+1+2logs5 5120 2apta+1

log;12  logy(22-3)  2logz2+1 %+1 a+2
a
Dom,nceZ—=m=1van=1=L=m+n=2.
AP ANz 2] oo OJ
6+3(3*+37%)

Céu 3. Cho s6 thuc x théa man 9*+9—* = 14. Tinh gia tri biéu thic P =

2 3x+1 _31—x"
Dapan:| —|1|, |8

Loi giai
Theo bai ra ta co

9 +9 =14 e (32 + (37 =140 (392 +2-3737+(37) = 16 (37 +37) = 16.

Suy ra 3*+ 37" =4,

Do do
p_ 6F3(3" 437  6+43(3°+3™) 6434 18 9
S 2-3.3¥-3.3% 2-3(3*+3%) 2-3.4 —10 5
VéyP:—gz—l,S
DA AN |- 1,8 | O

Cdu 4. Céac khi thai gay hiéu tng nha kinh 1 nguyén nhan cha yéu lam Trai
dat néng lén. Theo OECD (T chiic Hop tac va Phat trién kinh té thé giéi), khi
nhiét d6 Trai dat tang 1én thi tong gia tri kinh té toan cau giam. Ngudi ta udc
tinh rang, khi nhiét d6 Trai dat ting thém 2°C thi téng gia tri kinh té toan cau
giam 3%; con khi nhiét d6 Trai dat tiang thém 5°C thi téng gia tri kinh té toan
cau giam 10%. Biét rang, néu nhiét do Trai dat tang thém ¢°C, téng gia tri kinh
té toan cau giam f(t)% thi f(r) = k-a' trong dé k, a 1a cac hing s6 duong. Khi
nhiét d6 Trai dat ting thém bao nhiéu d6 thi téng gia tri kinh té toan cau giam

dén 25% (két qua lam tron dén hang phan chuc)? Papan:| 7|, |3
Loi giai

k-a* = 3% I
Ta c6 { ’ /10, 3%

Sa={—k=22.
k-a® =10% 3 a?

Téng gia tri kinh té toan cau giam dén 25% nén ta c6
3% L, 25

25 25
?-at:25%:>a ?:>t:2+10ga?:2+10g\/??%7,3

DA AN |7, 8| o OJ

PHAN 4. Tu luan.
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Cdu 1. Giai bat phuong trinh 210g%(2x+ 1)+4>log z(2x—1).
Loi giai

Piéu kién x > %

Ta co

—2log;(2x+ 1) +4 > 2log;(2x— 1)

2 >1logy(2x— 1) +1logz(2x+ 1)
logs(2x—1)(2x+1) <2
(2x—1)(2x+1) <9

45> —10<0
V10 V10

VY <M
2 =*="

r ¢

So v6i dieéu kién ta c6 tap nghiém ctia bat phuong trinh 14S = (

1. V10

2’ T] '

Cdu 2. Cho cac sb duong a, b, ¢ khac 1 théa mén log,(bc) = 2, log,(ca) = 4. Tinh
gia tri cia bi€u thic log,(ab).

Loi giai

Ta co

Vay log.(ab) =log.a+log.b = g
Cau 3. Ong Binh vay v6n ngan hang véi sb tién 100 triéu déng. Ong du dinh
sau ding 5 nam thi tra hét ng theo hinh thic: sau ding mot thang ké tit ngay
vay, 6ng bat dau hoan ng, hai 1an hoan nd lién tiép cach nhau ding mét thang,
s6 tién hoan ng & mdi lan 14 nhu nhau. Héi theo cach d6, s6 tién ¢ ma éng sé
phai tra cho ngan hang trong méi 1an hoan nd 1a bao nhiéu? Biét 1ai suat hang
thang la 1,2% va khong thay déi trong thoi gian 6ng hoan ng.

Loi giai
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Goim, r, T,, a lan ludt 14 sb tién vay ngan hang, 14i suat hang thang, tong s6 tién
vay con lai sau n thang, sb tién tra déu dan méi thang.

Sau khi hét thang thd nhét (n=1) thiconlaila 7y = m(r+1) —a.

Sau khi hét thang thi hai (n = 2) thi con lai &

T, = [m(r+1)—al(r+1)—a
= m(r+1)°—a(r+1)—a
= m@r+1)7*—a(r+2)
_ m(r+1)2—‘;’[(r+1)2—1}.

Sau khi hét thang thi ba (n = 3) thi con lai 1a

T = [m(r+1)2—

RS

[(r1)*— 1H (r+1)—a

_ m(r—}—1)3—g[(r—|—1)3—1].

Sau khi hét thang thi » thi con laila 7, = m (r+1)" — = [(r+1)" — 1].
. r
Ap dung cong thic trén, ta co

60
12-10° (£+1)

n
- _mir+ ) 100 —2347614,532.
(r+1)"—1 (1,2 1)60 .
w00
—Hét—
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C.PESO 3

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cdu 1. Nghiém cta phuong trinh 3! =27 1a
A.x=5. B. x=4. C.x=3. D.x=2.
Loi giai

Ta co
31 =27
& x—1=3
& x=4.

Vay x = 4 1a nghiém cua phuong trinh.
Chon dAp AN (B) ... ve ettt O
Cau 2. Cho a, b 14 cac sb thuc duong (a # 1) théa man log,a = 2, log, b = 3. Tinh

gia tri cia biéu thiic P = log,(a’b).
A.P=10. B. P=5. C.pP=2. D.P=1.
Loi giai
(logya=2 a="2? a=4
Ta c6 & &
log,b=3 b=4 bh=4.

Vay P = log,(a’h) = log,(4*-43) = log,4°> = 5.

Chon dA4p 4n (B) . ...'vi et O
~ 4 N A N . 25 >
Cadu 3. Vi g 1a so6 thuc duong tuy y, logs — bang
a
5 2
A.2—logsa. . . C.5—logsa. D. .
logsa logsa

Loi giai

Ta cé 55
logs == = logs 25 —logsa = logs 5* — logsa = 2 —logs a.
a
Chon @4p AN (A) ... ri e O
Céud. Cho0<a#1,x>0,y>0. Khang dinh nao sau day sai?
A. log,x% = alog, x. B. log,(xy) =log,x +log,y.
1 1
C.log,/x= Elogax. D.log ;x= Elogax.

Loi giai
Do log /;x = 2log,x.
Chon dap an @ ............................................................... O
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Cau 5.
Puong cong trong hinh bén 1a do thi cia mot ham sé trong y
bon ham s6 duge liét ké 6 bon phuong an A, B, C, D dudi day. 1
Hoi ham s6 d6 12 ham sé nao? 2
/1 X

A.y=logyx. B.y=log sx. C.y=log,2x. D.y=log; x. 9+
2

Loi giai
Ta thay db thi ham sé di qua diém A (% —1) nén thoa man y = log, x.
Chon dap an @ ............................................................... O
Cdu 6. Trong cac ham s6 sau day ham s6 niao khong phai 14 ham s6 ma?
A y=x"% B.y= (\/§)x C.y=4"" D.y=53.
Loi giai
y =x~*1a khong phai 12 ham s6 mi.
Chon @4p AN (A) ... nri e O
Cdau 7. Nghiém cta phudng trinh log; (2x— 1)
A. x=3. B. x=5. C.x=
Loi giai
Piéu kién x > %
Khi d6 bat phuong trinh tuong duong log; (2x —1) =2 < 2x—1 =32 < x=35.
Vay —x =5.

Chon dAP AN (B) ... v vttt et O

2
. . L TR
Cau 8. Goi xi, x» 12 hai nghiém cta phuong trinh 7! = (5) . Khi d6

X1 +x2 bﬁng:

A. 2. B. 1. C.2. D. 1.
Loi giai
2 2x-3
7X+1 _ (l)x X
7
PR 7x+1 — 7—()62—2)(—3)
& x+1=—x>+2x+3
& P—x-2=0
X1 = —1
=
Xy = 2.
Véy x1+x=1.
Chon dap an @ ............................................................... O
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x+2
Céu 9. Tap nghiém ctia bat phuong trinh (g) >91la
A. [0;+eo). B. [—4; +oo). C. (—o0;—4). D. (—oo:4].
Loi giai

x+2
(—> 296 x+2<log 9 x+2< -2 x< -4,
3

ng tap nghiém ctia bat phuong trinh (—oo; —4].
Chon dap 41 (C) ....uiit e 0
Cau 10. T4ap nghiém ctia bat phuong trinh log, (3x— 1) < 3 1a

A. (—o;3). B. %;3} C. (%3) D. (3;+4-00).

Loi giai

Piéukién 3x—1>0< x> %
Tacélog,(3x—1)<3e3x—1<223x-1<8&3x<9<x<3.
So diéu kién, ta dudc nghiém ctia bat phuong trinh 1a % <x<3.

A o 1% . A
Vay tap nghiém ctaa bat phuong trinh la (§; 3).
Chon dap 41 (C) ....ueie i O

Céu 11. Chon khéng dinh sai.
A.Néu 0 < a < 1thilog,u>log,ve0<u<v.
B.Néua>1thiad">a" < u>v.
C. Néu a > 1 thi log,u > log,v < u > v.
D.NéuO<a<1thia*>a" Su<v.
Loi giai
Theo tinh chét ctia cac ham s6 ham sb logarit, néu a > 1 thi log,u > log,v < u >
v>0.

Chon dap 41 (C) ....uuir i 0]
Cau 12. Cho céc sb6 duong a # 1 va cac sb thuc o, . Pang thic nao sai?
A.a% af =a®B. B.a%.aP =a*F. C. % = q% B, D. (a®)P = 4P,
Loi giai ’
Chon dap an (B) ... e e e O

PHAN 2. Cau tréc nghiém ding sai

Cau 1. Cho ham s6 y =2*
a) Ham sb c6 tap xac dinh 2 = R.
b) Ham s6 nghich bién trén khodng (—oo; +0).
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c) Do thi ham s di qua diém A (2;4).
d) D6 thi ham sb6 ¢6 hinh sau.

Loi giai
a) @ Ham s6 c6 tap xac dinh 2 = R.
b) (S) Ham sb dong bién trén R.
¢) (D) Ta thay véi x =2 thi y = 2* = 4 nén d6 thi ham sb di qua A(2;4).

d) D) D6 thi chinh 14 db thi ctia ham sb y = 2*.

Chon dép 4n|a dung | bsai | cdung [ddang| ..................... O

Cau 2. Choa,b,c>1vam,ncR.
3
a) log,\/a\/a= 7

1
b) log, bz-log\/l;c-logcz a’=—

3

1

c) Cho log3 =m, log7 = n. Khi d6 log; 70 = nt .
m

d) Cho logs2 = m, logs3 = n. Khi d6 log,5,30 = (m+n+1)(3+m).
Loi giai

a) M) Ta c6 log, \/a\/a =log, v a-a:= log, V a3 = logaa%'% = logaa% =

3
1
b) (S) Ta c6
logabz-log\/gc-logcz a = 2log,b-2log,c-3log.a
3
:410gab-logbc-§logca

=6-log,c-log.a=6.

log70  log(7-10) log7+1logl0 log7+1 n+1

Ta c6 log; 70 = = = = =
©) @ & cologs log3 log3 log3 log3 m

logs250  logs(3-2-5) logs3+logs2+logs5 m+n+1

d) (S)Ta c6 logys,30 = - _ _
) ®)Tacdlogas, logs30  logs(5°-2) logs 5 +10gs2 3+m
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Chon dép an |a dung | bsai|cding [dsai| ..................ooo O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Tim s gia tri nguyén ctia tham s6 m d€ ham s log (x> — 2mx+4) c6 tap

xac dinh R. Pap an:| 3
Loi giai
Ham sb6 xac dinh trén R khi va chi khi

X —2mx+4>0,VxeRSAN =m?>—4<0e -2<m<2.

Vay c¢6 3 gia tri nguyén ctia m thoa man.

DD An: 3] . O]
Cau 2. Cho db thi ctia ham s6 y = 2¢*” di qua diém A(0;4) va B(1;8). Tinh gia
tri ab. Dap an: | 2

Loi giai

[2b=4 b=2 a=1
Ta co = =
path _ g a+b=3 bh=2.

Vay ab = 2.

DD AN 2] oo O

Cau 3. Cho 4*+4~*=7. Khi d6, biéu thic P = 572727 4%, phan
8+4.2+4.2 b b

s6 t0i gian va a € Z, b € N*. Tinh tich a-b. Papan:| 1|0

Loi giai
Ta co
Ay =T (29 4 (2%)2 S N (2@2%)2 —2.2 2" =7 (2)‘+2*X)2 =9.

Suy ra 2*+27* = 3.
5—(2+27%) 5-3 2 1

D ,P: = = —_—= —,
040, P vtz ) 8443 20 10
Suyraa=1,b=10.

Vay a-b = 10.

DAap An: 10| ..o e ]
Cdu 4. Gia tri con lai cia mot chiée xe mua mdi theo thoi gian ¢ dude xac dinh
béi cong thitc: V(r) = 1,5¢=%!> trong d6 V(¢) dudc tinh bang ty dong va ¢ tinh
bang nam. Sau it nhit bao nhiéu nam ké tit thoi diém mua xe gia tri chiéc xe d6

con lai duéi 500 triéu dong? Pap an: | 8
Loi giai

Ta c6 V(1) = 1,5¢ %1,

Nén khi gi xe con lai duéi 500 triéu dong thi ta cé

0,5>1,5¢ 1 =1 >732.
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Vay sau it nhat 8 nam ké tir thoi diém mua xe gia tri chiéc xe d6 sé con lai duéi
500 triéu dong.
DA An: |8 o e O

PHAN 4. Tu luan.

Céu 1. Cho x, y, z 1a cac s6 thuc 16n hon 1 va goi w 1a s6 thuc duong sao cho
log, w =12, log,w = 20 va log,, w = 6. Tinh gia tri ctia log, w.
Loi giai

1
® log.w=12 = log, x = TR
* logyw:20:>10gwy:%.
lo 6 & ! 6
w = _—
Sz log, (xyz)
1
& =6
log x+log y+log z
1
& =6
log x+log y+log z
1
Sl I =6
— 4+ —+1
PR
& log z= !
&7 30

= log,w =30.
Cdu 2. Giai cac phuong trinh sau

1 3x+4 1 4x
a) (5) _34—x: (g) _273—4x. b) 34x4x+4_34x_3\/§_4x_4_3\/§:O'

c) logs(x+5)+logs(x—5) =logs3+2. d) log (2% +8) =1.
Loi giai

1 3x+4 1 4x
(§> X 34—x _ (§> X 273—4)( PN 3—2~(3x+4) . 34—)( — 3—4)6 . 33-(3—4)6)

o 376x78+47x — 374x+9712x
a) N 3—7x—4 _ 3—16x—|—9

& —Tx—4=—-16x+9

- 13
xX=—.
13 ?
Vay tap nghiém la § = {3}
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3V 4 4.3 3V 4.3V 2 0 3P (4T 4 4) —3V3 (4 +4) =0
& (3% -3V (4 +4) =0

3 _3v3_
=
b) #44=0
S4x=/3
V3
SX=—.
A 1s 3
Vay tap nghiém la § = {%} .
c) logs(x+5)+1logs(x—5) =logs3+2
a x+5>0
Diéu kién & x> 5.
x—=5>0
Phuong trinh tré thanh logs(x+5)(x —5) = logs 3 4 logs(25)
x=10
& logs(x*> —25) =logs(75) & x> —25=75 =
x=—10.

Két hop diéu kién ta c6 x = 10.
d) log (22x + 8) =1.
Piéu kién 22 +8 > 0.
1
Phuong trinh tré thanh 2> +8 =10 2x=1 < x = 5

Cau 3. Tim m dé phuong trinh 5 +2+3+2m — §m+x ¢6 hai nghiém trai diu.
Loi giai
Ta co

5mx2+2x+3+2m — 5m+x (1)

= mx2+2x+3+2m:m+x
& m+x+3+m=0  (2)

Phuong trinh (1) ¢6 2 nghiém trai ddu < phuong trinh (2) c6 2 nghiém trai dau.
em(3+m) <0 -3<m<O.

Vay m = {—2;—1} théa méan yéu cau bai toan.

Céu 4. Mot hoc sinh A khi da 18 tudi dude cha me cho 200000000VND. Sb tién
nay dudc bao quan trong ngan hang MSB véi ki han thanh toan 1 nam va hoc
sinh A chi nhan dudc sb tién nay khi hoc xong 4 nam dai hoc. Biét rang khi du
22 tubi, s6 tién ma hoc sinh A dudc nhan sé 1a 243101250 VND. Vay 1ai suat ki
han mot nam ctia ngan hang MSB la bao nhiéu?

Loi giai
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Goi P 1a s6 tién gbc, r 1a 1ai suat moét ndm, n 14 s6 ndm gt va S, 1a sb tién nhan
dudc sau n nam.

Theo dé bai ta c6 P = 200000000; S4 =243101250 van =22 —18 = 4.

Ap dung cong thic 15i kép S, = P- (1+r)",

ta c6 phuong trinh 243101250 = 200000000 - (1 +r)*.

243101250

S 1 A= 121 25.
uyra (1+7r) 500000000 ,21550625

Do d6 1+ r = /1,21550625 = 1,05 = r = 0,05 = 5%.

Vay 14i suat ki han mot nam cta ngdn hang MSB 1a 5%.

— Hét—
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D. DE SO 4

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cadu 1. Cho a 12 s6 thuc duong khac 1. Gi4 tri ctia log,; a* bang

2 3 2 3
A. 3 B. —5 C. —3 D. 5
Loi giai
Ta c¢6 log 3a®> = - log,a* = %log a= %
“ 3 3 7 3
Chon dap 41 (A) ..ot O

Cau 2. Véi a, b 12 hai s6 dudng tuy y thi log (a’5?) c6 gia tri bing bi€u thiic nao
sau day?

1
A. 310ga+§logb. B. 2loga+ 3logh.

C. 3loga+2logh. D.3<loga+%logb).
Loi giai
Do a, b 1a hai s6 duong nén ta ¢6 log (a*b*) = loga® +logh® = 3loga+2logb.
Chon dap an @ ............................................................... O

Cau 3. Gi4 tri clia bidu thic P = 31-V2.32+V2. 9% bang
A. 3. B. 81. C.1. D. 9.
Loi giai
Ta c6
P—31-V2.324V2 g5 _ 31-V2aeVaHl _gh g,

Chon dAP AN (B) ... vt ettt O

Céu 4. Cho a,b 1a cac sb thuc duong khac 1 va x,y la cac s6 thuc. Khang dinh
nao sau day la khang dinh dung?

X X
A. d'd =a, B. a_y =a. C.a't’ = (ab)*"?. D. (a") =a*".
a

Loi giai

Ta co
ad =a".
Chon dap 41 (A) ...t O
Cdau 5. Cho biéu thitic P =x- { x+/xy/x v6i x > 0. Ménh nao dudi day la dang?
13 2 1 3
A. P =x10, B. P =x3. C.P=x2. D. P =x10.

Loi giai
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5 S)3[1 s/ 1 313
P=x-\x{xvx=x-VxVx-x2=x-Vx-x2 =x-x10 =x1
Chon @Ap AN (A) ..o nri e O
Céu 6. Tim tap nghiém S cta bat phuong trinh logz (x2 +1) < logz (2x+4).
A.S=(-2;-1). B. S = (—2;+400).
C.S=(3;4)U(-2;—1). D. S = (3;+00).

Loi giai
Diéu kién: 2x+4 >0 x> —2.
Khi d6 bat phuong trinh tré thanh

ﬂ«. Qe o X A ~
X*4+1>2x+4 (do 1 < 1 nén doi chieu bat phuong trinh)
& ¥-2x-3>0
& x € (—oo;—1)U(3;+00).

Két hop véi diéu kién: § = (3;+e0) U (—2;—1).
Chon dap an @ ............................................................... O
Céu 7. Tap nghiém ctia bAt phuong trinh 34+ >271a
A.[-1;1]. B. (—os;1]. C.[-V7:V7].  D.[li+e).
Loi giai
Ta c6

P > 07 03 >P oy P2>3el<loe1<x<lI.

Chon dap an @ ............................................................... O

Cdu 8. Tim tap x4c dinh 2 ctia ham s6 y = log;(3 — x).
A.9=(3;+x). B.2=R\{3}. C.2=(-=3). D.2=R.
Loi giai
Ham s6 xdc dinh 3 —x> 04 x < 3. Suyra, 2 = (—;3).
Chon dap 41 (C) ....nuie i 0

Céu 9. Trong ciac ham sb sau day, ham s6 nao dong bién trén R?

A.y= (%)x. B.y= <§)x C.y= (%)x D.y=27%

Loi giai

N A T\* ~ A , . N N 2~ A v/ A N A TT\X
Ham so y = (§> co6 tap xac dinh la R va c6 co so 3 > 1 nén ham so y = (§>
dong bién trén R.

Chon dAP AN (B) ... v v ettt e O
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Céu 10. Puong cong & hinh bén 1a do thi ctia moét ham sbé y
dugc liét ké trong bén phuong an A, B, C, D duéi day. Hoi
dé 1a ham s6 nao? !
Ay=—x2+2x+1. B. y =log,sx. ; 10¥ ]
1
C°y:§' D.y=2"

Lai giai
Ham s6 da cho nghich bién trén tap xac dinh, d6 thi ham s6 da cho di qua diém
(0;1) va do thi luon nam trén truc hoanh . Tit d6 chi c6 ham s6 y = % théa man.
Chon dap 41 (C) ....utie i O
Céu 11. Tap nghiém ctia phudng trinh 3° 32 = [ 13

A.S={3}. B. S={1;2}. C.s={1}. D. s ={2}.
Lai giai
Ta cé

3x2 —3x+2 -1

& XX —3x+2=0
x=1
x=2.

=

Vay tap nghiém ctia phuong trinh la S = {1;2}.
Chon dAP AN (B) ... ve ettt e e O
Céu 12. Cho a 1a s6 thuc duong va khac 1. Ménh dé nao sau day la sai?

A. log, ()—C) =log,x —log,y,Vx >0,y > 0.
y
B. log,(xy) =log,x+log,y,vx >0,y > 0.

1
C. log, x> = 5 10ggx,¥x > 0.

1

D.loga = .
osd log, 10

Loi giai
: ) A A 1 :
V6i 0 <a#1,x>0tacélog, x> = 2log,x nén ménh de log, x> = 5 10ggx, x> 0 sai.

Chon dap 41 (C) ... O]

PHAN 2. Cau tréc nghiém ding sai

Cau 1. Cho phuong trinh log(x — 1)? = log(x+ 1). Khi d6
a) DPiéu kién x > 1.
9

b) Phuong trinh da cho c¢6 chung tap nghiém véi phuong trinh x> — 3x + 1= 0.
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¢) Tong cac nghiém ctia phudng trinh béng 3.
d) Biét phuong trinh c6 hai nghiém x;,x, (x1 <x2). Khi d6 ba s6 x1:x2:6 theo
thi tu d6 tao thanh mét cap s6 cong.
Loi giai
N c A (X - 1)2 >0
Diéu kién (*)
x+1>0.

log(x—1)>=log(x+1)= (x—1)’=x+1ox*-3x=0&
x=3

Thay lan ludt hai gi4 tri nay vao (*), ta thay ca hai gia tri déu thoa man. Vay
phuong trinh c6 tap nghiém la S = {0;3}.

a) (S) Sai

b) (S) Sai. Vi x =0 khong c6 nghiém x2 — 3x + Z =0.

c) @ Pung. Vi Téng cac nghiém cta phuong trinh bang 0+ 3 = 3.

d) @ Pung. Vi 0;3;6 tao thanh mét cap sb cong

Chon dép an |asai|bsai|cdang [ddung| ... O

Céu 2. Cho ba sb thuc duong a, b, c khac 1. Do thi cacham sé y=a*, y=b*, y=¢*
dudce cho trong hinh vé dudi.

a) Ham s6 y = ¢* 1a ham s6 dong bién trén R.
b) Ham s6 y = ¢* 12 ham s6 xac dinh trén (0;4-o0).

¢) limb* =0.
X+oo

d) a<c<b.
Loi giai

a) (S) Dua vao dang db thi thi ham sé y = ¢° nghich bién trén R.

b) @ Ham s6 y = ¢* ¢6 tap x4c dinh 2 = R nén xéc dinh trén (0;4-o0).
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¢) (S) Theo d6 thi ham sb y = »* thi limb* = oo

d) @Vl ham s6 y = ¢* nghich bién nén 0 < a < 1, cac ham s6 y = b*, y = ¢* dong
bién nén b > 1; ¢ > 1 nén « 1a s6 nhé nhat trong ba sé.
Puong thang x = 1 cit hai ham sb y = b*, y = ¢* tai cac diém c6 tung d6 lan
luot 12 b va ¢, dé thay b > c. Vay a < ¢ < b.

Chon dép an |a sai | bdung | csai|[ddung| ... O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cau 1. Cholog,b =3 valog,c=4véia, b, c>0,a+# 1. Tinh gia tri cta biéu thic

2_\/5
a
leoga(T)

DPapan:| —| 8|, |5

Loi giai

2
b
P = log, (ac\3/_>:logaaz—Hogb\/l;—logac3

= 2+10gab% —3log,c
1
= 2+§10gab—3logac

3 17
+2 2 ’

CAu 2. Tap x4c dinh ctia ham sb y = logy(—3x? + 23x — 20) c6 bao nhiéu gia tri

nguyén?

Pap an: | 5

Loi giai

Piéu kién xac dinh: —3x2+23x—20>0& 1 <x < 23—0

Vay tap xac dinh c6 tat ca 5 gia tri nguyén.

DA AN 5 o e O
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Céu 3. Anh Hung gui tiét kiém khoan tién 700 triéu dong vao mot ngan hang
v6i 1ai sudt 7% / ndm theo hinh thtec 14i kép ki han 12 thang. Tinh thoi gian t6i
thiéu gti tiét kiém dé anh Hung thu dudc it nhat 1 ti dong (ca von 1an 14i). Cho
biét cong thic 1ai kép 1a T = A - (1+r)", trong d6 A 1a tién von, T 1a tién von va

lai nhan dudc sau n nam, r la 1ai suat/nam.

DPap an: | 6

LJi giai
10
Ta c6: T > 1000 & 700(1+7%)" > 1000 & 1,07" > —

10
& n>logy oy (7) ~ 5,27 (do 1,07 > 1).

Vay thoi gian gt tiét kiém phai it nhat 6 nam thi anh Hung méi thu dudge it
nhat 1 ti dong.
DD AN (6] .ot O

. . 1
Cdu 4. Biét 9° = ;. Tinh B = (3% 4+37%)% — (81% 4 81%).

Dapan:|8|, (2|5
Loi giai
Ta co
B = (3“)2+2-3°‘-3 @y (37 ( ) +(9?) "

— 32(X+2 3OH- ( 2) a 9—06)2

= 9942.30497¢ (“)2+( )

- gee(z) ()G

2 2 2 2

— 825.
Pap én:m .................................................................. O
PHAN 4. Tu luan.
Cdu 1. Giai cac bat phuong trinh sau

a) logg(x+7) > logz(x+1). b) 2log, (x* —x—1) < log 5(x—1).

Loi giai

a) logg(x+7) >logz(x+1).

x+7>0 x> =7
& S x> —1.

x> —1

Piéu kién:
x+1>0
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Ta co

S R R

logg(x+7) > logs(x+1)
1
510g3(x+7) > logz(x+1)

logs(x+7) > logy(x +1)?
X 4+x—6<0
=3 <x<2.

Két hop diéu kién ta dudc nghiém ctia bat phuong trinh 1a —1 < x < 2.

b) 2log, (x* —x—1) <log ;(x—1).

biéu kién: {

Ta co

Két hop diéu kién ta cé tap nghiém ctia bat phuong trinh 14 S = (

2

x—x—1>0

x—1>0

S R

=

( 1+/5
x> 5
1 5
4 1-V5 x> +\/_.
x < 2
2
\x>1

2log, <x2 —x— 1) <log s(x—1)
2log, (¥ —x—1) < 2logy(x—1)

log, (xz—x— 1) <logy(x—1)

2

X

—x—1<x-—1

X —2x<0

0<x<?2.

duong khéc 1 cé d thi 1a (C)), (C;) nhu hinh v&. V& »=c  m| »

Cé&u 2. Cho hai ham sb y = a*, y = b* véi a, b 1a cac sb y / /(C)
2
P

duong thang y =c, (¢ > 1) cat truc tung va (C)), (C;) lan
ludt tai M, N, P. Biét rang Souy = 3Sonyp. Tim méi lién
hé gitta a va b.

Loi giai

DPuong thang y = ¢ cat (C)), (C;) 1an ludt tai hai diém N va P c¢6 hoanh d6 xy =

log,c va xp =log,c.
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. 3
Vi Somun = 3Sonp nén Souy = ZSOMP
:>1(NW'AHV—-3 1(HW'ALP & ALV——3A4P
2 42 4
3
& XN = ZJCP
3
& log,c= Zlogbc
log,c 3
& =-1
log,a 4 %€
4
& logya = 3 s a® =bt

Cau 3. Lam phat la su tang muc gia chung mot cach lién tuc ciia hang hoa va
dich vu theo thoi gian, tic 1a su mat gia tri cia mét loai tién té nao d6. Chéang
han, néu lam phat 14 5% mot nam thi stic mua cta 1 triéu dong sau mot nam chi
con 14 950 nghin dong (vi da giam mat 5% cta 1 triéu dong, tiic 1a 50000 dong).
N6i chung, néu ti 1& lam phat trung binh 14 7% mot nim thi téng s6 tién P ban
dau, sau n nam s6 tién d6 chi con gia trila A =P- (1 — ﬁ)n

a) Néu ti 1é lam phat 1a 8% mot ndm thi stc mua ctia 100 triéu dong sau hai

nam sé con lai bao nhiéu?

b) Néu stic mua ctia 100 triéu dong sau hai nam chi con 1a 90 triéu dong thi ti
1é lam phat trung binh ctia hai nam do la bao nhiéu?

¢) Neu ti l1é lam phat 1a 5% mot nam thi sau bao nhiéu nam stic mua caa so

tién ban dau chi con lai mot nia?
Loi giai

a) Tilé lam phat 1a 8% mot nam thi siic mua cia 100 triéu dong sau hai ndm

sé con lai la

8 >2_ 2116

A=100-|1—-
OO( 100 25

— 84,65 (triéu dong).

b) Stic mua ctia 100 triéu dong sau hai ndm chi con 14 90 triéu dong thi ti 1é
lam phat trung binh r% ctia hai nam do¢ la

ro\2 r\2 9
90—100'(1—1—00) ‘i’(l_ﬁ> =10

o ro 3 - ro 3
100 /10 100 /10
S ra~5,13%.
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¢) Tilé lam phat 1a 5% mo6t nam, goi n 1a s0 nam siic mua ctaa so tién ban dau
chi con lai mo6t nita. Khi do

51" ( 1)” 1
p=op.(1-— =) ==
( 100) “\'"2/) T2

@(19)”_1
20/ 2

< n= 13,51 nam.

Cau 4. Giai phuong trinh log, x +log; x + log, x = log, x.
Loi giai
Piéu kién x > 0. Phuong trinh da cho tuong duong véi phuong trinh

log,x  logyx  logyx
log,3  log,4  log,20
1 1 1
A (1 - ) =0
osx 1 log, 3 * log,4 log,20
& logyx=0&x=1.

Két hogp véi diéu kién, ta dude nghiém ctia phuong trinh 1a x = 1.
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E.DESO5

PHAN 1. Céu tréc nghiém nhiéu phuong én luva chon

Cau 1. Phuong trinh 572 —1 =0 c6 tap nghiém la
A. S={3}. B. s ={2}. C. s ={0}. D.Ss={-2}.
Loi giai
Tac6 52 -1=05=1x+2=0x= 2.
Vay tap nghiém ctia phuong trinh la § = {—2}.

Chon dAp 40 (D) ...\ e e O
Cau 2. V6i a 1 sb thuc duong tiy ¥, biéu thic T = Ina? — In /a bang
4 3 5 5
A. §lna. B. lng C. 3 D. §lna.

Loi giai
1 5
Ta c6 Tzlnaz—ln%:2lna—§lna: 3 Ina.

Chon dAp 4n (D) .....ont e O]
Cau 3. Cho logg2 = a, logg5 = b. Tinh I =log; 5 theo a, b.
b b b
A l= : B.I= . C.I= . D.I=-
I+a l—a a—1
Loi giai
) logg 5 logg 5 b

Ta c6 logy 5 = 2862 _ 286 = :

logg3 logg6—logg2 1-—a
Chon dAP AN (B) .. v vttt et e O

Cau 4. Cho a, b 14 cac sb thuc duong (a # 1) théa man log,a = 2, log, b = 3. Tinh
gia tri ctia biéu thiic P = log,(a’b).
A.P=10. B. P=5. C.pP=2. D.P=1.
Loi giai
| logyba=2 a=2° a=4
Ta cé & &
log,b=3 bh=43 bh=43

Vay P = log,(a’b) = log, (4 -4%) =log, 4> =5.

Chon dap 41 (B) ...\ttt e O
Cau 5. Cho biéu thic P = \/x3\/x, v6i x > 0. Ménh dé nao duéi day ding?
| 7 5 7
A.P=x2. B. P=x12. C. P=x8. D. P =x24,

Loi giai

) s[4/ T 3 T 315 s
TacoP=Vx-Vx2=Vx-x8=Vx8 =x8.
Chon daAp 4n (C) ....'viie i O
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. qV3tl. 2V )
Cdu 6. Rut gon biéu thitc P= ———— v6i a la so thuc duong khac 1.
V242
(av272)
A. 2. B. a. C.d. D. a*.

Loi giai
gVt 25 gV3+H1+2-V5 3

a 5

TacoP = = — =
(aﬁz)ﬁ+2 a(\@—Z)(\/E—f—Z) a2

Chon dap 41 (A) .. i O

Céu7. Véia>0,b>0,a, B lacac s6 thuc bat ki, dang thic nao sau day sai?

(04 (04 —
oo — qo+P @ pt— (ap)®. C. L = g B at _ (ayeF
A.a%-aP =a*P. B.a%*-b*=(ab)”. C. gt D. B (b> .
Loi giai
. ,a%  rae B L
Cong thic i (5> la cong thic sai.
Chon @4p 4n (D) ...\ O

Céu 8. Puing cong trong hinh vé sau 1a d6 thi ctia ham s6 nao duéi day?

y
1 ,,,,,,,,,,,,,,,,,,,,,,,,
) 1 (S X
A.y=—¢" B. y = |Inx]|. C.y=Inx. D.y=¢".

Lai giai
D6 thi ham s6 di qua diém (e;1) va nam ca trén va dudi truc hoanh nén chi c6

ham so0 y = Inx thoéa man.

Cdau 9. Cho cac sb thuc duong a, b véi a # 1. Khang dinh nao sau day la khang
dinh dang?

1 I 1
A.log,(ab) = Eloga b. B. log,»(ab) = 5t Elogab.
|
C. log,(ab) =2+1log,b. D.log(ab) = Zloga b.

Loi giai
1 1
(log,a+log,b) = ) log, b.
Chon dAP AN (B) ... v vttt e O

Céu 10. Ham s6 nao sau day nghich bién trén tap xac dinh ca né?

Ta c6 log,z(ab) =
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A.y=log,x. B. y =log;x. C.y=log sx. D.y=1log: x.
Loi giai e
Ham s6 y = log 1x nghich bién trén tap xac dinh cta né vi 0 < % < 1.
Chon dAp 4n (D) ...\ et O]

Cdu 11. Bat phuong trinh log% (2x—3) < log% (5—2x) c6 tap nghiém la (a;b).
Tinh gia tri S=a+b.

11 7 13 9
A.S—?. B.S—E. C.S—T. D.S—i.
Loi giai
5
. 5-2x>0 x <z 5
Ta ¢6 log: (2x—3) <log; (5—2x) & & 2 s2<x< .
2 2 2x-3>5-2x  |,>2 2

. . 1A . . 5
Suy ra tap nghiém cta bat phuong trinh la <2; E)

- e
Khldo.a_z,b_z.VayS—2+2—2.

Chon dap an @ ............................................................... O
Cau 12. Nghiém cua phuong trinh log; (2x—1) =2 la
9 7
A.x=3. B. x=5. C°x:§' D°x:§'
Loi giai
N 1
biéu kién x > 5
Khi d6 bat phuong trinh tuong duong log; (2x—1) =2 < 2x—1 =32 < x=35.
Vay —x =5.
Chon daAp AN (B) ...ttt e O

PHAN 2. Cau tréc nghiém diing sai

Céau 1. Cho ham sb6 y =2*.

a) Tap x4c dinh ctia ham s6 1a khoang (0; +o).

b) D6 thi ham sb luén di qua diém (0;1).

¢) Ham s6 dong bién trén Z.

N p y 5 1 .

d) Do thi ham so y = 2* cat duong thang y = 3 tai diem M(—3;38).
Loi giai

a) (S) Ham sb mii y = a* ¢6 tap xdc dinh 14 Z.

b) ) Ta c6 y(0) =2° = 1, vay dd thi luén di qua diém (0;1).

c) @ Co s6 a =2 > 1 nén ham s6 dong bién trén Z.

= GV: NGO bUC TAI @ Trang 37/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

d) (S) Phuong trinh hoanh d6 giao diém

1
2xz§<:>2xzz—3<:>x:—3.

. CaX 1es 1a 1
Vay toa do giao diém cua hai do thi la M (—3; §)'

Chon dép an |a sai | b ding | cdung [dsai| ... O

Cdu 2. Cho phuong trinh logsv/xZ —3x+21 = 1 (x), biét phuong trinh c6 hai
nghiém X1, X2 (X1 < XQ).

a) Phuong trinh (%) ¢6 chung tap nghiém véi phuong trinh x> —3x —4 = 0.
b) Téng cic nghiém ctia phuong trinh (x) bang 4.
¢) Ba s6 x;; x2; 8 theo thit tu d6 tao thanh mot cip sb cong.
d) lim (x—2)+ lim (x—2) = —1.
X—X] X—X)
Loi giai
a) D) Pidukién: x2 —3x+21>0. (xx)
x=-—1
Ta cé logs Va2 —3x+21=1= V22 -3x+2l =5=x>-3x—4=0¢&
x=4.
Hai nghiém déu thoa diéu kién () nén suy ra hai phuong trinh da cho c6
cung tap nghiém la S = {—1;4}.

b) (S) Téng céc nghiém 1a —1+4 = 3.
c) @ x1; x2; 8 12 —1; 4; 8 khong tao thanh cap s6 cong vi4 — (—1) # 8 — 4.

d) ®) Ta cé lim (x—2)+lim (x—2) = 1.
X—r—

x—4

Chon dép an |a dung | bsai|csai|[ddung| ... O

PHAN 3. Cau tréc nghiém trd 15i ngén.

Cau 1. Trong hinh vé bén cac dudng cong (Cy): y=a", (C2): y=">b", (C3): y=¢"
va duong thang y = 4, y = 8 tao thanh hinh vuéng MNPQ c6 canh bang 4.

Y

y:ax y:hx
8 N P
y=c'
4 M o
I I
I I
‘ 1
1 I I
— I I
I I
| |
o m m+4 x
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X
<X; .Y = . < Xz s ., ., Y ca
Biét rang abc =2 véi x, y € Z" va - toi gian, gia tri cia x +y bang bao nhiéu?
y

Pap an:| 4 | 3
Loi giai
Gia st hoanh d6 M la m, ta suy ra M(m;4), N(m;8), P(m+4,8), Q(m+4;4).
" =4 {b’" =4

Tu gia thiét ta ¢6 M, P thudc dudng cong y = b* nén {

Pt =8 poo
m=2_8
1
b =214
3
N N a8:8 a:28
Do N, Q lan ludt thudc cong y = a* va y = ¢* nén 0 & .
c-=4 6‘226

: 31 1 311
Khi d6 abc =28 -24 .26 = 287416 =224,

Suy rax=19 va y = 24.

Vay x+y=43.

DAD AN: (48] oo O
Cdu 2. Biét tong cac nghiém clia phuong trinh log 3 (x—2) +logs (x— 472 =01a
S =a+bv2 (Vi a,b 1a cac sb6 nguyén). Gia tri ciia biéu thiic Q = a + 3b bang bao
nhiéu? Pap an:| 9
Loi giai

NI

x>2

x#4.

Phuong trinh da cho tuong duong véi

biéu kién xac dinh {

logs(x—2)% +logy(x—4)> =0
& logy(x—2)*(x—4)>=0

& k-2 x-4’=le@x-2pk-4 =1

x=3—2(loai)
Khi d6 ta suy ra nghiém phuong trinh 12 |x=3+/2

x=3.
Vay tong cac nghiém ctia phuong trinh 14 S=3+3+v2=6++v2 suy ra a =6,
b=1.
Do d6 gia tri cta biéu thic Q =a+3b=9.
AP A1 [0 Lo O
Cdu 3. Trong mo6t nghién cttu, mot nhém hoc sinh duge cho xem cung mét danh
sach cac loai dong vat va dudc kiém tra lai xem ho con nhé bao nhiéu phan tram
danh sach d6 sau méi thang. Gia st sau ¢ thang, kha nang nhé trung binh cta
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nhom hoc sinh dé dugc tinh theo cong thic: M(r) =75—20In(r+1),0 <t < 12 (don
vi:%). Pén thang thi may thi nhém hoc sinh d6 nhé dude khoang mot nita danh

sach cac loai dong vat da xem? Dap an: | 3
Loi giai
Theo gia thiét, hoc sinh nhé dudec mot nta danh sach cac loai vat, tic la

M(t) = 50(%)

5 5
Ta c6: 50=75—-20In(r+1) < In(t+1) = 1 t+1=e4 &1~ 2,49 (thang).
Vay qua thang thu 3 kha nang nhé trung binh cia nhém hoc sinh 1a 50(%).
DA An: (3] .. e O]

Céu 4. Cudng do mot tran dong dat dude cho bdi cong thitc M = logA —logAy
d6 Richter, véi A 14 bién d6 rung chén tbi da va A 1a mot bién d6 chuin (hang
s0). Pau thé ky 20, mot tran dong dat 6 San Francisco ¢6 cuong d6 do dudc 8
do Richter. Trong cuing nam dé, tran dong dat khac § Nhat Ban c6 cudng d6 do
duge 6 @6 Richer. Héi tran dong dat 6 San Francisco c¢6 bién do gip bao nhiéu
lan bién d6 tran doéng dat 6 Nhat Ban? Papan:[ 1|00
Loi giai

Nhan thay & San Francisco tran déng dat c6 cudng d6 1a M; = logA; —logAg =

Ay
log— =8.
og
. P A
O Nhat Ban tran dong dat c6 cuong do 1a M, = logA—(z) =6.
4l A As Ay A A
Khi d68—6=1log— —log—= =log— <2 =log — < — = 10? = 100.
ido og iy ogA0 og 4, og 4, ;
DPAP AN [100] ..o ee O
PHAN 4. Tu luan.
~ e A < — 1
CA&u 1. Giai bt phuong trinh 37—+ > 5
L3i giai
Ta co
1
oS 5 A 53202 4yt 5> -2 (do3>1) el —4x+7>0s xR

Vay nghiém ctia bat phuong trinh 14 x € R.

Cdu 2. Cho s6 thuc duong a, b théa man log,ga = log,g b = logys 20 b. Tinh g.
Loi giai

a=16"
Dat log,ca = log,yb = log,s 2a=b _ x& < b=20"

2a—b=3-25".
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Suy ra

2-16"=20"=3-25" & 2.

X x
Cdau 3. Mot nguoi gii 100 triéu dong vao ngan hang véi 14i suat 0,4%/ thang.
Biét rang néu khong rut tién ta khéi ngdn hang thi ci sau méi thang, sé tién
14i sé dudc 1ap vao von ban dau dé tinh 14i cho thang tiép theo. Héi sau 6 thang,
ngudi d6 dudc linh sb tién bao nhiéu, néu trong khoang thoi gian nay ngudi dé
khong rat tién ra va 1ai xuat khong thay d6i?

Loi giai

Ap dung cong thic 14i kép ta c6 sau ding 6 thang, ngudi d6 linh duge sb tién

0,4\° \
A = Ao(1+r)" = 100000000 (1 + ﬁ) = 102424128 (ddng).

1 x> —(m+2)x
) = 5% ¢6 hai

Céu 4. Tim gia tri cia tham s6 m dé phuong trinh (§
nghiém phan biét a va b théa méan diéu kién log, (b'°%?) —2log ;b+4=0.

Loi giai

log, (blogab) —2log zb+4=0«= log2b—4log,b+4=0<log,b=2 < b=ad"

Vay ta can tim m dé phuong trinh x> — (m +2)x+27 = 0 ¢6 hai nghiém a,» duong,
phan biét, khac 1, va théa man b = a°.

Gia st phuong trinh c6 hai nghiém a,b, theo dinh ly Viete, ta co:

at+tb=m+2 at+b=m+2 a=3
ab =27 alad =27 =dbh=9
a*=b at=b m+2=12<m=10

Th lai m = 10, ta thiy phuong trinh x> — 12x+27 = 0 ¢6 hai nghiém 3;9 théa
man yéu cau bai toan. Vay m = 10.

— Hét—
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F.PESO 6

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Tap nghiém ctia bAt phuong trinh 223 =1 1a
A.S={1:=3}. B.s={2}. C.S={-1:3}. D.S={o.
Loi giai

Ta co
X 2_2x—3 -1
& ¥—2x—3=0
[ x=-1
-~
x=3.
Tap nghiém ctia bat phuong trinh 2723 1 ]a s = {-1;3}.
Chon dap an @ ............................................................... O

Céu 2. Tap nghiém cta bat phuong trinh log% (3x—2) > log% (4—x)la

2 3 23 3
A.S:(§,3) B.S:(—OO,§> C.S:(g,i) D.S:(§,4)

Loi giai

2
s .. |3x=2>0 xX>= 2
Diéu kién & 3 e <x<4
4—x>0 c<d S

Trong dieu kién trén, ta c6

3
log% (3x—2) >log% (A—x)e3x—2<4—xex< 5

 ae R 1ea 2 3
So véi dieu kién ta dudc 3 <x< =

2
A e 1A . 23
Vay tap nghiém caa bat phuong trinh S = (5; 5).
Chon da4p 4n (C) ....viie i O

Cau 3. Cho bidu thie V/8v/272 = 2%, trong do ™6 dang phan s6 t6i gian. Goi
P = m?+n?. Khang dinh nao sau day dung? "

A. P (350;360). B.Pec(360;370). C.P e (330;340). D.P € (340;350).
Loi giai

Ta co:

11
11
\/8 \/23 2f 25 10 30 =275,

Suyra:m=11,n=15= P = 1124 15> = 346.
Vay P € (340;350).
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Chon dap an @ ............................................................... O
Cdau 4. Cho % > nP véi a, B € R. Ménh dé nao duéi day 1a ding?
A.a>p. B. o < B. C.a=28. D. a <p.
Loi giai
Do 7 > 1 nén tit % > 7P suy ra a > B theo tinh chat ctia liy thita véi s6 mii thuc.

Chon dap an @ ............................................................... O
Cdu 5. Cho sb thuc a > 0,a # 1. Gia tri log,» Va3 bang
2
A, B.2. c.2. D.>.
4 3 8
Loi giai
Ta co
logpal=2.1=>
STy Ty
Chon dAp 40 (D) ...\t O
Céu 6. V6i a,b,c 1a cac s6 thuc duong, a va c khéac 1 va a # 0. Ménh dé nao dudi
day sai?
A.log,b-log.a=log.b. B. log,« b = atlog,b.
b
C. log, (—) =log,b—log,c. D. log, (bc) =log,b+log,c.
c
Loi giai
Ta co
log,« b= —1log,b
Chon dAp AN (B) ... v ettt O
Cau 7. Gié tri biéu thie T = (¢*)'°* bing
A.9. B. 8. C.e. D. 6.
Loi giai
Ta c6
loge 2 3
T — ( 3) 02e (elogez) 23 _3g
Chon dAp 4n (B) ... \viee i O
Cdu 8. Tap xac dinh ctia ham s6 y = log 5(12—x—x?) 1a
A. (—4;3). B. (—3;4).
C. [-4:3]. D. (—o0; —4) U (3;+<0).

Loi giai
Picukién 12—x—x2 >0 —4 < x < 3.

Vay tap x4c dinh ctia ham sb 12 (—4;3).
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Chon dap an @ ............................................................... O
Cdau 9. Nghiém ctia phuong trinh log,(3x—1) — 1 =log,(x+ 1) la
3 5
A.x:§. B. x=3. C.x=1. D.x:§.

Loi giai
Ta ¢6 phuong trinh tuong duong véi

3x—1 3x—1
logz( x2 )zlogz(x+1)<:>xT:x+1>0<:>x:3.

Chon dAP AN (B) ... v v ettt e O
Cau 10. Cho ham s6 mii y = (6 —a)" véi a 1a tham s6. C6 bao nhiéu s6 tu nhién
a d€ ham s6 da cho dong bién trén R?

A. 3. B. 6. C.5. D. 4.
Loi giai
Ham s6y= (6—a)  dongbiéntrén R < 6—a > 1 < a < 5.
MaaeN<&ae{0;1;2;3;4}.
Vay co6 5 gia tri cua a thoa man.
Chon dap 41 (C) .....oit i e O

Cdu 11. Cho ham sb y =1log,x(a > 0,a # 1) ¢6 d6 thi nhu ¥
hinh vé. Gia tri ciia a bang

A.a=2. B.a=+2. C.a:%.

Loi giai
D6 thi ham s6 y = log, x di qua diém (2;—1) nén log,2 = —1.
s 1 1
Khidéa =2 -=2ca=_.
a 2

Chon dAp 40 (D) ...\t O

Céu 12. Cho a < 0,b > 0. Ménh dé nao sau day sai?
A Va8 =ab?.  B.Va*bd = |ab?|. C. Va8 = |a|b?.  D. Va*b® = —ab®.
Loi giai
Ta c6 Va*b® = |ab?| = |a] - |p?| = —ab?.
Chon dap an @ ............................................................... O

PHAN 2. Cau tréc nghiém diing sai
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Céu 1. S6 nguoi trong cong dong sinh vién da nghe mét tin don nao dé 1a N =
P(1—e"%159) trong d6 P la t6ng sb sinh vién ctia cong dong va d 1a s6 ngay troi
qua ké tit khi tin don bat dau.
a) Trong mot cong dong 1000 sinh vién, sau ngay thi nhat cé 140 sinh vién
nghe dudc tin don.
b) Trong mot cong dong 1450 sinh vién, dé 525 sinh vién nghe dudc tin don
phai mat 3 ngay.
¢) Sau 3 ngay 500 sinh vién nghe dudc tin don thi cong dong cé 1400 sinh vién.
d) S6 ngay dé mot nita cong dong sinh vién nghe dudc tiéng don 1a 5 ngay.
Loi giai
a) (S) Véi P =1000, d = 1:
Ny =1000 (1—e 51) ~ 139,202,
Suy ra sau ngay thi nhat c6 khoang 139 ngudi.
b) ) Véi P = 1450, d = 3:
N3 = 1450 (1—e 1°%) ~ 525 43,

Suy ra ¢6 khoang 525 sinh vién nghe tin.

c) (S) Véi N =500, d = 3:

500

500 = P (1 — e*0715'3) =P=

Sau 3 ngay 500 sinh vién nghe dudc tiéng don thi cong dong c6 1380 sinh
vién.

d) @VéiNzgz

P 1 1 In(2
5 =P(1—e0) 5 1 —e 012 = S M=o =d= n2) 460

S6 ngay dé mot ntta cong dong sinh vién nghe dudc tiéng don 1a 5 ngay.

Chon dép an |a sai | bdung | csai|[ddung| ... O

Cdau 2. Cho ham s6 f(x) = logs (x> +1).
a) Tap xac dinh cta ham s6 1a 2 = R.
b) x = —1 12 nghém ctia bat phuong trinh f(x) < 0.
¢) Phuong trinh f(x —2) = logs(2x> — x+7) ¢6 nghiém duy nhét.
d) Phuong trinh f(x) = logs (x> +4x+m) — 1 ¢6 hai nghiém duong phan biét khi
m € (4;5).
Loi giai
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a) (D) Ta c6, ham sb xac dinh trén 2 = R.

b) @ Tacé f(—1) =logs2 >0 nén x= —1 khong phai 1a nghiém ctia bat phuong
trinh f(x) <O0.

c) @ Ta c6, phuong trinh da cho xac dinh trén R.

F(x—2) = logs(26 —x+7)

& logs[(x—2)% 4+ 1] =logs(2x* —x+7)
& x2—4x—|—5:2x2—x+7
& X 43x+2=0
x=-1
==
x=-2.

Vay phuong trinh da cho c¢6 tap nghiém {—1;—-2}.
d) ) Phuong trinh f(x) = logs(x® +4x+m) — 1 tusng duong véi

logs(x* 4 1) + 1 = logs (x* 4 4x+m)
& 5P 4+5=x’+4x+m

& 4P —4x+5=m.

Xét d6 thi ham sb g(x) = 4x> —4x + 5 va dudng thang A: y = m.

Ag‘

Phuong trinh f(x) = logs(x* +4x+m) — 1 ¢6 hai nghiém duong phan biét khi
va chi khi phuong trinh 4x*> — 4x+5 = m c6 hai nghiém duong phan biét,
Dua vao db thi ham s6 y = g(x), ta c6 m € (4;5).

Chon dép 4n|a ding | bsai [ csai [ddang| ..., O

PHAN 3. Cau tréc nghiém trd 15 ngdn.
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. . . i A . !
Cdu 1. Mic cuong do am L (don vi: dB) dudc tinh bdi cong thic L = 10log (W) ,
trong dé6 I (don vi: W/m?) 1a cudng d6 am. Miic cuong do am 6 mot khu dan cu
dude quy dinh 1a dudi 60 dB. Hoi cuong do am cua khu vue do phai dudi bao
nhiéu W/m??

Loi giai
1 1

g <10° = 1< 107 (do 10> 1),

Vay cudng do am & khu vuce d6 phai duéi 1076 (W/m?).

Cdu 2. Cho d6 thi ctia ham s6 y = log, (ax+b) di qua diém A(1;3) va B(9;6). Tinh
gia tri a+ 3b. Papan:| 1|0
Loi giai

| logy(a+b) =3 a+b=38 a="1
Ta co & &
log,(9a+b) =6 | 9a+b=64 .

Vay a+3b = 10.

DA AN |10 oo o O

Cdu 3. Cho ham sb f(x) = llogz (%) va hai s6 thuc m, n thudc khoang (0;1)

2
sao cho m+n = 1. Tinh f(m)+ f(n) Dap an: | 1
Loi giai
Ta cé
1 2m 1 2n
=1 —1
Flm)+ ) = 310y (22 ) 4 gy ()
=5 e (27 4108 (727
& &2\1-,
=1
0g2< —m 1—n)
(). me
ng —m—n+mn vimn
1
:—10g2< )——10g24—§-2:1.
DAD AN L] oo OJ

Cdu 4. Sau mot thang thi cong, cong trinh xay dung 16p hoc tu thién cho hoc
sinh ving cao da thuc hién dudc mot khéi luong cong viéc. Néu tiép tuc véi tién
do nhu vay thi du kién sau dung 23 thang nita cong trinh sé hoan thanh. P& sém
hoan thanh cong trinh va kip thoi dua vao sit dung, don vi xay dung quyét dinh
ti thang thi hai tang 5% khoéi ludng cong viéc so véi thang ke trude. Héi cong

trinh sé hoan thanh & thang thi may sau khi khéi cong? Dap an:| 1 | 7

Loi giai
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Theo du kién, can 24 thang dé hoan thanh céng trinh. Vay khéi lugng cong viéc

1
trén mot thang theo du tinh la 7

. 1 1 1
Khoi lugng cong viéc ctia thang thu 2 1a 7 = 2 +0,05- =3 4(1 +0,05)1.
Khbi lugng cong viéc ctia thang thi 3 1a
1 1 1 1 1
T3—(24+005 24)—|—O,05-<24-|-005 24) 7 (1+005)

P 1
Nhu vay khéi luong cong viéc ctia thang thi n 14 T, = 7R (1+0,05)"!
Ta c6

1
(140,05 +---+ —-(14+0,05)" ' =1

— - (140,05)°+

1 1-(1+0,05)"
24 1—(140,05)

24

=

11 11
~ (1 +0,05)n = ——<n= 10g1+0705 ? ~ 16,2

5
Vay cong trinh sé hoan thanh 6 thang thi 17 tit khi khdi cong.
DD An: |17 o e O

PHAN 4. Tu luan.

Céu 1. Cho sb thuc a théa mén 0 < a # 1. Tinh gia tri cta biéu thic

-V -t
T=log,\ ——=—"]-

]
Loi giai 3 .
Ta c6 T =log, (%ﬁ) =log, ¢ f{g = log,a*"3 i = log,a® =3
Cdu 2. Giai cac bat phuong trinh sau

a) logg(x+7) > logz(x+1). b) 2log, (x* —x—1) < log 5(x—1).
Lai giai

a) logg(x+7) >logz(x+1).

Sx>—1.

e x+7>0 x> -1
Dieu kién: &

x+1>0 x> —1

Ta co

logg(x+7) > logs(x+1)
%10g3(x-|—7) > logz(x+1)
logy(x+7) > logz(x+1)?
P Hx—6<0

(R

-3 <x<?2.

i3

Két hop diéu kién ta dudc nghiém ctia bat phuong trinh 1a —1 < x < 2.
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b) 2log, (x* —x—1) <log ;(x—1).

2
bieu kién: {

Ta co

Két hop diéu kién ta cé tap nghiém ctia bat phuong trinh 14 S = (

x—1>0

x—x—1>0

S R

( 14++/5

X > 3
1
1-V5 x> +v5
3 2

x <

x> 1

\

2log, (¥ —x—1) <log s5(x—1)
2log, (xz—x— 1) < 2logy(x—1)
log, (xz—x—1> <log,(x—1)
—x—1<x—-1

X —2x<0

0<x<?2.

2 b

1+\/§_2>.

Céu 3. Ngay 1/1/2024, 6ng Thanh giii vao ngan hang 200 triéu dong theo hinh
thitc 1ai kép véi 1ai suat 1,7%/1 nam, ky han 1 thang. Bat dau tit thang 2/2024,
déu dan dau mdi thang, ong Thanh riat 4 triéu dong dé chi tiéu. Goi K, (triéu

dong) 1a s6 tién con lai trong ngan hang sau lan rat thi n cta 6ng Thanh (mbi
lan, 6ng Thanh rat ddng 4 triéu dong), gia st 1ai suit ngan hang khong thay
doi hang nam, tim sb6 n nhé nhat sao cho K, < 4 (triéu dong).

Loi giai

* S6 tién con lai trong ngan hang sau lan rat thi nhat 14 200 (1 +1,7%) — 4

(triéu dong).

S6 tién con lai trong ngan hang sau 1an riat thi hai la

200 (14+1,7%)* —4-[(141,7%) + 1] (triéu dong).

S6 tién con lai trong ngan hang sau lan rat thi ba la

200- (14 1,7%)* =4+ [(1+1,7%)* + (14 1,7%) + 1] (triéu déng).

S6 tién con lai trong ngan hang sau 1an riat thi » 1a

200+ (141,7%)" =4~ [(141,7%)" " + -+ (1+1,7%) + 1] (triéu déng).
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PéE K, < 4 thi

200+ (14 1,7%)" =4+ [(1+1,7%)" "+ + (1+1,7%) + 1] <4
(141,7%)"—1

& 200-(14+1,7%)" —4- 1,7% <4
y (9
4(1,7% —1)
& n<logu139) 300 17 1

& n<1115.

Vay n =9 nam.
CAu 4. Giai phuong trinh 47 —3%+2 1 2°+6x+5 _ 43743047 4 |
Loi giai
Ta co
432 4 g2 46045 430430+ g
o 4032 4 200045 _ g7 3x42 g2 H6x45 | g
4x273x+2 14+ 42x2+6x+5 . 4x273x+2 ) 42x2+6x+5 -0
2 2
P (4x —3x+2_1) (42)6 +6x—|—5_1) =0

2_
4x 3x+2 =1

i3

2
42)( +6x+5 —1.

X
e VGid 32 ]2 3x4+2=0s [
x=2.

o Vi 4274655 — | & 242 + 6x+5 = 0, phuong trinh nay vé nghiém.

x=1

Vay phuong trinh da cho c6 2 nghiém [
x=2.
—Hét—
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G.DESO 7

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

4

Céu 1. Cho a 12 mot sb6 thuc duong. Gia tri ciia biéu thic P = ( \/ﬁ) 4 bang

A. 4. B. 2. C.8. D. 1.
Loi giai

4 a3 4a

Taco P=(v24) = (22)“ =292 _ 92—y,
Chon @4p AN (A) ... nvi i O

" A g (2 s
Cdu 2. Tap nghiém caa bat phuong trinh ( — < 3 la

A. (0;+c0). B. (—;0). C. (—;2). D. (2;+4-00).
Loi giai
(2>x_1< & 1>1lo 5@ I>—-1<x>0

5 St g% 5 & x> 0.
Vay tap nghiém cta bat phuong trinh la (0;4-o).
Chon dap an @ ............................................................... O

- . aV3+1. g2=vs .
Cau 3. Rut gon biéu thitc P= ———— véi a 1a so thuc duong khac 1.

V2-2 V2+2
(a¥>72)

A. & . B. a. C.d. D. a*.
Loi giai
Ta o P V3. 2—V5 qV3+1+2-V5 & S

acoP= = = =a.

(a\/i—z)‘/iﬂ a(V22)(v2+2)  a?

Chon dap 410 (A) ... .o O

Cdau 4. Mot ngusi gii 100 triéu dong vao ngan hang véi 14i suat 0,4%/ thang.
Biét rang néu khong riat tién ta khéi ngdn hang thi ci sau mdi thang, sb tién
1ai sé dudc 1ap vao von ban dau dé tinh 1ai cho thang tiép theo. Hbi sau 6 thang,
ngudi dé dudc linh sb6 tién (ca von ban dau va 1ai) gan nhéat véi s6 tién nao duéi
day, néu trong khoang thoi gian nay ngudi d6 khong ruat tién ra va lai xuét
khong thay d6i?

A. 102160000 dong. B. 102017000 dong.

C. 102424000 dong. D. 102423000 dong.
Loi giai
Ta c6 A, = Ao (1+r)" = 100000000 (1 + %)6 = 102424 128.
Chon dap an @ ............................................................... O
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. 1 .
Cadu 5. Rut gon biéu thic P = x3 - ¢x v6i x > 0.
1 2
A.P=/x. B. P =i8. C.P=1x9. D. P =x.
Loi giai

Ta co

Chon @Ap AN (A) ...t O

~ P N » A N - N 1 Y
Cau 6. V6i a, b 1a cac so thuc duong tuy y va a # 1, log; 3 bang
a

A. 3log,b. B. log,b. C. —3log,b. D. %logab.
Loi giai
Ta co logé b_13 =log,-1b~3 =3log,b.
Chon dap 41 (A) ...t O
Cau 7. Nghiém ctia phuong trinh 2! = 3 ¢6 dang a+log,3(a € R,0 < b # 1).
Tinh S =a+0b.
A. 3. B. 2. C. 1. D. 4.
Loi giai
Tac62* ! =3 x—1=1log,3 < x=1+log,3.

Suyraa=1,b=2.
Vay S=a-+b=3.

Chon dap an @ ............................................................... O
Cau 8.
DPudng cong hinh bén 14 d6 thi cia ham s6 nao duéi day? y
1 X
A.y=2% B. y =log, x. C.yzloglx.D.y:<§) .
2
(0] 1 X

Loi giai
Ham s6 x4c dinh trén (0;+co).
Ham s6 nghich bién trén khoang (0;+c) nén ¢ s6 a € (0;1).
Vay ham s6 y = log; x ¢6 d6 thi nhu hinh vé.
2

Chon dap an @ ............................................................... O
CAu 9. Tap xac dinh ctia ham s6 y = log; (x — 4) 1a

A. (—o04). B. (4;+00). C. (5;4o). D. (—o0;+00).
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Loi giai
Piéu kién xac dinh x—4 > 0 < x > 4.
Vay tap x4c dinh ctia ham s6 y = log; (x —4) 1a (4; +oo).

Chon dAP AN (B) ... v ettt O
Cau 10. Nghiém ctia phuong trinh log;(5x) =2 1a
8
A.x:§. B.x=09. C.x:g. D.x=28.

Loi giai
Piéu kién x > 0.

9 o n 9
Ta c6 log;(5x) =2 = 5x=3> < x = s Vay phuong trinh da cho ¢6 nghiém x = s

Chon dap an @ ............................................................... O
Cau 11. Cho a > 0 va a # 1, khi d6 log, **Va2922 bang
2022 2021
A.2021. . —. C.—. D. 2022
2021 2022
Loi giai
2022 2022 2022
4o < 1 , 1 202175022 -1 2001 — =71 kil
Véia>0vaa+#1tacolog,  Va og,a 5021 %89 = 5057
Chon dap an (B) ... e e O
Cau 12. Ham sb6 y = log, x ¢6 do thi di qua diém nao sau day?
A. (0;1). B. (1;1). C. (2;2). D. (2;1).

Loi giai
Ta c6 log,2 = 1 nén d6 thi ham s6 y = log, x di qua diém (2;1).
Chon @4p 4n (D) ...t O

PHAN 2. Céu fréc nghiém ding sai

Cdu 1. Cho cac d6 thi ham sb6 y = log,x,y = ¥

N ~ 2 . N Y= logax

log, x,y =log.x nhu hinh vé. Khang dinh nao sau
day ding? y=logy

a)a> 1. 0

X
b)0<c<l1l<a<hb. !
3 log,b _ 3/75
c) (a \/c_l) = Vb= y=log.x

b .
d) leogc—l-I—log—-i—logE —logg >0 véid>D0.
b c d d
Loi giai
a) @ Diing. Ta thiy ham s6 y = log,x dong bién nén a > 1.
b) @ Ding. Tt d6 thi ta ciing ¢6 ham s6 y = log, x dong bién nén b > 1 va ham
s6 y = log.x nghich bién nén 0 < ¢ < 1.
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Mat khac dung dudng thing y = 1 né cit hai d6 thi ham sb y = log,x va
y = log, x tai cdc diém c6 hanh d6 1a a va b tuong ding, suy ra a < b.
TudétadudcO<c<1<a<b.

1\ log,b
¢) (S) Sai. Ta c6 (a3\/5)l°g“b = (a3 ~a§) — (a

. , a b c a a_ ay B
d) @Sal. TacoP—log(l—)-z-E)—logE—log(g. d) =logl =0.
Chon dép 4n|a dung | bdung [csai [dsai| ..............ooooi O

Cdu 2. Xét bat phuong trinh log(x —21) < 2 —logx.
a) DPiéu kién xac dinh ctia bat phuong trinh da cho 1a x > 0.
b) Tap nghiém ctia bat phuong trinh da cho ¢6 dang S = (a;b) khi d6 a+b =21.
¢) Tap nghiém ctia bat phuong trinh da cho c6 dang S = (a;b) khi d6 a- b = 525.
d) Bat phuong trinh da cho v6 nghiém.

Loi giai

Piéu kién: x > 21. Khi dé ta c6

log(x—21) <2—logx < log(x—21)+logx <2
& logx(x—21)] <2 e x(x—21) < 10°
& —4<x <25,

Két véi véi diéu kién ta dudc tap nghiém ctia bat phuong trinh 1a § = (21;25).
a) (S) Piéu kién x4c dinh ctia bat phuong trinh 13 x > 21.
b) @ Bat phuong trinh c6 tap nghiém S = (21;25) va 21 +25 = 46.
¢) (D) B4t phuong trinh c6 tap nghiém S = (21;25) va 2125 = 525.

d) @ B4t phuong trinh c6 tap nghiém S = (21;25).

Chon dép an |asai|bsai|cdung [dsai|...............oooc O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cdu 1. Téng tat ca cac nghiém cia phuong trinh log, x> +log, (5 — x) = log, (x+3)

12 bao nhiéu? (1am tron két qua dén hang phan chuc) DPapan:| 3|, |5

Loi giai
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Piéu kién —3 < x < 5,x # 0. Khi d6 phuong trinh tuong duong

5_
log, |x| +1og,(5 —x) —log,(x+3) =0 < logzpc‘)ETx):()
M-
x+3
0<x<5 —3<x<0
=4 V
x(5—x)=x+3 —x(5—x)=x+3
0<x<5 —3<x<0
= V
—X*+4x-3=0 [¥*—6x—3=0

& x=1Vx=3Vx=3-2V3.

Vay tong cac nghiém ctia phuong trinh 1a 7 —2/3 ~ 3,5.

Cau 2. Chox>0,y>0,x+y>0théa man

2 2

2P 00237 L Jog, T2

< 47 420235,
X+y

Tim tong gié tri 16n nhat va gia tri nhé nhat cia biéu thitc P =x2+y? —8x—2y+10

(lam tron dén hang phan tram) Papan:|5|, |51
Loi giai
2,2 X%+ y2
25 120237 og, <4 42023
X+y
24 y?

< 4x+y
2(x+y) —
2023 - [log, (6 +3?) — logy [2(x +y)]| < 2206+) 277

& 2707 12023 g,

Néu x> +y? > 2(x+y). Khi @6 VT > 0;VP < 0 (khong thod man).

Néu x? +y* <2(x+y). Khi d6 VT < 0;VP > 0 luén thoa méan.

Vay x% +y? —2x—2y < 0= (x;y) thudc phan hinh tron tdm 7(1;1) ban kinh r = /2
(v6ix>0,y>0,x+y>0).

Khi d6 P = x*> +y? — 8x — 2y + 10 = (x;y) thudc phan dudng tron tam K(4;1) ban
kinh R=+/P+7 thoAman x>0,y > 0,x+y > 0;d = KI = 3.
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Dua vao hinh vé, dé ton tai (x;y) ta phai c6 d —r < R < KA, (A(0;2)) & 3 -2 <

VP+7< V17
11-6V2<P+7<17<4-6V/2<P<10

Prax + Poin = 10+4 —6V2 = 14— 62 ~ 5,51.

Pap an: m .................................................................. O
Cau 3. Cho a, b 14 céc sb thuc duong 16n hon 1 théa man log, b = 2. Tinh gia tri

biéu thic P = log,» b+log, 2 b° Dap an: | 3
Loi giai
Ta co
P =log,b+log, b’ =1lo b—i—;— lo !
— 8 Sap2 7" = 108a> log,sab? 2 Sa log,s a +log,s b>
1 1 1
= —log, b+ ==:2 =142=3
2 %logba%—% 2 %%—F%
DAD AN (B oo O

Cau 4. Nam 2021, dan sé ctia mot qubc gia chau A 1a 19 triéu ngudi. Ngudi ta
uéc tinh rang dan s cta qubc gia nay sé tang gap d6i sau 30 ndm nita. Khi do,
dan sb A cta qubc gia d6 sau r nam ké tit ndm 2021 dude udc tinh bang cong thic
A=19- 23t_0. Hoéi v6i toc d6 tiang dan s6 nhu vay thi sau 20 ndm nita, dan sé quoc
gia nay sé 1a bao nhiéu triéu ngusi? (két qua lam tron dén hang don vi theo don

vi tinh: triéu nguoi). Papan:(3|0
Loi giai
V6i t = 20 thi dan s6 qubc gia nay sau 20 ndm nita 1a

Dap An: |30 ..o e O

PHAN 4. Tu luan.
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Cau 1.
Val3h .
- (v6i a,b la nhiing so thuc duong).

Vabb
b) Dt a = log;2;b =log; 11;¢ = log; 23, hay biéu dién log; 2024 theo ba sb a, b, c.

a) Rut gon biéu thic A =

Loi giai

Vabs  db
Vabh3 ~ 22
b) Ta c6 log; 2024 = logy(23 - 11-23) = 3log; 2 +logz 11 +10og323 =3a+b+c.

:6l3.

a) Taco A=

Cdu 2. Giai cac phuong trinh sau
a) 37197 =27, b) logs (32 — 8x+4) = logs(5x —6).
Loi giai

a) Ta co

3x2+9x77 — 27
3x2—|—9x—7 — 33
¥ +9x—7=3
X 4+9%—10=0

x=1
x = —10.

Vay tap nghiém ctia phuong trinh S = {—10;1}.

r vt

b) Ta co
logs (3x* — 8x+4) = logs(5x —6)
{5x—6>0
=
3x> —8x+4=5x—6
6
N x>§
3% —13x4+10=0
6
N x>§
3% —13x4+10=0
6
= x>§ =X = 10

1 T .
x=1hoécx=? 3

A kd ~ 10
Vay tap nghiém cta phuong trinh S = {?}
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Cau 3. Goi I(r) 1a sb ca bi nhiém bénh Covid-19 § quéc gia X sau r ngay khao
sat. Khi dé ta c6 cong thitc 1(r) = A.e"o(~1 véi A 1a s6 ca bi nhiém trong ngay
khao sat dau tién, ry 1a hé s6 1ay nhiém. Biét rang ngay dau tién khao sat c6 500
ca bi nhiém bénh va ngay thi 10 khao sat c6 1000 ca bi nhiém bénh. Héi ngay
thit 20 s6 ca nhiém bénh gan nhéat véi s6 nao dudi day, biét rang trong subt qua
trinh khao sat hé s6 1ay nhiém 1a khéng d6i?

Loi giai

Theo gia thiét ta c6 I(1) = A = 500. Ngay thit 10 ¢6 1000 ca nén

2
1(10) = A.e”"0 = 1000 = 500.¢” & rg = Ing.

Vay, ngay thi 20, so ca nhiém bénh la 7(20) =500-¢ 9 =~ 2160.
Cdu 4. Giai bt phuong trinh (x> +1)- 281 427 +-1_or 21 <,
Loi giai
(P4+1) 25 g2l 21 <0
&2 (P2 4142%) 2" -2~ 1<0
e(P+1+2) (2771 -1) <0
& (2x2—1 —1) <0(Vi2*+22+1>0,9x € R).

e lelel-1<0e-l<x<l.
Vay tap nghiém ctia bat phuong trinh § = (—1;1).

—Hét—
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H.PESO 8

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cdau 1. Tim tat ca cac gia tri thuc cta m dé phuong trinh 3* = m ¢6 nghiém thuec.
A.m>0. B.m>1. C.m>0. D.m #0.

Loi giai

Dé phuong trinh 3* = m ¢6 nghiém thuc thi m > 0.

Chon dap an @ ............................................................... O

Céu 2. Ménh dé nao trong cac ménh dé dudi day sai?

2
. 2025\% 1 | Py
A.Ham soy= (—7r ) dong bién trén R.

B. Ham s6 y = logx dong bién trén (0;+oo).
C. Ham s6 y = In(—x) nghich bién trén khoang (—eo;0).
D. Ham s6 y = 2* dong bién trén R.

Loi giai

2
o 2025\t | .
Ham so y = (—7: ) co tap xac dinh 2 = R.

2
2025\ ! 202
Ta coy =2x- (ﬂ) -In (£>
T T

Do d6 ham s6 nay khong thé dong bién trén R.
Chon dap 41 (A) ..t O
Céu 3. Tap nghiém ctaa bat phuong trinh 5! > 579 13
A. [-2;4]. B. [—4;2].
C. (—o0; —2] U [4; +o0). D. (—o0; —4] U [2;+400).
Loi giai
>80y 1> x99 - 2—8<0& —2<x<4

Vay tap nghiém ctia bat phuong trinh 1a [—2;4].
Chon @Ap AN (A) ... nrt e, O
Cdéu 4. Tap xac dinh cia ham s6 y = Inx 1a
A. (0;+4-o0). B. R. C. [0;+c0). D. R\ {0}.
Loi giai
Ham s6 y = Inx c6 tap xac dinh 1a 2 = (0;40).
Chon @4p AN (A) ... nr i O

1
Cau 5. Rut gon biéu thitc P = x3 - /x v6i x > 0.
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1 2
A.P=/x B. P =18, C.P=x9. D.P= x>
Loi giai
Ta co
1 11 1.1 1
P:_x3 \6/_;:)(3-)(6 :x3 6:x2:\/}
Chon dAp AN (A) ... uut i O

Cdu 6. Tap nghiém ctia bt phuong trinh log, (x — 1) > 5 1a
A. (33;+c). B. (—;33). C. (—oo;11). D. (11;+4-00).
Loi giai
Picukiénx—1>0< x> 1.
Tacélog,(x—1)>5ex—1>2 < x—1>32c x> 33,
So diéu kién, ta dudc nghiém ctia bat phuong trinh 1a x > 33.
Vay tap nghiém ctia bat phuong trinh 1a (33;4-c0).

Chon dap an @ ............................................................... O
Cdau 7. Cho a > 0 va a # 1, khi d6 log, /a bang
1 1
A. -3. B. -. C. —. D. 3.
3 3
Loi giai
1
Vé6ia>0vaa+#1,tacoélog,va= logaa% = —log,a = 3
Chon dAP AN (B) ... e ettt O
. N . 1N,
Cdu 8. Nghiém ctia phuong trinh 3**! = (5) la:
A 1 B 1 C ! D !
« X = 1. e X = —1. « X = —. X = ——.
5 5
Loi giai
2x
=)
9
PN 3x+1 — 374)(
1
& x+1:—4x<:>x:—§.
Chon dAp 40 (D) ...\ O
Cau 9. Cho log,b = 3,log,c = —2. Khi d6 log, (a’b*\/c) bang
A.5. B. 8. C. 10. D. 13.

Loi giai

1 1
Ta c6 log, (a’b*\/c) =log,a® +log, b* +log, /c =3 +2log, b+ Slogic=3+2-3—-
2 =28.
Chon dap an (B) ... e e e O
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Céu 10. Tap nghiém ctia bat phuong trinh 0,6* > 3 1a
A. (—ooiloge3).  B. (loggg3;4e0). C.(—e0;log30,6). D. (log;0,6;+00).
Loi giai
0,6 >3 < x <log) 3.
Vay tap nghiém ctia bat phuong trinh 1a (—eo;log ¢3).
Chon dap 41 (A) ..t O

Céu 11. Pinh luat thi ba ctia nha thién van hoc Kepler vé quy dao chuyén dong
cho biét cach udc tinh khoang thoi gian P (tinh theo ndm Trai P4t) ma mot hanh
tinh can dé hoan thanh mét quy dao quay quanh Mat Troi. Khoang thoi gian dé
dudc xac dinh béi mot ham sé6 P =d %, trong do d la khoang cach tu hanh tinh
d6 dén Mat Troi tinh theo don vi thién van AU (Astronomical Unit) 1a khoang
cach ti Trai Dat dén Mat Troi, tic 1a 1 AU khoang 93 triéu dam. Hoi sao Hoa
(Mars) quay quanh mat troi thi mat bao nhiéu nam Trai Pat (lam tron két qua
dén hang phan tram)? Biét khoang cach ti sao Héa dén Mt troi 1a 1,52AU.

A. 1,87 B. 178. C. 1,69. D. 1,96.
Loi giai
Sao Héa quay quanh Mé&t Troi thi mat s6 nam Trai Pat 1a P = d> = 1,52% R~
1,87(AU).
Céu 12. Tap xac dinh ctia ham s6 y = o la

logrx—1

A. R\ {2}. B. (0;+-00). C. (0;4o0)\{2}. D. (0;+)\{1}.
Loi giai

e ) . £ {x >0 {x >0
Dieu kién xac dinh cia ham so &

log,x # 1 x #2.

Vay tap xdc dinh ctia ham s6 12 2 = (0; +e0) \ {2}.
Chon dap 41 (C) ....uuie i e O

PHAN 2. Cau tréc nghiém ding sai

1 N
Cdau 1. Cho ham s6 f(x) = e¥’+x. Cac ménh dé sau ding hay sai?

a) f(1)=e.
b) Ham sb x4c dinh trén 2 =R\ {—1;0}.
¢) B4t phuong trinh f(x) < 1 ¢6 2 nghiém nguyén.

2024
@ F(1)- () £(2024) = 222,
Loi giai
a) (D) Ding. f(1) = c2 = \/e.
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x#0

b) D) Pung. Ham sb xac dinh khi va chi khi x2+x#£0 < { 7&
x# —1.

1

c) (§8ai f)<lwelr<le <0eP+x<0e-1<x<0.

x2—|-x
1 1 1

:x2+x:x_x+1'

1
d) (S) Sai. Ta c6 f(x) = e+ = Inf(x)

Khi do,
Inf(1)+1Inf(2)+---+1Inf(2024) = (1—l>+(l—l)+ +(L—L>
B 2 2 3 2024 2025
12024
2025 2025
2024 2024
NénIn[f(1)-£(2)--- f(2024)] = 5o~ & f(1) - f(2) -~ f(2024) = e2025.
Chon dép 4n|a dung | bdung [csai [dsai| ..............ooooo O

Cdu 2. Cong thitc logx = 11,8+ 1,5M cho biét méi lién hé gifta nang luong x tao
ra (tinh theo erg, 1 erg tuong duong 10~ jun) véi do 16n M theo thang Richter
ctia mot tran doéng dat.

a) Tran doéng dat c6 do 16n 2 do Richter tao ra ning lugng khoang 6,3 - 1034
erg.

b) Tran dong dat c6 d6 16n 3 do Richter tao ra ning luong khoang 2-10° (J).

¢) Tran dong dat c6 do 16n 5 d6 Richter tao ra niang ludng gap 100 lan so véi
tran dong dat c6 do 16n 3 do Richter.

d) Ngusi ta udc lugng réang mét tran dong dat c¢6 d6 16n khoang tu 4 dén
6 d6 Richter. Ning luong do tran déng dat d6 tao ra nim trong khoang
10178 < x < 10208 erg.

Loi giai
a) (S)TaiM=2=logx=118+15-2=148=x=104%~63-10" erg.
b) M) Tai M =3=logx=11,8+1,5-3=163=>x=10'03erg~ 10'63.10"7 ~2-10°.

c) @ Goi x1, x» 1an ludt 1a nang ludng tao ra cta hai tran dong dat cé do 16n
lan luot 1a
M, =5 va M, = 3 (d6 Richter).
Ta c6 logx; = 11,8+ 1,5- My, logx; = 11,8+ 1,5M,.

Suy ra logx; —logx; = 1,5(M) — M;) = log)2 —3= 1
X2

= 10° = 1000.
X2

Vay tran dong dat c6 do 16n 5 d6 Richter tao ra nang lugng gip 1000 lan so
v6i tran déng dat c6 do 16n 3 do Richter.

d) ®Tac611,8+1,5-4<logx<11,84+1,5-6= 17,8 <logx <20,8 = 1078 <x <
10208 erg.

Vay tran doéng dat dé tao ra nam trong khoang 10'7:8 < x < 10298 erg.
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Chon dép an |a sai | bdung | csai|[ddung| ... O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Céu 1. Mot ngan hang X quy dinh vé sb tién nhan dude ctia khach hang sau n
nim gt tién vao ngan hang tuan theo cong thitc P(n) = A (1+8%)", trong d6 A 1a
s0 tién gtii ban dau ctia khach hang. Hoéi s6 tién A (triéu dong) it nhat ma khach
hang phai giti 14 bao nhiéu dé sau 3 nam khac hang d6 nhan dudc 16n hon 850

triéu dong (két qua lam tron dén hang don vi). Papan:|6|7 |5
Loi giai

Pé sau 3 nam khach hang nhan dudce 16n hon 850 triéu dong thi s6 tién gii A
thoa

P(n) > 850 < A(1+8%)° > 850
850
(1+8%)
Vay dé nhan dudc 16n hon 850 triéu dong sau 3 nam, khach hang dé phai gti vao
it nhat 675 triéu dong.
AP A1 (675 ] .o O
Céu 2. Cho x,y la cac s6 thuc 16n hon 1 thoa man x2 + 9y? = 6xy. Tinh gia tri cta

. 1+1 1
biéu thiuec M = tlogp Xt Oglzy.
2log,(x+3y)

DPap an:| 1

Loi giai

Ta co
2 2 _ 2 2 _
x°+9y” = 6xy < x”+ (3y)” + 2x.3y = 6xy + 6xy
& (x4 3y)? = 12xy
& logp(x+3y)* = logy,(12xy)
& 2logy(x+3y) = 1 +log, x+log,y
It+logpx+tlogpy |
2log;p(x+3y) '
Vay, M = 1.
Dap an: L] . O
n 5 .
Cau 3. Cho vVo—-2+v2a—-5+vVa+2+3vV20-5=7V2, a c [§;+oo). Tim o.
Papan:|1 |5
Loi giai
batr=+v2a0 5.
5 2 +1 249
YVa e [§;+W),t806IZOVéa—2: + vaa+2= ;r .
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Khi d6, dang thic /oo —24+v2a —5+ v/ o +2+3v20 —5 = 7+/2 tré thanh

\/(t+1)2+\/(t+3)2:14<:>|t+1|+|t+3|:14<:>t+1+t+3: 14&1=>5.

Do d6, V2o —5=5=200—-5=25< a = 15.
DA An: |15 o e O]
Cdu 4. Do thi ham sb6 y = f(x) dbi xiing v6i d6 thi ham s6 y = log,x (0 < a # 1)
qua diém /(2;1). Gia tri ctia biéu thiic f (4 —a~2°") bing bao nhiéu?
Papan:(2|0(2]1

Loi giai
Xét y = log,x c6 dd thi la (Cy) va y = f(x) ¢6 do thila (C).
Theo bai ra ta c6 (C) dbi xing véi (Co) qua I(2;1).
Gia st M(xp;y0) € (C) va N(x;y) € (C).
Vi M d6i xting véi N qua I nén [ 1a trung diém cta MN.
xo+x=4 {x0:4—x

4

yo+y=2 Yo=2-y.
Thay vao phuong trinh caa (Cy) ta dudc

Khi dé{

2—y=log,(4—x) = y=2—log,(4—x).

Suyra f(4—a ") =2—log, [4— (4 —a2%")] =2—log,a %" =2+42019=2021.

L
ap an: 2021 O
2/ 0

PHAN 4. Ty luan.

Cau 1. Cho a, b > 0 va déu khac 1 thod man Ina+ In(8b) = 2In(a + 2b). Rit gon

\d 1
biéu thiic P = log, (2a) +logs (2b) — oz b
8

Loi giai
Véi a, b 1a cac s6 thuc duong khac 1, ta c6
Ina+1n(8b) =21In(a+2b)
& In(8ab) = In(a+2b)>
& 8ab = (a+2b)?
& (a+2b)*=0
& a=2b.

2
= log,(4b) + log,(2b) — log, 8 = log, < =

Khi d6 P = log,(2a) + logy (2b) — og
8

log,, b* = 2.
Céu 2. Lic dau trong ao c¢6 mot sé6 con éch. Ngudi ta ghi nhan s6 luong éch
trong 5 nam dau nhu hinh bén duéi.
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700+
600+
500+
400+
300+
200+
1001

Gia stt s6 luong éch tiang theo ham s6 n(r) = Cd’ véi C 1a hang sb.
a) Tinh s6 lugng éch lic ban dau.

b) Tim ham s6 biéu dién s6 lugng éch sau r nam ké ti khi chung xuat hién trong

ao.
¢) Du doan s6 lugng éch sau 15 nam.
Loi giai

a) So6 lugng éch ban dau l1a 100 con.

b) D6 thi ham s6 di qua 2 diém (0; 100) va (2; 196). Ta c6:

C-a® =100 C =100 C =100
& & =n(t) =100-(1,4)
C-a*> =196 a*=1,96 a=1,4
Vay ham s6 biéu dién s lugng éch sau r ndm ké ti khi ching xuat hién
trong ao la: n(t) = 100+ 100- (1,4)"

¢) n(15) = 100+ 100- (1,4)"> ~ 15656 (con).

Céu 3. Vao dau moéi thang, ong An déu giii yao ngan hang sb tién cb dinh 30
triéu dong theo hinh thiic 1ai kép véi 1ai suit 0,6% /thang. Tinh tong sb tién ong
An c¢6 dudc sau thang thi hai. (don vi triéu dong, lam tron két qua dén hang
phan mudi).

Loi giai

S6 tién 6ng An cé dudc

p 0,6 0,6 N
e Sau thang thi nhat 1a 7; =30+ 30- 1—(’)0 =30 <1 - ﬁ) = 30,18 (triéu dong).

¢ Sau thang thua hai la

0,6) [ ( 0,6>] 0,6
T, = 14— 14+ )| ==
) 30+30< +100) T 30+ 30 +100/ | 100
0.6 0.6 0.6 0.6\°
[30+30( +100)K +100) 30( +100)+30( +100) 60,5 (triéu

dong)
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Cdu 4. Tinh tong tit ca cac nghiém ctia phudng trinh
1 1 .
Elog\g (x+3)+ 7102 (x—1)° =logs(4x).

Loi giai
s |XFE] ;
Diéu kién .Taco
x>0
1 1 .
Elog\@(x—l— 3)+Zlog9 (x—1)% =logs(4x)
& logz (x+3) +logs |x — 1| = logs(4x)
& logs[(x+3) - |x— 1]] = logz(4x)
& (x+3)|x—1] =4« (1)

* Néu 0 < x < 1 thi phuong trinh (1) tré thanh

) x=—3+2v/3 (théa diéu kién)
(x+3)(1—x)=d4x —x"—6x+3=0< .
x = —3—2v/3 (khong théa diéu kién).
* Néu x > | thi phuong trinh (1) tré thanh

— 3 (théa diéu kién)

(x+3)- (x—1)=dxox*-2x-3=0< .
x = —1 (khong théa diéu kién).

Phuong trinh da cho c6 tap nghiém la S = {—3 +2/3; 3}.
Vay tong tat ca cac nghiém ctia phuong trinh 1a 21/3.

—Hét—
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.DESO9

PHAN 1. Cau tréc nghiém nhiéu phuong an lua chon

Cau 1. Tap nghiém ctia bAt phuong trinh 5! > 57913

A. [-2;4]. B. [—4;2].

C. (—o0; —2] U [4; +o0). D. (—oo; —4] U [2;+400).
Loi giai
55 1>5" 09y 1> x- 92— 2x—8<0& —2<x<4
Vay tap nghiém cta bat phuong trinh 1a [-2;4].

Chon dap 41 (A) ... .t O
Cdéu 2. Véi a, b 1a cac sb6 thuc duong va m, n 1a cac sé6 nguyén, ménh dé nao sau
day sai?

A.loga+logh =logab. B. loga—logbzlogg.

C.log,1=0. D. loga+1logh =1loga-logh.

Loi giai
Ménh dé sai 1a “loga +logb = loga - logh”.
Chon dap an @ ............................................................... O

Cdau 3. Cho ham sb f(a) =

bi€u thie M = f(20172016).

A.M=20171908 _1, B. M= -2017'008 _1,
C. M =2017%016 _1, D. M =1-20172016,
Loi giai
1 /1 4
as: (“3 _“3> 1 l—a
. —a —
Ta ¢ f(a) = — = = =—1—./a.

3 —1 —
ag.(ag_a?) az-1 Vel
Nén M = f(2017%01¢) = —1 — /20172016 = —1 —2017' 008,

Chon dAp 4N (B) ...\ 'viet i O
Cau 4. Véia>0,b>0, a, B 1a cac sb thuc bat ki, dang thiic nao sau day sai?
o o a—p
A.a%-dP =a*P. B.a% b*=(ab)*. C. s D. L = (ﬁ) .
ab bB b

Loi giai

a(X
b—B pu—
Chon dap an @ ............................................................... O

A . a\eB_ L.
Cong thic <E> la cong thic sai.
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Céu 5. Ham s6 nao duéi day dong bién trén tap xac dinh ctia né?

1\ 2\* . i
A.y:(%). B.y:(g). C.y:(\@). D.y=(0,5)".
Loi giai
Ham s6 y = a* dong bién trén R khi va chi khi a > 1.

. 1 2
Thay céc s6 = 5;0,5 nhé hon 1, con v/3 16n hon 1.

Vay ham s6 y = <\/§)x dong bién trén R.

Chon dap an @ ............................................................... O
Cdu 6. Cho hai s6 duong a, b, a # 1, théa méan log > b+ log, b*> = 2. Tinh log, b.
8 4
A. —. B. -. C.2. D. 4.
5 5

Loi giai
V6i a, b 12 hai sb6 dudng, a # 1, ta c6
log > b+log, b =2
1
& ilogab—{—Zlogab =2

5
< Elogab =2
4
& log, b= 5
Chon dap an (B) ... e e e O
Cdu 7. Cho log,x = 3,log, x = 4 v6i a,b 1a c4c s6 thuc 16n hon 1. Tinh P = log,, x.
12 1
A.P=12. B.P=—. C.P:l. D.P=—.
7 12 12
Loi giai
P—lo 1 1 1 12
= X = = = = —
Sab log.ab log,a+log.b 1 1 7
— + —
3 4
Chon dA4p 4N (B) . ...'vi et O
Cdu 8.
Hinh bén 14 d6 thi ctia ham sb nao trong cac y
ham s6 sau day?
A.y=(04)". B.y=(V2)"
C. y=log,x. D.y=log 4.

Loi giai
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Hinh bén 14 d6 thi ciia ham mii ¢6 cd s6 a théa 0 < a < 1.

Chon dAp AN (A) ... ure O
CAu 9. Véi a > 0 dat log,(2a) = b, khi dé log,(8a*) bang
A.4b+17. B. 4b+3. C. 4b. D.4b—1.

Loi giai

Ta c6 log,(2a) =b < 1 +logy,a =b < logya=b—1.

Khi d6 log,(8a*) =3 +1log,a* =3 +4log,a=3+4(b—1) =4b— 1.

Vay log, (8a*) = 4b — 1.

Chon dAp 4n (D) ....\e e O]

Céu 10. Cudng do anh sang tai d6 sau 4 (m) duéi mat ho dudc tinh theo cong
h

thac 1, = I - (%) * trong dé Iy 14 cudng d6 anh sang tai mat ho. Cudng d6 anh

sang tai do sau 5 (m) gip bao nhiéu lan cuong d6 anh sang tai d6 sau 13 (m).
A.43. B. 5. C. 4. D. 3.

Loi giai

Ti s6 cudng d6 anh sang tai d6 sau 5 (m) so véi cudng do anh sang tai do sau 13

(m) la
5.13 8 >
2= =) =) =
Ly \2 - \2 - \2/
Chon dap 41 (C) ...t 0
A e . [ RN
Cau 11. Gia tri caa long bang
1 1
A. 4. B. - C.-. D. —4
4 8
Loi giai
1
Ta c6 10g21—6:10g22_4:—4.
Chon @4p 4n (D) ...\t e O
Cau 12. Cho a =3Y3, b =32 va ¢ = 3V6. Ménh dé nao duéi day dung?
A.a<b<ec. B.a<c<b. C.c<a<hb. D.b<a<e.

Loi giai

Tacéb=32=3Y4 Viv4<+5<+v6va3>1nén3v4<3v5<3v6
Vay b <a<c.

Chondépén@ ............................................................... O

PHAN 2. Cau tréc nghiém diing sai
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Cau 1. Cho db thi ham sb y = o* dudi day.

g

a) Ham s6 da cho nghich bién trén khoang (0;1).
b) Ham s6 cho béi céng thiic y = 3.

X . N A ~ 4 N 2 1 . g , N A A
c¢) Do thi ham so da cho cat duong thang y = 3 tai diém c¢6 hoanh d6 khong

am.

d) D6 thi ham s6 da cho cat duong thang y = —x+ 1 tai diém c6 hoanh do6

duong.

Loi giai

a)

b)

(S) SAI

Dua vao d6 thi ham s6 ta thay ham sb da cho dong bién trén R

® PUNG
D6 thi ham s6 y = ¢* di qua diém (1;3) suy ra a = 3.

c) (S) SAI
. . 1
Phuong trinh hoanh dé giao diém cua y = 3* va duong thang y = 3 la 3 =
1
5 Sx=-—1
d) (S) SAI
Phuong trinh hoanh d¢6 giao diém ctia y = 3* va dudng thang y = —x+1 1a
3F=_—x+1. (1)
Ta ¢6 ham sb y = 3* dong bién trén R va 3* > 0, Vx € R.
Puong thang y = —x+1 ¢6 hé s6 a = —1 < 0 nén nghich bién trén R.
Ta lai ¢6 3° = —0+ 1 nén phuong trinh (1) ¢c6 nghiém duy nhét x = 0.
Chon dép 4n|asai | bdung | csai [dsai|.............oooii O

Cdéu 2. Trong nam 2019, dién tich rung trong méi ca tinh A 14 1000 ha. Gia s
dién tich ring trong mdi cia tinh A méi nam tiép theo déu ting 6% so véi dién

tich ritng trong méi cia nam lién trude. Sau ndm 2019.

a) Cong thic sau n nam thi dién tich trong rung cta tinh A 1la A =

1000 (1 +0,06)""".
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b) Vao nim 2032, dién tich ritng nam dé hon gap doéi ndm 2019.
c¢) Vao nam 2025 thi dién tich rung nam d6 dat trén 1400 ha.
d) Dién tich riing vao hai ndm sau ké tit ndm 2019 sé dat 1123,6 ha.
Loi giai
Ap dung cong thiic A = a(1+r)".
a) (S)Ta c6 sau n nam thi dién tich trdng méi clia tinh A 13 A = 1000 (1+0,06)".

b) @ 1000 (1+0,06)" > 2000 = 1,06" > 1=n>11,8.
Vao nam 2032, dién tich ritng nam dé hon gap déi nam 2019.

c) @ Theo dé bai, ta c6 1000- (14 0,06)" > 1400 = 1,06" > 1,4 = n > 5,774
Vay vao nam 2025 thi dién tich ring mdéi nam dé dat trén 1400 ha.

d) ® n=2=1000(140,06)>=11236 ha.

Chon dép 4n|asai | b dung | cdung [ddang| ....................oo O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cau 1. Cho log;;,490 = a+ v6i a,b,c 1a cac s6 nguyén. Tinh gia tri cta

c+log7
biéu thic T =a+b+c Pap an:| 1
Loi giai
Ta co
log490 log10+1log49 1-+2log7 4+2log7-3 -3
log709490 = = = = =2+ :
log700  log100+1log7 2+log7 2+log7 2+log7
Suyraa=2,b=-3,c=2.Vay T = 1.
DA An: || o e O

Cau 2. Cho 2 sb thuc duong a, b théa man /a # b, a # 1, log, b = 2. Tinh gia tri
ctia biéu thic T = log Ja Vba. (két qua lam tron dén hang phan chuc).
b

Papan:| -0 |, |7

Loi giai
Ta c6
logab:2:>10gba:%.
T:log\/a\s/lzzlogﬁe/l;n%ogﬁ%: ! + 1\/5
B B B 0 35 log%T
B 1 1 o 1
_log%\/a—log%b+log%\/5—log%b_%logba—3+%—3logab
1 - 2
31 3
227 a7
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DA AN -0, 7 | o O

Cdu 3. Tap nghiém ctia bat phuong trinh log;(x —2) — logi x> 11a 8= (a;+c).
3

Giatricuaala Pap an: | 3
Loi giai

L x—2>0
bieu kién x> 2.
x>0
Ta c6

logs(x —2) —logj x> 1
3

< logz(x—2) —logy1x > 1
< logz(x—2)+logzx > 1
& logs[x(x—2)] > 1
Sx(x—2)>3
&x*—2x—3>0

x< -1

=
x> 3.

So diéu kién, ta dudc nghiém ctia bat phuong trinh log;(x — 2) — log 1x>11acac
gia tri x théa man x > 3. ’

Vay tap nghiém can tim c6 dang S = (3;+o). Do d6 a = 3.

DA An: |3 . e O
Céu 4. Thuc hién m6t mé nudi cay vi khuan véi 1000 vi khudn ban dau, nha
sinh hoc phat hién ra s6 lugng vi khuén tang thém 25% sau mdi hai ngay. Cong
thiic P(t) = Py-a' cho phép tinh sb luong vi khuén ctia mé nuéi ciy sau r ngay ké
tir thoi diém ban dau. Sau bao nhiéu ngay thi s6 luong vi khudn vuot gap doi sb

lugng ban dau? Lam tron két qua dén hang phan muvi. Dap an: 6 | |, |2
Loi giai

Theo d8 ta ¢6 P(0) = 1000 va P(2) = 1000 +25% - 1000 = 1250.

Tt P(0) = 1000 suy ra Py -a® = 1000 = Py = 1000.

5 5
Tt P(2) = 1250 suy ra Py-a* = 1250 = a*> = 17a= g
1t
5
Vay P(t) = 1000 (g) .
A . 2 £ As A A . \/§ l
So lugng vi khuan vugt gap doi so lugng ban dau khi P(r) = 1000 - -] =

t
5
2-1000 < (%) =2=1t~6,2.

Vay sau 6,2 ngay thi s6 ludng vi khudn vuot gap d6i s6 ludng ban dau.
Dap An: (6,2 O
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PHAN 4. Ty luan.

Céu 1. Tim tap xac dinh cta cac ham so6 sau:
a) y=v4x—2xFl; b) y =In(1 —Inx).
Loi giai

a) Ham s6 y = v4* — 2*1 xac dinh khi va chi khi 4 - 21 >0 2" -2>0<
x> 1.
Vay tap xac dinh ctia ham s6 14 2 = [1;+oo).

b) Ham s6 y=In(1—Inx) xdc dinh khivachikhil—-Inx>0&hx<1ls0<x<e.
Vay tap xéc dinh ctia ham s6 1a 2 = (0;e).

Cdu 2. Cho cdc ham s6 y =log,x va y =log,x c6 ¥ x=3

d6 thi nhu hinh vé bén. Puong thing x = 5 cat log, x
truc hoanh, d6 thi ham sé y = log,x va y = log, x L
lan ludt tai A, B va C . Biét réing CB = 2AB va ¢ log, x
a = mb" v6i m,n 1a cac sb6 nguyén duong. Tinh rl

m? +n. 0% 50A x

Loi giai
Ta c¢6 A(5;0), B(5;log,5), C(5;log,5).
Do d6

CB=2AB < log,5—1log,5=2log,5
& log, 5 =3log, 5
& logsa = 3logsb

sSa=Db.

Vay m =1, n =3 nén m?> +n* = 10.

~ e P N A N L4 / e A
Cdu 3. Cong thic h=—19,4-log N la m6 hinh don gian cho phép tinh d6 cao &
0
so v6i mit nuée bién ctia mot vi tri trong khong trung (tinh bang ki-16-mét) theo
ap suat khong khi P tai diém d6 va ap suat P ctia khong khi tai mat nude bién
(cung tinh bang Pa - don vi ap suét, doc 1a Pascal).

2 £ . y 1 . n 3A
a) Néu ap suat khong khi ngoai may bay bang EPO thi may bay dang 6 do cao
nao?
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X A . 2 > . M 4 X ~ A A

b) Ap suat khong khi tai dinh cta ngon nui A bang 3 lan ap suat khong
khi tai dinh ciia ngon nui B. Ngon nui nao cao hon va cao hon bao nhiéu
ki-16-mét? (Lam tron két qua dén hang phan muoi.)

Loi giai
-y 4, - . 1 < 2A ) . .
a) Neu ap suat ¢ ngoai may bay la EPO thi do cao cia may bay la

1
iy

1
h=—194-log2— = 19.4-log ~ ~ 5,.8km.
Py 2

. A A 2 . s N N » 4
b) Goi ap suat lan ludt ciia hai ngon nui A va B la Py, Pg. Ta ¢6 Py = gPB-

P
hy = —19,4~logFA
D6 cao ctia nti A va nui B la 0
hgp =—19 4-10gE

B ) PO.
Ta co

4
_PB

Py 5
hy = —194-log— =—-194-log=—

4 P 4
= —194. (log§+logFB) = —19,4-10g§—|—h3 ~hp+109.
0

Vay nui A cao hon nui B 1,9km.
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J.PESO 10

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

) AR (N N
Cdau 1. V6i m 1a so thuc duong tuy y, biéu thic m3 : m3 bang
11 10
A.m’. B. m'°. C.m3. D.m3.
Loi giai
10 1 101
Tacom3 :m3=m3 3 =m.
Chon dap én@ ............................................................... O
Cau 2. Tim tap tat ca cac gid tri cia a d€ Va® > vVa2?
5 2
A.a>0. B.0<a< 1. C.a>1. D.i<a<§.
Loi giai
Ta ¢6 Va®> = Va®.
Do d6 V> > Va® < Va5 > Vab, ma 5 <6.
Vay 0 <a < 1.
Chon @4p 4N (B) ....'vi ettt e O

Cau 3. Cho a1a hai s6 thuc duong khéc 1. Dit log;a = m. Tinh theo m gi4 tri ctia
biéu thitc D = log; a —log sa+log,9.
3

2 —3m? 3m? —2 4 —3m?
Ap="" Bp="""% c.p=""""" D.D=-3m
m m 2m
Loi giai
D = log)a—log sa+log,9
3

= log3_1a—log3%a+10ga32

= —logya—2logza+2log,3
Taco _ “3logya+

logsa
= —3m+ —
m

_ 2-3m?

= e
Chon dap 41 (A) ...t O

Cdu 4. Véi a 1a s6 thuc duong khac 1 tuy ¥, gia tri log,» a> bang
A. 8. B. 6. C. % D. -

Loi giai

V6i a 1 s6 thuc duong khac 1, ta c6 log,.a® = %logaa =

Chon dap an @ ............................................................... O
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- A . . PN BN
Cdu 5. Tap nghiém ctia phuong trinh 52 < S 1a
A. [1;+00). B. (—;0). C. [2;+400). D. (—oo;1].
Loi giai
1
Ta c6 52 < sex-2s-lex<l
Tap nghiém cta phuong trinh la (—oo; 1].

Chon @4p 4N (D) ... .ottt O]

Cdu 6. Tap nghiém ctia bat phuong trinh logsx < 0 1a
A. (—oo;5). B. (0;5). C. (—oo;1). D. (0;1).
Loi giai
Piéu kién: x > 0.
BPT x<5<ex<1.
Két hop véi diéu kién, ta duge 0 < x < 1.
Vay tap nghiém ctia bat phuong trinh 12 S = (0;1).

Chon dAp 40 (D) ...\t O

Céu 7.

Puong cong trong hinh bén 14 d6 thi ciia mét ham sb trong y

b6n ham sb6 dudc liét ké 6 bén phuong an A, B, C, D duéi day. 1

Héi ham s6 d6 1a ham s6 nao? 2
A.y=log,x. B.y=log zx. C.y=log,2x. D.y:log%x. 4t g

Loi giai
Z N £ o 1 o ~
Ta thay do thi ham so di qua diém A (5; — 1) nén théa man y = log, x.

Chon dAp AN (A) ... nu O
Céu 8. Trong bon ham sb sau, ham s6 nao nghich bién trén R?
2022\ 2021\
avoamr B (22 Gt Do (221)
y=20 Y=\301 C.y=logyppx Y=\Z0m

Loi giai
Ham s6 y = «* nghich bién trén Rkhi 0 < a < 1.
Chon @4p 4n (D) ...\t e O
CAu 9. Véi a la s6 thuc duong tuy ¥, va® béng
A. as. B. . C. a5. D. a>.
Loi giai
Ta c6 Vad = a3.
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Chon dap an @ ............................................................... O
Cau 10. Nghiém cta phuong trinh log,(5x) =3 la:
8 9
A.x—g. B.x—g. C.x=28. D.x=09.

Loi giai
Piéu kién x > 0
log,(5x) =3 5x =2 & 5x=8 x= 2 (nhéan).
Chon dap an @ ............................................................... O
Cau 11. Tap nghiém cua phuodng trinh log,x =log,(2x+ 1) 1a
A. {-1}. B. 2. C. {0}. D. {1}.
Loi giai
Ta c6 log, x =log,(2x+ 1) < {x >0 & {x >0 = phuong trinh v6 nghiém.
x=2x+1 x=-—1
Chon dap an (B) ... ..ot e e e e e O
Cau 12. Miic cudng d6 am L do bang decibel (viét tit la dB, doc 1a dé-xi-ben)
ctia am thanh c6 cuong do / (do bang oat trén mét vudng, ki hiéu 1a W/ m?) dudgc
dinh nghia L = 10log Iio’ trong d6 Iy = 10~'2W / m? 1a cudng d6 Am thanh nhé nhét
ma tai ngudi c6 thé phat hién dudc (goi 1a ngudng nghe). Xac dinh mic cuong d6
am ctia Am thanh giao thong thanh phé déng dic c¢6 cuong do 7 = 1073W/ m??
A. 90. B. 130. C. 110. D. 150.
Loi giai
Taco L= lOlogi = 1010g£ = 1010og 10° = 90dB.
A 10-12
Vay miic cuong do am c@a Am thanh 7 = 1073W/ m? bang 90 dB.
Chon @4p AN (A) ... nri O

PHAN 2. Cau tréc nghiém ding sai

Cdu 1. Biét a =log,,5, b =logg 7, c = log, 3.

1
a) c>2. b)a'c:glogZS.
a-c 3(b+ac)
C) T = 10g7 5. d) 10g12 35 = C—|——2

Loi giai
a) @ Ta c¢6 c =log,3 <log,4 =2.

1 1
b) @ Tacoéa-c=c-a=1og,(3) log,;(5) =1log,(3) - 510g3(5) = §10g25.

1
,a-c  zlogy5 1 1
¢) M) Tacé = 310gg7 = 310g2(5) logs (8) = 5 10gs(5) -3+ log; (2) = log; 5.
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1

a=logy;(5) = 7 log;5 log.5 = 3a

d) ®) Ta c6 3 @{ 53
b=logy7 = log,7 log, 7 = 3b.

logy(7-5)  logy7+1logy5  log,7+1log,3-logz5  3(b+ac)

Mal 35= = = =
a logj, log,(3-22) log,3+2 log,3+2 c+2

Chon dép an |a sai | b ding | cdung [ddung| ... O

Cdu 2. Cent &m nhac la mo6t don vi trong thang légarit caa cao do hodc khoang
tuong d6i. Mot quing tam bang 1200 cent. Coéng thic xac dinh chénh léch
khoang thoi gian giita hai nét nhac c6 tan sé a va b (a > b) 1a n = 1200 - log, %.
a) Khoang thoi gian chénh léch gifta hai n6t nhac cé tan sb 443 Hz va 415 Hz
la 131 cent.
b) Khoang thoi gian chénh 1éch giita hai nét nhac c¢6 tan s6 345 Hz va 398 Hz
nam trong khoang (246;250).
¢) Gia st khoang thoi gian 1a 230 cent va tan s6 dau 1a 328 Hz thi tan s6 cudi
cung la 287,2 Hz.
d) V6i tan s6 dau khong vudt qua 355 Hz va tan sb cudi cung 1a 384 Hz thi
khoang thoi gian chénh lénh giita hai n6t nhac khéng vudt qua 178 cent.
Loi giai
a) @ Sai. Khoang thoi gian chénh léch giita hai n6t nhac c¢6 tan s6 443 Hz va
415 Hz la
n=1200-log, % ~ 113 cent.

b) @ Pung. Khoang thdi gian chénh léch gitta hai nét nhac c6 tan sb 345 Hz
va 398 Hz la 208
= 1200-log, — ~ 247 4.
" °82345 ’

c) @ Pung. Ta c6 phuong trinh

23
328 328 23 328 -
230 = 1200 - log, = < 1 _ — 2120 < b~ 287 2Hz.
g & log, ) 120@ b & b~ 287,2Hz
d) (S) Sai. Ta ¢6 phuong trinh
178 > 1200 log, - & log, - < 52 oo 9 <28 o 4 < 354.6H

= 82350 7 982320 = 600 7 320 = 4= 20mO L

Chon dép 4n|asai|bdung | cdung [dsai| ...............oooi O

PHAN 3. Cau tréc nghiém trd 15i ngén.
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Cau 1. Tinh gia tri ctia biéu thiic

1 1 1 1
N — .
log,2023 2023! * logz2023 2023! + log 42023 2023! e log, 32023 2023!

DPDapan:| 2|02 |3

Loi giai
Ta c6
N= : + : + 1 +- :
N 10g22023 2023! 10g32023 2023! 10g42023 2023! 10g20232023 2023!

= logys; 2203 4 logys: 32023 4 logyms; 4208 4oy logyps 2023203

= 2023 (l0gy0:31 2 + 10850231 3 + 108509314 + - - +-10g5093,2023)
— 2023 10gy0y3,(2.3.4......2023)

— 2023 logygy,(20231)

= 2023.

Dap an: 2023 | ... e O

. . 1\ &1
Cdau 2. Cho biéu thitc A = 3% 1. (g) +9t1 Tinh A khi 3* = 2.

Papan:| 3|7

Loi giai

Ta co

Dap an: |3 O
AD AT 37 ottt e e

Cdau 3. Cac loai cay xanh trong qua trinh quang hop sé nhin dude mot luogng
nhé cacbon 14 (mét dong vi cia cacbon). Khi mét bo phan caa ciy nao d6 bi
chét thi hién tuong quang hop ciing ngung va né sé khong nhan thém cacbon
14 ntra. Ludng cacbon 14 cia bo phan dé sé phan hay moét cach cham chap, no
chuyén héa thanh nito 14. Goi P(¢) 1a s6 phan trim cacbon 14 con lai trong mét
b6 phan cua cay sinh trudéng tu  nam trude day thi P(¢) dudc tinh theo cong thic
P(t) = 100 (0,5)5750(%). Phan tich mét m&u gb tit moét cong trinh kién tric cd,
nguoi ta thu dude ludng cacbon 14 con lai trong mau gb d6 1 50%. Tim nién dai

cong trinh kién tric trén. Papan:|5|7|5|0

Loi giai
Ta ¢6 P(t) = 100 - (0,5)5%0 = 50 < ¢ = 5750.
Vay nién dai cong trinh kién tric 1a 5750 nam.

DA ANz 5750 ] oo OJ
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Cdu 4. Cho ham s6 f(x) xac dinh trén R va théa man cdc diéu kién f(1) = 1,

f(m+n)= f(m)+ f(n)+mn v6i moi m, n € N*.
f(96) — £(69) — 241
2

Gié tri cua biéu thic 7 = log bang bao nhiéu?

Pap an: | 3

Loi giai
Co f(1)=1, f(m+n) = f(m)+ f(n) + mn.
Suy ra

f(96) = f(95+1) = F(95)+ f(1)+95 = £(95)+96 = £(94) +95+96

= f(1)+2+---+95+96
96-97
= f(96) =142+ 495496 =~~~ = 4656.

69-70
Tuong tu f(69) =1+2+---4+ 68469 = —5 = 2415.

6) — f(69) — 241 4656 —2415—241
Vay T =log 1) fé %) ] zlog( 7 ) =1og 1000 = 3.
DD An: 3] . O

PHAN 4. Ty luan.

Cdu 1. Giai cac bat phuong trinh sau

a) 0,127* > 0,142, ¢) logy(x+7) > —1;
b) 2. 52x+1 S 3; d) logo’s (.x+7) Z logo’s (2x— 1).
Loi giai

3
a) Tac60,1>*>0,I"* =2 —x<442x & —3x<2&x> -5

W

3 1 3
b) Ta 6252+ <3 & 52+! <Z el §10g5§<:)x§§(10g55—1>;

¢) Piéu kién: x+7>0< x> —7.
, 20
Ta cé logy(x+7) > -1 x+7>3 1o x> -3 (théa man diéu kién).

d) Piéu kién: Sx> .
2x—1>0 2

Ta c0 logys(x+7) > logys(2x—1) & x+7 < 2x—1 < x > 8 (théa méan diéu
kién).

Cdu 2. Gia st nhiét do 7 (°C) ctia mot vat gidm dan theo thoi gian cho béi cong
thic: T =25+ 70e %% trong d6 thoi gian 7 duge tinh bang phit.
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a) Tim nhiét d6 ban dau caa vat.
b) Sau bao lau nhiét d6 cua vat con lai 30 °C?
Loi giai
a) Nhiét do ban dau cta vat 1a Ty = 25+ 70e 50 = 95 (°C).

b) Nhiét do cta vat con lai 30 °C, ta ¢6

1
30 =25+70e % = 70e 0 =5 = 70 = T

1
& —0,5t = lnﬁ &t & 5,3 (phut).

Cau 3. Giai phuong trinh log, (8 —x?) +log; (VI+x++v1—x)—2=0.
2
Loi giai
Piéu kién —1 < x < 1. Phuong trinh da cho tuong dudng véi phudng trinh

log, (8 —x%) =2+1log, (VI+x+VI—x)
& 8- =4(Vitx+V1-x). (%

batt=+/1+x++/1—x, phuongtrinh (x) tré thanh

(t—2)* (P +4+8) =01=2.

Suyrav1+x++v1—-x=2<x=0.
Két hop véi diéu kién, ta dude nghiém ctia phuong trinh 1a x = 0.
1

~ . A 2 ~ N A 1
Cau 4. Cho hai so thuc a > 1,b > 1 thoa man dieu kién + = +/2018.
log,b log,a
1

log,, b B log,,a’

Tinh gia tri ca biéu thiic P =

— Hét—
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K.DESO 1

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho hinh chép S.ABC ¢6 SA L (ABC), tam giac ABC can tai A, H 1a trung
diém canh BC. Khang dinh nao sau day dung?
A.BC 1 SB. B. BC 1 SC. C.SB 1 AH. D. BC 1 SH.
Loi giai
SA | BC
Ta coé ¢ AH 1. BC

Trong (SAH), SANAH = A.
Nén BC 1 (SAH) = BC | SH.

Chon dAp 40 (D) ...\ O]

Cdu 2. Ta biét hinh hop chit nhat c¢6 6 mat 1a B

cac hinh chit nhat. Quan sat mot bé nuoi ca

canh hinh hop chit nhat sau va cho biét géc A WS

gitta hai duong thang AA’ va C'D’ bang géc %2% §§§
4
q

nao sau day? c
A. (A’A,AB). B. (A’A,AD). 5SS ??§

C. (A’A,A'B). D. (A’'A,AB). A

Loi giai
Do D'C’ song song véi AB nén géc gitta hai dusng thang AA’ va C'D’ bang géc

(A'A,AB).
Chon d4p AN (A) ...t O
Cau 3. Cho hinh lap phuong ABCD.A’B'C’'D’ (tham khéo A /
hinh vé). Hinh chiéu vuéng géc cua diém C’ trén mat | P
phang (ABCD) la diém 5 ! c'
A.C. B. A. C.D. D. B. |
A D
B ] C
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Loi giai

Do ABCD.A’B'C'D’ 1a hinh lap phuong nén C'C L (ABCD). Suy ra C la hinh chiéu
vudng goéc cua C' trén (ABCD).

Chon @4p AN (A) ... nri O

Cadu 4. Cho hinh chép S.ABC ¢6 day la tam giac vuong tai B; SA L (ABC). Goc
gitia (SBC) va (ABC) la géc nao?

A. SBC. B. SBA. C. SCB. D. SCA.
Loi giai

BC L SA
Suy ra ((SBC); (ABC)) = SBA (AABC vudng tai A).

 (BC LAB
Ta c6: = BC 1 (SAB) = BC 1 SB.

Chon dap an (B) .. ..ot i i e e et e e O

Cau 5. Cho hinh chép S.ABC ¢6 day ABC la tam giac vudng can tai B, SA vudng
géc véi day. Goi M 1a trung diém ctia AC. Khang dinh nao sau day sai?

A.BM L AC. B. (SBM) L (SAC). C. (SAB) L (SBC). D. (SAB) L (SAC).
Loi giai
Xét AABC can tai B, M la trung diém AC = BM 1 AC. S

BM 1 SA
Xét = BM 1 (SAC) = (SBM) L (SAC).
BM 1L AC

_ (BC LAB
Xét = BC L (SAB) = (SBC) L (SAB).
BC L SA

Xét ((SAB), (SAC)) = BAC = 45°.

Chon dAp 40 (D) ...\t O

Céu 6. Trong ciac ménh dé sau, ménh dé nao sai?
A. Hai duong thang cung vuéng géc v6i mot méit phang thi song song.
B. Hai mat phang phan biét cung vudng géc véi mot dudng thing thi song
song.
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C. Hai duong thang phan biét cung vudng géc véi mot duong thang thi song
song.
D. Hai mét phang phan biét cung vuéng géc véi moét mit phang thi hai mat
phang d6 song song hodc cit nhau.
Loi giai
Trong khong gian, hai dudng théng phan biét cung vudéng géc véi mot dusng
thang thi c6 thé song song hoéc chéo nhau.
Pap an C chi ding trong mét phang.
Chon dap an @ ............................................................... O

Céu 7. Cho hinh chép S.ABC c¢6 day ABC la tam giac déu s
canh a, canh bén SA vudng goc véi day (tham khao hinh
vé). S6 do géc gitta hai mit phing (SAB) va (ABC) 1a

A. 45°, B. 90°.
C. 30°. D. 60°. A5 .
B
Loi giai

Do SA L (ABC) ma SA C (SAB) = (SAB) L (ABC).
Vay s6 do géc giita hai méit phang (SAB) va (ABC) 1a 90°.
Chon dap an (B) ... e e e O

Cau 8. Cho hinh chép S.ABCD c¢6 day ABCD hinh chtt nhat v6i AB = 4a,BC = a,

vudng géc véi mét phang day va SD = 2a. Thé tich khéi chép S.ABCD bang
2
A. 64°. B. 34°. C. 34 D. §a3.
Loi giai
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Vi SD L (ABCD) nén chiéu cao ctia khéi chép 1a 1 = SD = 2a.
Dién tich day hinh chit nhat 1a

Sagcp =AB-BC = 4a-a = 4a°.

Vay thé tich khoi chép 1a

1 1, 8a’
V =~ -Sapcp-SD =~ -4a*-2a = —.
3 ABCD 3 a a 3

Chon dap an @ ............................................................... O

Céu 9. Cho khéi chép va khéi lang tru cé dién tich day, chiéu cao tuong tng

X N » s N N 3 A V M
bang nhau va cé6 thé tich lan lugt 1a Vi, V,. Ti so 71 bang
2

2 3
A. 3 B. 7 C.3. D.

W | =

Loi giai
Goi dudng cao, dién tich day lan luct 1a i, B.

g A ~ A 1w 1 N
Khi d6 ap dung cong thic theé tich khoi chép, khoi lang tru ta dudec vV, = §B -hva
Vo =B-h.

1
Su ravl—gB.h—1
Y, T B 3
Chon dAp 4n (D) ...\ O

Cau 10. Cho hinh chép S.ABCD c6 day ABCD la
hinh thoi tam O va SA = SC, SB = SD. Trong cac
ménh dé sau ménh dé nao sai?

A. BD 1 SA. B. AC 1 SD.

C. BD 1 AC. D. AC 1 SA.

Loi giai

Vi SA=SC nén tam giadc SAC can tai S ¢6 SO vita 1a trung tuyén vira 1a duong cao,

do do6 SO L AC.

Vay tam gidc SAO vudng tai O, suy ra AC L SA 12 ménh deé sai.

Chon dap an @ ............................................................... O

Cau 11. Cho hinh chép S.ABCD c6 day la hinh vuéng, SA vudng géc véi day. Goi

H va K lan luodt 1a hinh chiéu ctia A 1én SB va SD. Ménh dé nao sau day 1a sai?
A.SC | (AHK). B.BC L (AHK). C.ASBCvudng. D.AK L (SCD).

Loi giai
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Ta co

BC 1 AB
BC 1 SA

= BC | (SAB) = BC 1 SB.

Nén tam giac SBC vuodng tai B.

Chiing minh tuong tu ta cting c6 CD L
(SAD). Suy ra CD 1 AK. Lai c6 AK L SD.
Cho nén AK | (SCD). Tt d6 suy ra AK L
SC.

Tuong tu AH L (SBC). Suy ra AH L SC.
Vay SC L (AHK).

Chon dAp AN (B) ... v vttt O

Céu 12. Cho hinh chép ti gidc déu S.ABCD. Phat biéu nao sau day diung?
A. Géc phéng nhi dién [S,AB,C] 1a SBC.

ID,SA,C] 1a DAC.

S,AC, B] 1a SOB.

D. Géc phang nhi dién [D,SA, B] 1a BSD.

B. Géc phang nhi dién
C. Géc phang nhi dién

Loi giai
Goi O la tam ctaa hinh vuoéng ABCD.
Ta ¢6 SO L (ABCD)

e SO _LAC, SO LBD.

e SO 1 ACva BO 1 AC.
Suy ra SOB 1a géc phang nhi dién [S,AC, B].

Chon dap 41 (C) ...t O]

PHAN 2. Cau tréc nghiém ding sai

Cau 1. Cho hinh lap phuong ABCD.A’B'C'D'.
a) BD | B'D'. b) Géc giita AC va B'D' bang 90°.
¢) Tam giac ACD' 1a tam giac déu. d) Géc gitta AC va A’B bang 30°.
Loi giai
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C/

D/

a) (D) T giac BDD'B’ 14 hinh binh hanh nén BD || B'D'.

b) ) Vi BD || B'D' nén (AC,B'D') = (AC,BD).
Do ABCD la hinh vuéng nén AC | BD.
Vay (AC,B'D') = 90°.

c) @ Goi canh hinh lap phuong la a.
Cac doan thang AC, CD/, D’'A déu la dudng chéo ctia cac mat hinh vuong
canh a.
Do d6 AC = CD' = D'A = aV/2.
Vay AACD' 1a tam giac déu.

d) (S) Vi A’BCD' 14 hinh binh hanh nén A’B || D'C.
Géc gitta AC va A’B bang géc gitta AC va D'C, 1a géc ACD'.
Vi AACD' 1a tam giac déu nén ACD' = 60°.

Chon dép 4n|a ding | bdung | cdung [dsai| ..., O

Cau 2. Cho hinh lang tru ABC.A’B'C’ ¢6 day la tam giac giac vuéng can tai A véi
canh huyén BC = 2a. Biét A’H | (ABC) véi H 1a trung diém BC.

a) BC L (AA'H).

b) B'C' 1 AA’.

¢) Tim dudc hinh chiéu cia tam gidc A’AB trén mét phang (ABC) khi d6, dién

2
tich hinh chiéu d6 theo a bing %
d) Goi 7 1a hinh chiéu ctia A’ trén mat phang (BCC'B'). Biét A’I = g. Khi d6 do

/3

dai A’H theo a bang 5

Loi giai
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BC L A'H (do A'H L (ABC))

] = BC 1 (AA'H).
BC | AH (do AABCvudng tai A, Hla trung diém BC)

a) @Tacé{

b) ®) Ta c6 B'C' || BC = B'C' 1 (AA'H) = B'C' L AA’.

c) @ ViA’H 1 (ABC) nén hinh chiéu ctia AA’ trén (ABC) 1a AH, hinh chiéu ctaa
A'B trén (ABC) la BH.
Vay hinh chiéu ctia tam gidc A’AB trén mat phang (ABC) chinh 1a tam giac
ABH.
Tam gidc ABC vudng can tai A ¢6 BC = 2a = AB = AC = aV/2.

Dién tich tam giac ABH la
1 11 1
S = —Supc == - =AB-AC = —
ANABH ) ABC ) 4
d) (S) Goi K 1a trung diém B'C’.
Dé thay (A’AH) = (AHKA').
Ma B'C' 1 (AA’H) nén B'C' | (AHKA').

2

(a\/§)2 -

Trong mit phang (AHKA'), ké A'I | HK tai I. (1)
Vi B'C' | (AHKA'),A'I C (AHKA') nén A'I 1 B'C'. (2)
Tu (1) va (2) suy ra A'l L (BCC'B) hay I 1a hinh chiéu ctia A’ trén mit phang
(BCC'B)).

B'C!

Tam giac A'B'C’ vudng can tai A’ nén A'K = =a.

Tam giac A’HK vuodng tai A’ ¢6 dudng cao A’I nén ta c6

L1 1 13 ay3
A2 A'H?  AK? T AHY & @ @ 3
4
Chon dép an |a dung | bdung | csai [dsai| ...............oooo O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Cho hinh chép tam giac déu S.ABC c6 @6 dai canh day bang 1, canh bén
bang v/3. Goi O 1a tam cta day ABC, goi d;, d, 1an ludt 1a khoang cach tit A va O
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dén mit phang (SBC). Tong d = d; +d, 1a bao nhiéu? (lam tron dén chit s6 thap

phan tha hai) Papan:| 1|, |14
L3i giai

S

A C
M
B
3 3 3 T 2V6

TacéAM:\/T_,AO:g,OM:%—,SO:\/SAz—AOZ:\/3—5:7\/_.

Lai c6 d; = d(A, (SBC)) = AH = 30K, d, = d(0, (SBC)) = OK.
So-oM  8V22
VSO2+oM? 33 ’
bap an: m .................................................................. O

Cadu 2. Cho hinh chép S.ABC c6 day la tam giac vuong tai B, SA | (ABC), SA =
AB = 1. Mit bén (SBC) hop véi mat day mot géc bang bao nhiéu do?
Dapan:| 4|5

Suyrad=d|+d,=3d,+d, =4d, =40K =4-

Loi giai
Ta ¢6 SA L (ABC) nén SA L BC.
Ma AB L BC. Suy ra BC L (SAB) = SB L BC.

(SBC)N (ABC) = BC
e {AB1BC = ((SBC), (ABC)) = SBA.
SB 1 BC

® tanSBA=—=—-=1 BA = 45°.
an S 1B 1 =S 5

Vay géc gitta (SBC) va mét day (ABC) bang 45°.

Pap an: |45 O
AD AN (4D | o

Cau 3. Cho hinh hép chit nhat ABCD.A'B'C'D’ ¢6 AB = a, AD = 2a, AA’ = 3a. Tinh
géc phang nhi dién [A’,BD,A]? (tinh theo d9, lam tron két qua dén hang phan
chuc). Pap an:| 7| 3 4

Y

Loi giai
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Ké Al 1. BD. Ma BD | A’A nén BD 1 (AA'I). A B
Ta c6 AN |
D/ ! ‘ \ \\\\
e (A'BD)N(ABD) = BD. S
o 2 2 / AL:**\\ ****** *:\:\:\ B
* Trong mat phang (ABD), ta c6 Al L BD. N

* Trong mat phang (A’BD), ta c6 A'I L BD.

Suy ra [A',BD,A] = A'TA. Xét NAA'T vuong tai A ta co

1 1 2v5
e Al = = = \/_a.

1 N 1 1 1 5
AB? ' AD? a_2+(2a)2
A'A 3a 35

Al 25 2
—da
5

o tanA/JA =

— ATA~ T34

Dap An: | 78,4 o O]

Cdéu 4. Gia dinh bac An mudn 1am mai tén cho san thudng 1a hinh chit nhat
ABB'A’ véi kich thuéc chiéu dai AA’ = 10 m va chiéu rong AB = 6 m. Bac du dinh
lam mai ton (kin) ¢6 thanh ngang CC’ = 6 m nam chinh gita mai, song song va
cach mat san san thudng 2 m(tham khao hinh vé). Biét rang chi phi lam mai
ton tron géi cho méi m? 1a 250000 VND. Tinh s6 tién (triéu dong) bac An phai
chi tra (l1am tron dén hang phan mudi).

Luu y: Khoang céach gitta thanh ngang va mat san 1a d6 dai doan thang néi mot
diém thuéc thanh ngang dén hinh chiéu ctia diém dé trén mat san.

Pap an: 18.7

Loi giai
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Goi H 12 hinh chiéu ctia C 1én (ABB'A’), E va 4 A
F 1an luot 14 hinh chiéu cta H 1én AB va BB'.
Vi CC’' nam chinh giita mai nén ta tinh dudc
HE:%:N&HF:& Er—)H
Dat goc gitta (CAB) va (ABB'A’) 1a o va goc gitia
(CBB'C') va (ABB'A’) 1a B, ta c6

CH . CH
tano=—=1vatanf = —=—.
HE HF 3

AB-HE

6.

6-10-2-6
=

2 3
Suy ra cosa = B va cos B = ——. Dién tich tam giac AHB la

V13

Dién tich hinh chiéu ctia hinh thang CBB'C’ 1én mat san la

6 24
+ ) = 12v/2 4+ 16/13.

cosa  cosf
Téng s6 tién bac An phai tra 1a 250 000 - (12v/2 + 161/13) ~ 18,7 triéu dong

DA an: [18.7] ..o, O

PHAN 4. Tu luan.

24.

Téng dién tich mai tonla S=2- (

Cau 1. Cho hinh chép S.ABC c6 SA L (ABC). Goi H 1a hinh chiéu ctia A trén BC.
a) Chiing minh rang (SAB) L (ABC) va (SAH) L (SBC).

o o . R . 3 4
b) Gia st tam giac ABC vuong tai A,ABC = 30°,AC = a,SA = %. Tinh so do
cua goc nhi dién [S,BC,A].
Loi giai
SA L (ABC)
a) = (SAB) L (ABC).
SA C (SAB)
AH 1 BC
BC L (SAH)
b) { SA L BC (vi SA L (ABC)) = = (SAH) L (SBC).
BC C (SBC)
AHNSA = {A}
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(AH LBC __
c) Tacé = [S,BC,A| = (SH,AH) = SHA.
BC L SH (vi BC L (SAH))

Xét tam giac ABC vuodng tai A co ABC = 30° = ACH = 60°.

) . . ..., . —= AH _ aV3
Xét tam giac ACH vuodng tai H c6 sinACH = Yel = AH = a-sin60° = —

. . A . ) —  SA 3 3 ——
Xét tam giac SHA vuong tai A ¢6 tanSHA = — = av-, M =1= SHA =

AH 2 2
45°.

Vay [S,BC,A] = 45°.

Cau 2. Cho hinh chép S.ABCD c¢6 day la hinh vuéng ABCD canh a va canh bén
SA vudng géc véi mat phang (ABCD). Biét mat phang (SBC) tao véi day mot géc
60°. Tinh khoang cach gitta hai dusng thang BD va SC.

Loi giai

BC L AB
Do { = BC 1 (SAB).

BC 1L SA
Do d6 ((SBC); (ABCD)) = SBA = 60°.
Suy ra SA = ABtan60° = a+/3.

‘ BD 1 AC
Goi O la tam hinh vuéng ABCD, ta c6 = BD 1 (SAC).
BD | SA
Dung OM L SC khi d6 OM la duong vuong géc chung ciaa BD va SC.
av2
SC  SA SA-0C aV/3- 6
Ta c6 ACAS ~ ACMO(g—g) = = = —— = OM = = 2 _av6_
CO MO SC VSAZHAC? 245
av/30
10 °

Céu 3. Nguoi ta xay dung mot chan thap bang bé téng c6 dang khéi chép cut ti
giac déu (Hinh bén). Canh day duéi dai 5 m, canh day trén dai 2 m, canh bén
dai 3 m. Biét ring chan thap dudc 1am bang bé tong tuoi véi gia tién 1a 1470000

dong/m?3.
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B

Tinh s6 tién dé mua bé tong tusi lam chan thép, két qua dude l1am tron dén hang
triéu.

Loi giai

Nita duong chéo hinh vuéng ddy trén 1a /2 m.

. SV2
Ntta duong chéo hinh vuong day dudi la i m.
Chiéu cao khéi chép déu la

5\2 > 32
h\/32(7\/§) ==m.

Thé tich khéi chép cut déu la

V=

w
NQI
)

(22+52+2-5)=39ﬁ m?.

W | —

Vay gia tién mua bé téng tudi la

3912 \
1470000 x z\f ~ 41000000 déng.

— Hét—
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L. DE SO 2

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Trong cac ménh dé sau, ménh dé nao 1la diung?

A. Néu hai mat phing vudng géc véi nhau thi moi dudng thing ndm trong
mat phéng nay sé vudéng géc véi mit phang kia.

B. Hai mét phang phan biét cung vuéng géc véi mot mat phang thi vudng géc
v6i nhau.

C. Hai mat phang vudng géc véi nhau thi moi dudng thing ndm trong mat
phéng nay va vudéng géc véi giao tuyén ctia hai mat phang sé vudng géc véi
mat phang kia.

D. Hai mat phéng phan biét cung vudng géc véi mot mit phang thi song song
v6i nhau.

Loi giai
Chon dap an @ ............................................................... O

Cdu 2. Cho khdi chép c6 dién tich day B = 6 va chiéu cao h = 2. Thé tich cta khoi
chép da cho bang:

A. 6. B. 3. C. 4. D. 12.
Loi giai
Thé tich ciia khéi chép V — %Bh _4
Chon dap 41 (C) ...t O
Cau 3. Cho hai dudng thang phan biét a, b va mat phang (P), trong dé6 a L (P).
Chon ménh dé sai.

A.Néub | athib| (P). B.Néub| athib L (P).

C.Néub L (P)thib | a. D.Néu b || (P) thib L a.
Loi giai
Néua L (P)vab|athib L (P).

Chon dAP AN (B) ... e ettt e O
Cdu 4. Thé tich khéi 1ap phuong canh bang 2 bang
A. 6. B. 8. C. 4. D. 2.

Loi giai
Thé tich khoi lap phuong canh 21aV =23 =8.
Chon dA4p 4n (B) . ...'viiet i O
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Céu 5. Cho hinh hop chit nhat ABCD.A’B'C'D'. Biét Al .
AB=AA' =a,AD = av/2. Tinh géc gita A'CvaDD'. .
A.90°.  B.30°.  C.60°.  D.45° o
PR - »
B C
Loi giai
Vi AA'D'D 12 chit nhat nén DD’ || AA’ = (A'C,DD') = (A'C,AA") = AA'C.
Ta ¢6 AC = VAB2 + BC2 = Va2 + 242 = a\/3.
AC a3 —
Khi d6 t C)=" = — /3 = AA'C = 60°.
i d6 tan ( ) A p V3
Chon dap 41 (C) ... O

Cau 6. Cho hinh chép S.ABCD c6é day 1a hinh vuong canh av/3, SA L (ABCD) va
SA = a\/2. Géc gitta duong thang SC va mit phang (ABCD) bang

A. 45°, B. 30°. C. 60°. D. 90°.
Loi giai

Vi SA L (ABCD) = (SC,(ABCD)) = (SC,AC) = SCA.
Mt khac AC = VAB2 + BC? = v/3a2 +3a? = a\/6.
. R o —  SA 2 -
Tam giac SAC vudng tai A nén tanSCA = — = M = £ = SCA = 30°.
AC a6 3
Chon dAP AN (B) - .. v ettt e O

Cau 7. Cho hinh chép S.ABC c6 SA vudng géc véi mit phang (ABC), AABC la tam
gidc déu canh bang a. Khoang cach tit C dén mit phang (SAB) bang

A. ? B. a. C. 2a. D. <

3
=
Loi giai
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S

Goi H 1a trung diém AB. Ta ¢6 CH | (SAB) nén d(C,(SAB)) = CH
Chon @4p AN (A) ... ri e O

Céu 8. Cho hinh chép ti gidc déu S.ABCD. Tim ménh dé sai trong cac ménh dé
dudi day.
A. (ABCD) L (SBD). B. (SAB) L (ABCD).
C. (SAC) L (SBD). D. (SAC) L (ABCD).
Loi giai
Goi M la trung diém ctia AB.

(MO L AB .
Ta c6 = ((SAB),(ABCD)) = SMO = ¢.
SM 1 AB

Tam giac SMO vudng tai O nén ¢ # 90°.
Do dé (ABCD) khéng vudng géc véi mat phang
(SAB).

Chon dAP AN (B) ... ve ettt e O

Cau 9. Cho hinh chép S.ABCD c¢6 day ABCD la hinh thoi va SB vuéng géc véi méat
phang (ABCD). Mit phang nao sau day vudng géc véi mit phang (SBD)?

A. (SBC). B. (SAD). C. (SCD). D. (SAC).
Loi giai
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AC L BD
Ta ¢6 = AC L (SBD) = (SAC) L (SBD).
AC L SB

Chon dap an @ ............................................................... O

Cau 10. Cho khéi lang tru ding ABC.A'B'C’ ¢6 AB=AC = a, AA' = av/2, BAC = 45°.
Tinh thé tich V ctia khéi ling tru da cho la
3 \/§a3 3 613

a a
A. Z B. 4 . C. 7 D. g

Loi giai

A C’

B/

B

° Le 10u N 1 . _ 3
The tich khoi lang tru1a V = Sypc-AA' = JAB-AC-sinBAC-AA' = %

Chon dap an @ ............................................................... O

Céu 11. Hay chon khang dinh ding.
A. Hinh chép déu 1a hinh chép c6 day la da giac déu.
B. Chan dudng cao ctia hinh chép déu la trong tam ctaa day.
C. Hinh chép tam gidc déu c¢6 canh bén bang canh day 1a ti dién déu.
D. Hinh chép ti gidc ¢ c¢6 day 1a hinh vuéng 1a hinh chép ti giac deu.
Loi giai
Hinh chép tam gidc déu c6 canh bén bing canh day 14 ti dién déu.
Chon dap an @ ............................................................... O

Céu 12. Trong khong gian, hai dusng thang a, b dudc goi 1a vudéng géc véi nhau
khi nao?
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A. Khi a va b cat nhau va géc gitta ching bang 90°.
B. Khi géc giita a va b bang 90°.
C. Khi a va b chéo nhau va géc giita ching bang 90°.
D. Khi ¢ va b nam trén cung mot mat phang va géc gitta ching bang 90°.
Loi giai
Trong khong gian, hai dudng thang a, b dudc goi 14 vudng géc véi nhau khi géc
gitta chung bang 90°.
Chon dAP AN (B) ... v vttt O

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho hinh chép S.ABCD c6 day la hinh vuong.
Canh bén SA vuéng géc véi mit phang day nhu hinh
vé sau day.

a) (SAB) L (ABCD).

b) Géc gitta (SBC) va (ABCD) 1a SCD.

¢) Géc giita (SCD) va (ABCD) 1a SDA.

d) S6 do ctia géc nhi dién [B,SA, D] bang 90°.
Loi giai

a) D) Ta c¢6 SA L (ABCD) nén (SAB) L (ABCD).

b) (S) Giao tuyén caia (SBC) va (ABCD) 1a BC.
Ta ¢6 AB L BC va SB L BC, suy ra géc giita (SBC) va (ABCD) 14 SBA.

¢) () Giao tuyén cta (SCD) va (ABCD) 1a CD.
Ta ¢c6 AD L CD va SD L CD, suy ra géc giita (SCD) va (ABCD) 1a SDA.

d) @ Ta c6 AB L SA va AD L SA nén géc phang nhi dién cta géc nhi dién
[B,SA, D] 1a BAD = 90°.

Chon dép 4n|a ding | bsai | cding [ddang| ....................oo O

Cadu 2. Cho hinh chép S.ABC c6 mat bén (SAB) vudéng goc v6i mat day va tam
giac SAB déu canh 2a. Biét tam gidc ABC vudng tai C va canh AC = a+/3. Khi d6
a) SH 1 (ABC).
b) d(S,(ABC)) = a\/3.
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3

¢) d(C, (SAB)) = %—
3
d) Thé tich ctaa khéi chép S.ABC bang %.
Loi giai
S
2a 2a
B A

a3

5

c

a) (D) Dung. Goi H 14 trung diém AB, ma tam gidc SAB déu nén SH L AB.
Ngoai ra (SAB) L (ABC) nén SH L (ABC).

_2a-\/§
2

b) ) Pung. Ta ¢6 d(S, (ABC)) = SH — av/3 (do tam gidc SAB déu canh

2a).
c) @ Sai. Ké duong cao CK cua tam giac ABC.

(CK LAB
Ta ¢6 = CK L (SAB) = d(C, (SAB)) = CK.
CK L SH

Xét tam giac ABC vudng tai C co
BC = VAB? — AC? = V4a? —3a? = a;CK =

CA-CB_a 3-a_a\/§

/3 AB 2a 2
3
Vay d(C, (SAB)) = CK = “T
A s (s 1 1 23
d) @ Sai. Dién tich day hinh chép 1a Saapc = §AC-BC = Eax/@a 4 ;/_
. . 1 1 23 &
The tich khoi chép la VS-ABC = §SH : SAABC = g -Cl\/§- a ;/_ = %
Chon dép 4n|a dung | bdung [csai [dsai| ..............oooooi O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Céu 1. Cho hinh chép S.ABCD c6 day 1a hinh chit nhat AB =2a, BC =av/2,SA=a
va SA L (ABCD). Goi M 1a trung diém SD. Tinh tan o véi a géc gitta hai dudng
thang SA va CM (két qua lam tron dén hang phan tram). Papan: 4|, |2 |4

Loi giai
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Goi N la trung diém ctia AD, khi d6 MN || SA nén (SA, CM) = (MN, CM) = CMN = q.
2

A 2 3ay/2

Ta ¢6 MN = 54 = C—l, CN =+/DN2+CD? = \/(az ) +(2a)2 = a\/_.

2 2 2
3a\/§
.. N . N , NC 2
Tam giac MNC vuodng tai N nén ta c6 tanax = VN @ = 3v/2.
2

DA An: 4 24 O

Cdu 2. M6t bé bai véi mét nudce khi day c6 dang hinh chit nhat véi chiéu rong 12
m va chiéu dai 25 m. Cac thanh bé xung quanh thang ding va day 1a mot mat
phang nghiéng. Chiéu sau tai mot dau bé 1a 1,0 m va ting dan déu dén 1,8 m &
dau kia ctia bé (xem hinh vé). Ban dau bé khong chita nuée. Ngudi ta stt dung
mot may bom cong suat 16n dé bom nude vao bé véi toc d6 khong ddi 1a 60 m3/gis.

Hoéi sau bao nhiéu gio thi may bom bom day bé nuéc? Dap an:| 7

D6 cao/Do sau (m)

0 5 10 15
Chiéu dai (m)

Loi giai
Bé nudc c6 dang mot 1ang tru ding véi dday 1a hinh thang vuéng.
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Suy ra thé tich bé nuéc la

1,8+1)-25
V:Sd~h:%~12:420m3.

. ) xoveqs . 420 s

Thoi gian may bom day beé lat:m:7g10.

DA AN |7 e O
Céu 3. M6t hop phan khong bui ¢6 dang hinh hop chit nhat, chiéu cao hép phan
bang 8.2 cm va day cta né cé hai kich thuée 1a 8,5 cm, 10,5 cm (xem hinh vé sau).
Tim géc phang nhi dién [A,B'D’,A’] (tinh theo dd, 1am tron két qua dén hang
phan chuc).

Papan:|5|1|, |1
A/ - B
D €
8 /// i \\\\\
:\; // A/L 77777777777777 5 --a= 3 B/
o /////// /"”,—””( 6(’,&
/ 2/—”/(” o
b 10,5 cm ol
Loi giai
A/ - B
b // ;\\‘ \\\ \\C
<) // i \\ \\\\\
S A S S sl
D ==
10,5 cm c
Trong (A’B'C'D’), vé A’H | B'D' tai H.
(B'D LA'H
Ta c6 = B'D' | (AA’H) = B'D’ 1 AH.
B'D' 1 AA’
Suy ra AHA' 13 géc phang nhi dién [A,B'D',A"].
Tam giac A’B'D’ vudng tai A’ ¢6 dusng cao A’H nén
1 1 1 A'B-A'D 357
= + = A'H = = :
A'H? A'B?  A'D? VA'B?+A'D? 2730
Tam giac AHA' vuong tai A’ ¢6
AA’ 357

tanAHA! = — AHA' ~ 51,14°.

=8,2:
A'H 24/730
bap an: m .................................................................. O
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Cau 4. Cho hinh chép S.ABC c6 day la tam gidc déu canh a, SA L (ABC) va SB =
2a. Goi G 1a trong taAm tam giac ABC. Véi a = /15, tinh khoang cach tit G dén
mat phang (SBC).

Dap an: | 1
Loi giai
A
Ké Al 1. BC,ké AH L SI tai H.
BC 1 SA
Ta c6 = BC L (SAI) = BC 1L AH.
BC 1 Al
Ta lai c6 AH L SI = AH 1 (SBC) = d(A, (SBC)) = AH.
Ta c6 SA = V/SB? — BA2 = \/(2a)? — a® = \/3a.
1 1 1 1 4 V15
Tac) ——==—=+—=-—=+-—=AH = ——a.
A T SA2 T AR T 32 32 5 ¢
V15
Ta c6 GA cat BC tai I.
d(G,(SBC)) GI 1 1 V15 N
—— " — — _ = d(G,(SBC)) = =d(A, (SBC)) = —a =1 v6i a = V/15.
(A (sBC)) — a1 — 3~ 4G (SBC)) = 3d(4, (SBC)) = Zzma=1voia VIS
Dap an: L] . O

PHAN 4. Ty luan.

Cau 1. Cho hinh chép S.ABCD c¢6 day ABCD la hinh thoi tAm O va SA = SC,SB =
SD.

a) Chitng minh rang SO L (ABCD).

b) Goi I,K lan ludt 1a trung diém ctia BA va BC. Chiing minh rang IK L (SBD)
valK 1 SD

Loi giai
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a) Do SA = AC = ASAC can tai S ¢6 trung tuyén SO dong thoi 14 dudng cao
Suy ra SO 1 AC. Tuong tu c6 SO 1. BD = SO 1. (ABCD).

b) Do ABCD la hinh thoi nén AC L BD

Mat khac SO L (ABCD) = AC L SO

Do vay AC L (SBD).

Suy ra /K 1a duong trung binh trong tam giac BAC nén IK || AC

Ma AC L (SBD) = IK L (SBD).

Cau 2. Cho hinh chép S.ABCD c¢6 day la hinh thang vuéng tai A va B ¢6 AD =
2a,CD = a va tam giac ACD vudng tai C, canh bén SA = a+/3 va vudng goc vdi day.
Tinh géc giita duong SC va mit phang (ABCD).

Loi giai

Ta c6 SA L (ABCD) nén AC
la hinh chiéu cta SC lén
mét phang (ABCD).

Do d6 goc gitta duong SC va
mit phang (ABCD) la géc
SCA.

Tam giac ACD vuong tai C

nén ta co

Tam giac SAC vudng can tai
A nén SCA = 45°.

Vay goc gita duong SC va
mat phang (ABCD) bing
45°,

Céu 3. Mot chiéc khay dung day nudc c6 dang hinh hop chit nhat véi kich thudce
chiéu dai 20 cm, chiéu rong 10 cm, chiéu cao 8 cm (hinh a).
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Pé san bét nude cho dd day, ngudi ta d6 nuée ti chiée khay thi nhat d6 sang
chiéc khay thi hai c¢6 dang hinh chép cut tit gidc déu véi day khay 1a hinh vuéng
nho c6 duong chéo dai n(cm), miéng khay 1a hinh vuéng 16n ¢6 dusng chéo dai
2n(cm) (hinh b). Sau khi d6, muc nuée 6 khay thi hai cao bang % chiéu cao ctia

khay d6 va lugng nudc trong khay thit nhat giam di i so véi ban dau. Thé tich
ctia chiéc khay thit hai theo don vi centimét khéi c6 két qua chinh xac dén hang
don vi 12 a (cm?). Tong cac chit s6 ciia sb6 a bang bao nhiéu?

Loi giai

Vi khay dung day nuéc c6 dang hinh hop chit nhat véi kich thuéce chiéu dai 20 cm,
chiéu réng 10 cm, chiéu cao 8 cm, nén ta c¢6 thé tich nudc trong khay thi nhat
trude khi d6 ra 14 20-10-8 = 1600 (cm?).

Sau khi d6 nuéc sang khay thi hai, ta thiy riang luong nuéc trong khay thi
nhat giam di }1 so v6i ban dau, cho nén ludgng nudc cé 6 trong khay thit 2 bing 411
luong nudc ban dau cé & trong khay thit nhét.

Nhu vay, thé tich nuéc c6 trong khay thi hai 1a 1600 - % =400 cm?.

Goi chiéu cao ctaa khay thit hai 1a 4 (cm). Xét hinh vé sau

A H K C

N ./

A (od

Dé dang chitng minh dudc ACC’A’ 14 hinh thang can.

Lay MN song song véi AC; H, K 1an ludt 1a hinh chiéu cta A’, C’ trén AC; P, Q lan
ludt 12 giao diém ctia A’H va MN, C'K va MN nhu hinh vé sau.

Tac6 AH=CK=h=CQ= %h
Do A'H || C'K, A’/HK = 90° nén ti gide HKC'A’ 1a hinh chit nhat hay A'C’' = HK = n.
Ta ¢c6 AAHA' = ACKC' = AH = CK = AC_# = g

Ap dung dinh 1y talet cho tam gidc A’AH ta ¢6

Mp_AP_2 o, _2n_n

AH A'H 5 52 5
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Tuwong tu c6 ON = g
n Tn

Do 46 MN = MP+ PO+ ON — g+n+§ =5

Theo gia thiét ta c6 thé tich nuéc trong khay thi hai bang thé tich khéi chép cut
déu véi day 16n 1a hinh vudng c6 dudng chéo MN c6 dién tich S} va day nhé hinh

. . N N 2h
vudng nhan A’C’ lam duong chéo c6 dién tich S}, chieu cao bang /' = =
) MN?  49n? A'C?  n?
TaCOSi:T:?,Sé: 2 :E
1 2h [49n° 49n> n*> n? 10972
KhidoVv' =—-.—. D = 2
taer =35 (50+ 50 272 375
1R s ) i1 . 10912 150000
Ma thé tich nuéc trong khay thit hai 14 400 cm?® nén 37Z h=400 < n’h = T

Mit khéac thé tich khay thi hai bang thé tich khéi chép cut ti giac déu véi day
I6n hinh vuong nhan AC la duong chéo va c6 dién tich S| va day nho hinh vuong

nhén A'C’ 1a duong chéo c6 dién tich S,, chiéu cao bang h.
AC? A'C?  n?
T j S = — = 2 2 S = = —.
aco S 5 n<, S, 5 5

1 n?  n? Tn?
Khid6 V' =~ -h-|2n?+y/2n2 =+ = | = —h.
1do 3 <n+ n 2+2> 6

150000 7 150000
Ma n?h = =—. ~ 1606 cm? = 1606.
an 109 =V 6 109 cm” = a

Vay téng cac chit sb cta a 1a 13.
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M. BE $O 3

PHAN 1. Cau tréic nghiém nhiéu phuong an lva chon

Cdau 1. Qua diém O cho truée, cé6 bao nhiéu mit phang vuong géc véi duong
thang A cho truéc?

A. 1. B. V6 sb. C.3. D.2.
Loi giai
Theo tinh chat 1: C6 duy nhat mot mat phang di qua mot diém cho trude va
vuéng géc véi mot duvsng thang cho trude.

Chon dap 41 (A) ..t O
Céu 2.
Cho hinh chép S.ABCD c6 tit ca cic canh bang S

nhau. Géc giita hai duong thang SA va CD bang
A. Géc gitia hai dudng thang SA va BD.
B. Géc gitta hai dudng thang SA va AB.
C. Géc gitta hai dudng thang SA va SC.
D. Géc gitta hai dusng thang SA va AC.

Loi giai

Do AB || CD nén géc giita hai dudng thang SA va CD bang géc giita hai duong
thang SA va AB.

Chon dap an (B) ... e e O

Céu 3. Cho hinh chép S.ABC c6 AABC vuéng taiBvaSA L g
(ABC). Géc giita duong thang SC va mat phang (SAB) la géc

nao sau day?

A. SAC. B. CSA. C.CSB. D. SCB. | c
Loi giai
) {SA 1L BC B
Ta co = BC L (SAB)
AB 1 BC
Do dé SB 1a hinh chiéu vuéng géc ctia SC 1én mit phang
(SAB).
Vay (SC, (SAB)) = (SC,SB) = CSB.
Chon dap an (C) .......cooiiiiiiii O

Cdu 4. Cho hinh chép S.ABCD c6 day ABCD la hinh chi nhat va SA vudéng goc
véi (ABCD). Khi d6, mit phang(SCD) vudng géc véi mat phang
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A. (SBC). B. (SAC). C. (SAD). D. (ABCD).

Loi giai
Ta co S

CD 1 SA

{ = CD | (SAD) = (SCD) L (SAD).
CD 1 AD
D
B
C

Chon dAp AN (B) ... v vttt et O

Cau 5. Cho hinh lap phuong ABCD.A’B'C'D’' canh a. Tinh géc gitta hai duong
thang BD va AD'.

A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai

Ta ¢6 (BD,AD') = (BD,BC') = DBC' = 60°. , D
A
B/ g
| =
2 D
B ) C
Chon dap an @ ............................................................... O

Cau 6. Cho hinh chép S.ABC, day la tam giac ABC vuong tai
B, canh SA | (ABC). Chon khang dinh ding.

A. d(C,(SAB)) = CS. B. d(C,(SAB)) = CA.

C. d(A,(SBC)) = AB. D. d(S,(ABC)) = SA.

Loi giai
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Ta ¢6 SA L (ABC) = d(S, (ABC)) = SA. S

Chon dAp 40 (D) ...\ et O]

Cdau 7. Cho hinh chép S.ABC c6 day la tam giac vudng tai B; SA | (ABC). Goc
gitia (SBC) va (ABC) la géc nao?

A. SBC. B. SBA. C. SCB. D. SCA.
Loi giai

_ (BC LAB
Ta co: = BC 1 (SAB) = BC L SB.
BC 1L SA

Suy ra ((SBC); (ABC)) = SBA (AABC vudng tai A).

Chon dAP AN (B) ... v vttt et O
Céu 8. Cho khéi chép S.ABC c¢6 day ABC la tam giac vudng tai B, do dai canh
AB = aV/2, BC = a\/3, canh bén SA vudng géc véi méit phang day va SA = 4a. Tinh
thé tich V ctia khoi chép S.ABC.

2a3/6 3.6
AV = a3\/_. B.V = 243/6. C.V=d/6. D.v:a;f.
Loi giai
Ta co
Vs.aBc = §SAABC -SA
—1 1AB BC - SA
32
_L L V34
= 3 261 a a
_2a3\/6
=5
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Chon dap an @ ............................................................... O

Céu 9. Trong ciac ménh dé sau, ménh de nao la dang?

A. Néu hai mat phang vudng géc véi nhau thi moi dudng thing nam trong
mat phang nay sé vudéng géc véi mit phang kia.

B. Hai mat phéng phan biét cung vudng géc véi mot méit phang thi vudéng géc
v6i nhau.

C. Hai mat phang vuéng géc véi nhau thi moi dudng thang nam trong mat
phang nay va vudng géc véi giao tuyén ctia hai mat phang sé vudéng géc véi
mat phang kia.

D. Hai mat phéng phan biét cung vudng géc véi mot mit phang thi song song
v6i nhau.

Loi giai
Chon dap 41 (C) ....ntie i O

Céu 10. Cho hinh lap phuong ABCD.A'B'C’'D’. Pudng thing AC’ vudng géc véi
mat phang nao sau day?

A.AC' 1 (BB'D'D). B.AC' 1 (ABCD). C.AC' L (AA'D'D). D.AC' L (A'BD).
Loi giai

_[BD LAC Al D
Ta ¢6 = BD 1 (AA'C'C) = BD 1 AC'. ;
BD 1 AA’ % i /

1) |

. . [AD' LA'D |
Lai ¢6 = A'D L ‘

D'C' L (ADD'A")=D'C' L A'D J TR D

(AD'C') = A’'D L AC'. (2) - A
Tu (1) va (2) suy ra AC' L (A'BD). B ¢
Chon dap an @ ............................................................... O

Cau 11. Cho hai mit phang (P),(Q) cé giao
tuyén 1a duong thang CD. Piém A € (P),B € (Q)
va AO, BO cung vuéng géc véi CD. M 1a mot diém
bat ki thudée CD (M # 0). X4ac dinh géc nhi dién
[A,CD, B).

A.AOB. B.AMO. C.AMB. D.OAB.
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Loi giai
Theo dinh nghia, géc nhi dién [A,CD,B]| 1a géc AOB.
Chon dap 41 (A) ..ot O

Cau 12. Cho hinh chép S.ABCD c6 day la hinh vuéng canh a, SA | (ABCD), SA =
av/3. Khoang cach tit diém A dén mét phang (SBC) bang

A. aV/3. B. %? C. 2a\/3. D. af'
Loi giai
Ké AH 1 SB.

Ma AH 1 BC (do BC L (SAB)) suy ra AH L (SBC).
Do do

AB-SA  aV3
VABY+SA? 2

d(A, (SBC)) = AH =

Chon dap an (B) ... e e O

PHAN 2. Cau tréc nghiém ding sai

Cau 1. Cho hinh chép S.ABCD c6 day la hinh chit nhat va SA vuéng géc v6i mat
phang déy. Goi H, K theo thit tu 14 hinh chiéu ctia A trén cac canh SB, SD.

a) Tam giac SBC vudng. b) Tam giac SCD vuong.
c) SC L (AHK). d) HK 1 SC.
Loi giai

_(BC LAB
a) (S)Tacé = BC L (SAB).
BC L SA

W {BC 1 (SAB)

= BC | SB, hay ASBC vudng tai B.
SB C (SAB)
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(cD LAD
b) (S) Ta c6 = CD 1 (SAD).
CD L SA

CD 1 (SAD) .
= CD 1 SD hay ASCD vuong tai D.
SD C (SAD)

c) (S)Ta cé

(
AH | SB
{ = AH 1 (SBC) = AH L SC. (1)

AH 1 BC

AK L SD
Tuong tu = AK | (SCD) = AK 1 SC. (2)
AK L CD

Tu (1) va (2) suy ra SC L (AHK). (3)

d) (S) Tit (3) ta ¢6 SC L (AHK), ma HK C (AHK) nén HK 1 SC.

Chon dép 4n|asai|bsai|csai|dsai|..............oooo O

Cdau 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh bang a. Mat bén
SAB 1a tam gidc déu va nam trong méit phang vuéng géc véi mit day.
a) Chiéu cao hinh chép béng a.

b) Thé tich khéi chép bang \/?gcﬁ.

¢) Khoang cach giita duong thang CD va mat phéng (SAB) bang a.
d) Khoang céach giita hai dudng thing SA va CD bang v/2a.
Loi giai

s o o X 3
a) (S) Goi H 13 trung diém cta AB. Khi d6 SH | AB v SH = \/T_a
Lai ¢6 (SAB) L (ABCD) nén SH | (ABCD).

N . (s 3
Vay chiéu cao hinh chép la SH = — 4

1

3 3
b) @ The tich khOl chop S.ABCD la VS ABCD = §SH SABCD = \/7_(1 -a? \/_ 3.

U.)I»—k

¢) M) Tac6 CD || AB= CD || (SAB) = d (CD, (SAB)) = d(C, (SAB)).
(SAB) L (ABCD), CB L. AB=>CB 1 (SAB) = d(C,(SAB)) =CB =a. Vay d (CD, (SAB)) =

a.
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d) @ Mit phang (SAB) chita SA va song song véi CD nén d (CD,SA) =d (CD, (SAB)) =

a.

Chon dép an |a sai | b ding | cdung [dsai| ... O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cau 1. Cho hinh chép S.ABC c6 SA vudng goc véi day, tam giac ABC vuong can
tai B, AB =1, SA = 2. Tinh khoang céach giita hai dudng thang AC va SB (lam tron
dén hai chit s6 phan thap phan). Dapan:(0|, |67

Loi giai

Ké duong thang A qua B va song song AC,
Ké Al vuong géc Athi A L (SAI). Ké AH L SI
tai H thi AH | (SBI).

Do d6 d(AC,SB) = d (AC, (SBI)) = AH.

1 1 1

[
Il
#I@N‘§

Pap an: m .................................................................. O

Cau 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, SA L (ABCD). Biét
SA=3,AB=2,AD = 3. Goi a la géc giita SA va mat phang (SBD). Tinh sina (Iam
tron két qua dén hang phan tram). DPapan:(0|, [4]9

Loi giai

Goi I 12 hinh chiéu ctia A trén BD = Al | BD. Ma SA | BD nén BD 1 (SAI).
Goi H 12 hinh chiéu ctia A trén SI = AH | SI. Ma BD | (SAI) = BD 1| AH.
T d6 suy ra AH L (SBD) = H 1a hinh chiéu vudng géc clia A trén (SBD).

= GV: NGO bUC TAI @ Trang 115/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

Khi d6 (SA, (SBD)) = (SA,SH) = ASH = ASI.
Tam giac ABD vudng tai A ¢6

1 1 1 AB-AD 2-3 6113
AI? AD?  AB? VAB2 +AD? /22132 13

Tam giac SAI vuong tai A co

2
ST = /SAT T AT \/32+ <61¢31—3> _avml

13
Khi d6 sinASI = 6v13 : Sv221 = 2v17 ~ 0,49.
13 13 17
Dap an: [049] ... O
Cau 3. Tinh thé tich caa khéi chép ti giac déu S.ABCD c6 chiéu cao bang /3 va
do dai canh bén 3 (lam tron dén hang phan tram). DPapan:| 6|, 9|3
Loi giai

Goi O 1a tam ctia day ABCD, SO la chiéu cao ctia khéi chép.
Theo dé bai, SO = v/3 va canh bén SA = 3.
Xét tam giac SOA vuong tai O, ta co

2
OAZ:SA2—502:32—(\/§) —9_3=6= 0A =6.

Puong chéo ctia hinh vudng day 1a AC = 204 = 21/6.
A 2

AC _ ﬁ —2./3.
\/52 V2
Dién tich day 1a Sapcp = AB> = (2v/3) = 12.
Thé tich khéi chép 1a

Canh ctia hinh vudong day la AB =

1 1
V:gsABCD-w:5-12-\/§=4\/§z6,93.

bap an: m .................................................................. O
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Cdu 4. Kim tu thap bang kinh tai bao tang
Louvre 6 Paris c¢6 dang hinh chép ti gidc déu
v6i chiéu cao 1 21 m va canh day dai 34 m. Géc
nhi dién tao béi hai mat bén c6 chung mot canh

cta kim td thap c¢6 s6 do bang bao nhiéu db
(lam tron dén hang don vi)?

Loi giai

Ta mé hinh héa kim tu thap bang
mot hinh chép ti gidac déu S.ABCD
nhu hinh vé, khi dé SO =21 va AB =
34.

Goi O la tam cua hinh vuéng ABCD,H
1a hinh chiéu vudng géc cta O trén
SD.

Khi d6 SD L (AHC) nén AHC =
[A,8D,C].

CD+\2

Ta ¢6 OD = = 17+/2 nén

_ So-op  2117V2  357V2
VSO2 1 OD? \/212+(17\/§)2 V1019

Suy ra AH = CH = vVOH?+0C? =

/843880
1019 °

. —  AH?+4CH? — AC? 289 .
Vay cosAHC = SAH CH =—=0 hay [A,SD,C] ~ 113°.
PAp An: [ 118 oo l

PHAN 4. Ty luan.

Cau 1. Cho hinh chép S.ABCD c6 day ABCD la mgt hinh vuong, SA L (ABCD). Ké
AH vuong goc véi SC (H thuoc SC), BM vuong goc véi SC (M thuoc SC). Ching
minh rang SC L (MBD) va AH || (MBD).

Loi giai
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* ViSA L (ABCD) nén SA L BD.

BD L AC
Ta c6 { = BD 1 (SAC) = BD 1 SC. Ma BM | SC nén SC | (BMD).
BD 1 SA

_(sC L (MBD)
* Taco = AH || (MBD).

SC L AH

Céu 2. Cho hinh lang tru ding ABC.A'B'C’ ¢6 cac canh bén bang av/2 va day la
tam giac vudng tai A, AB = a, AC = a/3. Tinh tan géc tao béi hai mat phang
(A’BC) va (BCC'B').

Loi giai
Ké AM | BC tai M. Lai c6 AA’ | BC. A c'

Suy ra BC | (AMA') = BC 1 A'M.
Suy ra ((A'BC),(BB'C'C)) = (A'M,AM) = A'MA = ¢. AN

Xét AABC vudng tai A ¢6 AM 1a duong cao B
1 1 1 av3
[ ] — — AM — .
AM? ABz—i_AC2 2 A K=cs
AA  aVv2 2V6
® tan@Q = = = .
AM a\/§ 3
2
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Céu 3. Mot chiéc 1éu du lich hinh chép c¢6 day 1a
luc giac déu va hinh chiéu ctaa dinh léu trén mat
dat trung véi tam cta luc giac day, khung léu lam
bang tre (nhu hinh). Ngudi ta mubn treo mét day
den trang tri doc theo cot & gitta cta léu tu dinh
xudng san. Do dai ctiia day den can chuén bi 1a bao
nhiéu mét néu biét géc gitta cac thanh tre véi mat
san 1a 30° ; tAm 16t san hinh luc gidc déu c6 dién
tich 18 mét vuong (lam tron két qua dén hang phan
muoi)?

Loi giai

Goi O la tam hinh luc giac ABCDEF thi ta c6 S

SO 1 (ABCDEF) = SO 1 OB.

Cé OB 1a hinh chiéu vudng géc cia SB trén
miit phang (ABCDEF).

Suy ra (SB,(ABCDEF)) = SBO = 3(°.

T gia thiét, ta c6 F

3 E
2%:3;»03:2\4/5. D

Sapcper = 18 = Soap = 3; Soap = OB

Tam giac SOB vuong tai O nén
tanSBO = o5 = SO = OBtanSBO = 2v/3 -

tan30° ~ 1,5 m.

— Hét—
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N. DE 5O 4

PHAN 1. Cau tréc nghiém nhiéu phuvong an lua chon

Cau 1. Cho diém M va mit phang (&) c6 bao nhiéu dudng thing di qua diém M
va vudng géc véi mit phang (o)?

A.2. B. Vo sb. C.0. D. 1.
Loi giai
Theo tinh chat qua mét diém cho trudc chi c6 duy nhat mét duong thang vuong
géc v6i mot mat phang cho trude.
Chon dAp 40 (D) ...\ttt O
Céu 2. Cho hinh léng tru déu ABC.A’B'C’ ¢6 canh day bang 1, canh bén bang 2.
Goi C; 1a trung diém ctia CC'. Tinh cosin ctia géc gitta hai dudng thang BC; va
A'B.

2 2 2 2
A Y2 B. V2 c. V2 p. V2

6 4 3 8
Loi giai
A'B'|| AB = (BCi,A'B') = (BC),AB) = ABC,. A
Tam giac ABC; c¢6 AB = 1;AC| = BC; = /2 '

—  AB?> 4+ BC} — AC? —
va cosABC| = 2—1:B-IBC1 L« cosABC| =
Q / G

4"
A o :i/,:/ ,,,,,,,,,,,,,,,,,,,,
C
B

Chon dAp A0 (B) ...ttt O

Céu 3. Trong khong gian cho ba dudng thang phan biét a, b, ¢. Khang dinh nao
sau day dung?
A. Néu a va b cing nam trong mot mit phang va cling vudng géc véi c thia || b.
B.Néual| bvacLathicLb.
C. Néu g, b, c cing nam trong mit phang (P) va géc giita a va ¢ bang goéc giita
bvacthiallb.
D. Néu a va b cing nam trong miat phang (P) va (P) || ¢ thi géc gifta a va ¢ bang
goc gitrta b va c.
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Loi giai
Khang dinh ding 1a “Néua ||hvac Lathic L b
Chon dAp AN (B) ... v vttt O

Cédu 4. Dbién vao chd trong sau dé c6 khang dinh ding.

“Néu hai mat phang ... ... v6i nhau thi bat ki mot duong thang nio nam trong

mat phang nay va vuéng géc véi giao tuyén ciing vudng géc véi mét phang kia”
A. song song. B. cit nhau. C. phéan biét. D. vuong géc.

Loi giai

Ménh dé dung “Néu hai mét phang vudng géc véi nhau thi bat ki mot dusng

théng nao nam trong méit phing nay va vudéng géc véi giao tuyén ciing vudng

géc v6i mat phang kia”

Chon @4p 4n (D) ...\t O

Cdau 5. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Goi o 1a géc gitta
hai mat phang (ACD') va (ABCD). Gi4 tri ctia sin o bang:

1 1 V6
A —. B. —. C. —. D. V2.
V2 V3 3

Loi giai
Ta c6 (ACD') N (ABCD) = AC. A /
Goi O = ACNBD. Ta ¢6 OD' | AC va OD 1 AC. ; o A"
Suy ra géc giita hai mat phing ((ACD'),(ABCD)) = ¥ 1
(OD',0D) = a. i a5
Xét tam giac ODD' vudng tai D, ta co: a7

: DD/ a \/6 ,J(i”’//** Iy D
Slna:OD/: ZZT. ////”,::;)::l

2

Chon dap an @ ............................................................... O

Cau 6. Cho tua dién S.ABC c¢6 day ABC la tam giac vudng tai B va SA vudng goc
v6i mat phang (ABC). Goi M, N 1an ludt 12 hinh chiéu vudng géc ctia A trén canh
SB va SC. Khang dinh nao sau day sai?

A.AM 1 SC. B. AM 1 MN. C. SA 1L BC. D. AN L SB.
Loi giai
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Ta c6 SA L (ABC) = SA L BC ma BC 1. AB= BC | (SAB).

Lai ¢c6 AM C (SAB) = BC L AM.

AM L SB
Vi = AM 1 (SBC) = AM 1 SC.
AM 1 BC

AM L (SBC)
Vi

MN C (SBC)
Mat khac SA L (ABC) = SA L BC.
Gia stt AN L SB=> AN L (SBC) = AN L BC.
Ma BC 1 SA nén BC 1 (SAC) = BC L AC (v6 1y vi AABC vuong tai B).
Vay AN L SB 1a khang dinh sai.

Chon @4p 4n (D) ......uint e O

=AM 1 MN.

Céu 7. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi, SAB = SAD = 90°. Goi
H, K lan lugt 14 hinh chiéu vudng géc ctia diém A trén cac canh SB, SD. Pudng
thang HK vudng géc véi dudng thang nao sau day?

A. AC. B. SB. C. SD. D. AB.
Loi giai
Ta ¢6 SAB = SAD = 90°, AB = AD (vi ABCD 14 hinh
thoi).
SA canh chung.
= ASAB = ASAD = AH = AK, SB = SD, SH = SK.
Theo dinh li Thales ta c6 i,—;] = % = HK || BD.
Ma AC L BD (vi BD, AC la hai duong chéo ctia hinh
thoi).
= HK 1 AC.

Chon dap 41 (A) .. ot O

Céau 8. Cho hinh chép S.ABCD ¢6 day ABCD la hinh vuéng canh a, SA | (ABCD).
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Tinh khoang cach tit diém B dén (SAC).

a
A B.
Loi giai

Goi O 1a giao diém ctia AC va BD trong (ABCD).
Vi SA L (ABCD) = SA L BO.
BO 1 SA,BO L AC

Ta c¢6 { SA C (SAC),AC C (SAC) = BO L (SAC).
SANAC trong (SAC)
1

1 1
BD = 3 AB?+AD? = 5\/a2+a2 =

Chon dap an (B) ... e e e O

Cau 9. Cho hinh chép S.ABCD c6 day ABCD la hinh chi nhat, AB = a, AD = 2a,
SA vubng géc véi day va SA = av/3. Thé tich caa khéi chép S.ABCD bang

= d(B, (SAC)) = BO =

(oY

4/3a3 2v/3d3
A. \/;a . B. 4v/34°. C. \/;a . D. 2V34%.
Loi giai
S
D
B C
" A 14 1 1 1 2a°V/3
ThétichkhﬁlchoplaV:§-SA-SABCD:§-a 3.a-2a= a3\/_-
Chon dap 41 (C) ...uuie i e O

Céu 10. Cho khéi hop hinh chit nhat c¢6 ba kich thudc 2; 4; 6. Thé tich cta khoi
hép da cho bang

A. 16. B. 12. C. 48. D. 8.
Loi giai
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Thé tich ctia khéi hop chitnhatlaV =2-4.6 = 48.
Chon dap an @ ............................................................... O

Cau 11. Cho hinh chép S.ABCD c¢6 day la hinh vuéng tdm O va SA =SB = SC = SD.
Hinh chiéu ctia diém S trén mit phang (ABCD) 1a diém nao duéi day?

A. 0. B. A. C. D. D.C.
Loi giai

Vi SA = SB = SC = SD nén hinh chiéu ctia diém S trén mit phang (ABCD) 1a O
tam duong tron ngoai tiép day.
Chon dap an @ ............................................................... O

Cau 12. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh va tam giac SAD
vudng can tai S. Géc gitta hai dudng thing SA va BC bang

A. 60°. B. 45°. C. 30°. D. 90°.
Loi giai
Vi BC || AD va ASAD vudng can tai S
nén (BC,SA) = (AD,SA) = SAD = 45°.

Chon dAp 4n (B) . ...'viet i O

PHAN 2. Céu fréc nghiém ding sai

Cau 1.
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a) Thé tich ctia khoéi lap phuong 1a 34°.

b) D6 dai duong chéo A'C = av/2.

¢) Géc giita AC va A'D’ bang 45°.

d) Khoang cach tit A dén (A’BD) bang 3+/3a.

C D

Cho hinh lap phuong ABCD.A’B'C'D’ c6 canh bang a. B Al

Loi giai

a) (S) Sai.

Thé tich khéi lap phuong 1a V = 2.

b) (S) Sai.
D6 dai duong chéo chinh A'C = av/3.

c) (D Pung.
Ta c¢6 (AC,A'D") = (AC,AD) = 45°.

d) (S Sai.
Goi O la tam day. Ké duong cao AH cua tam giac A’AO.
Khi d6 AH | (A’BD).

2
AOAA/ CIT'CI _\/g
3

Suy ra d(A, (A'BD)) = AH = =
( ( )) \/A02 -|-AA/2 a2
? + a’

Chon dép 4n|asai|bsai|cdung [dsai|...............oooo O

Cau 2. Cho hinh chép S.ABC ¢6 SA, SB, SC d6i mot vuong goc va SA = SB = 2a,
SC = 3a.
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A

S « C

a) SA L BC.

b) Vsapc = a’.

¢) Sb do géc nhi dién [B,SA,C] bang 90°.
d) Khoang cach tit diém A dén mit phang (SBC) bang av/2.
Loi giai
a) M) ViSA L SBvaSA_LSC= SA_L (SBC)= SA L BC.
1 1
b) (S) Ta c6 Vsupc = SA-SB-SC = 2 -2a-2a-3a=2a’.
c) M) Vi S4, SB, SC d6i mot vudng gée nén ta cé [B,SA,C] = BSC = 90°.

d) (S)ViSA L (SBC) = d(A,(SBC)) = AS = 2a.

Chon dép an |a dung | bsai|cdung [dsai| ... O

PHAN 3. Céau tréic nghiém trd I1&i ngén.

Céu 1. Cho hinh chép S.ABCD cé day 1a hinh chit nhat canh AB =1, AD = /3.
3 . a3 £ . 2 . 1ea N
Canh bén SA = g va vuong goc véi day. So do géc phang nhi dién [S,BD,C]| la

a°. Tim gia tri ctaa a. Papan:| 1|3 |5
Loi giai
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Trong (ABCD), hai diém A va C nam vé hai nita mat phang khac nhau bs BD.
Do d6, s6 do hai géc phang nhi dién [S,BD,A] va [S,BD,C] 12 bu nhau.
Trong AABD, ké AH | BD tai H. (1)

L _ (BD L SA(do SA L (ABCD))
Khi do, ta cé = BD 1 (SAH) = BD 1 SH. (2)
BD 1 AH

Tu (1) va (2), suy ra SHA 1a mét géc phang ctia géc nhi dién [S, BD, A].
Xét AABD vuong tai A, c6 AH la duong cao nén

1 1 1 1 1 4 V3

= =4 -=_=AH="'",

AH: AR TAD2 17373 2
V3

Xét ASAH vuong tai A, c6 SA =AH = -
Do dé, ASAH vuong can tai A hay SHA = 45°.

Suy ra a° = 180° — SAH = 180° — 45° = 135°.

Vay a = 135 1a gia tri can tim.

PAP AN [ 185 ] oo ]

Cau 2. Cho hinh chép S.ABC c6 day la tam giac déu canh bang 3. Tam gidc SAB 1a
tam gidc déu va nam trong mat phang vudng géc véi méit phang (ABC). Khoang
cach gitta hai duong thang SA va BC bang bao nhiéu? (1am tron dén hang phan

tram). Papan:| 2|, 3|2
Loi giai

Goi H 1a trung diém cta doan thang AB. Tam gidc SAB déu nén SH | AB.
(SAB) L (ABC)

Ta ¢6 < (SAB)N(ABC) =AB = SH 1 (ABC).
SH | AB

Ké Ax || BC, suy ra BC || (SA,Ax).

d(BC,SA) = d(BC, (SA,Ax)) = d(B, (SA,Ax)) = 2d(H, (SA, Ax)).

Ké HI 1 Ax,I1 € Ax,ké HK | SI, K € SI.

Ta c6 d(H, (SA,Ax)) = HK.

TacélH:AH-sin60°:¥,SH:¥
11 3V15
Tam gidc SHI c6 - HK =22
am glac SHIco s = pp Y s = 10
3V/15
Vay d(BC,SA) = 2HK = == ~2,32.
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DA An: | 2,3 O

Céu 3. Trong mot chuyén du lich anh An dung gia dd ba chan dé E ﬁ
kep dién thoai chup hinh (mét chiéc gia d6 cAu tao gom hai phan: “—g—
Phan thi nhéat 1a chan; phan thi hai 14 dau kep dién thoai nhu

hinh vé). Biét rang gia d6 dudc mé ra sao cho ba gbc chan cach

déu nhau mét khoang cach bang 120 cm. Tinh chiéu cao cta gia
dd, biét chan caa gia dd dai 130 cm va dau kep dién thoai dai 15

cm (két quad tinh centimet). Papan:|1|2|5

Loi giai

Phan chan gia dé c6 dang hinh chép déu S.ABC. S
Goi O 1a trong tam tam giac ABC khi d6 SO | (ABC).

Theo dé bai, ta c6 AB = BC = AC = 120 cm; SA = SB =

SC =130 cm.

Goi M 1a trung diém cua BC.

12 A C
0V3 = 60+/3.

2
Suy ra AO = §AM = 404/3.

Xét tam giac vuong SAO, ta co

SO = +/SA2—A0? =110 (cm).

Vay chiéu cao cta gia d61a 110+ 15 = 125 cm.
D AD AN 125 ] it O

Ta co6 AM =

Céu 4. Mot sot dung do c6 dang hinh chép cut déu
(tham khao hinh bén dudi). Pay va miéng sot la
cac hinh vuéng tudng tng cé dién tich lan ludt la
400 (cm?*) va 900 (cm?), canh bén cta sot dai 15cm.
Tinh thé tich ctia sot 1am tron dén hang don vi. (don
vi cm?) Dapan: (83|78

Loi giai

Dién tich mét day 16n 1a S; = 900 = 30? (cm?), dién
tich mat ddy nho 1a S, = 400 = 20> (cm?).

P6 dai cac canh cua day 16n va day bé lan ludt 1a
30 (cm), 20 (cm).

Chiéu cao 1a h = /152 — (5-v/2)2 = 5\/7(cm).

Do déV = %h (S1+ 52 +/5152) ~ 8378 (cm?).

Dap an: 8378 . O
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PHAN 4. Ty luan.

Cdu 1. Cho hinh chép S.ABCD c6 SA L (ABCD). Cho biét ABCD la hinh thang
vuong tai A va D, AB = 2AD.

a) Ching minh CD L (SAD);

b) Goi M la trung diém ctia AB. Chiing minh CM | (SAB).
Loi giai

a) Tac6CD LAD (1).

Mt khac CD L SA  (2) do SA L (ABCD).
Tu (1) va (2) suy ra CD L (SAD).

b) Tacé SA L CM (3)do SA L (ABCD).
Mat khac, CM | AD=CM L AB (4).
Tu (3) va (4) suy ra (SAB).
D

Céu 2. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, AB = a, AD = av/2.
Tam gidc SAB 1a tam gidc déu va ndm trong mit phang vudng géc véi day. Tinh
thé tich ctia khoi chép S.ABCD.
Loi giai

Lay H 1a trung diém AB. Do ASAB déu va (SAB) L (ABCD) nén SH L (ABCD).
av/3

Chiéu cao SH = i

Dién tich day Sagcp = a-av2 = a®V/2.
Thé tich cta khéi chép S.ABCD la

V=

1 3
L a3 op_@V6
3 2 6
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. 3 :
Cau 3. Cho hinh hép ding ABCD.A'B'C'D’ c6 AA’ = %, day ABCD la hinh thoi

canh a va géc BAD = 60°. Goi M va N 14n lugt 14 trung diém clia cic canh A’D’ va
A’'B’. Tinh khoang cach tit diém A dén mit phang (BDMN).

Lai giai
D/
. C’
1
1
M E !
\‘ : 0/
v RGN
RE ¥
u :\\
boan
I‘ | \
TN
Cl\ﬁ : ‘\:D '
5 PN ANz C
//: AR _,—"——
,/ 1 ,, o p _ -
O -]
,,’ ng—"’ O -
Lew-- TR
A B

Goi O =ACNBD, 0' =A'C'NB'D' vaE=MNNA'C'.
Vi MN la duong trung binh trong AA’B'D’ nén E la trung diém O'A’.
V& EF 1 AC (F € AC), suy ra EF | (ABCD), Vi EF || AA’ || OO’ nén F la trung diém

3
OA VA EF = AA' = M.

2
Ti s6 jgﬁ: gg%x;; = ?g =2 =d(A, (BDMN)) =2-d(F,(BDMN)).

Ve FH L EO,nén FH | BD, suy ra FH | (BDMN), do d6 d(F,(BDMN)) = FH.
1 1 a\/§ a\/§

Dé thay AABD dé ha=FO=_A0=--—"= :
e thay déu canh a = FO 2O 5 1

AEFO vudng tai F ¢6 FH l1a dudng cao ting véi canh huyén nén

1 1 1 1 1 20 , 3d® av/15
S — s+ =S S FH == = FH =22
FH? EF? OF’ [, 13 a/3\2 3a 20 10
V15 Vi5 V15
Vay d(F,(BDMN)) = FH = al nén d(A, (BDMN)) =22 = - —

— Hét—
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0.PEsO 5

PHAN 1. Cau tréc nghiém nhiéu phuong @n lua chon

Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat v6i AB = a, AD =
v/2a, canh bén SA = 3a va SA L (ABCD). Géc giita duong thang SC va mit phang
(ABCD) bang

A. 60°. B. 120°. C. 30°. D. 90°.
Loi giai
Hinh chiéu ctia SC 1én mat phang (ABCD) la AC nén
(SC;(ABCD)) = SCA.

Ta ¢6 AC = VAB2 + BC2 = a+/3.

= tanSAC = —— = = /3 = SCA = 60°.
AC a3
Chon dAp AN (A) ... nr e O

Cdu 2. Cho hai duong thang phan biét a,b va mit phang (P). Chon khang dinh
ding?
A.Néual (P)vab Lathib L (P). B.Néua| (P)vab L (P)thib La.
C.Néua l (P)vab Lathib|(P). D.Néual (P)vab| (P)thib]|a.
Loi giai
"Néua | (P) va b L (P) thib L a"1a khang dinh ding.

Chon dAP A1 (B) .+ ..\ vttt ittt et O

Céu 3. Thé tich ctia khéi léng tru c6 dién tich day S = 12 va chiéu cao h =4 1a
A.V =24, B.V =3. C.v=1e. D.V =48.

Loi giai

TacoV=S-h=12-4=48.

Chon dAp 4n (D) ...\ O]

Cau 4. Cho hinh chép S.ABC c6 SA L (ABC). Goi J 1a trung diém cua SA, G la
trong tam tam gidc ABC. Hinh chiéu ctia dudng thang JG trén mit phang (ABC)

la
A. duong thang AB. B. dudng thang BC.
C. duong thang AC. D. dudng thang AG.
Loi giai
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Ta c6 SA | (ABC) tai A ma J la trung diém ctia SA s
nén hinh chiéu ctia J 1én mat phang (ABC) 1a A.
Hinh chiéu cia G 1én méit phang (ABC) 1a G.

Vay hinh chiéu cua dudng thang JG trén mat .
phang (ABC) 1a duong théng AG.

Chon dap an @ ............................................................... O

Cau 5. Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat tam O, SA L
(ABCD). Goi H 1a hinh chiéu ctia A 1én BD va K 1a hinh chiéu ctia A 1én SD.
Géc phang nhi dién [S,BD,A] 1a

A. SKA. B. SBA. C. SHA. D. SDA.
Loi giai
Ta ¢6 SH | BD va AH | BD suy ra SHA
12 géc phang nhi dién [S,BD, A.

Chon dap an @ ............................................................... O

Céu 6. Mot do choi c6 dang khéi chép cut ti gide déu 3 cm
(hinh vé) v6i do dai hai canh day lan ludt 14 3 cm va 5
cm, chiéu cao 14 9 cm. Thé tich ctia khdi chép cut tit gidce

déu d6 bang
A. 151 cm3. B. 441 cm?.
C. 195 cm?. D. 147 cm?.

Loi giai

Dién tich hai ddy ctia khoi chép cut ti gidc déu 1a 9 cm? va 25 cm?.
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4 B A 2~ - ., X B 1
The tich cua khoi chop cut tit giacdéeu dolaVv = 3 9. (9 +v9-25+ 25) =147 cm?.
Chon da4p 4n (D) ...\ e O

Céu 7. Cho tit dién déu ABCD. Goi M, N lan ludt 1a trung diém cac canh AB va
BC. Tinh sb6 do géc gitta hai dudng thang MN va CD.

A. 30°. B. 60°. C. 45°. D. 90°.
Loi giai

Goi P 1a trung diém cta BD. Ta c6

” . 1

* MN la duong trung binh cua tam giac ABCsuy ra MN || AC, MN = EAC;
” . 1

* NP la duong trung binh cta tam giac BCD suy ra NP || CD, NP = ECD;

1
* MP la dudng trung binh ctia tam giac ABD suy ra MP || AD, MP = EAD'

Suy ra ABCD la t dién déu suy ra AC = CD = AD = MN = NP = MP.
Suy ra tam gidc MNP 1a tam gidc déu nén (MN,CD) = (MN,NP) = MNP = 60°.

Chon dAp AN (B) ... v vttt e O
Cau 8. Cho hinh chép S.ABCD ¢6 ddy ABCD 13 hinh chit nhat va SB | BC. Ménh

dé nao sau day 1a ding?
A.SA L (ABCD). B.SB 1 (ABCD). C.BC L (SAC). D.BC L (SAB).
Loi giai
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Ta co

BC 1 SB,BC 1 AB
= BC L (SAB).

SB,AB C (SAB)

Chon dap an @ ............................................................... O
Céau 9. Cho hinh chép S.ABCD c¢6 day 1a hinh thoi tam O va SO L (ABCD). Khi
d6 duong thang AC vuéng géc v6i mat phing nao sau day?

A. (SAB). B. (SAD). C. (SCD). D. (SBD).
Loi giai
Ta c6 SO L (ABCD) = AC L SO, SO C (SBD).
Mat khac ABCD la hinh thoi nén AC 1 BD, BD C
(SBD).
Suy ra SONBD = 0 = AC L (SBD).

Chon dap an @ ............................................................... O

Cau 10. Cho hinh chép S.ABC ¢6 day ABC la tam giac can tai B, canh bén SA
vuéng géc voi day, I 1a trung diém AC, H 14 hinh chiéu cta I 1én SC. Khang dinh
nao sau day dung?
A. (BIH) L (SBC). B. (SAC) L (SAB). C. (SBC) L (ABC). D. (SAC) L (SBC).

Loi giai

[ BI L AC (gia thiét) S
Ta c6 = BI 1 (SAC) D SC =

BI L SA (Vi SA L (ABC))

SC L BI (1).
Theo gia thiét SC LIH (2).
Tu (1) va (2) suy ra SC L (BIH).
Ma SC C (SBC) nén (BIH) L (SBC).

Chon dap an @ ............................................................... O

Cau 11. Cho hinh chép S.ABC c6 canh bén SA = a va vudng goc véi day, AB = a.
Khoang cach tit diém A dén SB bang

A. ¥ B. “\2@. C.
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Loi giai

Trong (SAB) ké AH | SB tai H.

Suy ra khoang céch tit diém A dén SB bang do dai AH.
Do SA L (ABC) = SA L AB.

Xét tam giac SAB vuong tai A va AH la dudng cao, ta co

1 N 11 N 12
AH?  SA? AB? &2 a2 a*
2
SuyraAH:%.
2
Véyd(A,SB):AH:%.
Chon @Ap AN (A) ... nri e O

Cau 12. Cho hinh chép S.ABCD c6 SA vudng goc véi
miét phang (ABCD), day ABCD 1a hinh vuéng. Ménh
dé nao sau day 1a ding?

A. SA 1 SB. B. SC 1 BD.
C. SB 1 SD. D. SA L SC.
Loi giai
AC 1 BD
Ta c¢6 ¢ BD 1 SA = BD 1 (SAC).
SANAC = {A}
Ma SC C (SAC) nén BD L SC.
Chon dAp AN (B) ... e ettt e O

PHAN 2. Cau tréc nghiém ding sai
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Cdu 1. Hinh vé bén duéi mo ta mot nha xudng c6 bon biic tudng va hai mai nha
déu 1a cac hinh chit nhat véi cac kich thude ghi trén hinh.

e,
y 7
F W 2
L G
_—p
l g
E : H |+
e S c
=
A 20m D

a) Biic tuong (ABFE) vudng géc véi mit dat (ABCD).
b) Géc tao béi hai biic tusng (ADHE) va (BCGF) bang 90°.
¢) Géc déc gitta mai nha (EFQP) so v6i mat dat (ABCD) c6 s6 do xap xi bang
29° (lam tron dén hang don vi).
d) Géc nhi dién tao béi hai mai nha c6 sé do xap xi bang 104,5° (lam tron dén
mot chit s6 thap phan).
Loi giai

a) @ Cac biic tuong va mét dat vuong géc véi nhau.

b) @ Hai biic tuong (ADHE) va (BCGF ) dbi dién nhau nén song song véi nhau.
Do d6 géc gitia hai biic tudng nay bang 0°.

c) @ Géc dbc gitta mai nha (EFQP) so véi mit dat (ABCD) 1a géc gitta hai mat
phéng (EFQP) va (EFGH). D6 14 géc PEH.
EP’+EH?—PH?> 15%4202—10° 7

Trong tam giac PEH, ta co cosPEH =

C - 2-EP-EH 2-15:20 8’
Suy ra PEH = 29°.
Do dé, géc dbc gitta mai nha (EFQP) so v6i mat dat (ABCD) c6 s6 do xap xi
bang 29°.

d) @ Géc nhi dién tao béi hai mai nha 1a géc nhi dién c¢6 canh 1a dudng thang
PQ, hai mat 1an lugt 12 hai nita mat phang (PQFE) va (POGH).
Do PQ vuéng géc véi hai dudng thang PE va PH nén géc phang nhi dién tao
b&i hai mai nha 1a géc EPH.

PE*+PH*—EH?> 152+10°—20%

Trong tam gidc PEH, ta c6 cosEPH = =
rong tam giac » ta Co Cos 2. EP-EH 2-15-10

1
4. —_—
Suy ra EPH ~ 104,5°.

Do d6, géc phang nhi dién tao béi hai mai nha c¢6 s6 do xap xi bang 104,5°.
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Chon dép an |a dung | bsai|cding [ddung|..................ooL, O

Cau 2. Cho hinh chép S.ABCD c¢6 day la hinh vuéng canh a, tam giac SAB vudng
can tai S va nam trong mat phing vuéng géc véi day. Goi M 1a trung diém cua
SD.
a) SA L (ABCD).
b) Khoang cach tit diém § dén mat phang (ABCD) bang g.
. N A ~ 2 . N ., . v 2
c) Goi a 1a so do géc phang nhi dién [S,CD, B], gia tri tan o bang g
d) Khoang cach gitta hai dudng thang AB va CM bang a.
Loi giai

a) (S) Goi H, K 14an luct 14 trung diém AB va CD.
Ta ¢6 SH | AB va HK la duong trung binh ctia hinh chit nhat ABCD nén

HK || AD | BC = HK 1 AB.

Lai c¢6 tam giac SAB can nén SH | AB.
Mat khac (SAB) L (ABCD), suy ra SH | (ABCD) = SH 1 HK.

b) D) Ta c6
1
d(S, (ABCD)) = SH = SAB = g
c) (S) Ta da c6CD L HK. (1)
Mt khac SH 1 (ABCD) nén CD L SH.
Suy ra CD | (SHK) = CD 1 SK. (2)

T (1) va (2) suy ra SKH 13 géc phéng nhi dién [S,CD, B).
Ma ta ¢6 HK = BC = a (tinh chat dudng trung binh ctia hinh chit nhat). Do
do

tanSKH = tan o =
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d) (S) C6 AB || CD = AB || (SCD).
Lai ¢6 CM C (SCD) = d(AB,CM) = d(AB, (SCD)) = d(H, (SCD)).
Ké HI | SK tail. Tac6é HI L (SCD).

Do d6 a
SH -HK 54 av/5
d(H, (SCD)) = HI = _ _ v
( ( )) /SH2+HK2 ,(C_l>2+a2 5
2
Chon dép an |asai | bdung | csai|[dsai|..............ooooi O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Cdu 1. Ngudi ta dung mét cai 1éu cdm trai c6 dang hinh chép ti giac déu co tat
ca cac canh bang nhau va bang 3 m trén miat dat bang phang. Sau d6 tir dinh
cta léu, nguovi ta gan mot béng den sao cho khoang cach tit dinh 1éu dén bong
den bang 30 cm. Khoang cach tit béng den dén mit dat xap xi bao nhiéu mét?

(lam tron dén hang phan muoi). Papan:|1], |8
Loi giai

Cai 1éu dude minh hoa béi hinh chép tit gidc déu S.ABCD.
Goi O 1a tam ctia day, M 1a vi tri béng den. Khi d6 khoang céch tit bong den dén
mat dat bang d6 dai doan thing MO.

2
Ta c6 SO = /SAZ —AO? = \/32_ <¥)

2
MO:SO—SM:%_—O,?)zl,S.

Vay khoang cach tit béng den dén méit dat xap xi 1,8 m.

Pap a
ap an: ]
D

Céu 2. Cho hinh chép S.ABCD c¢6 day la hinh thoi canh béng 1. Tam gidc ABC
déu, hinh chiéu vudng géc H ctia dinh S trén mit phang (ABCD) trung véi trong
tam ctia tam giac ABC. Puong thang SD hdp véi mat phang (ABCD) géc 30°. Tinh
khoang cach d tit B dén mat phang (SCD) (lam tron dén chit s6 hang phan tram).

DPDapan: | 0|, |65

2_3\/5

Loi giai
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N . 1-v3 3
ViABCdéucéAB:1néndubngtrungtuyénBOZT\/_zg:>BD:230:\/5.
Ma H la trong tam cia AABC nén BHz%BOz%-?:?.

3 2v3
SuyraDHzBD—BHz\/_—gz%—.

Ta ¢c6 SH L (ABCD) = H 1a hinh chiéu vuéng géc ctia S 1én (ABCD).
Mat khac, ta ¢6 SDN(ABCD) = D.

Suy ra (SD,(ABCD)) = (SD,DH) = SDH = 30°.

Xét ASHD vuong tai H, ta co

SH:DH-tanS/D?I:%-QZ%
3 3 3
BD 3
Vi BH(1(SCD) = D = d[B, (SCD)] = 7 -d[H, (SCD)] = 5 -d[H, (SCD)].
Ta ¢6 HC L AB = HC L CD.
Ké HK | SC.

Khi dé6 d[H,(SCD)] = HK.
Xét ASHC vuong tai H, ta co

HK = ' =
VSH2+HC? 21
3 V21
Vay d(B,(SCD)) = JHK =~~~ 0,65.
bap an: m .................................................................. O

Céu 3. Cho 0OA, OB, OC d6i mét vudng géc va khong dong phang. Biét OA = OB =
a\/3, OC = a. Tim sb do d6 clia géc tao béi hai mat phang (ABC) va (OAB). (két
2

qua lam tron dén hang phan chuc). Papan:(3 |9

Y

Loi giai
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Goi M la trung diém ctia AB.

Xét AOAB c¢6 OA = OB = a\/3 = AOAB can tai O.

Ma OM la trung truyén nén OM ciing la duong cao =
OM 1 AB.

Laic6 OC L OA, OC 1. OB= OC 1 (OAB) = OC 1 AB.
Ma OM L ABnén AB | (OCM) = AB L CM

— ((OAB),(ABC)) = (CM,0M) = OMC.

. A R . A 1
Xét AOAB vuong can tai O nén OM = EAB =

1 6

~VOATY 0B? = Y2,

2 2

Xét tam gide OCM vuéng tai O ¢6 tan OMC = 2C — 2
8 8 oM 6

OMC ~39,2°,

Vay géc gitta hai mit phing (ABC) va (OAB) bang 39,2°.

Dap An: |39, . O

Céu 4. Mot khéi gb hinh lap phuong c6 dé dai canh

bang x (cm). O chinh giita mét mat cta hinh lap E __
phuong ngudi ta duc moét 16 hinh vuéng thong sang /,r,,,i:/,:(:f; JT i
miét doi dién, tAm cfa 16 hinh vuéng la tam c@ia mat :ﬁ[ /j/ijf_/_jg
hinh 1ap phuong, cac canh 16 hinh vuéng song song Li")*i‘?ﬁ/ﬂ’ o
v6i cac canh cta hinh 14p phuong va c6 d6 dai y (cm) W/L_L/_)
nhu hinh vé bén. Biét rang x = 80 cm, y = 20 cm va thé -

80

tich V ctia khoi gb sau khi duc ¢6 dang a-10° (cm?).

Gia tri cta a la bao nhiéu? Papan:{4 |32

Loi giai

Thé tich khéi 1ap phudng ban dau 1a V= x> = 80° = 512000 (cm?).

Quan sat hinh vé, ta thay khéi g6 bi duc thong theo ca 3 huéng (trudc-sau, trai-
phai, trén-duéi) tao thanh 3 16 hinh hép chit nhat giao nhau tai tam.

Thé tich cia mot 16 duc (hinh hop chit nhat dai sudt canh x) 1a V; =y - x =
20%-80 = 32000 (cm?).

Tong thé tich cta 3 16 duc (néu tinh roi) 1a 3V, = 332000 = 96000 (cm?).

Tuy nhién, phan giao nhau cta 3 16 duc tai tAm khéi gb 14 mot hinh 1ap phuong
nho canh y. Phan nay da bi tinh 3 1an nén can tru di 2 1an dé tinh ding thé tich
phan réng.

Thé tich phan giao nhau 1a Vs, = y* = 20° = 8000 (cm?).

Thé tich phan bi khoét di 1 V.z__ = 3V} — 2Vgia0 = 96000 — 2 - 8000 = 80000 (cm?).

ong
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Thé tich con lai ctia khéi g6 1a V = Vg3 — V.5 = 512000 — 80000 = 432000 (cm?).

rong
Ta c6 V =432-10°, suy ra a = 432.

DA An: |43 o e O

PHAN 4. Ty luan.

Cau 1. Cho hinh chép S.ABC. Cac diém M, N, P tuong tng la trung diém cta
SA, SB, SC. Puong thang qua § vudng géc véi mit phang (ABC) va cat mat phang
d6 tai H. Chiing minh rang SH L (MNP).

Loi giai

MN |AB
Do nén (MNP) || (ABC).

MP || AC
Mat khéc SH L (ABC). Do d6 SH L (MNP).

Céu 2. Cho hinh chép S.ABCD cé day ABCD 1a hinh chit nhat; ASAB déu canh a
va nam trong mat phang vudng géc véi (ABCD). Biét SC tao véi (ABCD) mét géc
bang 30°. Tinh thé tich V ctia khéi chép S.ABCD.

Loi giai
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Goi H la trung diém ctia AB. Vi tam giac SAB
déu nén SH | AB.

(SAB)N(ABCD) = AB

(SAB) L (ABCD) = SH L (ABCD).

SH | AB
Suy ra (SC,(ABCD)) = SCH = 30°.
Vi SH 1a duong cao ctia tam giac déu canh a

a\/_

nén SH = ——

3 3
:»CH=SH-cot30°=ﬂ—-\/’: a

Trong tam gidc vudng BH C,tacé BC2 HC? -

9 2
HB? = i—%-241 = BC = aV/2.

Dién tich cta hinh chit nhat ABCD 1a Sapcp =
AB-BC =a-av?2=d*\2. |
Vay thé tich hinh chép S.ABCD 1a V = §SH »

1 a\/_ a\/_
Sapcp =3+~ a’\2 =

NN =

\______________

Céu 3. Cho tit dién ABCD ¢6 (ACD) L (BCD), AC=AD =BC =BD=4,CD =x(0 <
x < 8). Goi I, J 1an lugt 1a trung diém ctia AB va CD. Vi gia tri nao ctia x thi
(ABC) L (ABD) (1am tron két qua dén hang phan mudi)?

Loi giai
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Ta c6 tam giac ACD can tai A nén AJ 1L CD; tam
giac BCD can tai B nén BJ L CD.

Két hop véi gia thiét (ACD) L (BCD) ta dudc AJ L
BJ.

Nhan thay: AACD = ABCD ( c.c.c)

= AJ=BJ=AB=AJV2=1/2(AC?—CJ?) =

Tuong tu ta cing c6 CI = DI.
Ta c6 ACAB can tai C nén CI 1. AB; ADAB can
tai D nén DI 1 AB.

Néu (ABC) L (ABD) thi DI | (ABC) = DI 1. CI &
AICD vudng can tai I.

Do dé

CD = V/2CI & CD = /2 (AC? — AI?)

AB?
2
o x:\/2<16—648x)

2

2 X
& =164+ —
X —|—4

— Hét—

= GV: NGO bUC TAI @ Trang 143/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

P.DESO 6

PHAN 1. Céu tréc nghiém nhiéu phuong én luva chon

Cau l.
Mot chiéc ban can d6i hinh chit nhat dude dat trén J e
mat san ndm ngang, mat ban song song véi mat san
(nhu hinh vé bén duéi). Hinh anh nay gdi nén hinh
anh duong thang (dudc biéu thi bdi cac dudng thang
a, b, ¢, d, ) vudng géc v6i mat ban (ki hiéu mit phang
(P)). Khang dinh nao sau day sai?

A.d1l (P). B.al(P). C.bL(P). D.cl(P).
Loi giai
Tacod C (P).
Chon dap an @ ............................................................... O

Céu 2. Cho hinh chép ti gidc déu S.ABCD cé day la hinh vuéng ABCD tam O
canh a, SO = %E, géc gitta hai duong thang AB va SD la

A. 120°. B. 60°. C. 30°. D. 90°.
Loi giai

1 2
Ta ¢6 AB || CD = (AB,SD) = (CD,SD); OD = SBD = %

2 2
MétkhécSD:\/S02+0D2:\/%Jr%:a:SD:SC:CD:a.

Do dé tam giac SCD déu = SDC = 60°.
Suy ra (AB,SD) = (CD,SD) = SDC = 60°.

Chon dAp 4n (B) . ...'viie i O

Céu 3. Cho hinh chép S.ABCD cé day 1a hinh vudng, SA vudng géc véi méit phang
day. Hinh chiéu vudéng géc ctia tam giac ASCD 1én mit phang (ABCD) la
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A. NABC. B. NACD. C. ABCD. D. AABD.
Loi giai
Ta c6 SA L (ABCD) nén AC, AD lan luct 12 hinh chiéu vuéng s

géc ctia SC, SD trén mat phang (ABCD).
Do d6 AACD la hinh chiéu cia ASCD trén miat phang
(ABCD).

Chon d4p 4N (B) ... 'viet it O

Cau 4. Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh vuéng tam O, SA L (ABCD).
Khang dinh nao sau day sai?

A. (SBC) L (SAB). B. (SAB) L (ABCD).
C. (SAC) L (ABCD). D. (SAC) L (SAD).
Loi giai
Ta co

e SA L (ABCD) = (SAB) L (ABCD) va (SAC) L
(ABCD).

= BC L (SAB) = (SBC) L (SAB).

BC L AB
[
BC 1 SA

Chon dap an @ ............................................................... O

Cé&u 5. Cho hinh chép S.ABC c¢6 day ABC la tam giac déu,
canh bén SA vudng géc véi day, M la trung diém AC, N la
hinh chiéu cia B 1én SC (nhu hinh bén). Khang dinh nao
sau day dung?

A. (BMN) L (SBC). B. (SAC) L (SAB).
C. (BMN) L (ABC). D. (SAC) L (SBC).
Loi giai

Ma BM L AC (Tinh chat dudng trung tuyén trong tam giac déu).
Ta c6 SA L (ABC) = BM L SA.
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Suy ra BM L (SAC) = SC L BM (1).

Theo gia thiét SC L BN (2).

Tu (1) va (2) suy ra SC L (BMN).

Ma SC C (SBC) nén (BMN) L (SBC).

Chon @Ap AN (A) ... nre e O

Céu 6. Cho khéi chép cut déu ABC.A'B'C' ¢6 duong cao h = 3 cm, hai mat day
ABC, A'B'C’ ¢6 canh tuong tng lan ludt 1a 4cm, 2cm. Tinh thé tich khéi chép
cut.

A. 4cm?. B. = 43 cm?. C. 7/3 cm3. D. 61/3 cm3.
Loi giai

A/ C/

A e e \ L. 433 22\/3
Dién tich day ABC, A'B'C’ lan lugt 1a S = ;/_ =43 (cm?); §' = T\/_ = /3 (cm?).
Thé tich chép cut la

V= %h.(s+s’+\/S~S') =~ -3-(4V3+V3+2V3) =7V3(cm?).

1
3
Chon dap 41 (C) .....uie i 0
Céu 7. Cho khdi léng tru cé dién tich day bang 15 va chiéu cao bang 10. Tinh

thé tich V ctia khdi lang tru da cho.
25

A.V =50. B.V =175. C.v="7. D.V = 150.

Loi giai

TacoV=S-h=10-15=150.

Chon dAp 40 (D) ...\t O

Céu 8. Cho hinh lap phudng ABCD.A’B'C'D'. Pudng thang nao sau day vudng
géc véi duong thang BC'?

A.A'D. B. AC. C. BB D.AD'.
Loi giai
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Ta c6 A'D || B'C, B'C 1. BC' = A'D L BC'. D c

Al ¥ B’

Chon dAp AN (A) ... nr e, O

Cau 9. Cho hinh chép S.ABCD véi day ABCD la
hinh vuong ¢6 canh 2a, SA = ay/6 va vuong goc
v6i day. Sb do ctia géc nhi dién [S, BD,A]?

A. 90°. B. 30°. C. 60°. D. 45°.

Loi giai

Tu A ta ké duong vudng goc t6i BD, thi chan duong vudng goc la tam O cua hinh

vuong.
AO 1L BD _—
Ta co = [S,BD,A] = SOA.
SO L BD(BD L SA,BO 1 AO)
SA _aV6
Xét ASOA c6 tanSOA =
é c6 tan oA o 7 =+/3.
Vay géc can tim bang 60°.
Chon dAp 4n (C) .....viie i, O

Céu 10. Cho léng tru déu ABC.A’B'C’, biét AB = AA’ = a. Khoang cach tu diém A
dén mit phang (BCC'B’) bang
A. a3 B, 43 av3

C D. a.
Loi giai

3 S
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A (o
Bl
Al | C
M
B
. N - R Cl\/§ N ., X
Goi M la trung diém BC = AM = > (duong cao trong tam giac déu canh a).

Ta ¢6 AM | BC (do AABC déu).

Mit khac AM L BB’ (do lang tru ABC.A’B'C’ 1a lang tru déu).
3
Suy ra AM L (BCC'B') = d (A, (BCC'B')) = AM = a‘z/_.

Chon dap an @ ............................................................... O

Céu 11. Cho hinh chép S.ABCD c6 day 1a hinh vudng canh a. Pudng thang SA
vudng géc véi mat phang day va SA = a. Goi M 1a trung diém cta CD. Khoang
cach tit M dén mit phang (SAB) bang
A Y2
2
Loi giai

B. a. C. aV2. D. 2a.

Goi H 1a trung diém AB = MH 1 AB.
Ta c6 SA L (ABCD) = SA 1. MH = MH | (SAB) = d(M,(SAB)) = MH = a.

Chon dAp AN (B) ... v vttt et e O
Céu 12. Chon ménh dé dang trong cac ménh dé sau day:
A. Qua mét diém c6 duy nhat mot mit phang vudng géc véi mot mat phang
cho trudec.
B. Cho hai dudng thang chéo nhau a va b dong thoi a L b. Ludn c6 mat phang
(a) chta a va (o) L b.
C. Cho hai dudng thang a va b vudng géc véi nhau. Néu mit phang («) chita
a va mat phang () chita b thi (a) L (B).
D. Qua mét dudng thang c6 duy nhat mot mét phang vuong géc véi mot dusng
thang khac.
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Loi giai

C6 vo s6 mit phing di qua mét diém va vudng géc véi mot méit phing cho trude.
Do d6, A sai. Néu hai duong théng a va b vudéng géc véi nhau va cat nhau thi mat
phéng chita ca a va b khong thé vudéng géc véi b. Do @6, C sai. Qua mot duvng
thang c6 vo sb6 méit phang vudng géc véi mot dudng thang khac. Do d6, D sai.

Chon dAp 4n (B) ... '\ttt O

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho hinh chép S.ABCD, day la hinh thoi tdm O va SA = SC, SB = SD.
a) SO L AC. b) SO L (ABCD). ¢) AC L (SBD).  d) (AC,SB) = 60°.
Loi giai

a) (D) Pung.
SO 1 AC
Tam giac SAC can tai S (do SA = SC), ma O 1a trung diém AC nén SO | AC.
(1)

b) (D) Pung.
SO L (ABCD)
Tam gidc SBD can tai S (do SB = SD), ma O la trung diém BD nén SO | BD.
(2)
Tu (1) va (2) suy ra SO L (ABCD).

c) (D Pung.
AC L (SBD)

AC L BD
Ta cé = AC L (SBD).
AC 1 SO (SO L (ABCD))
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d) (S Sai.
(AC,SB) = 60°.
Ma SB C (SBD) nén AC L SB = (AC,SB) = 90°.

Chon dép 4n|a ding | b dung | ¢ dung | d sai |

Céu 2. Cho hinh ling tru ding ABC.A'B'C' ¢6 day ABC la tam gidc déu canh
bang a va géc nhi dién [A’, BC,A] bang 30°.
a) Géc nhi dién bing géc A’MA, véi M 1a trung diém ciia BC.

2
) ) s a1 y . 3
b) Dién tich day cua hinh lang tru la Sapc = a4 ;/_
¢) Chiéu cao cua hinh lang tru bang a.
. e s . 3ad®

d) Thé tich khéi ling tru bing %.

Loi giai
A’ '

a) @ Géc nhi dién [A’, BC,A] la géc giita hai nita mat phang (A’BC) va (ABC)
canh BC.
Goi M 1a trung diém cuia BC.
Vi tam gidc ABC déu nén AM L BC.
Lai c6 AA’ 1 BC nén BC 1. A'M.
Suy ra géc nhi dién [A’, BC,A] 1a goc A'MA = 30°.

. s a*V/3

b) @ Dién tich tam giac deu ABC la Sapc = 1

., A A 3

¢) (S) Vi tam gidc ABC déu canh a nén AM = £ >
—— AA’ AA’ a
Xétt 14 ong A’AM c6 tanA’MA = — & tan30° = = AA = —
ét tam giac vudng o tan e o3 5

2
. ) 23 3V/3
d) (S) Thé tich khéi ling trula V = Sypc-AA' = & 4f : ‘5’ ¢ 8f

Chon dép 4n|a dung | b dung | ¢ sai | d sai |

PHAN 3. Cau tréc nghiém trd 15 ngdn.
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Céu 1. Kim tu thap Kheops 6 Ai Cap c¢6 dang 14 hinh chép tit giac déu c6 canh
day dai 262 mét, canh bén dai 230 mét. Khi xay dung kim tu thap ngudi Ai Cap
c¢6 dai da tinh toan xay dung mot duosng ham lay sang tu nhién tit mot mét bén
dén tam day ngéan nhit. Khoang cach xay duong ham dé 1a bao nhiéu (lam tron
dén chit s6 thap phdn thi nhat)? Dapan: /9|4 |, |5
Loi giai

Ta gia st cac canh va dinh cta kim tu thap nhu hinh vé.

Vi S.ABCD 1a hinh chép tit giac déu nén SH | (ABCD) v6i H = ACNBD.
Xét AABC vuong tai A, ta co

AC = \/AB2 4+ BC?2 = /2622 +2622 = 262v/2 (m)

AC
= HC = — = 131v/2 (m).
Xét ASHC vuong tai H, ta co

SH = /SC2 —HC? = \/2302 — (131\/5)2 — /18578 (m).

Ké HJ vudng géc véi SI, suy ra HI 1a doan dusng ngan nhét.
Xét ASIC vuong tai I, ta co

SI? = SC* — IC* = 2307 — 1312 = 35739.
Xét ASHI vuong tai H, ta co
HI? = SI> — SH> = 35739 — 18578 = 17161.

Xét ASHI vuong tai H, ta co

11 N 11 N 1 35739 N , 18578-17161
HJ2 SH? HI? 18578 17161 18578-17161 35739

bap an: m .................................................................. O]

Céu 2. Cho hinh chép déu S.ABCD c6 day tdAm O canh « va canh bén 1a av/7.
Tinh géc phang nhi dién [S,BC,0]? (tinh theo dd, lam tron két qua dén hang don
Vi). Papan:| 7|9

= HJ ~94,5 (m).
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Loi giai
(SBC)N(ABCD) = BC
Ta c¢6 < Trong (ABCD),0I 1. BC = [S,BC,0] =

Trong (SBC),SI 1. BC
SIO.

Ta ¢ O = g,so — JVSB-0B® =
2
2 [aV2 V26

\/ (av7) _(T> =5

) . . . — SO 4
Xét ASOI vudng tai O ta c6 tanSIO = ol = C
\v26a

2 _ /26 = SI0~79° = [S,BC,0] ~ 79°.

2
AP AN [T oo O

Cdu 3. Mét chiéc thang c¢6 dang hinh thang can cao 7 m, hai chan thang cach
nhau 80 cm, hai ngon thang cach nhau 60 cm. Thang dudc dua vao b tuong nhu
hinh sau. Tinh géc tao gitta dudng thang chan tudng va canh cot thang (tinh
gan dung theo don vi d9, 1am tron két qua dén hang don vi).

Loi giai
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Goi A, B 1a hai diém tai vi tri chan thang va C, D 1a hai diém tai vi tri ngon
thang, EF la chan tuong.

Ta ¢6 EF || AB nén (EF,AC) = (AB,AC) = BAC.

Ké CH vuong goc véi AB tai H, khi d6 AH =10 cm = 0,1 m.

. n . R — AH 0,1 1
Tam giac ACH vuoéng tai H nén cosCAH = — = — =

o AC T 0
Suy ra CAH ~ 89,19°.
Vay (EF,AC) ~ 89°.
DD An: 89| .o e O
Cdéu 4. Mot chiée 16ng den kéo quan c6 hinh lang tru luc gidc < >

déu véi canh day 8 cm. Biét tong dién tich cac mét bén caa

chiéc 16ng den nay bang 1536 cm?. Tinh thé tich cta chiéc 1ong .

den dé (két qud lam tron dén hang don vi cm?).

8 cm

Papan:| 5|3 |21

Loi giai
Goi 4 1a chiéu cao cta chiéc 1ong den.
Tac6 Sy, =6-8-h=1536=48h = 1536 = h =32 cm.
82V/3
;/_ =96v/3 cm?.
Thé tich ctia chiéc long den d61a V =S-h = 961/3-32 = 3072v/3 ~ 5321 cm’.

Dap An: 532 | . O

Dién tich mat day cta chiéc lIong den1a S=6-
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PHAN 4. Ty luan.

Céu 1. Cho hinh chép S.ABC c¢é day ABC la tam gidc can tai A, diém / va H lan
ludt 1a trung diém ctia AB va BC. Trén doan CI va SA lan luot 1ay hai diém M, N
sao cho MC = 2MI, NA = 2NS. Biét SH | (ABC). Chiing minh MN 1 (ABC).

Loi giai

Do diém M thudc dudng trung tuyén CI va MC =2MI = M la trong tam tam giac
ABC
= M=AHNCI.
Ta c6 N—A:M—A:2:>MN|| SH.
NS MH

Mzt khac SH 1 (ABC) = MN L (ABC).

Cdu 2. Cho hinh chép S.ABCD ¢6 day ABCD la hinh vuéng canh bang 2024, SA
vuong goc vii day va mat bén (SCD) hop véi mat day (ABCD) mot goc 60°. Tinh
khoang cach tit diém B dén mit phang (SCD).
Loi giai

(SCD)N (ABCD) = CD
Tacé ¢ AD L CD

SD 1.CD
= ((SCD),(ABCD)) = (AD,SD) = SDA = 60°.
Vi BA || (SCD) nén d(B, (SCD)) = d(A, (SCD)).
TiuAkéAH L SDthiAH L CD (doCD 1 SA,CD 1 AD).
Do d6 d(A,(SCD)) = AH = AD - sinSDA = 2024 -

2024+/3
sin60° = T\/_

Suy ra d(B, (SCD)) = d(A, (SCD)) = 1012+/3.

Cdu 3. Cho khéi chép S.ABCD c6 day 1a hinh vuoéng. Canh bén SA vuéng géc véi
day, canh bén SC tao véi day géc 45° va khoang céach tit A dén mit phang (SBC)
bang v/2. Tinh thé tich cta khéi chép da cho.

Loi giai
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Gia st AB = a.

Vi SA L (ABCD) nén hinh chiéu ctia SC 1én (ABCD)
la AC

= Goc gitta SC va (ABCD) la géc (SC,AC).

Tam giac SAC vudng tai A nén (SC,AC) = SCA = 45°
= Tam giac SAC vuong can tai A nén
SA=AC =aV/2.

Ta ¢6 BC L AB, BC 1. SA = BC | (SAB).

Ké AH 1 SB=-AH 1 (SBC).

Suy ra d(A; (SBC)) = AH = /2.

Tam giac SAB vuong tai A c6

1 1 1 1 1 1
—|——2<:>Cl:\/§
a

= o=
AH?  SA2 + AB? 2 242

Vay
1

VSABCD = gSA'SABCD = %(d\/i) -az = —- (\/§ \/5) . (\/5)2 = \/6

W | =

—Hbt—

= GV: NGO bUC TAI @ Trang 155/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

Q. PESO 7

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho hinh chép S.ABCD c¢6 day ABCD la hinh chtt nhat tam O, SA L
(ABCD). Goi H 12 hinh chiéu cia S 1én BD. Géc phang nhi dién [S,BD,A] 1a

A. SOA. B. SBA. C. SHA. D. SDA.
Loi giai

Ta c6 SH | BD va AH | BD suy ra SHA 1a géc phang nhi dién [S,BD,A].
Chon dap an @ ............................................................... O

Céu 2. Cho khéi lang tru ding ABCD.A'B'C'D’ ¢6 day 1a hinh thoi canh a, BD =
av/3 va AA' = 4a. Thé tich ctia khéi ling tru da cho bang

2V3a? 4v/3a3
A. 2343, B. 4/34d°. C. \/;a . D. \/;a ;
Loi giai
A/
\B/
D i
l c
S P LB
A \\\\\\ 7 ’ \\\
/\/;\\\\\\\ \\\\
O .
D

Goi I 1a giao diém ctia hai dudng chéo AC va BD.
Vi ABCD 14 hinh thoi nén AC 1 BD tai I va I 1a trung diém ctia mdi dudng chéo.
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BD 3
TacéIB:—:M.

Xét tam giac AIB vuong tai I, ta co

2 2 2
AI\/ABZIBZ\/a2<a23> :,/az_%:u%:g.

Suy ra AC = 2AI = a.
Dién tich day hinh thoi la

1 1 23
SABCD: EACBD: E-a-a\/gz a 2\/_

Chiéu cao lang tru la h = AA’ = 4a.
Thé tich khoi ling tru la

2
3
V= SABCD'AA/ = a ;/_ da = 2\/§a3.

Chon dAp AN (A) ... .vt e O

Céu 3. Cho khéi hop chit nhat ¢6 3 kich thude 3; 4; 5. Thé tich cta khéi hop da
cho bang?

A. 10. B. 20. C. 12. D. 60.
Loi giai
Thé tich khéi hop chit nhat V =a-b-c =3-4-5 = 60 (dvtt).
Chon @4p 4n (D) ......eit i O

Céu 4. Cho hinh chép S.ABC c6 day ABC 1a tam giac déu va SA = SB = SC. Goi
I 1a hinh chiéu vuéng géc ciia S 1én mit phang (ABC). Khang dinh nao sau day

dting?

A. 114 trung diém AC. B. I 14 trung diém BC.

C. I 1a trung diém AB. D. 7 14 trong tam tam giac ABC.
Loi giai

Ta c6 ASIA, ASIB, ASIC la cac tam giac vuong tai
IviSI L (ABC).
Xét ASIA vuong tai I va ASIB vuong tai I co
SI la canh chung
{SA =SB (gia thiét)
= ASIA = ASIB (canh huyén - canh géc vuong)
= IA = IB (hai canh tuong ung)
Tuong tu ta c6 ASIB= ASIC = IB=IC.
=IA=IB=1IC.
Vi AABC déu nén I 1a trong tam ctia AABC.
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Chon dap an @ ............................................................... O

Cau 5. Cho hinh chép SABCD c¢6 day la hinh vuéng ABCD canh a va cac canh
bén bang a. Goi M, N 1an ludt 14 trung diém AD va SD. S6 do géc (MN,SC) bang

A. 60°. B. 45°. C. 30°. D. 90°.
Loi giai
Tam giac SAC ¢6 SA = SC = a va AC = a/2 nén tam S

giac SAC vuong can tai S.
Ta c6 MN || SA nén (MN,SC) = (SA,SC) =90°.

Chon dAp 40 (D) ...\t O]

Cdau 6. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh a, SD = a va
SD vuéng géc v6i méit phang day. Tinh géc gitta duong thang SA va mat phang
(SBD).

A. 60°. B. 14°. C. 45°. D. 30°.
Loi giai
Ta c6 SAN(SBD) = {S}.
Lai ¢6 AO L BD; AO 1. SD = AO L (SBD) nén (SA, (SBD)) =
OSA.
ASDA ¢6 SA =+/SD?+AD? = Va? +a% = aV/2.

AC 2
Hinh vuéng ABCD ¢§ A0 = — = %;
a2
A0 51—
ASAO ¢6 sinOSA = — = —2_ — ~ — OSA = 30°.
SA a2 2
Chon dAp 4n (D) ...\ e e O
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Cdau 7. Cho hinh chép S.ABCD c6 day ABCD la hinh
chit nhat. Goi M, N lan ludt 1a trung diém ctaa SC va
SD (tham khéo hinh vé&). Khiang dinh nao duéi day
dang?

A. MN 1 AC. B. MN 1 BD.

C. MN 1 AB. D.MN 1 BC.

Loi giai
Ta ¢6 MN la duong trung binh ctia tam giac SCD. Suy ra MN || CD.

(MmN | cD
Ta co = MN | BC.
BC 1. CD

Chon @4p 4n (D) ......e e O

Céu 8. Cho khéi hop ABCD.A'B'C'D' ¢6 day ABCD la hinh thoi canh 24, ABC =
120°, AA" = a/2 va géc giita AA’ va méat phang (ABCD) bang 45°. Thé tich khbi
hop bang bao nhiéu?

A. &3, B. V3d3. C. 4V/3d. D. 2V34%.
Loi giai
Goi E 1a hinh chiéu vuéng géc ctia A’ trén mp
(ABCD). Khi do6 goc gitta AA’ va (ABCD) 1a goc
gitta AA’ va AE.
Ta c6 chiéu cao cta hinh hop 1a h = A'E =
AA’ -sin45° = a.
Dién tich day Sigcp = 2Saapc = 2 - % -2a-2a-
sin 120° = 2+/342.
Thé tich khoi hop 1a V = Supcp - h = 2v/34°.

Chon dap an @ ............................................................... O

CAau 9. Thé tich ctia khéi ti dién déu biét chiéu cao ti dién bang a bang

3 3 \/§ 3 \/6 3 \/6 3
A. ?(l . B. TCI . C. 761 . D. ?Cl .
Loi giai
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Xét tit dién déu ABCD c6 canh AB = x, P 1a trung A
diém BC, duong cao AH = a.

/3 /3

TacéDP=T=>DH=
Xét AADH vuong tai H ta co,

2
DH2—|—HA2:DA2:>a2—|—%:x2:>x:a\z/g. D c
V3 3ad2V3
Do d(), SADBCZX 4\./_: ag\/_. d
. 1 a’\/3 B
Vay Vapcp = 3 AH -Sappc = .
Chon dap 41 (A) ..ot O

Cau 10. Cho hinh chép S.ABC ¢6 SA L (ABC) (tham khao s
hinh vé). Hinh chiéu vuéng géc ctia dudng thang SB trén
miét phang (ABC) 1a duong thang

A. BC. B. AB. C. AC. D. SA.

Loi giai
Ta c6 SBN(ABC) = B.

Vi AB 1 (ABC) = A la hinh chiéu vuéng géc ctia S trén (ABC).
Do d6 AB 12 hinh chiéu vudng géc ctia SB 1én mét phang (ABC).

Chon dap an (B) ... e e e e O

Cau 11. Cho hinh chép ti giac déu S.ABCD c6 tt ca cac canh bang a. Goi M 1a
trung diém ctia SD. Tang ctia géc giita duong thang BM va mat phang (ABCD).

V2 V3 2 1
A. - B. 5 C. 3 D. 3
Loi giai
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Goi O la tam caa hinh vuong. Ta ¢6 SO L (ABCD) va

az_a\/§
2 2

Goi H 12 trung diém ctia OD ta c6 MH || SO nén H 12 hinh

A Ao 2 R 1 2
chiéu cua M 1én mat phang (ABCD) va MH = ESO = M.

4
Do dé6 goc gitta duong thang BM va mat phang (ABCD)
13 MBH.
av2

Khi d6 ta ¢6 tanMBH = —— = — % _ = .

BH  3q\/2 3

! 4
Vay tan (BM, (ABCD)) = 3
Chon dap an @ ............................................................... O

Céu 12. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh v/3q, canh bén
SD = v/6a va SD vudng géc véi méit phang day. Khoang cach giita hai dudng thang
SB va CD bang

A. aV/3. B. aV2. C. 2a. D. a.
Loi giai

(AB 1 SD
Ta co { AB L AD = AB 1 (SAD).

| SDNAD trong (SAD)

Vé DH L SA tai H trong mit phang (SAD).
(DH | AB

Ta c6 { DH 1 SA = DH | (SAB).

| ABN SA trong (SAB)
Vi CD || (SAB) nén d(SB;CD) = d(CD;(SAB)) = d(D; (SAB)) = DH.
SD-DA  3V2d*

VSD2+DAZ  3a

av/2.

ASAD vuong tai D v6i duong cao DH c6 DH =

Vay suy ra khoang cach gitta SB va CD 1a aV/2.
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Chon dap an (B) ... e e O

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Tt mét tAm tén hinh vuéng MNPQ c6 canh bang 4 dm, ngudi ta cat tAm
tén theo cac tam gidc cAn MAN, NBP, PCQ, ODM biang nhau sau d6 go cdc tam
giac can ABN, BCP, CDQ, DAM sao cho cac dinh M, N, P, Q trung nhau dé dudc
khéi chép ti gidc déu c6 day 1a ti giac ABCD. Biét dudng cao ké tit A cia tam
giac MAN bang 1 dm.

M 4dm 0]
D
1 dm
1 C
10}
B
N P

a) Canh day cta hinh chép déu dudc tao ra bang 2 dm.
b) Canh bén cta hinh chép déu dudc tao ra bang /5 dm.
¢) Chiéu cao ciia hinh chép déu dude tao ra bing 2 dm.
° £ , X ¥ 4
d) The tich khoi chop déu dudc tao ra bang 3 dm?.
Loi giai
a) (S) Goi 0 1a tam hinh vuéng ABCD. Khi d6 OA =0l —AI =2—1=1.
Canh d4y hinh chép 14 AB = v20A = v/2 dm.

b) () Canh bén ctia hinh chép MA = vVMI? + 1A% = /5 dm.

¢) (D) Chiéu cao hinh chép MO = vVMA2 —0A? = \/5—1 =2 dm.

d) (D) Thé tich hinh chép V — %MO-SABCD _ % 2.(Vap = dm’
Chon dép 4n|asai | b dung | cdung [ddung| ....................o O

Cau 2. Cho hinh lang tru tam giac ABC.A'B'C’ ¢6 day la tam giac ABC cén tai A,
goc BAC = 120° va AB = 2a. Hinh chiéu ctia A’ trén mat phang (ABC) trung véi
trung diém H cta BC, biét AA' = a2
a) Hinh chiéu vuong géc ctia dudng thang AA’ 1én mat phang (ABC) 1a dudng
thang AH.
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b) Géc A'AH 1a géc giita dudng thdng AA’ va mit phing (ABC).
¢) Géc gitta hai dudng thang AA’ va AH bang 60°.
d) (A'AH) L (BCC'B)).

Loi giai

B

a) ) Ta c6 A’H L (ABC) nén hinh chiéu ctia AA’ 1én mat phéng (ABC) 1a dudng
thang AH.

b) @ Do hinh chiéu ciadA’ 1én mit phang (ABC) 1a duong thang AH nén goc
A'AH 1a géc giita duong thang AA’ va mit phang (ABC).

c) @ Géc gitta hai duong thang AA’ va AH 1a géc A/AH.
AABC can tai A, H 14 trung diém ctia BC nén ta c6 HAB = 60°.
1
= AH = EAB =a.

AA’AH vuong tai H.
AAH = — = ——=— = A’AH = 45°.
cos a2

d) ) AABC can tai A nén ta c6 AH L BC. (1)
Mat khéc H 1 hinh chiéu vudng géc ctia A’ 1én mat phang (ABC) = A'H L
(ABC).
= A'H | BC (2)
Tu (1) va (2) ta c6 BC L (A'AH).
Ma BC C (BCC'B).
= (BCC'B') L (A'AH).

Chon dép an |a dung | bdung [ csai [ddung|..................co O

PHAN 3. Céau tréic nghiém trd I&i ngén.
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Cau 1. Cho hinh chép tam gidc déu S.ABCcé canh day bang 1, G 1a trong tdm
tam gidc ABC. Géc gitta mat bén va day bang 60°. Tinh khoang cach ti G dén

mat phang (SBC). Papan:[0|, |25
Loi giai
Goi I 12 trung diém cta BC. S
Trong mat phang (SAI) ké GH L SI. (1)
(BC LAl
Ta ¢6 = BC 1 (SAI)=BC L GH. (2)
BC 1 S1
Tu (1) va (2) ta ¢6 GH L (SBC) = d(G,(SBC)) = GH.
(SBC)N(ABC) = BC A c
Ta cé < SI 1. BC I
Al L BC B
= ((SBC),(ABC)) = (SI,AI) = SIA = SIG = 60°.
Vi G la trong tam tam giac ABC nén
1. a3 V3 V3 1
1= -Al=—— H = GI-sin60° = — - — = — =0,25.
G 3 6 =G GI -sin c 2 1 )
bap an: m .................................................................. O

Céu 2. Trong mét budi da ngoai, ban Nam muén
dung mot cai 1éu hinh kim tu thap. Biét khoang
cach tir dinh 1éu t6i mot chan 1éu 1a 270 (cm), géc
nhi dién tao bdi hai nita mit phang tuong tng
chita hai mai 1éu d6i dién 1a 55°. Héi khoang cach
gitia hai chan 1éu lién tiép Nam can dung bang
bao nhiéu milimet? (Lam tron dén hang don vi)

DPDapan:|2 |26 |4

Loi giai
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Cai léu can dung c6 hinh dang 1a hinh chép ti gidec déu S.ABCD véi SA = 270
(cm), géc nhi dién giita hai nita mat phang (SAB) va (SCD) tudng ting chita hai
mai léu d6i dién bang 55°.

Khoang cach gitta hai chan 1éu lién tiép can tim 1a d6 dai canh day hinh chép
S.ABCD.

bat AB = x (cm).

Goi M, N lan lugt 1a trung diém cta cac canh AB, CD.

Suy ra MSN = 55°, MN = x (cm), AM = )_ZC (cm).

Ta c6 ASAB can tai S, M 1a trung diém canh AB nén ASAM vuéng tai M.

2
Suy ra SM = SN = v/SAZ— AM? = /270 — %.

ASMN ta co
MN? = SM? +SN*> —2-SM - SN - cos MSN
X2 x2
= x2=2-1270>-2 ) —2-( 270> == ] - cos55°
4 4
1 55°
& 2P (1 +5- COSZ ) —2.270% (1 — c0s55°%)
> 2.270% (1 —co0s55°)
< = 1 B cos55°
2 2
= x~2264(cm) = x~ 2264 (mm)
DA AN: | 2264 | . OJ
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Cdu 3. Mot cot bong ro dude gan xudng nén san phang.
Ngudi ta gin mét diém C ¢ dinh cta c6t sao cho C nim
trén méit phang song song véi nén san va diém A dit & chan
cot bong ré nhu hinh vé. Nguoi ta mudn budc mot soi day
cang vao hai diém A va C. Héi s¢i day c6 dé dai bang bao

3050

nhiéu mm (két qua 1am tron dén hang don vi)?

Loi giai

3050

Goi B hinh chiéu vuéng géc ctia C xudng nén san, khi d6 tam giac ABC vuéng tai
Bva

AB = 1200 mm, BC = 3050 mm.

AC? = AB? + BC? = 12007 +3050? = AC ~ 3278 mm.

Dap An: 3278 | L O

Céu 4. Cho hinh chép S.ABC c6 day 1a tam gidc ABC déu canh 2, tam giac SBA
vuong tai B, tam gidc SAC vuodng tai C. Biét géc giita hai mit phang (SAB) va
(ABC) bang 60°. Thé tich khéi chép S.ABC la bao nhiéu (két qud lam tron dén
l1]s

hang phan tram)? Dap an: | 1

Loi giai
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Goi D 12 hinh chiéu vuéng géc ciia S 1én mit phang (ABC), suy ra SD L (ABC).
) {SB 1 AB (gt)
aco
SD 1. AB (do SD L (ABC))
Tuong tu, ta c6 AC L CD.
Tam giadc SBA va SCA 1a hai tam gidc vudng c6 canh huyén SA chung va AB = AC
(do AABC déu), suy ra ASBA = ASCA = SB=SC.
Suy ra DB = /SB? —SD? = /SC2? — SD? = DC.
Xét tt gidc ABDC ¢6 ABD = ACD = 90° va AB = AC,DB = DC.
Do dé AD la duong trung truc ctia BC va ciing la duong phan giac caa goc BAC.
Vi AABC déu nén BAC = 60° = CAD = 30°.

= AB | (SBD) = AB 1 BD.

V3 23

Trong tam giac vuéng ACD, ta c6 CD = AC -tan30° =2 - 5 =3

Vi AB L (SBD) nén giao tuyén cia (SAB) va (ABC) 1a AB vudng géc véi SB va DB.
Suy ra géc giita hai mat phang (SAB) va (ABC) 1a géc SBD = 60°.

243
Trong tam giac vuong SBD, ta c6 SD = BD - tan60° = T\/_ V3 =2.
L o . 2°V3
Dién tich tam giac déu ABC canh 2 1a Saapc = Y V3.
2 2 1 1 2 3
Thé tich khéi chép S.ABC1aV = SaapcSD = 5 V3.2 = %_ ~1,15.

.
bap an: m .................................................................. O

PHAN 4. Tu luan.

Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, canh bén SA vuong
géc véi méat day. Goi H, K 1an ludt 1a hinh chiéu ctia A 1én SB, SD. Chiing minh:

a) AK L (SCD). b) AH L (SBC). ¢) SC L (AHK).

Loi giai
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a) Tac6 SA L (ABCD) = CD L SA.
Do ABCD la hinh chit nhat nén CD 1 AD.
Suy ra CD | (SAD) = CD L AK.
Lai ¢c6 AK L SD, suy ra AK L (SCD).

 (CB L SA (do SA L (ABCD))
b) Ta c6
CB L AB (do ABCD la hinh chu nhat).
= CB L (SAB).
Ma AH C (SAB) nén CB | AH.
Lai c6 AH 1 SB, suy ra AH | (SBC).

¢) Ta ¢6 AK L (SCD) = AK L SC.
Tuong tu: AH L (SBC) = AH L SC.
Vay SC L (AHK).
Céu 2. Trong khong gian cho tam gidc déu SAB va hinh vuéng ABCD canh a
nam trong hai mit phang vudng géc. Goi o 1a géc gitta hai mit phang (SAB) va
(SCD). Khi d6 hay tinh tan c.
Loi giai

Goi H,M lan lugt 1a trung diém cta AB,CD.
(SAB) N (ABCD) = AB

Ta 6 { (SAB) L (ABCD) — SH | (ABCD).

SH | AB
Do d6 AB | SH va AB 1. MH.
Suy ra AB | (SHM), ma AB || CD nén (SHM) L (SAB) va (SHM) L (SCD).
Vay o = MSH.

. . R . . 3
Xét tam giac SMH vuong tai H c6 SH :%Va HM = a.
Su ratanoc—HM— a —2\@

Y THS a3 3

2
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Céu 3. Mot chiée thap c6 phan duéi c6 dang
hinh hop chit nhat, day la hinh vuéng co
canh dai 5 m. chiéu cao ctia hinh hop chit
nhat 12 12 m. Phan trén cta thap cé dang
hinh chép déu, cac mat bén 1a cac tam giac

can chung dinh. Mbi canh bén ctia hinh chép

dai 8 m. Tinh thé tich cta thap dong ho nay

(lam tron két qud dén hang don vi).

12m
g
Loi giai
Xét hinh vuéng A’/B'C’'D’ ¢6
B'D =VBC?+C'D?=V52+52 =52
2
= 0D = %
Chiéu cao phan trén cta thap
2
2 V2

SO’ =/SD?Z—0'D? = \/82 - (—5\2f> = —206.
Thé tich phan duéi caa thap
V] = SABCD .00 = 52 -12 =300 (m3)
Thé tich phan trén ctia thap

1 1 v206 25206
Vo = =Sypcp - SO == -5%. = (m?3).

3 3 2 6

0 25v/206

Thé tich ctia thap Vi + V> =300+ . 360 (m?).

Cdu 4. Cho hinh hop chit nhat ABCD.A'B'C'D’' ¢6 AB = AA’ = 1,AC = 2. Tinh
khoang cach giita hai duong thang AC’ va CD'.

Loi giai
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Goi M,N lan lugt 1a trung diém ctaa A'D’
va BC.
Dé thay AM | C'N nén A,M,C',N dong
phang.
Ta ¢6 CD' || MN nén CD' || (AMCN). Suy
ra

d(CD',AC’) =d(CD',(AMC'N))
=d(C,(AMC'N)).

Ké CI L AN tai I va CH L C'I tai H, suy
ra d(C,(AMC'N)) = CH.

ClI CN
ACIN «~ NABN (g- R — T
AB-CN e, sy AB AN
=CIl= ' .
AN

BC 3 7
BC:\/AC2—ABZ:a\/§;CN:BN:7:%—;AN:\/ABZ+BN2:%;CIZ
AB-CN V21
AN 7~

cc'-Cl aV/30
veer+crr o 10

Tam giac C'CI vudng tai C c6 duong cao CH, suy ra CH =

— Hét—
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R.DESO 8

PHAN 1. Cau tréc nghiém nhiéu phuvong an lua chon

Cau 1. Cho hinh chép S.ABCD c6 day la hinh vuéng, SA L (ABCD). Khang dinh
nao sau day la dung?

A. SA 1 SC. B. BD 1 SD. C. SA 1L BC. D. AC L SD.
Loi giai

S
D
B C

_ (SA L (ABCD)

Ta c6 = SA 1 BC.
BC C (ABCD)
Chon dAp 4n (C) .....vie i O
Cdu 2. Cho hinh lap phuong ABCD.A'B'C'D'. Tinh géc giita hai duong thang AC
va A'B.
A. 60°. B. 45°. C. 75°. D. 90°.

Loi giai

Do A’BCD' 1a hinh binh hanh nén A’B || D'C. Suy ra goéc D c
gitta hai duong thang AC va A’B bang géc gitia hai duong

théng AC va D'C va 6 chinh la goc ACD = 60° (do AACD! N7 1%
déuw). |
SDANC s c
A:V B
Chon dAp AN (A) ... nri e O

Cau 3. Cho hinh chép S.ABCD c¢6 day la hinh thoi tam O va SA = SC, SB = SD.
Trong ciac ménh dé sau ménh dé nao sai?

A.AC L SD. B. BD | AC. C. BD 1 SA. D. AC 1 SA.
Loi giai
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Ta c6 tam giac SAC can tai S va SO la duong S
trung tuyén ciing dong thoi 1a duong cao. |
Do d6 SO L AC.

Trong tam giac vuong SOA thi AC va SA
khong thé vudng tai A.

Chon dAp 40 (D) ...\t O]

Cdu 4. Cho hinh chép tam gidc déu S.ABC c¢6 canh day bang 2a, géc gitia mat
bén va mat day bang 60°. D6 dai canh bén cta hinh chép bang

A w2 B.M. c. V17 p. 4V
3 3 3 3
Loi giai

Goi H la chan dudng cao, suy ra H la tam tam
giac déu ABC.

Goi M 1a trung diém BC suy ra géc gitta méit
bén (SBC) va (ABC) 1a géc SMH = 60°.

2 2a\/3 1 a3

Ta c6 AH = “AM — HM = —AM = 2.
aco 3 S\f 3 3
— 3

SH:HM~tanSMH:aT~\/§:a.
4 2 7 2

Xét ASHA : SA2 = SH? +AH? = %—Faz — % N

SA:a\/zl.

3
Chon dap 41 (A) ...t O

Cau 5. Cho hinh chép ti giac S.ABCD c¢6 day ABCD la hinh chtt nhat va SA |
(ABCD). Khoang cach giita dudng thang BC va mit phang (SAD) bang

A. AB. B. BD. C. SB. D. CA.
Loi giai
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Ta c6 SA L (ABCD)= SA L. AB,ma AD | AB nén
AB L (SAD).

Lai ¢6 BC | AD = BC || (SAD).

Do d6 d(BC,(SAD)) =d(B,(SAD)) = AB.

Chon dap an @ ............................................................... O

Céu 6. Cho hinh chép S.ABC c6 dién tich day ABC bang a2v/3 va thé tich khbi
chép bang a3. Tinh chiéu cao 4 ctia hinh chép da cho.
a3 a3 a3

A.h:T B.h:T C.h:T D.hza\/§

Loi giai
o, £. 1 - 1
The tich khoi choép Vs apc = §SABC -h.

3-Vsapc  3d°
= = a\/§ .
SABC a2\/3
Chon dAp 4n (D) ...\t O

Suy ra h =

Céu 7. Cho hinh chop S.ABCD c6 day la hinh vuéng canh a, SA L (ABCD), SA =
av/3. Khoang cach tit diém A dén mét phang (SBC) bang

A. a\/3. B. %5. C. 2a\/3. D. af'

Loi giai
Ké AH L SB.

Ma AH L BC (do BC L (SAB)) suy ra AH L (SBC).
Do do

AB-SA a3
VABT+SA? 2

d(A, (SBC)) = AH =

Chon dap an (B) ... e e O
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Cau 8. Cho hinh lap phuong ABCD.A’B'C'D’ (tham khao A

hinh v&). Gié tri sin cia géc giita dudng thing AC' vamat P
phéng (ABCD) bing 1 c
V3 V6 V3 V2 ‘
A. —. B. —. C. —. D. —. Al .
3 3 2 2 e b
B C
Loi giai
Ta c6 (AC', (ABCD)) = (AC',AC) = C'AC = a. Al .
Gia st hinh 1ap phuong c6 canh 14 a. B | ]
., . cc’ 3 R Nel
Trong tam giac A’AC ta c¢6 sinax = Yok \/26;7_“12 = g A i
PR :: --r-->D
B ) C
Chon dap an @ ............................................................... O

Cau 9. Cho ti dién OABC c6 ba canh OA, OB, OC d6i mdt vudng goc véi nhau.
Goi H 1a truc tam cta tam gidac ABC. Khang dinh nao sau day sai?

A.AB 1 OC. B. OH | (ABC). C. OH 1 BC. D. OH 1 OA.
Loi giai

loc L oA . ) )
Ta c6 = OC | AB. Vay phuong an A dung.
OoC 1 OB

| oA L OB
Ta co = 0A L BC. (1)
OA 1 OC

Goi 7 1a chan duong cao ké tir dinh A caa tam giac ABC. Ta co AI L BC. (2)
Tu (1) va (2) suy ra BC L (AIO), ma OH C (AIO) nén OH L BC. (3)

Tuwong tu nhu trén, ta cing c6 OH L AC. (4)

Tu (3) va (4) suy ra OH L (ABC).
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Vay cac phuong an B, C dung.
Tam giac AIO vuong tai O, H € Al va H # I nén phuong an D sai.
Chon dap an @ ............................................................... O

Céu 10. Cho hinh lap phuong MNPQ.M'N'P'Q’ ¢6 canh bang a. S6 do ctia géc nhi
dién [N,MM', P] bang

A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai

_[MN L MM’ M .
Ta c6 ‘ Q
MP 1 MM'. | P
Do d6 gée nhi dién [N, MM’,P] 1a géc NMP = 45°. N
Mas———=-1 A
o A45° T
N P
Chon dap an (B) ... e e e e O

Cau 11. Cho cai ném hinh lang tru ding nhu hinh veé.

Thé tich cta cai ném bang
A. 3696cm’. B. 1848cm’. C. 3669cm?. D. 1884cm’.
Loi giai
Dién tich day lang trula S = % .7-24 = 84cm?.
Thé tich ctia khéi ling trula V=S5 -h =84-22 = 1848cm?>.
Chon dAP AN (B) ... v ettt e O

Céu 12. Cho khéi chép cut déu ABCD.A'B'C'D', day ABCD va A'B'C'D’ ¢6 d6 dai
canh 1an ludt 14 6a va 3a, @6 dai canh bén bang 4a. Tinh thé tich ctaa khéi chép
cut déu ABCD.A'B'C'D'.
3 3 3 3
A2Vl B. 4V40 c. 2levie p, “V4
2 2 2 2
Loi giai
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e Dién tich hinh vuong ABCD 1a S| = (6a)* =
36a’.

* Dién tich hinh vuong A'B'C'D’ la §, =
(3a)* =942

e Chieu cao cua khéi chép cut déu
ABCD.A’B'C'D' 1a 00’ :191'H. |
Ta c¢6 BB' = 4a, BH = 4BD = — - 6aV2 =

4
3a\/§

2
Trong AB'BH vuéng tai H, ¢

B'H = +/BB? — HZ\/ 3“‘/_> _av4s,

V46
Suy ra OO0’ = B'H = ¢ 5
e Thé tich ctia khéi chép cut déu
ABCD.A'B'C'D' 1a
av46

1
V=300 (S1+S2+V/5S1. Sz) = 5

5
(36612 +9a?% 4+ /3642 - 9a2> \/_

Chon dap an @ ......................................

PHAN 2. Céu fréc nghiém ding sai

Céu 1. Trong lao dong, mit phang nghiéng thuong dugde st dung vi tinh tién

dung ctia né. Hinh vé sau minh hoa mét mat phang nghiéng dung dé van chuyén

do, c6 do nghiéng so v6i méit phang ndm ngang 14 30°, van chuyén 1én mét phang

c6 d6 cao 1 m. Quan sat hinh vé va xac dinh tinh dung sai cia cac ménh de sau.

a) CAK dudc goi 1a géc giita dudng thing d va mit phéng (Q).
b) CAK la géc phang nhi dién ctia gée nhi dién [C,AB,K].
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c¢) Mit phéng nghiéng c6 d6 dai khoang 1,73 m.
d) Biét chiéu rong cia mit phang nghiéng dang s dung 1a 1 m, khi dé sin
2~ .~ N 2 N 9 2 N 5
cua goc gitta duong thang BC va mat phang (Q) la \/?_
Loi giai
a) ) CAK dudc goi 1a géc gitta dudng thing d va mat phing (Q).
Do CK 1 (Q) nén CAK dudc goi 1a géc gitta dudng thang CA va méit phang
(Q).
b) (S) CAK 1a géc phang nhi dién ctia géc nhi dién [C,AB,K].
Do CA,AK khong vuong goéc véi AB nén CAK khong 1a géc phang nhi dién
cua [C,AB,K].
¢) (S) Mit phéng nghiéng ¢6 d6 dai khoang 1,73 m.
Ta ¢6 CK =1 (m),CBK = 30°.
., . — CK 1
Xét sinCBK = BC =~ BC = =2 (m).

sin 30°
d) @ Biét chiéu rong clia mit phang nghiéng dang st dung 1a 1 m.
. ~ . > ~ .~ N 2 N v 2 N 5
Khi do6 sin cta goéc gitta duong thang BC va mat phang (Q) 1a %
Ta ¢6 AC = /5
— CK /5
Xét sinCAK = — = —.
et sinC A 5

Chon dép an |a dung | bsai|csai|[ddung| ... O
Cau 2. Cho hinh chép S.ABCD c¢6 day S

ABCD la hinh vuong canh a, tam giac SAD
déu va nam trong mat phing vuéng goéc
v6i mat day (ABCD). Goi H, M lan luoct 1a
trung diém cta cac canh AD va AB.
a) (SC,(ABCD)) = SCH.
b)S6 do cha géc nhi dién
[((ABCD),CD, (SCD)] bang 90°.
c) cosin cta goc gitta hai méat phang
(SBC) va (ABCD) bang ?
d) (SMD) 1 (SHC).

Loi giai

((SAD) L (ABCD)
(SAD) N (ABCD) = AD
SH 1 AD

| SH C (SAD)

= SH 1 (ABCD).

a) D ¢
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= CH 1a hinh chiéu vuéng géc ctia SC trén mit phang (ABCD).
= (SC,(ABCD)) = (SC,CH) = SCH.

CD L AD
b) (S = CD 1 (SAD) = CD 1 SD.
CD L SH(SH L (ABCD))

= (AD,SD) = SDA = 60° 12 sb do ctia géc nhi dién [(ABCD),CD, (SCD)].

¢) (S) Goi K 1a trung diém ctia BC.
(SBC) N (ABCD) = BC
HK L BC = ((SBC), (ABCD)) = (SK,HK) = SKH.
SK 1 BC

3 /3 7
SH:%_,HK:a;»SK: Za2+a2:%.

cosSKH = = a = \/7
SK \/761 7
2

d ®

AADM = ACHD = HDM = HCD.
— HDM +DHC = HCD + DHC = 90°.

= CH 1 DM.

DM 1 CH
{ = DM L (SCH), DM C (SMD).

DM 1 SH
= (SMD) L (SCH).

Chon dép 4n|a ding | bsai [csai [ddung| ... O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Céu 1. Cho hinh ling tru ti giac déu ABCD.A’B'C'D’ ¢6 canh day bang 2. Goi M,
N, P lan ludt 14 trung diém cta AD, DC, A'D'. Tinh d((MNP),(ACC")) (lam tron
két qud dén hang phan tram). Papan:| 0|, |71

Loi giai
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Vi MN la duong trung binh ctia tam giac DAC nén A B
MN || AC. (1) M
MP la duong trung binh cia DAA’D’ nén MP || s
cc. (2)
T (1), (2) suy ra (MNP) || (ACC)).
Goi O =ACNBD, I =MNNBD.

- (orLac PN B
Khi d6 — 01 1 (ACC)). R -

ol 1 cC’ .
Vay D ¢

d ((MNP),(ACC")) =d (1, (ACC")) =0l = %DO =

DA ANz |0, 71| o O

Céu 2. Cho khdi ling tru ABC.A’B'C’ ¢6 day ABC la tam gidc vudng tai A, AB =a,
BC = 2aq. Hinh chiéu vuéng géc ctia dinh A’ 1én mét phang (ABC) 1a trung diém
H cta canh AC. Géc giita hai mit phang (BCB'C') va (ABC) bang 60°. Thé tich

e 1e ~ v kvk . < oz A A A s
khoi ling tru da cho bing ——a?, trong d6 k, m 14 cac s6 tu nhién nguyén t6 cung
m

nhau. Tinh gi4 tri biéu thitc m — k. Pép an: | 5

Loi giai

B

Ta c6 AC = av/3. T H ké HI vudng géc véi BC.

a —a\/§ \/_

HI HC AB-HC 9% a3

Ta c6 AHIC ~ ABAC nén — = — = HIl = = = .

a0 ~ NN AB T BC BC 2a 4
Goi K la trung diém cua A'C’. Tu K ké KM vuodng géc véi B'C'.
3
Ta ¢6 AKMC' = AHIC nén KM = IH = a;/—.
av/3

Goi N 1a diém trén B'C’ sao cho MN = MC' = A'N =2KM = —
Do A'H L (ABC) nén (A'NIH) L (ABC) = NI L BC.
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Hinh thang vuéng A'NIH ¢6 A'N > HI nén HIN 1a géc tu.

Suy ra HIN = 120° = A'NI = 60°.

Goi H’ 12 hinh chiéu cta 7 1én A'N suy ra H’ 13 trung diém cta A'N.
= A'H=1IH' = NH' - tan60° = 3—a.

4
2 3
Do d6 thé tich khéi ling tru ABCA'B'C' 1a V = A'H - Sypc — -2 9 V3_3v3d

’ 4 2 8
Suyrak=3, m=8.Dodéom—k=>5.
D AD AN (5] O

Cdu 3. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong. Goi H, K 1an luot
13 trung diém ctia AB, AD. Biét SH | (ABCD). Géc giita hai dudng thang BK, SC
bang bao nhiéu d6? Pap an:({9 |0
Loi giai

A K D
H

) 2
B C

Xét ABCH, NABK c6 CBH = BAK = 90°; BC = AB; BH = AK.
Suy ra ABCH = AABK = B, = C).
Lai ¢6 By + B, =90° = C, + B> = 90° = BK 1 CH.

BK 1 CH
Ta cé { = BK | (SCH) = BK L SC.

BK | SH
Vay géc giita hai duong thang BK, SC bang 90°.
DAD AN (00| o o O

Céu 4. Trong mét khoang thoi gian dau ké tit khi cat canh, may bay bay theo
mot duong thang. Géc cat canh ciia may bay 1a géc gitta dudng bay va mét phang
nam ngang ndi cat canh. May bay cat canh va bay théng véi van toc 210 km/h
v6i géc cat canh 12°. Sau 2 phut ké tit khi cat canh, d6 cao cia may bay so véi
mat dat 1a bao nhiéu mét (1am tron dén hang don vi).

Dapan:| 1|4 |5|5

Loi giai
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Gia st may bay xuat phat tai diém A, sau 2 phut bay thi vi tri cia may bay 1a
diém S.

Hinh chiéu vuéng géc ctia diém S trén mat dat 1a diém B.

Khi dé géc cat canh ctia may bay 1a SAB = 12°.

Sau 2 phuat bay thi may bay di dudec quang duong la SA =210- 6_2() =7 (km) =7000
(mét).

Vi tam gidc SAB vudng tai B nén d6 cao cia may bay so véi mat dat 1a
SB = SA -sinA =7000-sin12° ~ 1455 (mét).
D ap An: | 1455 | o O

PHAN 4. Ty luan.

Cau 1. Cho hinh chép S.ABC c6 SA L (ABC). Goi H 1a hinh chiéu ctia A trén BC.
a) Chitng minh rang (SAB) L (ABC) va (SAH) L (SBC).
av'3

b) Gia st tam giac ABC vuong tai A,A/B\C =30°,AC = a,SA = — Tinh s6 do
cua goc nhi dién [S,BC,A].
Loi giai
SA 1 (ABC)
a) = (SAB) L (ABC).
SA C (SAB)
AH 1 BC
BC 1 (SAH)
b) { SA L BC (viSA L (ABC)) = = (SAH) L (SBC).
BC C (SBC)
AHNSA = {A}
(AH L BC __
c) Ta co = [S,BC,A| = (SH,AH) = SHA.
BC L SH (vi BC L (SAH))

Xét tam gide ABC vuong tai A ¢6 ABC = 30° = ACH = 60°.
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.z A . ;. NS AH . 3
Xét tam giac ACH vuodng tai H c6 sinACH = Yel = AH = a-sin60° = a\z/_‘

., . ) , — SA 3 3 —
Xét tam giac SHA vuong tai A c6 tanSHA = — = ave. i =1= SHA =

AH 2 2
45°.

Vay [S,BC,A] = 45°.

Cau 2. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, SA = av/2 va
SA L (ABCD). Goi M, N lan lugt 14 hinh chiéu vudng géc ctia dinh A 1én c4c canh
SB va SD. Tinh géc giita dudng thang SB va mat phang (AMN).

Loi giai

Goi P = SCN(AMN), O = ACNBD. Khi d6 MN, AP, SO dong quy tai I.

_(sA LBC
Ta co = BC 1 (SAB) = BC L AM.
AB 1 BC

Ma AM 1 SB nén AM L (SBC) = AM L SC.

_ (sAaLcp
Mat khac = CD L (SAD) = CD L AN.
AD 1 CD

Ma AN L SD nén AD L (SCD) = AN L SC.

Do d6 SC L. (AMN) = AP 1 SC va PM 1 hinh chiéu ctia SM trén mat phang (AMN)
hay PM 1a hinh chiéu ctia SB trén mit phang (AMN).

Suy ra (SB,(AMN)) = (SB,PM) = (SM,PM) = SMP.

Tam giac SAC vudng can tai A (do SA | AC va SA = AC = a/2) nén P 1a trung diém
cua SC.

T do suy ra I la trong tam tam giac SAC.

Lai ¢6 ASAB = ASAD = SA = SB va AM = AN = ASAM = ASAN.

SM SN SMSI 2 2 2 2a\/3
Khid6— ="— =MN|BD= " =" =~ S SM—=-SB= -\/SA2+ AB? = )
140 ¢p SD1:> 1” Z 5B 50 3 SM=35B=3VoATH 3

SP 3

Suy ra sin SMP = G = 5 = (SB.(AMN)) = SMP = 60°.
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Cau 3. Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Tinh khoang cach
tit diém A t6i mat phang (A’BD).
Loi giai

, = BD L (A'AC). g
BD 1 AA ST

Trong mit phang (A’A0), ké AH 1 A'O. B T (o
) {AH LAO A

| BD LAC A D
Ta co

Ta c6 = AH 1 (A'BD). /
AH 1 BD (BD 1 A'AC) ;

1 2 LA 4D
Ta co OAZEAC:\/T_' / /,/(\\ T
Xét AA’AO vuodng tai A, ta c6 T LR

1 1 1 a3
— AH = =,
AH2 ~— A/A2 + = 3

Vay d (A, (A'BD)) = 2.

Cdau 4.

Cho hinh chép déu S.ABCD c6 day canh a va
chiéu cao SO = 2a. Goi M, N, P, Q lan ludgt 1a
trung diém cta SA, SB, SC, SD. Tim a biét rang
thé tich khéi chép cut déu ABCD.MNPQ bang
1008 (don vi thé tich).

Loi giai

Dién tich ABCD bang Sigcp = d>. X

Dién tich MNPQ bang Synpo = (%a) = iaz.
Thé tich khéi chép cut déu ABCD.MNPQ dudc tinh béi cong thitc

1
V= 3 (SABCD +SunpPo + /Sabcp - SMNPQ) -00'.

1 1 / 1 7
V:§(a2+za2+ CZZ'ZGZ)'GZECIS.

Theo bai ra thé tich khéi chép cut déu ABCD.MNPQ bing 1008 ta cé

Do do

%cﬁ — 1008 = a® = 1728 = a = 12.

— Hét—
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s.DESO 9

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho lang tru ding ABC.A'B'C’ ¢6 day ABC la tam B
gidc vudng tai B, c6 AC = av/3, canh bén AA’ = 3a. Géc

gifta dudng thing A'C v mit phing (ABC) bing AL ¢
A. 45°. B. 90°. C. 60°. D. 30°. i
Bl
/) T~ - AN N
A - C

Loi giai

Do ABC.A'B'C’' 1a lang tru ding nén AA" L (ABC).

Suy ra hinh chiéu ctia A’C 1én mat phang (ABC) 1a AC.
Nén (A'C, (ABC)) = (A'C,AC) = A'CA.

Xét tam giac A’AC vudng tai A, ta ¢

_—  AA" 3
tanA/CA = — = — — /3.
AC  a/3

Do vay (A'C,(ABC)) = A'CA = 60°.
Chon dap 41 (C) ....utit i O
Cdau 2. Cho tit dién S.ABC c¢6 ABC 1a tam gidc can tai C, SA L (ABC). Goi H, K lan
luot 1a trung diém ctia AB, SB. Khang dinh nao sau day 1a sai?
A. AK 1 SB. B.CH | AK. C.CH L SB. D.CH L SA.
Loi giai
Vi AABC can tai C, c6 H 1a trung diém AB nén CH 1 AB.
Lai c6 SA L (ABC) = CH L SA.
CH 1 (SAB)
Suy ra
{AK C (SAB)
CH 1 (SAB)
° {SB C (SAB)

= CH 1 AK

= CH L SB

Chon dAP A1 (A) .+ ..\ttt O
Céu 3. Cho hinh lap phuong ABCD.A'B'C'D', goi H 1a hinh chiéu ctia B 1én A'C.
Géc phang nhi dién [B,A’C,D] la

A. BHD. B. BCD. C. BA'D. D. BAD.
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Loi giai

Ta ¢6 BH 1. A'C va DH L A'C suy A D’
ra BHD la géc phing nhi dién
[B,A'C,D. N

B L o

3 B
A L,:/ ::,,,,\,\ ,,,,,,,, Tt D

B~ 76

Chon dap 41N (A) ... .ot O

Cdu 4. Cho hinh chép S.ABC ¢6 day ABC la tam giac vudéng cin tai B va AB = 2a.
Tam gidc SAB déu va ndm trong mat phang vudéng géc véi day. Tinh thé tich v
ctia khoi chép S.ABC.

a3\/§ a3\/§ B a3\/§ 2a3 \/§

A V= . B.V= . . . V= .
Vv ) Vv 3 C.v B D.v 3

Loi giai

Goi H 1a trung diém cta AB.

Vi tam gidc SAB déu nén SH L AB.

Suy ra SH L (ABC).

Vay SH la chiéu cao cia khéi chép.

Tam gidc SAB déu c6 canh AB = 2a.

Suy ra

_ ABZ\/§ _ 2a2\/§ —

= GV: NGO bUC TAI @ Trang 185/212
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Day ABC la tam giac vudng can tai B nén BC = AB = 2a.

Khi do, ta co
1 1
Saapc = 3 -AB-BC = 5 2a-2a = 2ad>.

Vay thé tich ctia khoi chép la
1 2a*\/3

1
V=-S SH = -~ -2a*-a\/3 = .
3 AABC 3 a a\/— 3

Chon dAp 4n (D) ... \on e O
Cadau 5. Cho hinh chép S.ABC c6 day la tam giac khong vudng, SA L (ABC) va H
12 hinh chiéu vuéng géc ctia S 1én BC. Hay chon khang dinh ding.

A. BC | AB. B. BC L SC. C. BC 1 AH. D. BC 1 AC.
Loi giai

BC | SH
Ta co = BC | AH.
BC 1 SA

Chon dap an @ ............................................................... O

Céu 6. Cho khdi chép tam gidc déu S.ABC biét AB = a va SA = 2a. Tinh chiéu cao
cta khoi chép S.ABC.

33 33 V141 6
Ay =227 B.V:a\/_. c.v=12 . D.V:a\/_.
9 3 6 3
Loi giai
S
A C
1
B

Do day la tam giac déu nén goi I 1a trung diém canh BC, khi dé Al 1a duong cao

ctia tam giac ddy. Chiéu cao ctia chép 1a SO.
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/ 2 3 2 2 3 3
Theo dinh ly Pythagore ta ¢c6 Al = {/a? — az = %_ vaAO = §AI =3 % = g.

2 11a®>  aV/33
Trong tam giac SOA vudng tai O ta c6 SO = \/4a2 — % = \/ 3a _¢ 3

Chon @4p 4N (B) ....'vie i, O

Cau 7. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuong tam O, canh a. Canh
bén SA vudng géc véi ddy, géec SBD = 60°. Tinh theo a khoang céch giita hai dudng
thang AB va SO.

A DY2 B. 6 c. V3. .43,
2 4 3 5
Loi giai

Goi M, N lan lugt 1a trung diém cta BC, AD.
Dung AH | SN, khi dé

d(AB,SO) = d(AB, (SMN)) = d(A, (SMN)) = AH.

Do tam gide SBD ¢6 SBD = 60° va SB = SD nén SBD 14 tam gidc déu.
Suy ra SD = BD = av/2, do d6 SA = /SD? —AD? = q.
1 1 av/'s
= & d(AB,SO) = AH = ——.
A2~ sa2 T ane < 44B,50) 5

Chon dap an @ ............................................................... O

Ta co

Céu 8. Cho hinh chép déu S.ABC ¢6 ABC la tam giac déu canh a, canh bén SA =

21 . N
a e Gia tri goc a gitta hai mat phang (SBC) va (ABC) bang
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
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Goi G la trong tam cua AABC.
Vi hinh chép S.ABC déu nén SG L (ABC).
Trong mit phang (ABC), goi M 1a trung diém ctia BC.
Ta c¢6 ASBC can nén SM | BC.
(SBC)N(ABC) = BC

(SBC) > SM L BC = ((SBC),(ABC)) = SMG.

(ABC) > AM 1 BC
Xét AABC déu c6 AM 1a dudng trung tuyén, G la trong tdm nén GM = %AM =
e

6
2
V21 2
Tam gidc SMB vudng tai M nén SM2 — SB2—BM? = [ & - ) — (g) - % — SM =
a
7
. . o — GM 3 V3 _—
Tam giac SGM vudng tai G nén cosSMG = — = M : \/—— = - =SMG = 60°.
a

Chon dap 41 (C) ....uuie i O

Cdau 9. Cho hinh lap phuong ABCD.A;B,C;D,. Géc gitta hai dudng thing AC va
DA, béng

A. 60°. B. 90°. C. 45°. D. 120°.
Loi giai
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Ta c6 AC || A;Cy, do d6 (AC,DA;) = (A,Cy,DA,) = DAC. A .

Do DA;; A|Cy, DC; la cac duong chéo hinh vuong nén I :

bang nhau. By } &

Suy ra ADA,C; déu. i ™

Do d6 DAC; = 60°. U S
BY —C

Chon d4p AN (A) ... et O

Cau 10. Cho ti dién S.ABC c6 day ABC la tam giac vuong tai B va SA vudng goc
v6i mat phang (ABC). Goi M, N 1an ludt 12 hinh chiéu vudng géc ctia A trén canh
SB va SC. Khang dinh nao sau day sai?

A.AM 1 SC. B. AM 1 MN. C. SA 1L BC. D. AN L SB.
Loi giai

c

Ta c6 SA L (ABC) = SA L BC ma BC 1. AB= BC L (SAB).
Lai ¢6 AM C (SAB) = BC L AM.
AM 1 SB
1 {AM L BC
{AM L (SBC)
Vi
MN C (SBC)
Mat khac SA | (ABC) = SA | BC.
Gia st AN L SB= AN 1 (SBC) = AN L BC.
Ma BC 1 SA nén BC L (SAC) = BC L AC (v6 1y vi AABC vuong tai B).
Vay AN L SB 1a khang dinh sai.

Chon @4p 4n (D) ...\t e O
Céu 11. Cho hinh lang tru ding ABC.A'B'C’' ¢6 day ABC la tam giac déu canh
a va A’A = 2a. Goi M 1a trung diém ctia A’A. Khoang cach tit M dén méit phang
(AB'C) bang

= AM 1 (SBC) = AM L SC.

=AM | MN.
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A Y7 B, V> c. 2V
19 5 5
Loi giai
Goi I = BMNAB' va K 1a trung diém AC.
_d(M,(AB'C)) MI MA 1
Tac6 —————— 2 = —— = = _
d(B,(AB'C)) BI BB 2
1 BH
= d(M,(ABC)) = 5d(B,(ABC)) = —.
. ., . 1 1 1
Xét tam giac BB'K c6 T AT e
1
av/3\”
2
2/
Suy ra BH = 1597a.
_BH /57a

Vay d (M, (AB'C)) = == = 0%

Chon dép an (A)

Cau 12. Cho hinh chép S.ABCD c6 SA vudng goc véi

miit phang (ABCD), day ABCD 14 hinh vuéng. Ménh

dé nao sau day 1a ding?

A. SA | SB. B. SC 1L BD.
C. SB 1 SD. D. SA L SC.
Loi giai
AC 1 BD
Ta c6 { BD L SA = BD 1 (SAC).
SANAC = {A}
Ma SC C (SAC) nén BD 1 SC.
Chon dap 4n

PHAN 2. Céu fréc nghiém ding sai

Cau 1.

B/

Al

C/

= GV: NGO bUC TA
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Kim tu thap Cheops 1a kim tu thap 16n nhéat
trong cac kim tu thap 6 Ai Cap, dudc xay dung
vao thé ki thi 26 truéc Céng nguyén va 1a mot
trong bay ki quan cta thé gidi ¢6 dai. Kim tu
thap c6 dang hinh chop véi day 1a hinh vuéng c6
canh dai khoang 230m, cic canh bén bang nhau
va dai khoang 219m (kich thuéc hién nay). Kim
ti thap Cheops dudc mé phong bdéi hinh chop
S.ABCD véi O 1a giao diém ctia hai dudng chéo AC
va BD nhu hinh bén dudi. (Theo britannica.com).

a) Goc tao bdi canh bén SC va canh day AB cta kim tu thép (gan dung) la
48.3°.
b) Puong thang SO vudng géc véi mit phang day (ABCD).
¢) Puong thang SO vuéng géc canh day AB va BC.
d) Biét rang d6 dai SO chinh la chiéu cao ctia kim ti& thap Cheops, ta tinh
dude SO ~ 146,67m.
Loi giai

a) @ Géc tao béi canh bén SC va canh day AB cta kim tu thap (gan dung) 1a
48.3°.
Tinh goc tao béi canh bén SC va canh day AB cua kim tu thap.
Vi ABCD 1a hinh vuéng nén AB || CD.
Khi d6 (SC,AB) = (SC,CD) = SCD.
. N . ” CD 230
Goi H la trung diém cua CD, suy ra DH = HC = S =5 = 115m.
Vi tam giac SCD c6 SC = SD nén tam giac SCD can tai S ma SH la trung
tuyén nén SH la duong cao tam giac SCD.
HC 115 -

Xét tam gidc SHC vuong tai H, ¢6 cosSCD = cos SCH = ¢ =519 = SCD =
58,3°.

Vay goc tao bdi canh bén SC va canh day AB cta kim ti thap khoang 58,3°.
b) (D) Pudng thang SO vudng géc véi mit phing déy (ABCD).

Xét ASAC can tai S, ¢6 SO la duong cao cua ASAC nén SO 1 AC
Xét ASBD can tai S, c6 SO la duong cao ciia ASBD nén SO | BD
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SO 1L AC
c6 ¢ SO L BD = SO L (ABCD).
AC,BD C (ABCD)

c) @ Puong thang SO vudng géc canh day AB va BC.
{SO 1 (ABCD)
0

= SO | AB,SO L BC.
AB,BC C (ABCD)

d) @ Biét rang do dai SO chinh la chiéu cao ctia kim ti thap Cheops, ta tinh
dudgce SO ~ 146,67m.
Do chiéu cao ctia kim t& thap chinh 14 chiéu cao ctia tam gidc SAC nén can
tinh canh SO, véi O 1a trung diém AC.
Tam giac SAC c6 canh SA = SC nén tam giac SAC céan tai S.
Xét hinh vuéng ABCD, ¢6 AC = ABv/2 = 230+/2m.

AC 2302
:>A0:0C:7: \/—:115\/§m.

Xét tam giac SOC vudng tai O, co

2
SO =+/SC2—0C? = \/2192 — (115v2)" =7v/439 m ~ 146,67m.
Vay chiéu cao ctia kim tu thap Cheops khoang 146,67m.

Chon dép an |a sai | b ding | cding [ddung|................... O

Cdu 2. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vudng tai A va B,
SA 1 (ABCD); SA = a; AB = BC = a; AD = 2a.
a) Khoang cach tit diém D dén canh BC 1a av/2.
b) Khoang cach tit diém A dén (SBC) 1a a.
. £ . 6
c) Khoang cach tu diém A den (SCD) la M.
6
- . . n . N 2 < N a\/6
d) Khoang cach gitta hai dudng thang AC va SD la 5
Loi giai
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a) (S) Ta c6 AD || BC nén khoang cach d(D,BC) = d(A,BC) = AB = a.

b) @ Dung duong cao AH cta tam giac SAB.
T o {BC 1 AB (ABCD la hinh thang vuéng tai A va B)
aco

= BC L (SAB).
BC 1 SA (SA L (ABCD))

AH | SB
Ta c6 = AH 1 (SBC).
AH 1 BC (BC L (SAB))

SA-AB _aa a\/§
VSR IAR Vatad 2
¢) (S) Goi I 1a trung diém AD.
Nhan thay td gidc ABCI 1a hinh vuéng canh a.
Xét trong tam gidc ACD c6 CI 1a dudng trung tuyén va CI = a = IA = ID, ti
do6 suy ra tam giac ACD vuong tai C.
CD L AC (AACD vudng taiC)
Ta c6
{CD 1 SA (SA L (ABCD))
Dung duong cao AK ctia tam giac SAC.
AK 1 SC
{AK 1 CD (CD L (SAC))

Do 6 d(A, (SCD)) = AK — — 254 av2a__ a6

\/AC2+SA2 - /(a\/i)z—i—az N

d) ) Dung hinh chit nhat ACDE, ta ¢6 AC || DE nén AC || (SDE).
Ta co

Suy ra d(A, (SBC)) = AH =

= CD L (SAC).

2,

Ta cé = AK | (SCD).

AE=CD=\/C2+ID*=\/a®+a%=aV>.

Do d6 d(AC,SD) = d(AC, (SDE)) = d(A, (SDE)).
Dung duong cao AJ trong tam giac SAE.
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_ | DE L AE (AACDE la hinh chit nhat)
Ta c6 = DE 1 (SAE).
DE 1L SA (SA L (ABCD))
AJ L SE
Do d6 . AJ L (SDE).
AJ LDE (DE L (SAE))
AE - SA 2- 6
Tu dé suy ra d(A, (SDE)) =AJ = JAR S = avod = a\/_.
2
A Java) va
Chon dép 4n|asai|bsai|csai|ddung|......................o O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cau 1. Cho hinh chép S.ABCD c¢6 day la hinh vuong, canh SA vuong goc véi day,
géc gitta dudng thang SB va mit day bing 60°. Goi M, N, P 1an ludt 12 hinh chiéu
vudng géc ctia A 1én cac duong thang SB, SC, SD, khoang cach giita hai duong
thang MN va BD bang 3v/2. Tinh thé tich khéi chép S.ABCD (két qud lam tron
dén hang don vi). Dapan:({4|9 |3
Loi giai

Do SA L (ABCD) nén géc giita duong thang SB
va mit day 1a géc SBA = SBA = 60°.

[sA LBC
Ta c6 = BC 1 (SAB) = BC L AM.
AB 1 BC

Lai c6 AM | SBnén c6 AM | (SBC)= AM L SC.
Hoan toan tuong tu ta ching minh dugc AP L
SC.

Tt d6 suy ra cac dudng thang AM, AN, AP cung
vubng géc voi SC nén ching dong phang hay
SC L (AMNP).

Do SA 1 (ABCD) nén SA 1 AB va SA 1 AD, xét
hai tam giac vuong SAB va SAD c¢6 AB = AD va
SA chung nén ching bang nhau.

/ 2
Goi canh hinh vuéng 1a x thi SA = AB-tan60° =x\/3=SB=SD = \/x2 + <x\/§) =

2x.
3x* 3x SP 3
Laic6SA2=SP-SD=SP="—="= " =",

ai co 5 SS[; ;;15 [ 2 ~SD 4

Tuong tut ta 6~ = < = = MP|| BD = d (MN,BD) = d (BD,(AMNP)) = d (D, (AMNP))

1
= 34(8, (AMNP)) = 3v2 = d(S,(AMNP)) = 9/2.
O trén ta da c6 SC L (AMNP) = d (S,(AMNP)) = SN = SN = 9v/2.

Mit khéac tam giac SAC vuong tai A ¢6 SC = v/SA2+AC? = /3x2 +2x2 = x/5 ma
2
SA2=SN-SC= (xv/3)" =9v2-xv/5 = x=3V10.
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1 1 2
Vay Vs apcp = 3 “SA - Sapcp = 3 3v/10-/3- (%/E) ~ 493.

Dap an: [493]

-------------------------------------------------------------------

Céu 2. M6t hop phin khong bui ¢6 dang hinh hop chit nhat, chiéu cao hép phan
bang 8.2 cm va day cta né c6 hai kich thuée 1a 8,5 cm, 10,5 cm (xem hinh vé sau).
Tim géc phang nhi dién [A,B'D',A’] (tinh theo d9, 1am tron két qua dén hang

phan chuc).

Dapan:|5|1 |, |1
A/ - B
D / % I \\C
g // i IS ~
:l / Aip 77777777777777 Jateiete 3B
” ///// /‘,—”””’( 9)6&
/ 2/— - A
b 10,5 cm c
Loi giai
A/ - B
D / % \\\ s \\C
g ,/ i \\ e S
I SR -l
///’/ ,/—’i\LIfI//// ‘bf)é&\
D ==
10,5 cm ol
Trong (A’B'C'D’), vé A’H | B'D' tai H.
(B'D LA'H
Ta c6 = B'D' | (AA’H) = B'D’ 1 AH.
B'D' 1 AA
Suy ra AHA' 13 géc phang nhi dién [A,B'D', A'].
Tam giac A’B'D’ vudng tai A’ ¢6 dusng cao A’H nén
N , AB-AD 357
A'H? ~ A'B? " A'D”? ~ VAB?ZFA'D? 2730
Tam giac AHA' vudng tai A’ ¢6
— ! 357 —
tanAHA' =~ =872 — AHA! ~51,14°.
A'H 24/730
(]

bap an: m
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Cau 3. Cho hinh chép S.ABCD c¢6 day ABCD la hinh cht nhat, canh bén SA L
(ABCD). Biét SA =3, AB=2, AD = 3. Goi « 1a géc giita SA va mit phang (SBD).
Tinh sina (lam tron két qua dén hang phan tram).

Dapan: | 0|, |49

Loi giai

Goi I 12 hinh chiéu ctia A trén BD = Al | BD. Ma SA | BD nén BD 1 (SAI).
Goi H 1a hinh chiéu cia A trén SI = AH 1 SI. Ma BD | (SAI) = BD 1 AH.
Tu d6 suy ra AH L (SBD) = H 1a hinh chiéu vuéng géc ctia A trén (SBD).
Khi d6 (SA, (SBD)) = (SA,SH) = ASH = ASI.

Tam giac ABD vudng tai A co

1 1 1 AB-AD 2-3 6v13

- = —_— = = —= =
AI?  AD? +ABZ VABZ L AD? /22132 13

Tam giac SAI vudng tai A c6

2
SI=/SA2+ A2 = \/3,zJr (6\1/31_3> _ 3ol

13

Khi d6 sinAST = 61313 ; 3 1221 :21717 ~ 0,49.

Pap an: W .................................................................. O

Cdu 4. Mét cay cot co cao 2,2m & san truong duge x4y theo phuong thang ding
so v6i mat san. Ngudi ta dung mot sdi day cot tit dinh cot co dén mot diém dudi
san va chiéu dai caa day 1a 3m. Gia s day dudc kéo thang va khong co dan. S6
do géc (theo d6) tao bdi s¢i day va méit san 1a bao nhiéu? (1am tron két qua dén
hang don vi)

DPap an:| 4|7

Loi giai
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2,2m

A 1a hinh chiéu vudng géc ctia C 1én méat phang san nén AB la hinh chiéu vuéng
géc ciia CB 1én mét phang san.
Khi dé6 goc gitrta day CB v6i mat san la goc CBA.

—~ CA 22 ——

Ta c6 sinCBA = — = — = CBA =~ 47°.
a co sin B 3

Dap an: |47 O
AD AT (A | ottt e e

PHAN 4. Ty luan.

Cdau 1. Cho hinh ling tru tam giac déu ABC.A'B'C’ ¢6 AB = a, géc gitta duong
thang A'C va mat phang (ABC) bang 45°. Tinh thé tich khoi lang tru ABC.A'B'C'.
Loi giai

Ta c6 (A’CT(EC)) — A/CA = 45° nén tam gidc A’AC vuéng can A’ . c’
tai A suy ra AA' = AC = a. \‘B/
N 2 . Ao v NN 612\/§ AN
Vay the tich khoi lang tru ABC.A'B'C'laV = Sh = 1 4= .
Cl3\/§ \\\\
1 ARc-1-----—2 c
N B/

Cau 2. Cho hinh chép S.ABCD c6 day la hinh thang vudng tai A va D, AB =2AD =
2CD = 2. Biét SA L (ABCD), SA = 3. Tinh dién tich hinh chiéu vudng géc ctia tam
gidc SBC 1én mat phang (SAB).

Loi giai

Goi I 1a trung diém AB. s

AICD la hinh vuong = CI = %AB = AABC vubdng

tai C.

(crLaB
Ta co = CI L (SAB).
Cl L SA

Hinh chiéu ctia ASBC trén mp(SAB) 1a ASIB, c6 I B

12 trung diém ctia AB. P c

1 1
SAsiB = ESASAB =5
= GV: NGO PUC
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Cdu 3. Mot vat trang tri c6 dang hinh chép S.ABCD dude ngan lam hai phan
chtta keo va banh. Biét rang hinh chép cé day ABCD la hinh vuéng canh 1 m,
SA = +/3 m. Hai mét phang (SAB) va (SAD) cung vudng géc véi méit day. Goi (a)
12 mat phang qua AB va vudng géc véi mat phang (SCD) 1a mit phang ngin cach
hai phan nay, trén dé ta dit mot miéng van gb sao cho cac canh cia miéng van
nam trén cac canh cta khoi chép. Tinh dién tich ctia miéng van gb d6 (lam tron
két qua dén hang phan tram).
Loi giai
(SAB) L (ABCD)
Ta c6 ¢ (SAD) L (ABCD) = SA L
(SAB) N (SAD) = SA
(ABCD).
Ta c6 CD L AD, CD | SA = CD L
(SAD).
Ma CD C (SCD) = (SCD) L (SAD).
Vé AM L SD(M € SD) = AM L (SCD)
= (ABM) L (SCD) hay (ABM) 13 mét
phéng (&) qua AB va vudng géc véi
miét phang (SCD).
Trong mit phang (SCD) ké MN ||
CD(N € 5C).
Suy ra MN || AB= MN C («).
Vay cac giao tuyén cta (o) véi cac
mat caa hinh chép la AB, BN, NM,
MA.
Ta c6 MN || ABva AB L AM (vi AB L (SAD)) nén ABNM la hinh thang vudng tai A
va M.
Tam giac SAD vuong tai A ¢c6 AM la dudng cao nén

1 11 11 4
AM? ~ sA2 T aD? (\/3)2+?:§;$AM:\/7§‘
S " A2 A2 3
MN SM MN 3$p 3
MNHCD:>C_];:S_D:> Cg’: gg :§D2:SAZS—|—AD2:Z:>MN:ZCD:§1'
Vay SABNM:%-AM~(MN+AB) :%? (ZH) = % ~ 0,76 m?.
—Hét—
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T. DESO 10

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Cho hinh chép ti gidc déu S.ABCD c6 canh day bang a, tam cua day 1a O.
Goi M va N lan ludt 1a trung diém ctia SA va BC. Biét géc gitia duong thang MN
va mat phang (ABCD) bang 60°. Thé tich khéi chép S.ABCD bang
a>V/10 a’\/30 a’\/30 a’\/10
c B. > C. c D. B

Loi giai

Goi H 14 trung diém ctia AO. Khi d6 géc gitta MN va (ABCD) chinh 13 MNH.
Ta c6

HN = \/CN2 +CH?—2-CN-CH -cos45° = @.

Suy ra

MH = HN -tan60° = a\/_ V3= “\/_
Do do

SO = 2MH = “\2%.

Thé tich khéi chép 1a

V—%‘SABCD‘SOZ%~a2~a\£% = a3\6/%
Chon d4p 4N (B) ... 'vi et O

Céu 2. Cho hinh chép S.ABCD cé day ABCD la hinh chit nhat, tam giac SAB déu
va nam trong méit phang vuéng géc véi ddy. Goi H, K 1an lugt 1a trung diém cta
AB,CD.

Goc phang nhi dién [S,AB,K] 1a

A. SHK. B. SAK. C. SAC. D. SAD.
Loi giai
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Ta c6 SH | ABva KH | AB, suy ra SHK 1a géc phang nhi dién [S,AB,K].
Chon dap an @ ............................................................... O
Cau 3. Cho hinh chép S.ABC c6 day la tam gidc déu canh g, cdc mit bén (SAB)
va (SAC) cung vudng goc véi mat day, SA = g. Géc gitta hai mat phang (SBC) va
(ABC) béng

A. 60°. B. 30°. C. 45°. D. 90°.
Loi giai

Do cac mat bén (SAB) va (SAC) cung vuong goc véi mat day suy ra SA L (ABC).
Goi M 1a trung diém ctia canh BC.

Do tam gidc ABC déu, nén ta c6 AM | BC. Do d6 BC L (SAM) suy ra BC L SM.
Tt d6 géc gitta hai mat phing (SBC) va (ABC) 1a géc SMA.

Xét tam giac SAM vuong tai A, ta co

a
_ SA 5 1 3
ansiia-SA_ 2 _ L _V3_ am s
AM - a3 V3 3
2
Ch(_)ndépén ............................................................... O
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Cdu 4. Cho lang tru diung ABC.A'B'C’ ¢6 day ABC la tam giac vudng can tai A,

AB = a. Biét thé tich ctia khéi lang tru ABC.A'B'C’ bang

phang (A’BC) va (ABC) bang

A. 30°. B. 90°.
Loi giai
3
6
Ta co V :SABC'AA,:> al\z/_ =
6
= AA = £a.

Dung Al | BC = BC 1 (A'Al).
((A'BC) N (ABC) = BC

BC 1 (A'AI)
(A’/AI)N(A'BC) = Al
| (A’AI) N (ABC) = Al

—

Ta co

= ((A'BC), (ABC)) = (A',Al) = A'IA.

_a .

a’

6
> Go6c gitta hai mat

D. 45°.

C. 60°.

1)

/

2

\/Ea
—  AA ¢ 3
Mat khac tanA’JA = — = 6 _ L_
av?2 3
— A'TA = 30°.
Chon @Ap AN (A) ...t O

Céu 5. Cho hinh chép S.ABC cé day la tam gidc déu canh a. Biét SA = a\/3 va
SA vudng géc v6i mat phang (ABC). Khoang cach tit diém S dén duong thang BC

bang
A. a/3.

Loi giai

B. a.

Goi M la trung diém cua BC.
BC 1 AM

BC 1 SA

Do d6 d(S, BC) = SM.

Xét ASAM vuong tai A co

Khi dé{

= BC L (SAM) = BC L SM.

. D. NE.
2 3

2
SM = \/SA2 + AM? — \/3a2+ (%3) _

15
Vay d(S,BC) = “\2_

av'15
7
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Chon dap an @ ............................................................... O

Céu 6. Cho ti dién OABC ¢6 OA, OB, OC d6i mét vudng géc va OB = OC = a /6,
OA = a. Tinh géc nhi dién [A,BC, O]

A. 60°. B. 30°. C. 45°. D. 90°.
Loi giai
Goi I 1a trung diém ctia BC = Al 1 BC. A

Ma OA 1 BC nén Al | BC.
(OBC) N (ABC) = BC

Ta ¢6 { BC | Al = [A,BC,0] = OIA.
BC 1 OI
1 1
Ta ¢6 O = EBC = 5\/032 +0C? = av/3.

(0]
Xét tam giac OAI vuodng tai A co tan OIA = % = \/T§
OIA = 30°.

Vay [A,BC,0] = 30°.

Céu 7. Cho hinh hop chit nhat ABCD.A'B'C'D’, BC = a, AC = 2a, A'A = a\/3. Tinh
géc giita mit phang (BCD'A’) va mat phang (ABCD).

A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
Ta ¢6 ABCDA'B'C'D' la hinh hép chit nhat = A D
AB 1 BC ,’,3
BA' 1 BC Bf———fC
(ABCD) N (A'D'CB) = BC. , A 77777 Lp
Ci)’i gitta mat phang (BCD'A’) va mat phang (ABCD) la géc
ABA'. B (o

—  AA 3 3

tanA’BA = = av'3 = av3

AB  VACZ—BC? a3

Vay géc gitta mat phang (BCD'A’) va mit phang (ABCD)
bang 45°.

— 1= A'BA = 45°.

Chon dap an (B) ... e e e O

Cau 8. Cho hinh chép S.ABCD c6 day la hinh vuéng canh a, SA vuong goéc véi
day, SA = a. Khoang cach giita hai duong thang SB va CD la

A. aV/3. B. aV/2. C. 2a. D.a.
Loi giai
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Vi CD || AB nén d(SB,CD) = d(CD, (SAB)) = d(D, (SAB)) = AD = a.
Chon dAp 4n (D) ....vo et O

Cau 9.

Ban Khang mudn dung mét chiéc léu nhé c¢6 dang hinh
chop (tham khao hinh vé) trang tri cho sinh nhat em
trai. Mt day caa chiéc léu cé kich thuée 1a 120 x 160
cm. P& dung dudc 1éu c6 chiéu cao 150 cm thi ban Khang
can chuén bi bén thanh gb dung khung c6 chiéu dai t6i
thiéu bao nhiéu? Biét rang cac thanh gb c6 khoang cach
tit chan dén dinh 1éu bang nhau.

A. 3011 cm. B. 501/11 cm.
160 cm
C. 5013 cm. D. 30/13 cm.

Loi giai

Do hinh choép S.ABCD la hinh chép c¢6 cac canh
bén bang nhau nén SO L (ABCD) do dé duvng
cao ctia hinh chép bang SO = 150 (cm).

Xét AADC vuong tai D, ta co

AC = \/AD? + DC? = /1202 + 1602 = 200 (cm).

1
Suy ra AO = EAC =100 (cm).
Xét ASAO vudng tai O, ta co

SA =+/S0%?+A0? = /1502 +100% = 50113 (cm).

Vay moi thanh gb c6 chiéu dai t6i thiéu 50/13
cm.

Chon dap 41 (C) ..ot O
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Céu 10. Cho hinh ling tru déu ABC.A’B'C’ ¢6 AB = a. Goi M, N lan lugt 1a trung
diém ctia AB va BC. Khoang cach giita MN va mat phang (ACC'A’) bang

A B, > c. 42 D. 42
4 2 4 2
Loi giai
Ké BK L AC. o o
. .. 2 . a\/§
Xét tam giac ABC déu canh a, ta c6 BK = —
Ké MH 1 AC, ma MH L AA' do AA' L (ABC), suy ra MH L B
(ACC'A).
Ta c¢6 M, N 1a trung diém ctia AB, AC nén MN || AC = MN ||
(ACC'A").

1 1 A
Do d6 d (MN, (ACC'A")) = d (M, (ACC'A")) = MH = - BK = -
a3 a3
2 47
Chon @Ap AN (A) ... nui e, O

Céu 11. Cho khéi t& dién OABC c6 cac canh OA, OB, OC d6i mot vudng géc véi
nhau va OA = a, OB = b, OC = ¢. Thé tich ctia khéi ti dién OABC bang

1 1
AV = Eabc. B.V = gabc. C. V = 3abc. D.V =abc.
Loi giai

C
Ta c6 OA L OB, OA L OC nén OA L (OBC), khi dé OA = a 14 chiéu cao ctia khbi ti
dién.
1 1
Dién tich day S = EOB. OC = —bc.

2
. p 1 11 1
Chondap an (B) . ..o O

Céu 12. Cho khéi hop ABCD.A'B'C'D’ ¢6 day ABCD la hinh thoi canh 2a, ABC =
120°, AA' = a/2 va géc giita AA’ va méit phang (ABCD) bang 45°. Thé tich khbi
hop bang bao nhiéu?

A. d. B. V3d°. C. 4v/3d°. D. 2\/34°.

= GV: NGO bUC TAI @ Trang 204/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

Loi giai

Goi E 1a hinh chiéu vudng géc ctia A’ trén mp
(ABCD). Khi d6 goc gitta AA’ va (ABCD) la goéc
gitta AA’ va AE.

Ta ¢6 chiéu cao ctia hinh hop 1a h = A'E =
AA’ -sin45° = a.

Dién tich day Sipcp = 2Saapc = 2 - % 2a-2a-
sin 120° = 21/342.

Thé tich khéi hop 1a V = Supep - h = 2v/3a°.

Chon dAp 4n (D) ...\ et e O

PHAN 2. Céu fréc nghiém ding sai

Cdau 1. DPai Kim tu thap Giza ¢6 dang la mot hinh
chop ta giac S.ABCD, c6 day la hinh vuong canh dai
230 mét, hinh chiéu cta dinh trén méit phang day
trung v6i tam cta hinh vuéng day va cé chiéu cao
146 mét. Goi O la chan duong cao cua Kim tu thap.

a) Canh ctia Kim tu thép tao véi day mét géc gan bang 42°. (két qua lam tron
dén hang don vi).

b) Goi I 1a trung diém canh CD, géc giita SI va méit ddy ctia Kim tu thap gan
bang 52° (két qua 1am tron dén hang don vi).

¢) Goc giita duong thang SO va mat phang (SCD) gan bang 48° (két qua lam
tron dén hang don vi).

d) Tia ndng mat troi in béng cta dinh Kim tu thap trén mat dat, cach chan
kim tu thap 93 mét. Khi d6, géc gitia tia nang va mat dat gan bang 35°.(két
qua lam tron dén hang don vi).

Loi giai
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a) (D) Dung.
Ta ¢6 SO L (ABCD) nén géc gitta SA va (ABCD) 14 SAO.
a0 =4 = 115v/2. Suy ra tanSAO = SO _ 146 = SAO ~ 42°.
— 2 Y T A0 115v2
b) (D) Pung.
Ta ¢6 SO L (ABCD) nén géc gitta SI va (ABCD) 14 SIO.
. — SO 146 — ___
Ta co tanSIO—E 15 = S10 ~ 52°.
c) (S) Sai.

Goi I 1a trung diém CD. K& OH | SI,H € SI thi OH | (SCD).
Suy ra géc gitta SO va (SCD) 1a OSI.
ol 115

TacotanOSI:E 146 = OSI ~ 38°.

d) P Pung.
Goi §' 1a vi tri béng ca dinh S trén mét dat, I 1a trung diém CD.
Ta ¢6 SO 1 (ABCD) nén géc giita S'S va (ABCD) 1a SS'0.
Tac6 SO=ST+10=93+115=208 mét

— SO 146
Tacot "0 = — 05" C 35°.
a co tanSS'O S’O 208 =550 ~

Chon dép 4n|a dung | bdung [csai [ddang]| ....................o O

Céu 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi tam O, duong thang SO

vuong géc véi mat phang (ABCD). Biét AB =SB =a, SO = T\/_ Khi d6

a) AC L (SBD). b) ((SAC),(SBD)) = 60°.
2a\/3
3

d) (SAB) L (SAD).

¢) BD =
Loi giai
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a) (D) Dung.

AC L BD
Ta cé = AC L (SBD).
AC L SO

b) (S) Sai.
{AC L (SBD)
Do

ACC (8AC) = (SAC) L (SBD).

¢) (D) Pung.

Xét ASOB vuong tai 0, ta c6 OB? = /SB2 —S02 = /a2 — = =

. BD=120B = 2“;/5.

d) ) Pung.
Goi M 1a trung diém ctia SA.

Ta c6 AABS can tai B va AADS can tai D nén BM va DM cung vuong goc vii

a a

2

6
=S§0.
3

SA.
Khi d6 géc giita hai mat phdng (SAB) va (SAD) bing hodc bu véi BMD.
Xét AABO vuédng tai O, ta ¢6 AO = VAB? — OB? = | a® — 3
. 2av/3
= ASAO vudng can tai O nén SA = SO -2 = a;/_‘

1 a3 1

Do d6 OM = ;SA = —3= = 7 BD = ABMD vubng can tai M = BMD = 90°.

Vay (SAB) L (SAD).

Chon dép an |a ding | bsai|cding [ddung|..................oooL O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cau 1. Cho lang tru ding tam giac ABC.A’B'C’ ¢6 day ABC la tam giac vudng can
tai B. Cho AB = a, AA’ = a+/3. Tinh s6 do géc giita hai mit phang (A’BC) va (ABC)

theo don vi do. Papan:| 6|0
Loi giai
Vi lang tru da cho la lang tru diung va tam giac (ABC) 4/ c
vuong 6 B nén BC 1. A’B. >
N

Tu (A’BC)N(ABC) =BC,AB L BC, A'B | BC suy ra goc gitia
hai mat phang (A’BC) va (ABC) bang géc A'BA = ®.
AA" a3
_— — = \/_.

3

Ta c6 tanp =
AB a A

Vay ¢ = 60°.

N

N

e

B
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Cau 2. Cho hinh chép S.ABCD c6 day ABCD la hinh chi nhat tam O, SA vudng
géc v6i mat phang (ABCD). Biét AB = 10, AD = 20, SA = 10v/5. K& AM vudng goc
v6i SB tai M. Tinh khoang cach tit diém M dén mait phang (SAC) (két qua lam
tron dén hang phan tram). Papan:| 7|, 4|5

Loi giai

Ké BH vuong goc AC tai H.

T o {BH 1 SA (vi SA L (ABCD), BH C (ABCD))
a Co

BH 1 AC
= BH 1 (SAC) tai H = d(B,(SAC)) = BH.
Xét tam giac ABC vuong tai B c6 BH la duong cao,
ta co

LN S S DS B

BH? AB? BC? 102 202 80
Do d6 BH = /80 = 4y/5 nén d(B, (SAC)) = 4+/5.
Xét tam giac SAB vuong tai A c6 AM la duong cao,

ta co

2
M SA2 A2 10v/5 5
SAzzSM-SB:>S—:S _ 5 = ( ) =",

Vi MBN (SAC) = S nén

Do d6 d(M, (SAC)) — % (B, (SAC)) = % ~ 7,45,

Pap a
ap an: |7.45 O
0

Cau 3. Trong ctta s6 6 hinh bén, canh va khung cita 12 cac
ntta hinh tron c¢6 dusng kinh D = 100 cm, ban 1é dude gin
6 diém chinh gitra O ctia cac cung tron khung va canh cta.
Khi ctta mé, duong kinh ctia khung va duong kinh ctia canh -
song song vii nhau va cach nhau mot khoang d (cm); khi

ctta dong, hai duong kinh d6 trung nhau. Hay tim khoang
cach d 16n nhat d€ géc nhi dién tao béi canh va khung ciia
khong vugt qua 60°.
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Papan:|5|0

Loi giai

N[

Sliw

o B

Goi A, B 1an ludt 1a tAm nitta dudng tron khung ctta va ntta hinh tron canh cta
khi ctta mé.

Géc nhi dién gitta hai nita mat phang tuong tng la AOB = a.

Ap dung dinh Iy cosin cho tam gidc OAB ta dudgc

2 2 2 2
) ~5) - (5)+(5) -4
_ OA’+0B?-AB>  \2 2 _\2 5 max
D
2

2-0A-0OB N 2.(§>2 = 2'( )2

D*(1 — 60°
= dr%wx = ( ;08 ) =50 = dmax = 50 (cm).

Khoang cach 16n nhat d dé géc nhi dién gitta hai ntta mat phang khong vudt qua
60° 1a 50 cm.

DD An: 50| oo e H

Cau 4. Mot may nubéc nong st dung

nang lugng mat troi cé cac kich thudc
nhu hinh dudi day. Céac 6ng hap nhiét
chan khong d6 tao v6i mat san thugng
mot géc bang bao nhiéu dé (lam tron két

qua dén hang don vi)?

Papan:| 3|2

Loi giai
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Vé AC biéu dién cho 6ng hap nhiét chan khong, nhu vay géc gitta 6ng hap nhiét

chan khéng véi mit san bing BAC.
Ta ¢6 tan BAC = BC _ 123 — BAC ~ 32°
T BA 2 T

Vay géc gitta 6ng hap nhiét chan khong véi mét san thuong bang khoang 32°.

DD An: 32| o e O
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PHAN 4. Ty luan.

Céu 1. Cho hinh chép S.ABCD cé ddy ABCD 1a hinh chit nhat ¢c6 AB=a, AD =av/2,
SA 1 (ABCD) va SA = 2a.

a) Tinh cosin géc giita hai duong thang BC va SD.
b) Goi I 1a trung diém ctia CD. Tinh cosin géc gitta hai dudng thang SB va Al.
Loi giai

a) Do BC | AD = (SD,BC) = (SD,AD) = SDA.

—~— AD AD
ASAD vubng taiA = cosSDA = — = —— —
s SD ~ VAD 1 sA2

1

7

b) Goi M,K lan luct 12 trung diém ctia AB va SA thi
MK la duong trung binh cua tam giac SAB. Khi d6
MK || SB, mit khac MC || AL
Suy ra (SB,Al) = (MK,CM).

SB _ \/m B a\/g .

Ta co: MK = —

a Cco > . 5 ) ;

MC = VMB2 + BC? = 7“; KC = VKAZ Y AC? = 2a.
KM?+MC*—KC* 1

Khi d6 cosKMC =
1
cos(SB,Al) = Wk
Cdau 2. Cho hinh lap phuong ABCD.A’B'C'D’ tam O. Goi I 1a tdm cta hinh vuong
A'B'C'D’ va M 1a diém thudc doan thang OI sao cho MO = 2MI. Tinh césin cia
géc tao béi hai méit phang (MC'D') va (MAB).
Loi giai

2 KM-MC 35

B/
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Giao tuyén ctia (MAB) va (MC'D’) 1a duong thang PQ || AB || C'D’' nhu hinh vé.
Goi H, K 1an lugt 14 trung diém ctia C'D’ va AB.

Ta co MH | PQ; MK | PQ.

Suy ra (MC'D’),(MAB)) = (MH,MK).

0 . N A 3 , v 10 V34
Chuan héa canh hinh lap phuong bang 1 ta tinh dude MH = e MK = TS,
HK = /2.

——  MH?+MK?-HK> -7V
Xét tam giac HMK ta c6 cosHMK = + = ! 85.
2MH.MK 85
785

Suy ra cosin cia géc gita hai mat phang (MAB) va (MC'D’) bang 5

Céu 3. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh bang 10. Canh
bén SA vudng géc véi mat phang (ABCD) va SC = 10+/5. Goi M, N lan ludt 1a trung
diém ctia SA va CD. Tinh khoang cach d gitta BD va MN.

Loi giai

Goi P la trung diém cta BC = BD ||
NP = BD || (MNP).

= d(BD,MN) = d(BD,(MNP)) =
d(D,(MNP)) = d(C,(MNP)) - § =
%d(A, (MNP)).

Goi I =ACNNP.Ké AH 1 MI tai H.

(NP LSA
Ta c6 = NP L (SAC) = NP L
NP 1L AC
AH.
AH L MI
= AH L1 (MNP) =
AH L NP

d(A, (MNP)) = AH.
Ta c6 SA2 = SC2 — AC? = (10\/3)

(10v2)” = 300.
Suy ra

2

1 1 1
AHE © AME AR

1 1
(SA)Z * <3AC)2
2 4
4 16 20
300 T 1800 _ 900

= AH =3+/5. |
Vay d(BD,MN) = gAH =+/5.

— Hét—
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U.DESO 1

PHAN 1. Céu tréc nghiém nhiéu phuong én luva chon

Cau 1. Trong dé kiém tra 15 phit mén Toan caa 16p 11A ¢6 20 cau tric nghiém.
M&i cau triac nghiém c6 4 phuong an tra 16i, trong d6 chi c6 mét phuong an tra
16i dung. Nam giai chic chin ding 10 ciu, 10 cau con lai lua chon ngiu nhién
dap an. Tinh x4c sudt dé Nam dat dugc ding 8 diém. Biét rang mdi cau tra 1vi
diang dude 0,5 diém, tra 18i sai khong bi trit diém.

“ () ()"
e (3 ()" SORON

Loi giai

Nam giai chic chin ding 10 cAu nén Nam dugc chic chén 5 diém.

Dé Nam dat dude ding 8 diém thi trong 10 cau con lai lua chon ngau nhién dap
an phai dang 6 cau, sai 4 cau. |

Xéac suat khi danh ngiu nhién dung mot cau trac nghiém la 7

. X : 3
Xac suat khi danh ngau nhién sai mot cau trac nghiém la 7
Chon 6 cau trac nghiém dé dap ding tir 10 cau trac nghiém cé CY, (cach).

A . e 1 1\% /3\*
Vay, xac suat dé Nam dat dudc dung 8 diem la C?O . (Z) . (Z) .

Chon dap 41 (C) ....uuit i e O]

Céu 2. Lép c6 40 hoc sinh gom 16 nam va 24 ni. Thay gido cht nhiém can chon
ngau nhién trong 16p mot nhém gom 3 hoc sinh dé tham gia vin nghé ki niém
ngay thanh lap trudng. Tinh x4c suat nhém thay chon dudc cé it nhat 2 hoc sinh

nu. s ¢
193 2 253 161
A. YTl B. 35" C. 735" D. et
Loi giai
Ta ¢6 n(Q) = C3,.
Xét bién cd A: “3 hoc sinh dé€ tham gia van nghé c6 it nhat 2 hoc sinh ni”.
Suy ra n(A) = Cl¢-C3, +C3,.

, A) 161
Xéc suat P(A) = ”(( Q)) =
n

Chon dAp 40 (D) ...\ O

Cau 3. Mot 16p hoc ¢6 30 hoc sinh, trong dé c6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngiu
nhién mot hoc sinh. Xac suat ban hoc sinh dudc chon khong thich choi mén thé
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thao nao la

1
A, —. B.
10
Loi giai
Ta ¢6 n(Q) = Cl,.
Ta goi cac bién cb

Wl W
a
|
=)
|

* A: “Ban hoc sinh dudc chon thich choi da bong”.

18 3
A)=Clghay P(A) = — = 5;

A: “Ban hoc sinh dudc chon khong thich choi da béng”.

B: “Ban hoc sinh dudc chon thich chdi cau 16ng”.

16 8
Suy ra n(B) = C|, hay P(B) = 0" 15

B: “Ban hoc sinh dudc chon khéng thich choi cau 16ng”.

ANB: “Ban hoc sinh dudc chon thich chdi ca hai mén thé thao”.

7
Suy ra n(ANB) = C} hay P(ANB) = 30

* ANB=AUB: “Ban hoc sinh dudc chon khong thich chdi ci 2 mén thé thao”.

Ta c6 PLAUB) =P(A)+P(B) —P(ANB) = %.

S 1
Suy ra P(AUB) =1—-P(AUB) = 10"

Chon dAp AN (A) ... nri i O
Cau 4. Mot t6 trong 16p 12CT c6 4 hoc sinh nit 1a Giang, Thanh, Thao, Anh va
5 hoc sinh nam 1a Son, Tung, Hoang, Tién, Hai. Trong gio hoc, gido vién chon
ngau nhién mot hoc sinh trong t6 d6 1én bang dé kiém tra bai. Xét cac bién cb:
H: “Hoc sinh d6 1a mot ban nit”.
K: “Hoc sinh d6 c6 tén bat dau bang chit T”.
Néu néi dung ctia bién c6 hop H hop K.

A. “Giang”.

B. “Tung, Tién, Thao”.

C. “Tung, Tién, Giang, Anh, Thanh, Thao”.

D. “Giang, Thanh, Thao, Anh”.
Loi giai
Ta ¢6 H hop K gom cac phan t& “Tung, Tién, Giang, Anh, Thanh, Thao”.
Chon dap 41 (C) ....uiit i e O
Cau 5. Cho A va B 12 hai bién cb doc lap. Biét P(4) = 0,4 va P(B) = 0,5. X4c suat

cua bién co AUB la

= GV: NGO bUC TAI @ Trang 216/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

A.09. B.0,7. C.0,5. D.0,2.
Loi giai
Do A va B 1a hai bién ¢b déc 14p nén né 14 hai bién c¢b xung khic.
Suy ra P(AUB) =P(A)+P(B) =0,9.
Chon dap 41 (A) ...t O

Céu 6. Gieo mot dong tién can dbi va dong chat lién tiép 3 lan. Tinh xac suét

cua bién co A “It nhat mot 1an xuat hién mat sap”.

APA)=1.  BRA)=1.  CPA)=_  D.P4)=

Loi giai

1
1

Ta c6 A “Khéng c6 1an nao xuat hién méat sap” hay ca 3 lan déu méit ngtia.

; < — 1 11 1
Theo quy tac nhan xac suat ta c6 PA) = 35 5=%
— 1 7
Chon dap én@ ............................................................... O

Céu 7. Mot hop c6 12 chiéc thé cung loai, mbi thé dudc ghi méot trong cac s6 tu
nhién, hai thé khéac nhau thi ghi hai s6 khac nhau. Rat ngiu nhién 1 chiéc thé
trong hop. Xét bién c6 A: ”Sb xuat hién trén thé dudc rit ra la sé chia hét cho 3¢
va bién cb B: “S6 xuat hién trén thé dudc rat ra 1a sé chia hét cho 4”.
Bién c6 A hgp B dudc phat biéu nhu sau:

A. “S6 xuat hién trén thé 1a s6 vira chia hét cho 3 vira chia hét cho 4”.

B. “S6 xuat hién trén thé 1a s6 chia hét cho 3 hoic chia hét cho 4”.

C. “S6 xuat hién trén thé 1a sb chia hét cho 12”.

D. “S6 xuat hién trén thé 1a s6 chia hét cho 7”.
Loi giai
Dua vao dinh nghia.
Chon dAP AN (B) ... v ettt e O

Céu 8. Gieo mét con xuc xac can d6i va dong chat. Goi A 14 bién ¢b “Sé chadm
xuat hién trén con xtc xic 1a mot s6 chan”, B 1a bién ¢b “S6 chAm xuat hién trén
con xuc xac chia hét cho 3”. Tap hop mo ta bién cb AB 1a
A. {2;3:4;6}. B. {2;4;6}. C. {3:;6}. D. {6}.
Loi giai
Tap hop mo ta cac bién cb A = {2;4;6}, B = {3;6}.
Tu do6 suy ra AB = {6}.
Chon dAp 4n (D) ...\ et O

Cau 9. Gieo hai con xtc xac can d6i va dong chat. Xac suat ctia bién co “Tong
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s0 cham xuat hién trén hai con xuc xac chia heéet cho 5” la

5 1 7
A. R B. ¢ C. e D.
Loi giai
Taco W ={(i;j) |1 <i<6;1<j<6}, suyran(W)=36.
Goi A 12 bién ¢b “Téng s6 chAm xuét hién trén hai con xtc xac chia hét cho 5.
Khi d6 A = {(1;4);(2;3);(3;2);(4;1);(4,6);(5;5);(6;4)}, suy ra n(A) =17.

O |

) n(A) 7

Do d6 P(A) = =

0d6 P(A) =16y = 36
Chon dap 41 (C) ...t O]

Céu 10. Trong mot 16p hoc gom 15 hoc sinh nam va 10 hoc sinh nit. Gido vién
goi ngau nhién 4 hoc sinh 1én giai bai tap. Xac suat dé 4 hoc sinh dudc goi dé c6
a n&31119‘751 it 442 443 219

" 533" B. 506" C. 306" D. EVER
Loi giai
S6 cach chon 4 hoc sinh tit 25 hoc sinh 1a C3s.
S6 cach chon 4 hoc sinh trong d6 chi ¢c6 nam hodc nit 1a Cj; + Cf,.
Cls+Cly 443

cl, 506

Chon dap 41 (C) ..ot O

Xac suat dé 4 hoc sinh dude goi ¢6 cd nam vanitla 1 —

Cau 11. Hai ngusi doc 1lap nhau ném béng vao ré. Méi ngudi ném vao ré cua
minh mét qua béng. Biét rang xac suit ném béng tring vao rd cla ting nguvi
tuong ung la 3 va 7 Goi A 12 bién cb: “Ca hai cung ném béng trung vao ré ”. Khi

do, xac suat cua bién co A 1a bao nhiéu?

1 1 1
Ao g. Bo ?. Co ﬁ. Do

| W

Loi giai

Do hai ngudi ném béng vao ré 1a doc 1ap nén theo quy tic nhan xéc suit caa hai
1

A

.« 1 3
bién co doc 14 PA) ==--=-==

ien co doc lap suy ra P(A) 3 7= 7
Chon dap an (B) ... e e e O
Cdu 12. Cho A, B 1a hai bién cb doc 1ap. Biét P(A) = 0,5; P(AB) = 0,2. Tinh P(AU
B).

A.0.4. B.09. C. 0,6. D.0,7.
Loi giai

P(AB)

Vi A, B la hai bién co doc lap nén P(AB) =P(A) -P(B) = P(B) = PA) =0,4.
Do d6 P(AUB) =P(A) +P(B) —P(AB) =0,7.
Chon dap an @ ............................................................... O
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PHAN 2. Cau tréc nghiém diing sai

Céu 1. Hai ban Y va Q méi ban chon ngiu nhién moét sé6 nguyén duong c6 mot
chit s6. Khi d6

a) Xac suit dé ban Y chon dudc s6 1a s6 chan la 9
b) Xac suat dé ban Q chon dudc s6 1a s6 18 va chia hét cho 3 1a —.

¢) X4c suat d€ hai ban Y va Q chon dudc hai s6 giong nhau 1a —.

4

—

O | ~w

56

d) Xac suat dé hai ban Y va Q chon dudgc hai s6 c6 tich 1a mot s6 chan 1a —.

81

Loi giai

S6 cac s6 nguyén duong c6 mét chit sb 1a 9 sb, trong dé c6 4 sb nguyén duong

chan, 5 s6 nguyén dudng 1é, 2 s6 18 va chia hét cho 3.

a)

b)

c)

d)

A 3 A TA < Y 4
@ Xac suat dé ban Y chon dudc so la so chan bang 9"

(S) X4c sut dé ban Q chon dudc sb 14 s6 1& va chia hét cho 3 bing ;
@ Ban Y chon chon ngiu nhién mét s6 nguyén duong c6 mot chit sb6 c¢6 9
cach chon.

Ban Q chon ngau nhién mot s6 nguyén duong giéng ban Y da chon c6 1
cach chon.

Goi A 1a bién ¢6 “Hai ban Y va Q chon dudc hai s6 giéng nhau”.

S6 kha nang thuan 10i cia bién ¢6 A la n(A) =9-1=09.

S6 phan ti ctia khong gian miu la n(Q) =99 = 81.

A 2 . N h A - A A
Vay xac suat dé hai ban Y va Q chon dudc hai so giong nhau P(A) = n(( Q)) =
n
9 1
81 9

@ Goi B 1a bién ¢ “Y va Q chon dudc hai s6 ¢ tich 14 mét s6 chan”.

Hai s6 c6 tich 13 mot s6 chan khi va chi khi it nhat mét trong hai s6 1a s6
chan.

Ta xét cac bién cb sau day

* B;: ”Y va Q chon dugc hai s6 cung 14 s6 chan” = n(B;) =4-4=16=

n(Bl) 16
P(B)) = n(Q) 81

* B: Y chE)n ;iuoc s6 chan va Q chon dudc s618” = n(B;)=4-5=20=
n(B; 20
P(B2)="q) ~ 81"

* B3: ”Y chon dudc s6 1é va Q chon dudc s6 chdn” = n(B3)=5-4=20=
P(B3) = nBs) _20
n(Q) 81
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Suy ra Bj, By, B3 d61 mot xung khic va B = B UB, UBs.
Xac suat dé hai ban Y va Q chon dudc hai s6 ¢6 tich 12 mot sb chan 1a
16 20 20 56

P(B) = P(B1) +P(B2) +P(B3) = o1 + o7+ 57 = 51

Chon dép 4n|a ding | bsai [ csai [ddang| ... O

Céu 2. Trong dé kiém tra 15 phiat mén Toan c¢6 20 cau trac nghiém. Mdi cau
trac nghiém c6 4 phuong an tra 16i, trong d6 chi c6 mot phuong an tra 16i dung.
Binh giai chic chin ding 10 cau, 10 cau con lai lua chon ngiu nhién dap an.
Biét rang mdi cau tra 16i dung dudc 0,5 diém, tra 16i sai khéng bi tru diém. Céc
khéng dinh sau day, khang dinh nao ding, khang dinh nao sai?

a) Binh chic chin dugdc 5 diém.

. 3
b) Xac suat tra loi sai 6 mot cau la T

i e . 1\° 4
c¢) Xac suat dé Binh dat dung 8 diém la (Z) . (%) .

d) Xac suit d€ Binh dat dudc tit 9 diém tré 1én nhé hon 0,0004.
Loi giai

a) (D) Binh giai chic chin ding 10 cAu nén Binh dugc chic chén 5 diém.
£ 4 x o . At A < T
b) @ Xac suat khi danh ngau nhién sai mot cau trac nghiém la 7

¢) (S) Pé Binh dat dugdc dung 8 diém thi trong 10 cau con lai lua chon ngiu
nhién dap an phai dang 6 cau, sai 4 cau.
1

Xéac suat khi danh ngiu nhién ding mot cau trac nghiém la e

, £ . as x . . At A ¢ ST
Xac suat khi danh ngau nhién sai mot cau trac nghiém la 7

Chon 6 cau trac nghiém dé déap dung tit 10 cau trac nghiém c6 C§,,.

PR . e 1\% (3)*
Vay xac suat dé Binh dat dudc dung 8 diém la C?O’(é_l) (4_1) .

d) (S) Dé Binh dat dudc tit 9 diém tré 1én thi trong 10 cau con lai lua chon
ngau nhién dap an phai ding it nhat 8 cau.
Vay xac suat dé Binh dat dudc tir 9 diém tré 1én 1a

1\% 3)2 (1)9 (3)‘ (1)‘0 109
8 . — . — 9 . — . — — =

Chon dép an |a dung | bdung | csai [dsai| ... O

PHAN 3. Cau tréc nghiém trd 15i ngén.
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Cau 1. Hai ban An va Binh cung tap ném béng ré mot cach doc lap é hai nita
san khac nhau. Xac suat ban An va ban Binh ném béng vao ré 1an lugt 14 0,6 va
0,9. Trong cung mot 1an ném, tinh xac suat c6 it nhat mot ban ném béng vao ro.

Papan:|0|, 9|6
Loi giai

Xét cac bién c¢b A: “Ban An ném béng trung r6”; B: “Ban Binh ném béng tring
r6”; C: “Cé it nhat mot ban ném béng vao ré”.

A va B 12 hai bién c6 doc 1ap nén P(ANB) =P(A)-P(B).

Khi d6 P(C) =P(AUB) =P(A)+P(B)—P(B)-P(C) =0,6+0,9—0,6-0,9 = 0,96.

Cd&u 2. Rit ngiu nhién 1 14 bai tit bo bai tay 52 14. Tinh xéc suat ctia bién cb
“Léa bai dudc chon ¢6 mau den hodc 14 d6 ¢ sb chia hét cho 3”(1am tron dén hang

phan tram). DPapan:|0|, |62
Loi giai

S6 phan ti ctia khong gian miu n(Q) = 52.
26

Goi A 12 bién cb “La bai dudc chon ¢6 mau den” suy ra n(A) =26 hay P(A) = )

-==

| =

B bién cb “La bai dugc chon c6 s6 chia hét cho 3” suy ra n(B) = 12 hay P(A)
3

13 o

Vi A va B la hai bién ¢o doc 1ap nén ta co

1 1 1 1 8
P(AUB) = P(A) +P(B) —P(AB) = 5 + — — > = = ——.

Pap an: m .................................................................. O
Céu 3. Mot hop dung nhiéu qua cau véi nhiéu mau sac khac nhau. Nguoi ta 1y
ngau nhién mét qua cau tit hop d6. Biét xac suat dé 1ay dude mot qua cau mau
N A v 1 2, A 2 1A A 2 X N ° N A ™
xanh tu hop bang 5 xac suat deé lay dudc mot qua cau mau do tu hop bang c
Goi A 1a bién ¢b “Lay dudc mot qua cau mau xanh” va B 1a bién c6 “Liy dudc mot

qua cau mau d6”. Tinh xac suat dé lay dudc mét qua cau mau xanh hodc mot

qua cau mau d6 tit hop (1am tron dén hang phan tram). DPap an:| 0|, |3 |7
Loi giai

Mbi 1an 14y thi ta chi 14y ¢6 mot qua cau, nén néu lay dudc qua cau mau xanh
thi khong c6 qua cau mau dé (va ngudc lai), néi cach khac P(AB) = 0.

Vi vay A, B 1a hai bién ¢6 xung khic.

Xac suat dé 1ay dude mot qua cAu mau xanh hodc mét qua cau mau d6 1a

11

P(AUB) = P(A) +P(B) = +é =%

1
5
bap an: m .................................................................. O
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Céu 4. Mot hop chita 3 qua béng xanh va mét s6 qua béng dé c6 cung kich thudce
va khéi luong. LAy ra ngdu nhién 2 qua béng tit hop. Biét rang xdc suit cta bién
cd6 “Lay dudc 2 qua béng dé ” gap 5 lan xac suat ctia bién c6 “Lay dude 2 qua
béng xanh ”. Tinh xac suit ctia bién ¢6 “Lay dudc 2 qua béng c¢é cung mau ”.
Papan:(0 |, |5

Loi giai
Goi n 1a s6 béng d6 c6 trong hop. Khi d6, tong sé béng ¢ trong hop 1a n+ 3. Xac
2

L s C
suat lay dudc 2 qua bong xanh la: 2—3
n—&—32
2 A A 2 » 2 1N C X N »
Xac suat lay dudc 2 qua bong do6 1a: . Theo de bai, ta c6:
n+3
C2 C3 —1
5. 3 oMzl s
Cn+3 Cn+3 2

Do n 1a s0 tu nhién nén n = 6.
Do do, xac suat cia bien co “Ca 2 qua bong lay ra déu c6 cung mau ” la
2 2 2 2
G ¢ G ¢

=24+-0=-=05.
C; Ci 2

Pap a
ap an: 0,5 O
05 PR

PHAN 4. Tu luan.

Céu 1. Hop thi nhéat chia 3 tAm thé cung loai dude danh sb 1an lugt ti 1 dén 3.
Hop thi hai chita 5 tAm thé cung loai dude danh s6 lan lugt tit 1 dén 5. Lay ra
ngau nhién tit m6i hop 1 thé. Goi A 1a bién ¢b “Tong cac sb ghi trén 2 thé bang
6”, B 1a bién cb6 “Tich cac sb ghi trén 2 thé 1a s6 18”.

a) Hay viét tap hop mé ta bién cb AB va tinh P(AB).
b) Hay tim mot bién cb khac réng va xung khac véi ca hai bién cb A va B.
Loi giai
a) Hay viét tap hop mé ta bién cb6 AB va tinh P(AB).
Hop thi nhat chita 3 tAm thé cung loai dude danh sb 1;2;3.
Hop thi hai chita 5 tAm thé cung loai dudc danh s6 lan luodt tir 1;2;3;4;5.

S6 phan t& khong gian mau 1a 3-5 = 15.
Goi A 1a bién cb “Téng cac sb ghi trén 2 thé bﬁng 6’nén A ={(1;5);(2;4);(3;3)}.

3
Goi Bla bién cb “Tich céc s6 ghi trén 2 thé 1a s618"nén B={(1;1);(1;3); (1:5);(3:1); (3;3);(
6 2
P(B)=—=".
(B) 15 5
Vay P(AB) = P(A)P(B) = ~ . 2 = 2
ol - 55 25
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b) Mot bién cb khac réng va xung khic véi ca hai bién cb A va B 1a
C 1a bién cb “Tich cac sb ghi trén 2 thé 14 s6 chin va téng khac 6”.
Suy ra € = {(1:2); (1:4):(2: 1);(2:2):(2:3):(2:5): (3:2): (3:4) }.

Céu 2. Pé nghién citu moi lién quan gitta théi quen hut thube 14 véi bénh viem
phéi, nha nghién ctu chon mét nhém 5000 nguvi dan 6ng. V6i moéi ngudi trong
nhém, nha nghién ciu kiém tra xem ho c¢6 nghién thubc 1a va c6 bi viém phéi
hay khong. Két qua dudc théng ké trong bang sau:

Viém phéi | Khong viém phoi
Nghién thubc 14 752 nguvi 1236 nguvi
Khéng nghién thubc 14 | 575 ngudi 2437 ngudi

Tut bang théng ké trén, hay ching té rang viéc nghién thubc 14 va méc bénh
viém phoi c6 lién quan véi nhau.

Loi giai

Goi A 1a bién c¢6 “Ngudi nghién thubc 14”; B 1a bién c6 “Ngudi méc bénh viém

phoi”.
Khi d6 AB 1a bién c6 “Ngudi nghién thubc 14 va mic bénh viém phéi”.
_ 75241236 _ _ 7524575 _

Suy ra P(A) .P(B) =0, 10552304,

752
Mit khéc P(AB) = £ = 0,1504.

Vi P(AB) # P(A)P(B) nén hai bién c6 A va B khong doc lap.
Vay viéc nghién thudc 14 va mac bénh viém phéi ¢6 lién quan véi nhau.

Céu 3. Trong thu vién c¢6 3 quyén sach toan, 3 quyén sach 1y, 3 quyén sach héa,
3 quyén sach sinh. Biét cac quyén sach cing mon gidng nhau. Xép 12 quyén sach
trén lén gia thanh mot hang sao cho khong c¢6 3 quyén nao cung mén ding canh
nhau. Héi c6 tat ca bao nhiéu cach xép?
Loi giai

12!
(BH*

S6 cach xép ma trong dé c6 3 quyén caa 1 loai sach ding canh nhau 14 4-

S6 cach xép 12 quyén sach trén lén gia thanh mot hang 13 ———
10!
(3%

S6 cach xép ma trong d6 c6 2 loai sach, 3 quyén sach méi loai diing canh nhau la

8!
2,
So6 cach xép ma trong d6 c6 3 loai sach, 3 quyén sach moi loai ding canh nhau 1a
6!
3.
C4 3 ! .

S6 cach xép ca 4 loai sach ma 3 quyén sach méi loai diing canh nhau 13 4!.

Vay s6 cach xép 12 quyén sach trén lén gia thanh mét hang sao cho khéng c6 3

o 12! 10! 8! 6!
quyén nao cung mon ding canh nhau la G —4. 1) +C3- BIe —~C3. 3 +41 =
308664.
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— Hét—
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V. BE s 2

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Cho hai bién cb A, B; bién cb giao ctia hai bién cb A, B ky hiéu la
A.A\B. B. B\ A. C.AUB. D.ANB.

Loi giai

Bién c6 giao ctia hai bién cb A, B ky hiéu 1a ANB.

Chon dap an @ ............................................................... O

Cau 2. Mot truosng ¢6 50 em hoc sinh giéi trong dé ¢6 5 cap anh em sinh doi.
Can chon ra 3 hoc sinh trong s6 50 hoc sinh dé tham gia trai he. Tinh xac suat

trong 3 em 4y khong c6 cip anh em sinh d6i nao.
102 48 97 242
EYTE B. 19° C. 08" D. 245"
Loi giai
S6 phan tl ctia khong gian mau n(Q) = C3,.
Xét bién c6 A: “Trong 3 em 4y khong c6 cap anh em sinh d6i”, bién cb dbi A:
“Trong 3 em 4y c6 1 cip anh em sinh d6i”.

S6 phan ti ctia bién cb A 1a n(A) = CL-Cl,.

2 A ) < A A A1 — C% . C}]_S 3
Xac suat cua bien co AlaP(A) = —=5— = :
cl, 245
- 242
ay P(A)=1—P(A) = —.
Chon dap an @ ............................................................... O

Céu 3. Mot hop dung 25 tAm thé cung loai dude danh s6 tit 1 dén 25. Rat ngau
nhién mot tam thé trong hop. Xét cac bién s6 P: “Sé ghi trén tam thé 1a sb chia
hét cho 4” va Q: “S6 ghi trén tAm thé 1a sb chia hét cho 6”. Nbi dung cta bién cb
giao PQ la gi?

A. {3;6;9;12;15;18;24}. B. {1;2;4}.

C. {12;16;20;24}. D. {12;24}.
Loi giai
Boi chung cta 4 va 6 1a {12;24}.
Chon @4p 4n (D) ......eine e O
Cdu 4. Hai nguoi doc 1lap nhau ném béng vao ré. Méi ngudi ném vao ré cua
minh mot qua béng. Biét riang xic sudt ném béng tring vao ré caa ting nguoi
tuong ung la % va % Goi A 1a bién c6: “Ca hai cung ném béng tring vao ré ”. Khi
d6, xac suat ctia bién cb A 1a bao nhiéu?

1 3

1 1
A. - B. -. .. D. -.
3 7 ¢ 21 7
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Loi giai
Do hai ngudi ném béng vao ré 1a doc 1ap nén theo quy tic nhan xéc suat cia hai
1

bién cb doc 1ap suy ra P(A) =

7
Chon dAp A0 (B) ... v vttt O

Cau 5. Gieo hai con xiic xac can doi va dong chat. X4c suat ctia bién co “Tong

W | =
| W

s0 cham xuat hién trén hai con xudc xac chia heéet cho 5” la

5 1 7
A. 6 B. 6 C. 6 D.

Loi giai

Taco W = {(i;j) |1 <i<6;1<j<6},suyran(W)=36.

Goi A 12 bién ¢b “Téng s6 chAm xuét hién trén hai con xtc xac chia hét cho 5.

Khi d6 A = {(1;4);(2;3);(3;2);(4;1);(4,6);(5;5);(6;4)}, suy ra n(A) =17.

O | N

Do d6 P(A) — Z((?;) _ 37—6
Chon dap 41 (C) ....utit e O
Cdu 6. Néu A va B 1 hai bién cb thi P(AUB) bang

A.P(A)+P(B) —P(ANB). B. P(A) —P(B) —P(ANB).

C.P(A)-1P(B) —P(ANB). D.P(A)-P(B)+P(ANB).

Loi giai
Vi A va B 1a hai bién c6 bat ki nén P(AUB) = P(A) +P(B) —P(ANB).
Chon @Ap AN (A) ..ottt O

Cau 7. Mot 16p hoc ¢6 30 hoc sinh, trong d6 ¢6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngiu
nhién mot hoc sinh. X4c suat ban hoc sinh dudc chon khéong thich chdi mon thé

thao nao la
1

A, —.
10
Loi giai
Ta ¢6 n(Q) = Cl,.
Ta goi cac bién cb

c. D. L

B. . .
30 15

| W

* A: “Ban hoc sinh dudc chon thich choi da bong”.

18 3
A)=Cl. hay P(A) = — = =;

* A: “Ban hoc sinh dugc chon khong thich choi da béng”.

e B: “Ban hoc sinh dudc chon thich choi cau 16ng”.

16 8
— 1 _ —_— = —
Suy ra n(B) = C;, hay P(B) = 015

e B: “Ban hoc sinh dudc chon khéng thich choi cau 16ng”.
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* ANB: “Ban hoc sinh dudc chon thich chdi ca hai moén thé thao”.
7
Suy ra n(ANB) = C} hay P(ANB) = —

30°
* ANB=AUB: “Ban hoc sinh dudc chon khong thich choi ca 2 moén thé thao”.
9
Ta c6 P(4UB) = P(A) +P(B) ~ P(ANE) = -_.
_ 1
Suy ra P(AUB) =1—-P(AUB) = 10°
Chon dAp AN (A) ... nre O

Céu 8. Mot hop chita 6 qua cau trang va 7 qua cau den. LAy ngiu nhién dong
thoi bén qua trong s6 d6. Xac suat dé cé it nhat mot qua cau trang bang
7 120 13 136

. — B. —. C. —. D. —.
143 143 24 143
Loi giai
S6 phan tit ctia khong gian mau 1a n(Q) = Cf;.
Goi A 1a bién cb 14y dudce it nhat mot qua cau trang.
Bién c6 dbi ctia A 12 bién c¢b B “khong iy dudc qua cau trang nao”.
S6 phan ti ctia bién cb B 1a n(B) = C3.
n(B) C3 17
n(Q) Ci, 143
Suy ra x4c suat P(A) =1 —-P(B) = ——.

Chon dap an @ ............................................................... O

Xac suat P(B) =

Cdéu 9. Xét phép thit “Ban thit nhat gieo dong xu, sau d6 ban thi hai gieo con
xuc xac”. Goi A 1a bién ¢6 “Pong xu xuat hién miat ngia”, B 1a bién ¢6 “Con xtc
xc xuét hién mat 4 chAm”. Tinh x4c suit cta bién cb AB.
1 1 1 5
A. —. B. -. .= D. —.
3 6 C 2 12
Loi giai
Khong gian mau ctia phép thit 1a
Q={(S,1),(S,2),(S,3),(S,4),(S,5),(S,6),(N,1),(N,2),(N,3),(N,4),(N,5),(N,6) }.

Tap hop mo ta cac bién cb

A = {(N,1),(N,2),(N,3),(N,4),(N,5),(N,6)};

B = {(S74)7(N74)};
B = {(5,1),(5,2),(8,3),(S,5),(S,6),(N,1),(N,2),(N,3),(N,5),(N,6)}.

Tu d6 suy ra AB = {(N,1),(N,2),(N,3),(N,5),(N,6)}.

) f s = — AB) 5
Vay xdc suat cia bien co AB 1a P (AB) = nn(( Q)) =17
Chon dap an @ ............................................................... O

= GV: NGO bUC TAI O Trang 227/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

Cau 10. Lép 11A8 truong THPT X ¢6 25 hoc sinh nam va 20 hoc sinh nit. Chon
ngau nhién dong thoi hai ban tit 16p nay dé tham du cudc hop ctia trudng. Tinh

xéc suat chon duge hai ban cé cung gidi tinh dé di du cudc hop.
A D B. 0 c.?. D. 2.
99 33 99 99
Loi giai
Ta ¢6 n(Q) = C3s.

Goi A 1a bién c6: “Chon dudc hai ban nam”.
2

C
Cé P(A) = 2.

Cis’
Goi B 1a bien co: “Chon dudc hai ban nt”.

CZ
C6 P(B) = —2°.
C
. 55+C3 49
Lz . C
Do A va B la hai bién ¢6 xung khac nén P(AUB) = P(A) + P(B) = % =59
45
Chon dAp 4n (C) ....'viie i, O

Céu 11. Hai ban Hung va Hai cung tham gia cudc thi toan cap thanh phé. Biét
rang hai ban khong thi  cing mét phong va mébi phong chi ¢c6 mot thi sinh dudc
chon vao vong chung két. Xac suat vao vong chung két cia Hung va Hai 1an lugt
12 0,4 va 0,5. Tinh x4c suat dé ca Hung va Hai cung vao vong chung két.

A. 0.75. B. 0,25. C.0.2. D.0.,9.
Loi giai
Goi A, B lan lugt 14 bién ¢6 Hung va Hai cung vao vong chung két.
Ta c6 P(A) =0,4 va P(B) =0,5.
Vay x4c suét dé ca hai ban cung v6 vong chung két 1a P(ANB) = 0,4-0,5=0,2.
Chon dap 41 (C) ..ot O

A S T Ao A S 2 1 D i
Cau 12. Cho C, D la hai bien co xung khac. Biet P(C) = 5 P(D) = ¢ Khi d6 gia
tri cha P(CUD) la

1
A —. B.
10
Loi giai

17
T D.%.

W | =

Hai bién ¢6 xung khac ¢6 nghia 1a P(CN D) = 0. Stt dung cong thitc cong xac suat
cho hai bién ¢6 xung khac:

P(CUD) =P(C)+P(D) = % +

Chon dap an @ ............................................................... O

PHAN 2. Cau tréc nghiém ding sai
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Cau 1. Ca hai xa tha cung ban vao bia. Xac sudt ngudi thi nhat ban trung bia
12 0,8; ngudi thi hai ban tring bia 1a 0,7. Khi d6 xac suét dé:
a) Nguoi thi nhat ban tring va ngusi thi hai bang khéng tring bia bang
0,14
b) Nguoi thit nhat ban khong tring va nguoi thi hai ban tring bia bang 0,14.
¢) Hai ngudi déu ban tring bia bang 0,56.
d) C6 it nhat mot nguoi ban triung bia bang 0,94.
Loi giai
Goi A 1a bién c6 “Ngudi thit nhat ban tring bia”. Suy ra P(A) = 0,8, P(A) = 0,2.
Goi B 1a bién c6 “Ngusi thit hai ban tring bia”. Suy ra P(B) = 0,7, P(B) = 0,3.

a) @ Bién c¢6 nguoi thi nhat ban tring va ngudi thi hai bang khong tring
bia la AB va P(AB) = P(A) -P(B) = 0,8-0,3 = 0,24.

b) @ Bién cb ngudi thit nhit ban khong tring va ngudi thi hai ban tring bia
1A ABva P(AB) =P(A)-P(B) =0,2-0,7 = 0,14.

¢) M) Bién cb ca hai ngudi déu bin tring bia 1a AB va P(AB) = P(A) -P(B) =
0,8-0,7 = 0,56.

d) @ Goi C 1a bién ¢6 “C6 it nhat mot ngusi ban tring bia”. Xac suat dé cé it
nhét mét ngudi ban tring 1a
P(C) = P(AB) +P(AB) +P(AB) = 0,24+ 0,14 40,56 = 0,94.

Chon dép 4n|asai|bdung | cdung [ddung| ....................o O

Cdau 2. Mot nha sach ban hai loai sach I va II. Theo thong ké cho thay c6 60%
s6 nguoi mua loai sach 7, 70% sb ngudi mua loai sach I7 va c¢6 50% s6 ngudi mua
ca hai loai sach trén. Chon ngiu nhién mét ngudi mua. Xét bién cb A: “Nguovi
d6 mua loai sach I”va B 1a bién ¢6: “Ngudi dé mua loai sach 71”. Xét tinh Pung -
Sai ctia cac khang dinh sau:

a) P(A)=0,6 vaP(B)=0,7.

b) “Nguvi d6 mua it nhat mét trong hai loai sach” 1a bién c6 ANB.

¢) Xac sudt nguoi d6 mua it nhat mot trong hai loai sach 14 0.9.

d) Xac suit nguoi d6 khéng mua hai loai sach trén 1 0,2.
Loi giai

a) @ Dung.
b) (S) Sai.

“Nguoi d6 mua it nhat mét trong hai loai sach” 1a bién c6 AUB.

c) (S) Sai.

Ta c6 bién c¢6 “Ngudi dé mua it nhat mot trong hai loai sach” 1a AUB.
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Theo dé bai ta c6 P(ANB) =0,5.
P(AUB) =P(A)+P(B) —P(ANB) = 0,6+0,7—0,5=0,8.
Vay xac suat nguoi d6 mua it nhat mot trong hai loai sach 12 0,8

d) D) bung.
Goi C 1a bién c6: “Ngudi d6 khong mua ca hai loai sach 7 va I1”.
Khi d6 bién ¢c6 C=AUB =P (C) =0,8 = P(C) =0,2.
Vay xac suat ngudi d6 khéng mua hai loai sach trén 12 0,2.

Chon dép an |a ding | bsai|csai|[ddang| ... O

PHAN 3. Céau tréic nghiém tr& I1&i ngén.

Céu 1. Mot chiée may c6 hai déng co I va II chay doc lap nhau. Xac suat dé dong
c6 I va II chay tot 1an lugt 14 0,8 va 0,7. Tinh xac suat dé it nhit mot dong co
chay t6t. DPapan:|0|, |94
Loi giai

Goi A, B 1a xac xuat dong cd 1,11 chay t6t.

Xac xuat it nhat mot dong co chay tot 1a

P(AUB) = P(A) 4+ P(B) — P(ANB) = P(A) + P(B) — P(A)P(B) = 0,8 +0,7 — 0,8-0,7 = 0,94.

L
Dap an: 0,04 ..o O

Céu 2. Hai van dong vién mén quan vot A va B thi dau tran chung két mot giai
Grand Slam. Tay vot nao thang 3 hiép trude thi thing tran. Trong méi hiép dau,
xéc sudt dé A thang 14 0,3 va dé B thang 14 0,7. Tinh x4c suit dé A thing tran
chung két d6 (1am tron dén hang thi 3 sau dau phdy). Dapan:|0 , | 1/6
Loi giai

Goi X 1a bién c6 A thing tran dau.

Goi X1, X», X3 tuong ting 14 bién c6 A thang B véi ti s6 1an lugt 143 —-0,3—1, 3 —2.
Suy ra X = X; UX; UX3 va X1, X», X3 doi mot xung khéc.

Xét bién ¢b X;: A thing B véi ti s6 3—0.

Khi dé phai dau 3 hiép va A thang ca 3 hiép = P(X;) = (0,3)% = 0,027.

Xét bién cb X»: A thang B véi ti sb 3 —1.

Khi d6 phai dau 4 hiép va B thang duy nhat 1 hiép trong 3 hiép dau, A thing 3
hiép con lai

=P (X;)=C.0,7-(0,3)° = 0,0567.

Xét bién c¢b X5: A thing B véi ti sb 3 —2.

Khi d6 phai dau 5 hiép va B thiang 2 trong 4 hiép dau, A thing 3 hiép con lai

= P(X;3) = C3-(0,7)%-(0,3)° = 0,07938.
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Vay xac suat dé A thing tran chung két d6 1a

P(X) =P (X)) +P(X2)+P(X3) = 0,027 +0,0567 +0,07938 ~ 0,163.

Céu 3. Chon ngau nhién 2 dinh trong s6 20 dinh ctia mot da giac déu 20 canh.
Tinh xac suat cta bién cb6 A “2 dinh dudc chon 1a dudng chéo cta da giac” (lam

tron dén hang phan tram). Papan: /0|, |89
Loi giai

Puong ndi 2 dinh bat ky cta mét da gidc déu hoédc 1a canh caa da giac hoac la
duong chéo ctia da giac. S6 duong chéo cia mét da giac déu 20 canh 1a C3,—20=
7o c2,—20 17
Xac suét ctia bién c6 A 1a P(A) = 20—2 =—.

2, 19
Pap an: m .................................................................. OJ
Céu 4. Thanh c6 4 tAm thé dudc danh s6 1, 3, 4, 7. Thanh 14y ra 3 trong 4 thé va
xép ching thanh mét hang ngang mot cach ngau nhién dé tao thanh mot s6 ¢
3 chit s6. Tinh xac suat ca bién c6 A: “S6 tao thanh chia hét cho 2 hodc 3 ” lam
tron két qua dén hang phan tram). Dapan:(0|, [4]2
Loi giai
S6 céc s6 ¢6 3 chit s6 ¢6 thé tao thanh 1a 24 sb.
Goi B 1a bién ¢6 “S6 tao thanh chia hét cho 2 ”.
Bién c6 B xay ra khi chit s6 hang don vi ctia s6 tao thanh 13 4.
C6 thé xép dudc 3 -2 = 6 sb chia hét cho 2.
Do d6 P(B) = 2
Goi C 1a bién ¢6 “S6 tao thanh chia hét cho 3 ”.
Bién c6 C xay ra khi 3 chit s6 cta sb tao thanh 14 1;4;7.
C6 thé xép dudc 3-2 = 6 sb chia hét cho 3.
Do do6 P(C) = TR
Bién c6 BC xay ra khi sb tao thanh chia hét cho 6.
C6 2 két qua thuén Igi cho bién cb6 BC. Do d6 P(BC) = 3

24
Vay P(4) = P(BUC) = P(B) + P(C) — P(BC) = 15_2 ~ 0,42,
bap an: m .................................................................. O

PHAN 4. Ty luan.

Céu 1. Mot hop dung 9 tAm thé cung loai dudc ghi s6 tit 1 dén 9. Rit ngiu nhién
dong thoi hai tAm thé ti trong hop. Xét cac bién cb sau:
A: “Ca hai tAm thé déu ghi s6 chan”;
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B: “Chi c6 mot tAm thé ghi s6 chan”;

C: “Tich hai s6 ghi trén hai tAm thé 12 mot s6 chan”.
a) Chung minh réng C=AUB. b) Tinh P(C).
Loi giai

a) Bién c6 C xay ra khi va chi khi trong hai tAm thé c6 it nhat moét tam thé
ghi s6 chdn. Néu ca hai tam thé ghi s6 chan thi bién c¢6 A xay ra. Néu chi
c6 mo6t tAm thé ghi s6 chan thi bién c6 B xay ra. Vay C 1a bién c6 hop cia A
va B.

b) Hai bién c6 A va B 1a xung khac. Do d6 P(C) = P(AUB) = P(4) 4+ P(B).
Ta can tinh P(A) va P(B). Khong gian mau Q 1a tap hop tét ca cac tap con
c6 hai phan tit cia tap {1;2;...;9}. Do dé n(Q) = C3 = 36.
Tinh P(A): Bién cb A 12 tap hop tit ca c4c tip con c6 hai phan tit ciia tap

46 3 2 — _n4) 6
{2;4,6;8}. Do dé n(A) =C; =6. Suyra P(A) = Q) 36

Tinh P(B) : Mbi phan ti ctia B dugc hinh thanh tit hai cong doan:

¢ Cong doan 1: Chon mot sb chan tit tap {2:4:6;8}. C6 4 cach chon.
e Cong doan 2: Chon mét sb 18 tir tap {1;3;5;7;9}. C6 5 cach chon.

Theo quy tic nhan, tap B ¢6 4-5 = 20 (phan t).

, B _n(B) 20

Do dé n(B) = 20. Suy ra P(B) = n(Q) 36
o P(C) 6,20 %13
Vay P(C) =P(A) +P(B) = 32 + 3¢ = 3¢ = 1¢-

Cdau 2. Trong mét chiéc hop c6 20 vién bi c6 cung kich thudc va khdi ludng,

trong dé c6 9 vién bi mau do, 6 vién bi mau xanh va 5 vién bi mau vang. Lay
ngau nhién dong thoi 3 vién bi. Tim xéc suat dé 3 vién bi lay ra c6 ding hai mau.
Loi giai

MBbi cach lay 3 vién bi trong 20 vién bi 12 mét t6 hop chap 3 ctia 20 phan ti.

Do d6, khong gian mau Q goém céc t6 hop chap 3 clia 20 phan ti va n(Q) = C3) =
1140.

LAy 3 vién bi ¢6 d@ ba mau 14 9-6-5 =270 cach.

LAy 3 vién bi ¢6 ding mot mau 1a C3 + C3+C3 =114 cach.

Do d6 1ay 3 vién bi c6 dting hai mau 1a C3, — (270 + 114) = 756 céch.

A < A A 2 [N .« 1A s - . N N H
Vay xac suat ctia bién co dé 3 vién bi lay ra c6 dung hai mau la P(H) = nE Q; =
n
756 63
1140 95°

Céu 3. Trong ngay hoi STEM tai mot truong THPT, ban Tri hoc 16p 11T da thiét
ké san pham la bang diéu khién dién t& mé ctta phong hoc 16p minh. Bang gom
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10 nit, méi nut dude ghi s6 tit 0 dén 9 va khong c6 hai nut nao dude ghi cung
mot s6. PE mé cita can nhéin 3 nat lién tiép khac nhau sao cho 3 sb trén 3 nut
theo thit tu da nhan tao thanh mét day s6 tang dan tit 0 dén 9 va c6 tong 1a 10.
Ban Tué ciing hoc 16p 11T chi nhé dudc 1a day s6 tang nén nhan 3 nut lién tiép
khéac nhau. Biét rang néu bam sai hai 1an lién tiép ctra sé tu dong khéa lai va
khong thé mé dudce nita. Tinh xac suat dé ban Tué mé dudc cita phong hoc dé.
Loi giai

Chon ra 3 s6 bat ky ta dudc duy nhat 1 day s6 téng.

Do d6 khong gian mau la |Q| = C3, = 120.

Cac day sb gom 3 sb tang c6 tong bang 10 duge chon tit 10 sb trén 1a

{(0;1;9);(0;2;8);(0;3;7);(0,4:6);(1;2;7);(1;3;6); (1:4;5);(2;3;5) } .

£ ° o 3 A 2, A N Cl
Xac suat dé ban Tué mé dudc cirta 1an thit nhat la P, = %

2 ” . Cl Cl
Xac suat dé ban Tué mé dude ctia 1an thi hai la P, = #102 : %

Cii . Ciis . Cy
120 119 1188'
Vay xac suat d€ ban Tué mé dudc cita phong 1a P=P; +P, +P3 =

Xac suat d€ ban Tué mé dude ctra 1an thi ba 1a P; =

1003°

— Hét—
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W. BE SO 3

PHAN 1. Cau tréc nghiém nhiéu phuvong an lua chon

Céu 1. Mot hop chia 22 tAm thé cung loai dudc danh sb lan lugt tir 1 dén 22.
Chon ra ngiu nhién 1 thé tit hop. Goi A 1a bién c6 “S6 ghi trén thé dudc chon
chia hét cho 27, B 14 bién cb “Sb ghi trén thé dude chon chia hét cho 3”. X4c suét
cia bién c6 AB bang

3 7
A. 2 B. 2 C.
Loi giai
Khoéng gian mau Q = {1; 2; 3; ...; 22}, suy ra n(Q) = 22.
Ta c6 A 12 bién cb “S6 ghi trén thé dude chon chia hét cho2” = A= {2; 4; 6; ...; 22}.
Blabién c6 “S6 ghi trén thé dudc chon chia hét cho 3” = B={3; 6; 9; 12; 15; 18; 21}.

3
Ta cing c6 ANB = {6; 12; 18}, suy ra P(AB) = —.

Chon dap an @ ............................................................... O

7
D. —.
44

| =

Céu 2. Lay ra ngiu nhién 2 qua béng tit mot hop chita 5 qua béng xanh va 4
qua béng d6 c6 kich thudc va khéi lugng nhu nhau. Xac suit cta bién c6 “Hai

qua bong lay ra c6 cung mau”la

1 2
A. —. B. —. .
9 C

D.
9

O &~
O | L

Loi giai
S6 phan ti ctia khéng gian mau n(Q) = C3.

Ta goi cac bien co

.« A A . 2 , A A , N C2
* A la bien co “Hai qua béng lay ra déu c6 mau xanh” suy ra P(A) = C—;
9

_G
—o

* Blabién c6 “Hai qua béng lay ra déu c6 mau d6” suy ra P(B)
* AUB la bién c6 “Hai béng lay ra c6 cung mau”.
Ta thay A va B xung khic nén
P(AUB) =P(A)+P(B) =
Chon dap 41 (C) ..ottt O

Cdau 3. Cho hai bién c6 A va B ¢6 P(A) =
nao sau day dung
A. Doc lap. B. Khéng xung khic.
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C. Xung khic. D. Khong ro.
Loi giai
Ta xét

P(AUB) =P(A)+P(B) —P(ANB)
I 1 1
E = §+1—P(AQB)

1

Suy ra hai bién c6 A va B la hai bién co khong xung khac.
Chon dAp 4n (B) ...\t e O

Cau 4. Gieo hai con xtic xac can doi va dong chat. X4c suat ctia bién co “Tong

s0 cham xuat hién trén hai con xuc xac chia heéet cho 5” la

5 1 7
A. % B. ¢ C. e D.
Loi giai
TacoW={(i;j)| 1 <i<6;1 <j<6},suyranW)=36.
Goi A 12 bién ¢b “Téng s6 chAm xuét hién trén hai con xtc xac chia hét cho 5.
Khi d6 A = {(1;4);(2;3);(3;2);(4;1);(4,6);(5;5);(6;4)}, suy ra n(A) =17.

O | N

) n(A) 17

Do do P(A) = = —.

0dS P(A) =) = 36
Chon dap 41 (C) .....uie i e O]

Céu 5. Mot xa tha ban lién tiép ba mii tén vao bia ngadm. Biét rang xac suét
ban tring bia ngam cta xa thi 1a 0,6. Xac suat dé trong ba 1an ban tén c¢6 dung
hai lan tén trung bia ngam la
81 54 24 18

" 135" B. 125" C. 75 D. 155"
Loi giai
A; 12 bién ¢6 “Mii tén thi nhét cta xa tha ban tring bia”.
A, 12 bién cb “Mii tén thi hai cta xa tha ban trang bia”
Az 12 bién ¢6 “Mii tén thi ba ctia xa tht ban tring bia”.
Khi d6, P(A;) =P(Ay) =P(A3) =0,6 vaP(A;) =P (Az) =P (43) =0,4.
Goi X 1a bién ¢ “Trong ba 1an bén tén c¢6 dung hai lan tén tring bia ngdm”.
Ta c6 P(X) = P (A1A243) + P (A1A243) + P (A1A243) .

RO rang cac bien co Aq, Ay, A3 doi mot doc 1ap véi nhau nén

P(X) = P(A1)P(A2)P(A3) +P(A)P(A2)P(A3)+P(A1)P(A2) P (A3)

54
= 3:0.6:06-04= .

Chon dap an (B) ... e e e e O
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Cau 6. Mot 16p hoc ¢6 30 hoc sinh, trong dé cé6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngiu
nhién mot hoc sinh. X4c suat ban hoc sinh dudc chon khéong thich chdi mon thé
thao nao la

1
A, —. B.
10
Loi giai
Ta ¢6 n(Q) = Cl,.
Ta goi céc bién cb

7 1
. 5 D. —.
¢ 30 15

| W

A: “Ban hoc sinh dudc chon thich choi da bong”.

18 3
A)=Cl . hay P(A) = — = =;

A: “Ban hoc sinh dudc chon khong thich choi d4 béng”.

B: “Ban hoc sinh dudc chon thich choi cau 16ng”.

16 8
B)=CjshayP(B)= — = —.
Suy ra n(B) = C;, hay P(B) 30— 13

B: “Ban hoc sinh dudc chon khéng thich choi cau 16ng”.

* ANB: “Ban hoc sinh dudc chon thich chdi ca hai moén thé thao”.

7
Suy ra n(ANB) = C} hay P(ANB) = 30"

* ANB=AUB: “Ban hoc sinh dudc chon khong thich chdi ci 2 mén thé thao”.

Ta ¢6 P(AUB) = P(4) +P(B) — P(ANB) = 19—0
1

Suy ra PAUB)=1—-P(AUB) = —.
Chon dap an @ ............................................................... O

Céu 7. Trong mot 16p hoc gom 15 hoc sinh nam va 10 hoc sinh nit. Gido vién goi
ngau nhién 4 hoc sinh 1én giai bai tap. Xéc suat dé 4 hoc sinh dudc goi d6 ¢ ca
nam ;7?911& a 442 443 219

" 533" B. 06" C. 06" D. 3
Loi giai
S6 cach chon 4 hoc sinh tit 25 hoc sinh 1a Ci..
S6 cach chon 4 hoc sinh trong dé chi ¢6 nam hoéc nit 1a Cts +C,.
Cls+Cj, 443

ci 506

Chon dap an @ ............................................................... O

Xéc suat dé 4 hoc sinh dude goi ¢6 cA nam vanitla 1 —

Cdu 8. Cho A, B1a hai bién cb doc lap. Biét P(A) = 0,5; P(AB) = 0,2. Tinh P(AUB).
A. 04, B.09. C. 0,6. D.0,7.
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Loi giai

Vi A, B 12 hai bién c¢6 doc 1ap nén P(AB) =P(A) -P(B) = P(B) = % = 0.4
Do d6 P(AUB) = P(A) +P(B) —P(AB) =0.7.
Chon @4p 4n (D) ...\t O

Céu 9. Mot hop c6 52 chiéc thé cung loai, méi thé dudc ghi mot trong cac sb tu
nhién, hai thé khac nhau thi ghi hai sé6 khac nhau. Rat ngau nhién 1 chiéc thé
trong hop. Xét bién cb A: “S6 xuat hién trén thé dugce rit ra 1a s6 18” va bién cb
B: “S6 xuat hién trén thé dudc rut ra l1a s6 nguyén t6”.
Chon cau sai khi phat biéu vé bién c6 AB.

A. “Sb xuat hién trén thé 1a s6 18 hodc s6 nguyén t6”.

B. “S6 xuét hién trén thé 1a s6 nguyén t6 18”.

C. “S6 xuét hién trén thé 14 s6 nguyén t6 khac 2”.

D. “S6 xuat hién trén thé vira 1a s6 1é vita 1a s6 nguyén t6”.
Loi giai
Dua vao dinh nghia c6 “S6 xuat hién trén thé 14 s6 16 hoéc s6 nguyén t6” 1a phat
biéu sai vé AB.
Chon dap an @ ............................................................... O
Céu 10. Do con stc sac khong can d6i nén mdi khi gieo con stic sic d6 thi xac
suat xuit hién mat 2 chAm va mit 5 cham 1an lugt 1 0,35 va 0,25. Xac suat xuat
hién mét 2 chAm hodc mét 5 cham la

A. 0,6. B. 0,0875. C. 0,4875. D. 0,9125.
Loi giai
Goi A 12 bién ¢b xuét hién mét 2 chdm khi gieo con stc séc.
Goi B 1a bién ¢ xuét hién mét 5 chdm khi gieo con stc séc.
Do dé, AUB 1a bién cb xuét hién mat 2 cham hoic mat 5 cham.
Ta c¢6 P(A) = 0,35 va P(B) = 0,25.

Do A va B la hai bién co xung khac nhau nén

P(AUB) = P(A) +P(B) =0,35+0,25 = 0,6.

Chon dap 41 (A) .. O
Cau 11. Cho A, B 12 hai bién c6 doc lap. Biét P(A) = — ,P(4B) = é Tinh P(B).
4 5 13 9
A. 9" B. 36 C. eV D. T
Loi giai
. _ __P(AB) 4
Ta c6 P(AB) =P(A) -P(B) < P(B) = PA) O
Chon dap an @ ............................................................... O

= GV: NGO bUC TAI @ Trang 237/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

Cdau 12. Cho A, B 1a hai bién c6 doc lap, biét P(4) =0,5, P(ANB) =0,2 . X4c suat
P(AUB) bang
A.0.3. B.0,5. C. 0,6. D.0,7.
Loi giai
Vi A, B 12 hai bién c¢6 doc 1ap nén P(ANB) = P(A)-P(B) .

P(ANB) 0,2
= P(B) = =—=04.
(B) P(A) 05
Ta c6 P(AUB) =P(A) +P(B) —P(ANB) =0,5+0,4—-0,2=0,7.
Chon dAp 40 (D) ...\t O]

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Mot truong hoc c6 ti 1& hoc sinh thich béng d4a 14 50%, thich béng ré la
70% va thich ca hai mon nay la 40%.
a) X4c suat d€ gap mot hoc sinh trong truong ma hoc sinh dé khéong thich
béng da hoic khong thich béng ré 12 0,7.
b) S6 hoc sinh trong trudng thich béng da nhiéu hon sb hoc sinh thich béng
ro.
¢) Xac suat dé giap mot hoc sinh trong truong ma em d6 thich béng da va
khéng thich béng ré 12 0,2.
d) X4c suat dé gap mot hoc sinh trong trudng ma em d6 thich ca béng da va
béng r6 1a 0,4.
Loi giai
Goi A 1a bién c6 “Hoc sinh thich chdi béng d4”, B 1a bién ¢6 “Hoc sinh thich chdi
béng ré” va C 1a bién cb6 “Hoc sinh thich choi bong da hoic béng ré”. Dé thay
C=AUB.
AB 1a bién ¢b “Hoc sinh thich choi ca hai mén”.
Ta ¢6 P(A) = 0,5; P(B) = 0,7; P(B) = 0,3; P(AB) = 0 4.
Khi d6 P(C) = P(AUB) = P(A) + P(B) — P(AB) = 0,5+0,7 — 0,4 = 0,8.

a) (S) Sai.

Xac suat dé gap mot hoc sinh trong trudng ma hoc sinh dé khong thich
béng da ho#c khong thich béng r6 12 P(C) =1 —-P(C) =1-0,8 =0,2.

b) (S) Sai.
Ta c¢6 P(A) < P(B) nén s6 hoc sinh trong trudng thich béng da it hon sb hoc
sinh thich béng ré.

c) (S) Sai.

Xac suat dé gip mot hoc sinh trong trusng ma em d6 thich béng da va
khong thich béng ré 14 P(AB) = P(A) — P(AB) = 0,5— 0,4 =0, 1.
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d) D) Ping.
Xac suat dé gap mot hoc sinh trong truong ma em dé thich ca béng da va
béng ré 12 0,4.
Chon dép 4n|asai|bsai|csai|ddiung|.....................o O

Céu 2. Mét hop c6 20 chiée thé cung loai, dude danh sb tur 1,2,...,19,20. Rat
ngau nhién mot thé trong hop. Xét cac bién co:
A : “Sb trén thé dudc rut ra 1a s6 chia hét cho 5”.
B : “S6 trén thé dugdc rat ra 1a sé chia hét cho 3.”
C: “S6 trén thé dugdc rat ra 1a sé chia hét cho 5 hodc chia hét cho 3. ”
D : “S6 trén thé dudc riat ra 1a sé chia hét cho 15 .

a) Bién c¢b A va bién ¢ D 1a hai bién c¢b xung khic.

, <& A 1

b) Xac suat ctia bién co D la 20"

¢) Bién cb D 14 bién c6 hop ctia bién c¢b A va bién cb B.

d) S6 phan tit ca khong gian mau 1a 190.
Loi giai

* Vi bién ¢4 D xay ra thi bién cb A cling xay ra nén hai bién c6 A va D khong

xung khac.

1
Ta c6 P(D) = 20"

Bién co D la bién co giao cua bién co A va bién co B.

S6 phan ti khong gian mau n(Q) = 20.

Chon dép 4n|asai|bdung | csai [dsai|..............ooooo O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Céu 1. An va Binh khong quen biét nhau va hoc 6 hai noi khac nhau. X4c suat
dé An va Binh dat diém giéi vé mon Toan trong ki thi cudi ndm tuong tng la
0,92 va 0,88. Xac suit dé ca An va Binh déu dat diém gisi bang bao nhiéu? (Lam

tron két qua dén hang phan tram). Papan:|0|, |81
Loi giai

Goi A 12 bién ¢6 “An dat diém gi6éi vé mén Toan”.
Goi B 1a bién ¢ “Binh dat diém giéi vé moén Toan”.
Dé thay A, B 1a hai bién c¢6 doc lap, khi dé AB 1a bién ¢6 “Ca An va Binh déu dat
diém giéi moén Toan”.
Vay xac suat dé ca An va Binh déu dat diém giéi 1a
P(AB) = P(A) -P(B) = 0,92 -0,88 = 0,8096 ~ 0,81.
Pap an: m .................................................................. O
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Céu 2. Mot bénh truyén nhiém cé xac suat truyén bénh 14 0,7 néu tiép xic véi
ngudi bénh ma khong deo khiu trang 14 0,2 néu tiép xic véi ngudi bénh ma deo
kh4u trang. Xac suat anh An it nhat mét lan bi 1ay bénh tit ngusi bénh ma anh
tiép xdc ngudi bénh 5 1an déu khong mang khéu trang 1a bao nhiéu? (két qua
lam tron dén chit s6 thap phan thi ba). Dap an: | 1
Loi giai

Goi bién cb A : “Anh An it nhat mot 1an bi 1ay bénh khi tiép xdc ngusi bénh ca
5 lan déu khong mang khau trang ”. Bién c6 A : “Anh An khéng bi 1ay bénh khi

tiép xtc ngudi bénh ca 5 lan déu khong mang khéu trang”.

Xac suat nhiém bénh néu tiép xic véi ngudi bénh ma khong deo khiu trang 1a
0,7 . Xac suat khong bi nhiém bénh néu tiép xiic véi ngusi bénh ma khong deo
khau trangla 1 -0,7=0,3.

Tt d6 P(A) = (0,3)° = P(A) = 1 —P(A) = 1—(0,3)° = 0,998.

Dap an: L] . O

Cau 3. Gieo ngau nhién 3 con xtc xac can doéi va dong chat. Tinh x4c suat cta

bién c6 A: “ Tich s6 chAm xuat hién trén méi con xtuc xac chia hét cho 15”.
Papan:| 0|, |25

Loi giai
Goi bién ¢6 B: “ Tich s6 chAm xuat hién trén mdi con xtc sac khong chia hét cho
5”7, bién ¢6 C: “ Tich s6 cham xuat hién trén méi con xtc sac khong chia hét cho
3”
Khi d6 A 1a bién co doi cﬁa3bién co BUC.

555 (5 4 4 4 (4

Tac6 P(B) =222 o=t (d
a

P(BUC) = P(B) + P(C) — P(BC) = (%)3+ (%)3 - (2)3 _ %

Do d6 x4c suat ctia bién c6 A1a P(A)=1—-P(BUC)=1—- =
Pap an: m .................................................................. O

Cdéu 4. Mot van dong vién thi ban sung. Biét réng xac suat dé van dong vién
ban tring vong 1014 0,2; ban tring vong 9 14 0,25 va ban triung vong 8 14 0,3. Néu
bén tring vong k thi dudc k diém. Van déng vién dat huy chuong vang néu dudc
20 diém, dat huy chuong bac néu dude 19 diém va dat huy chuong dong néu dudc
18 diém. Van dong vién thuc hién ban hai 1an va hai lan ban déc 1ap véi nhau.

Xac xuat dé van dong vién dat dudc huy chuong bacla DPapan:| 0|, | 1
Loi giai

Goi A 1a bién ¢b: “Lan 1 ban trung vong 10 va 1an 2 ban trung vong 97;
Bla bién cb: “Lan 1 ban tring vong 9 va 1an 2 ban tring vong 10 ”.
H 1a bién c6: “Xa thu dat dude huy chuong bac”;
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Céac bién cb A, B1a 2 bién cb xung khéc nén H = AUB.
Suy ra theo quy tac cong ta c6 P(H) = P(A) + P(B).
Mt khac P(A) = P(B) = 0,2-0,25 = 0,05.

Do d6 P(H) = 0,05+ 0,05 = 0,1.

DA ANz |0, 0| oo OJ

PHAN 4. Tu luan.

Céu 1. Mot khu phd ¢6 50 ho gia dinh nudi ché hodc nudi meo, trong d6 c6 18 ho
nudi ché, 16 ho nuodi meéo va 7 ho nudi ca ché va meo. Chon ngiu nhién mot ho
trong khu pho trén. Tinh xac suat dé
a) Ho do nuoi cho hoac nuoéi meo;
b) H6 d6 khong nudi ca ché va meo.
Loi giai
Goi A 1a bién c6: “H gia dinh nuéi ché”;
B 1a bién cb: “Ho gia dinh nubi meo”.
Khi d6 AN B 1a bién cb: “Ho gia dinh nuéi ca ché va meo”;
AUB 1a bién cb: “Ho gia dinh hoic nuéi ché hodc meo”;
AUB la bién c6: “Ho gia dinh khoéng nuéi ca ché va meo”.
Ta c6 n(A) =18, n(B) = 16,n(ANB) =7 va n(Q) = 50.

a) Theo cong thic cong xac suat, ta cé

P(AUB) = P(A) +P(B) —P(ANB)

_ n(A) N n(B) n(ANB)

18 16 7 27
=351 30 50 = 59 = 054

Vay xac suat dé chon dudc mot ho gia dinh nudi ché hodc nudi meo 1a 0,54.

b) Theo tinh chat xac suat déi lap, ta cé

R 7 43
PAUB)=1—-PAUB)=1——=—=0,86.
Vay xac suit dé chon dudc mot hé khong nudi ca ché va meo 1a 0,86.

Céu 2. Hai ban Viét va Nam cung tham gia mot ki thi trac nghiém mon Toan
va mén Tiéng Anh mét cach doc 1ap nhau. Dé thi cia mdi mon gom 6 méa dé khac
nhau va cdc mén khac nhau thi méa dé ciing khac nhau. Pé thi dugce sap xép va
phét cho hoc sinh mét cach ngau nhién. Tinh x4c suat dé hai ban Viét va Nam
¢6 chung ding mot méa de thi trong ki thi dé.
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Loi giai

Viét ¢6 s6 cach nhan méa dé hai mon 14 6-6 = 36 cach.

Nam c6 s6 cach nhan ma dé hai mén 14 6-6 = 36 cach.

S6 phan tit cia khong gian méu 1a 36-36 = 1296.

Goi H 1a bién cb “Viét va Nam c¢6 chung ding mét méa deé thi”.
Co cac truong hop sau:

a) C6 cung ma dé mon Toan: Viét ¢6 36 cach nhan ma dé hai mén, Nam c6 5
cach nhan ma dé. Do d6 c6 36-5 = 180 cach.

b) Tuong tu c6 cung mén Tiéng Anh c6 180 cach.

Suy ra n(H) = 360 cach.
n(H) 360 5

n(Q) 1296 18’

Vay xéc suat ctia bién c¢6 H 1a P(H) =
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X. DE 5O 4

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho A va B 1a hai bién ¢ doc lap. Biét P(A) = 0,4 va P(B) = 0,5. X4c suét
ctia bién c6 AUB la
A.09. B.0,7. C.0.,5. D.0,2.
Loi giai
Vi A va B 1a hai bién c6 doc lap nén P(AB) =P(A)-P(B) =0,4-0,5=0,2.
Do d6 P(AUB) =P(A)+P(B) —P(AB) =0,4+0,5-0,2=0,7.
Chon dA4p 4N (B) ... '\ttt O
Cdéu 2. Mot xa tha ban lién tiép ba mii tén vao bia ngadm. Biét rang xac suét
ban tring bia ngam cta xa thi 1a 0,6. Xac suat dé trong ba 1an ban tén c¢6 dung
hai lan tén trung bia ngdm la
81 54 24 18
" 125" B. 125" C. 55 D. 155"
Loi giai
A; 12 bién ¢6 “Mii tén thi nhat cta xa tha ban tring bia”.
A, 12 bién cb “Mii tén thi hai cha xa tha ban trang bia”
Az 1a bién ¢6 “Mii tén thi ba ctia xa tha ban tring bia”.
Khi d6, P(A;) =P(Ay) =P(A3) =0,6 vaP(A;) =P (A2) =P (A3) =0,4.
Goi X 1a bién ¢b6 “Trong ba 1an bén tén c¢6 dung hai lan tén tring bia ngdm”.
Ta c6 P(X) = P (A1A243) + P (A1A243) + P (A1A243) .
R6 rang cac bién ¢ A, Ay, A3 d6i mot doc 1ap véi nhau nén
P(X) = P(A1)P(A2)P(As) +P(A1)P(A2) P(A3) +P(A1)P(A2)P (43)
54

— 3.06-06-04—=—__
3:0.6:0.6-04 =

Chon dap an (B) ...t e e e O

Cdu 3. Hai ban An va Binh déc lap véi nhau tham gia mot cudce thi. Xac suat
dé€ ban An va ban Binh dat giai tuong tng 14 0,8 va 0,6. Xac suat dé c6 it nhat
mot ban dat giai la

A. 0,94, B. 0,924. C. 0,92. D. 0,93.
Loi giai
Xac suat dé ban An va ban Binh dat giai tuong tng 14 0,8 va 0,6.
Suy ra xac suat dé ban An va ban Binh khéng dat giai tuong ting 14 0,2 va 0.4.
Xéac suat dé c6 khong ban nao dat giaila 0,2-0,4 = 0,08.
Vay xac suat dé c6 it nhat mot ban dat giai la 1 —0,08 = 0,92.
Chon dap an @ ............................................................... O
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Cdu 4. Cho A, B1a hai bién c6 doc lap. Biét P(A) =0,5; P(AB) = 0,2. Tinh P(AUB).
A.04. B. 0,9. C. 0,6. D. 0,7.
Loi giai

.z P(AB
Vi A, B 1a hai bién co6 doc lap nén P(AB) =P(A)-P(B) = P(B) = % =0,4.
Do d6 P(AUB) =P(A) +P(B) —P(AB) =0,7.
Chon dap an @ ............................................................... O
A 1A % ¢ ek 1 I ..
Cdau 5. Cho A, B la hai bien co xung khac. Biet P(A) = 5 P(AUB) = 3 Tinh P(B).
3 8 2 1
A. —. B. —. . —. D. —.
5 15 ¢ 15 15
Loi giai
A, B 12 hai bién cb xung khic.
I 1 2
Suy ra P(AUB) = P(4) +P(B) = P(B) =P(AUB) ~P(A) = 3 — - = %
Chon dap 41 (C) ...t O
~ Cex 2 .z 1 | B
Cau 6. Cho A, B la hai bién co doc lap. Biet P(A) = Z’P(AB) =9 Tinh P(B).
4 5 13 9
A. §. Bo %- Co %- Do Z.
Loi giai
. P(AB) 4
T P(AB) =P(A)-P(B P(B) = ——~ = —.
a ¢ P(AB) = P(4)- P(B) & P(B) = .70 =
Chon dAp AN (A) ...t O

Cdu 7. Xét phép thit “Ban thi nhat gieo dong xu, sau d6 ban thi hai gieo con
xuc xac”. Goi A 1a bién c¢6 “Pong xu xuit hién mit sip”, B 1a bién ¢b “Con xtc
xac xuat hién mat 6 chAm”. Tap hop mo ta bién cb AB 1a

A. {(S,4),(S,5),(5,6)}. B. {(S,6),(N,6)}.

C. {(N,6)}. D. {(S5,6)}.
Loi giai
Tap hop mo ta cac bién cd A = {(S,1),(S,2),(S,3),(S,4),(S,5),(S,6)}, B={(S,6),(N,6)}.
Tu d6 suy ra AB = {(S5,6)}.
Chon @4p 4n (D) ...\t O

Céu 8. Hai ban Triét va Khang, mdi ngudi gieo dong thoi mot con xic xic can
d6i, dong chat. Xét hai bién c6 sau:
A: “S6 chAm xut hién trén con xic xéc ban Triét gieo 1a s6 18.”.
B: S6 chdm xuit hién trén con xic xic ban Khang gieo 1a s6 chia hét cho 5.”.
Chon cau dung:

A. Hai bién ¢6 A, B 1a hai bién cb doc lap.

B. Hai bién cb A, B 1a hai bién c6 xung khic.
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C. Bién cb A giao B 1a {1,3;5}.

D. Bién c6 A hop B 1a {1;2;3;5}.
Loi giai
Dua vao dinh nghia.
Chon dap 41 (A) ..t O
Céu 9. Mot hop dung 25 tAm thé cung loai dudc danh sb tit 1 dén 25. Rit ngau
nhién mot tam thé trong hop. Xét cac bién s6 P: “Sé ghi trén tam thé 1a sb chia
hét cho 4” va Q: “S6 ghi trén tam thé 1a s6 chia hét cho 6”. Noi dung ctia bién cb
giao PQ la gi?

A. {3;6;9;12;15;18;24}. B. {1;2;4}.

C. {12;16;20;24}. D. {12;24}.
Loi giai
Boi chung cta 4 va 6 la {12;24}.
Chon dap an @ ............................................................... O
Cau 10. Cho A va B 12 hai bién cb doc 1ap. Biét P(4) = 0,4 va P(B) =0,5. X4c suat
cia bién cb AB la

A.09. B.0,7. C.0,5. D.0.2.
Loi giai
Do A va B 12 hai bién c6 doc 1ap nén né 1a hai bién ¢6 xung khic.
Suy ra P(AB) =P(A).P(B) =0,2.
Chon dAp 40 (D) ...\ttt O
Cau 11. M6t 16p hoc ¢6 30 hoc sinh, trong d6 ¢6 18 hoc sinh thich da bong, 16
hoc sinh thich cau long va 7 hoc sinh thich chdi ca hai mén thé thao. Chon ngau

nhién mot hoc sinh. Xac suat ban hoc sinh dudc chon khong thich choi mon thé
thao nao la

1
A, —. B.
10
Loi giai
Ta ¢6 n(Q) = Cl,.
Ta goi céc bién cb

7
C. 30" D. I

| W

¢ A: “Ban hoc sinh dudc chon thich choi da bong”.

18 3
S A)=Cl . hayP(A) = — = =;

* A: “Ban hoc sinh dudc chon khong thich choi d4 béng”.

e B: “Ban hoc sinh dudc chon thich choi cau 16ng”.

16 8
Suy ra n(B) = C|; hay P(B) = 015
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e B: “Ban hoc sinh dudc chon khong thich choi cau 16ng”.

* ANB: “Ban hoc sinh dudc chon thich chdi ca hai moén thé thao”.

7
Suy ra n(ANB) = C! hay P(ANB) = 0

* ANB=AUB: “Ban hoc sinh dudc chon khong thich choi ca 2 moén thé thao”.

. 9
Ta c6 PLAUB) =P(A)+P(B) —P(ANB) = 10
_ 1
Suy ra P(AUB) =1—-P(AUB) = 10"
Chon @4p AN (A) ... nri i O

Cdu 12. Gieo hai con xtc xac can do6i va dong chat. Xac suat cta bién c¢6 “Tong

s0 cham xuat hién trén hai con xuc xac chia heéet cho 5” la

5 | 7
A. 6 B. ¢ C. eV D.
Loi giai
TacoW={(i;j) | 1<i<6;1 <j<6},suyran(W)=36.
Goi A 12 bién ¢b “Téng s6 chAm xuét hién trén hai con xtc xic chia hét cho 5.
Khi d6 A ={(1;4);(2;3);(3;2);(4;1);(4;6);(5;5);(6;4)}, suy ran(A) =17.

O |

. _nA) 7T
Do d6 P(A) = Q) 36
Chon dap 41 (C) .....uit i O

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Gieo hai con xuc xac can doi va dong chat.
* A la bién c6 “Tong s6 cham xuat hién trén hai con xtc xac bang 5”.
* Bla bién co “Tich so cham xuat hién trén hai con xtc xac bang 6”.

* (Cla bien co “Co it nhat mot con xtic xac xuat hién mat 1 cham”.

Khi do
a) A={(1;4);(4;1);(2;3);(3;2)}. b) AC ={(1;4);(4;1)}.
c) AB={(2;3)}. d) BC ={(1;6);(6;1)}.

Lai giai
* Bién cd A= {(1;4);(4;1):(2;3);(3;2)}.
* Bién c6 B = {(1;6);(6:1);(2:3):(3:2)}.
* Bién c6C={(1;6);(6;1);(1;5);(5:1); (1:4); (4 1); (1:3):(3;1): (1:2):(2:1): (1; 1) }.

Khi do,
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a) D) Bién cb A = {(1;4);(4;1);(2;3);(3;2)}.
b) D) Bién cb AC = {(1;4); (4;1)}.
¢) (S) Bién cb AB = {(2:3):(3;2)}.
d) M) Bién ¢b BC = {(1;6);(6;1)}.

Chon dép an |a dung | bdung | csai [ddung|..................o O

Céu 2. Mot hop c6 20 chiée thé cung loai, méi thé duge ghi mot sb trong cac sb
1,2,...,19,20; hai thé khac nhau thi ghi hai s6 khac nhau. Rat ngau nhién mot
chiéc thé trong hop. Xét cac bién cb
A: “Sb trén thé dugc rut ra la sb chia hét cho 5”.
B: “S6 trén thé dudc rut ra 1a sb chia hét cho 3”.
C: “S6 trén thé dudc rut ra 1a sb chia hét cho 5 hodc chia hét cho 3.
D: “S6 trén thé dudc rut ra 1a sb chia hét cho 15”.
a) Bién cb A va bién cb D 14 hai bién ¢6 xung khic.
A 2 < A A N 1
b) Xac suat cua bién co D la 70"
¢) Bién cb D 1a bién cb hop ctia bién cb A va bién cb B.
d) S6 phan tit ca khong gian méu 1a 190.
Loi giai
a) (S) Ta c6 thé sb 15 vita chia hét cho ca 3 va 5 nén 15 vita 12 phn ti ctia bién

¢b A, vita 1a phan ti cta bién ¢6 B nén hai bién cb A, B khong xung khac.

A - A A N 1
b) @ X4c suat caa bien co D 1a P(D) = 20"

¢) (S)Tacé D=ANB.

d) (S) S6 phan tit ctia khong gian mau 1a n(Q) = C, = 20.

Chon dép 4n|asai|bdung |csai [dsai|.............oooi O

PHAN 3. Cau tréc nghiém trd 15i ngdn.

Céu 1. Nha trudng mudn chon mot doi van nghé c6 di cd nam va nit gom 12
em di biéu dién ti mot nhém hoc sinh gom 10 nam sinh va 8 nit sinh. Tinh x4ac
xuat d€ doi vin nghé dudc chon c6 it nhat 6 ban nit. (Lam tron két qua dén hang
phan mudi). Papan:|4|3|,|7
Loi giai

Goi B 1a bién ¢6 “Chon d6i vian nghé gom 12 ban ¢6 da ca nam va ni trong dé cé

it nhat 6 ban ni”.

Suy ra

| C8yxC4+CjyxCi+ClyxC§ 193
C}% 442

P(B) =~ 437.
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DA AN |43, 7 o O

Céu 2. Mot hop dung 9 tAm thé dude danh s6 ti 1 dén 9, hai tAm thé khéac nhau
danh hai s6 khac nhau. Rit ngau nhién dong thdi hai tAm thé tir hop. Xét cac
bién cb sau

A: “Ca hai tAm thé déu danh s6 chan”, B: “Chi ¢6 mét tam thé danh s6 chan”,

C: “Tich hai s6 danh trén hai tim thé 13 mot s6 chan”. Tinh xac suat dé bién co6

C xay ra (lam tron dén hang phan tram). Dapan:(0|, |72
Loi giai
. L , 2 1 ci,-cl 5
Dé thay A, B 14 hai bién c6 xung khac va P(A) = C—g = P(B) = “C : 3 5
1 5 13
Ta c6 P(C) = P(AUB) =P(A) +P(B) = - + 5 = .

Dap An: |0, 72 e O

Céu 3. Chon ngau nhién 3 dinh trong s6 12 dinh ctia mot da gidc déu 12 canh.
Tinh x4c suét cia bién ¢ A “3 dinh dudc chon tao thanh mét tam gidc vuong”(lam

tron dén hang phan tram). DPapan:|0|, 0|6

Loi giai
S6 tam giac c6 thé dudc tao ra bang cach 1ay 3 dinh trong 12 dinh caa da giac 1a
C%z. N 2
Vi da giac la da giac déu nén sé c¢6 1 duong tron ngoai tiep da giac do.
Pé 3 dinh 14y ra tao thanh mét tam gidc vudng thi phai c6 2 dinh tao thanh
duong kinh cta duong tron ngoai tiép. Pa giac dé s6 duong kinh 1a 6.
S6 cach chon ra 3 dinh tur 12 dinh cta da giac dé tao thanh tam gidc vudng 1a
n(A) =Cj,-6.

Clp:6 5

Xac suét ctia bién c6 A 1a P(A) = = -
3, 7

Céu 4. Nguoi ta tham do mot sb6 luong ngusi hAm mo béng da tai mét thanh
phd, noi c6 hai d6i béng da X va Y cung thi dau giai vo dich quéc gia. Biét rang
s6 luong ngudi hAm mo ddi bong da X 1a 22%, s6 luong ngudi hAm mé ddi bong
da v 12 39%, trong s6 d6 c6 7% ngudi néi ring ho haAm md ca hai ddi béng trén.
Chon ngau nhién mot ngusi hAm mo trong s6 nhitng ngudi dude héi, tinh xac
suat dé chon dudc ngusi khong ham mo doi nao trong hai doi bong da X va Y.
Loi giai
Goi A 1a bién c6 “Chon dudec mot ngusi ham mé doi bong da X”, B 1a bién cb
“Chon dudc mot ngusi ham mo doi bong da Y.
Khi d6

2

e P(A)= — =0,22;
() 100 Y b
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39

* P(B) = 55 =039;
7
* P(AB) = 55 =007.

Suy ra P(AUB) = P(A) +P(B) —P(AB) = 0,22+ 0,39 — 0,07 = 0,54.
Xac suat dé chon dude ngusi khong hAm mé ddi ndo trong hai doi béng da X va
Yla

P(AUB) =1 —P(AUB) = 1—0,54 = 0,46.

PHAN 4. Ty luan.

Céu 1. Mot hop chita 21 tam thé cung loai dudc danh sbé tit 1 dén 21. Chon ra
ngau nhién 1 thé tit hop. Goi A 1a bién ¢b “S6 ghi trén thé dugc chon chia hét cho
2”. B 1a bién cb “S6 ghi trén thé dudc chon chia hét cho 3”.

a) Hay mé ta bang 161 bién cb AB.
b) Hai bién cb A va B c6 doc lap khong? Tai sao?
Loi giai
a) Alabién cb “S6 ghi trén thé dudc chon chia hét cho 2”nén A = {2;4;6;8;10;12;14;16; 18;20)
Blabién cb “S6 ghi trén thé dudc chon chia hét cho 3”nén B={3;6;9;12;15;18;21}.
Suy ra bién c6 AB = {6;12;18}.
Vay bién c6 AB 1a “S6 ghi trén thé dudc chon chia hét cho 6.

) 10 ) 7 3 1
b) Xac suat P(A) = o Xac suat P(B) = 31 = Xac suat P(AB) = =.

21 7
I 10 1T 10
Ta c¢6 P(AB) = 7 + TR P(A)P(B) nén hai bién cb A va B khong doc

lap.
Cdu 2. Ba xa tha 1an lugt ban vao mét bia. Xac sudt dé xa tha thd nhét, tha
hai, thi ba bén tring dich 1an lugt 12 0.8 ; 0,6 ; 0,5. Tinh xéc suit dé c6 dung hai
ngudi ban tring dich. Pap4an:| 0|, |46
Loi giai
Goi A; (1 <i<3,ieN)lan ludt 1a bién c6 “Xa thi thit i ban tring dich”.
Xéac suit dé xa tha thi nhat, thi hai, thid ba ban tring dich 1an lugt 1a

P(A;) = 0,8;P(Az) = 0,6;P(A3) =0.5.

Goi X 1a bién c6 “Cé ding hai xa tha ban tring dich”.

Ta c6
P(X) =P(A1)-P(A2) - P(43) + P(A1) - P(A2) - P(A3) + P(A;) - P(A2) - P(A3)
=0,8-0,6-0,54+0,8-0,4-0,5+0,2-0,6-0,5 = 0,46.
bap an: m .................................................................. O
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Y.DESH 5

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Cho A va B 1a hai bién ¢ doc lap. Biét P(A) = 0,4 va P(B) = 0,5. X4c suat
cta bién c6 AUB la
A.09. B. 0,7. C.0,5. D.0,2.
Loi giai
Vi A va B 1a hai bién ¢ doc 1ap nén P(AB) =P(A)-P(B) =0,4-0,5 =0,2.
Do d6 P(AUB) =P(A)+P(B) —P(AB) =0,4+0,5—0,2=0,7.
Chon dAP AN (B) ... v ettt e O

Céu 2. M6t hop dung 25 tam thé cung loai dude danh s6 tit 1 dén 25. Rat ngau
nhién mot tam thé trong hop. Xét cac bién s6 P: “Sé ghi trén tam thé 1a sb chia
hét cho 4” va Q: “S6 ghi trén tAm thé 1a s6 chia hét cho 6”. Nbi dung ctia bién cb
giao PQ la gi?

A. {3;6;9;12;15;18;24}. B. {1;2;4}.

C. {12:16;20;24}. D. {12;24}.
Loi giai
B6i chung ctaa 4 va 6 la {12;24}.
Chon dAp 40 (D) ... .ve e O

Céu 3. Hai ban An va Binh doc 14p véi nhau tham gia mot cudc thi. Xac suat
dé ban An va ban Binh dat giai tuong tng 14 0,8 va 0,6. Xac suat dé c6 it nhat
mot ban dat giai la

A. 0,94, B. 0,924. C. 0,92. D. 0,93.
Loi giai
Xéc suat dé ban An va ban Binh dat giai tuong tng 14 0,8 va 0,6.
Suy ra xac suat dé ban An va ban Binh khéng dat giai tuong tng 14 0,2 va 0,4.
Xac suat dé c6 khong ban nao dat giaila 0,2-0,4 = 0,08.
Vay xéac suat dé c6 it nhat mot ban dat giai la 1 —0,08 = 0,92.
Chon daAp 4n (C) .....vie i O

Cau 4. Mot 16p hoc ¢6 30 hoc sinh, trong d6 c6 18 hoc sinh thich da bong, 16 hoc
sinh thich cau 16ng va 7 hoc sinh thich choi ca hai mén thé thao. Chon ngiu
nhién mot hoc sinh. Xac suat ban hoc sinh dudc chon khong thich choi mon thé

thao nao la
1

. E .
Loi giai

C.l D. —

B. 30" 5

| W
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. _ 1
Ta c6 n(Q) = Cy,.
Ta goi cac bién co

A: “Ban hoc sinh dudc chon thich choi da bong”.

18 3
S A)=Cl  hay P(A) = — = =;

A: “Ban hoc sinh dudc chon khong thich choi d4 béng”.

B: “Ban hoc sinh dudc chon thich choi cau long”.

16 8
— ! = = __
Suy ra n(B) = C;, hay P(B)—3O 5

B: “Ban hoc sinh dudc chon khong thich choi cau 16ng”.

ANB: “Ban hoc sinh dudc chon thich chdi ca hai mén thé thao”.

7
Suy ra n(ANB) = C} hay P(ANB) = 30

* ANB=AUB: “Ban hoc sinh dudc chon khéong thich choi ca 2 mén thé thao”.

Ta ¢6 P(AUB) = P(4) + P(B) — P(ANB) = 19—0

_ 1
Suy ra P(AUB) =1—P(AUB) = 10

Chon dap an @ ............................................................... O

A CTLA A s . 1
Cau 5. Cho hai bién co A va B ¢6 P(A) = 3 P(B) =

nao sau day dung

A. Doc lap. B. Khéng xung khac.
C. Xung khic. D. Khong rd.

Loi giai

Ta xét

P(AUB) = P(A) + P(B) — P(ANB)
1 1 1

E = §+1—P(Aﬂ3)

& PANB) = 1—12 £0.

=

Suy ra hai bién ¢6 A va B 12 hai bién ¢6 khéng xung khic.
Chon dAP AN (B) ... e ettt O
Cdau 6. Cho A va B 1a hai bién c¢6 doc lap véi nhau, P(A) = 0,4 va P(AB) = 0,02.
Khi d6 P(B) bang

A.0,55. B. 0,06. C. 0,05. D. 0,25.
Loi giai
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Ta c6 A va B 1a hai bién cb doc lap véi nhau, do dé P(AB) = P(A)-P(B) = P(B) =
P(AB) 0,02
— —0,05.

P(A) 0,4
Chon dap 41 (C) ....uuit i O
Cdu 7. Cho A va B 1a hai bién cb doc lap. Biét P(A) = 0,7 va P(B) = 0,2. X4c suat
cia bién c6 AB bang

A. 0,006. B. 0,9. C. 0,14. D. 0,24.
Loi giai
Vi A la bién ¢6 d6i ciia A nén P (A) = 1 —P(A) =0,3.
Do A va B doc lap nén P (AB) =P (A) -P(B) =0,3-0,2 = 0,06.

Chon dap an @ ............................................................... O
Cdu 8. Néu A va B 1a hai bién cb bat ki thi P(AUB) bang
A.P(A)+P(B)—P(ANB). B. P(A) —P(B) —P(ANB).
C. P(A) —P(B) —2P(ANB). D.P(A) —P(B) +P(ANB).

Loi giai
Vi A va B 12 hai bién c6 bat ki nén P(AUB) = P(A) +P(B) —P(ANB).

Chon dap 41 (A) ... i O
Cdau 9. Cho A, B1a hai bién cb doc 1ap. Biét P(A) =0,5; P(AB) = 0,2. Tinh P(AUB).
A.04. B. 0,9. C. 0.,6. D.0.7.
Lai giai
P(AB)
Vi A, B la hai bién co doc lap nén P(AB) =P(A) -P(B) = P(B) = PA) =0,4.
Do d6 P(AUB) =P(A) +P(B) —P(AB) =0,7.

Chon dap an @ ............................................................... O
A LA g % 1 | R
Cau 10. Cho A va B la hai bien co xung khac. Biet P(A) = 3 P(B) = T Tinh

P(AUB).
AL B. L. c.l. D. 1.
12 12 7 2
Loi giai
Do A va B 14 hai bién ¢ xung khic nén
P(AUB) =P(A)+P(B) = 1Jr1 _ 7
N 34 12
Chon @Ap AN (A) ... .nri e O

Cau 11. Gieo hai con xic xic can d6i va dong chat. Xac suat ctia bién cb “Tong
s6 chAm xuét hién trén hai con xtdc xic chia hét cho 5” 1a
5 1 7 2
A. 3 B. c C. e D. 5
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Loi giai

TacoW={(i;j) | 1<i<6;1 <j<6}, suyran(W)=36.

Goi A 12 bién ¢b “Téng s6 chAm xuét hién trén hai con xtc xac chia hét cho 5.
Khi d6 A ={(1;4);(2;3);(3;2);(4;1);(4,6);(5;5);(6;4)}, suy ra n(A) =17.

, _na) 7
Do d6 P(A) = Q) 36
Chon dap 41 (C) ...t O

Céu 12. Cho A, B 1a hai bién c¢b lién quan dén mét phép thit c6 hitu han cac két
qua dong kha ning xuit hién. Xét A va B 1a hai bién c6 doc lap. Ménh dé nao
sau day sai?

A. A va B 12 hai bién cb doc 1ap. B.P(AB) =P(A)-P(B).

C.P(AB) =P(A)-P(B). D.P(AB) = (1—-P(A))-P(B).
Loi giai
P(AB) =P(A)-P(B) la ménh dé sai vi P (AB) =P(A) -P(B).
Chon dAp AN (B) ... v ettt et e O

PHAN 2. Céu fréc nghiém ding sai

Cdu 1. Hai cau tha béng da va sut phat dén, xac suit ban ca cau tha thi nhat
va cau thu thi hai tuong tng 14 0,8 va 0,7. Goi A va B lan lugt 1a bién ¢6 cau tha
thit nhat va cau tha thi hai ghi dude ban thang. Khi d6

a) P(A) =0,2.

b) P (B) = 0,8.

¢) Xac xuét chi c6 cau thu thi nhat lam ban 14 0.8.

d) Xac sut Chi c6 cau tha thid hai lam ban 12 0,14.
Loi giai

a) (D) Pung.
Ta c6 P(A) = 0,8 =P (4) =1-0,8=0,2.

b) (S) Sai.
Ta c6 P(B) =0,7=P(B) =1-0,7=0,3.

c) (S) Sai.
Xét bién ¢ AB “Chi c6 cau thii thd nhat lam ban”.
Ta c6 P(AB) =P(A)-P(B) =0,8-0,3=0,24.

d) ) Ping.
Xét bién c6 BA “Chi c6 cau thu thd hai 1am ban”.
Ta c6 P (BA) =P(B)-P(A) =0,7-0,2=0,14.
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Chon dép an |a dung | bsai|csai|[ddung| ...................o O

Cdau 2. Trén mét bang quang cdo, ngudi ta mac hai hé théng béng den. Hé théng
I gébm 2 béng méc ndi tiép, hé théng 17 gobm 2 béng mac song song. Kha nang bi
héng ctia mbi béng den sau 6 gis thap sang lién tuc 1a 0,15. Biét tinh trang cta
moi béng den 1a doc 1ap. Xét tinh ding sai ctia cac phat biéu sau
a) Xac suat dé hé thong I7 bi hong (khong sang) bang 0,0225.
b) Xac suit dé hé théng I7 hoat dong binh thuong bang 0,9775.
c¢) Xac suat dé hé théng I bi hong (khéng sang) bang 0,5775.
d) Xac suét ca hai hé thong bi hong (khong sang) (két qua dude lam tron dén
hang phan tram nghin) bang 0,02624.
Loi giai
a) @ Pung. Hé théng II gom 2 béng dude mac song song nén né chi hong khi
ca hai béng déu héng.
Goi B 12 bién c6: "Hé théng I7 bi héng", khi dé P(B) = 0,15 x 0,15 = 0,0225.

b) @ Pung. B 1a bién c6: "Hé thoéng /7 bi hoat dong binh thuong", khi dé

P(B) =1-0,0225=0,9775

c) @ Sai. Hé théng I chi hoat dong binh thuong khi ca hai béng binh thuong.
Goi A 1a bién c6: "Hé théng I bi hong". Khi d6 xac suat dé hé théng I hoat
dong binh thuong la P(A) = 0,85 x 0,85 = 0,7225. Suy ra P(A) = 1 — P(A) =
0,2775.

d) (S) Sai. Xac sut dé ca hai hé théng I va II déu hong 1a P(AB) = P(A)-P(B) =
0,0225-0,2775 ~ 0,00624

Chon dép an |a dung | bdung | csai [dsai| ... O

PHAN 3. Cau tréc nghiém trd 15i ngén.

Cdau 1. Hai bénh nhan X va Y bi nhiém vi rit SARS-CoV-2. Biét rang xac suat
bi bién chiing ning ctia bénh nhan X 14 0,1 va ctia bénh nhan Y 14 0,2. Kha nang
bi bién chiing néing ctia hai bénh nhan 1a doc 1ap. Hay tinh x4c suét cta céc bién

c¢6 “Ca hai bénh nhan déu bi bién ching ning” DPap an:[ 0|, |02
Loi giai

Goi A 1a bién c6 ”Bénh nhan X bi bién chiing niang”. Ta c6 P(A) =0,1 va P(A) =0.9.
Goi B 12 bién c6 "Bénh nhan Y 1a bién chitng ning”. Ta ¢ P(B) =0,2 va P(B) =0,8.
Ta thay A va B 1a hai bién c6 doc lap nén xac suat ca hai bénh nhan déu bi bién

ching nang la

Dap an: 0,02 ... O
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Cdu 2. Ba xa thu cung ban, méi ngudi mét vién dan vao bia mot cach doc 1ap
v6i nhau. Xac sut ban tring bia ctia ba xa tha 1an ludt 1a %% va % Tinh xac
suat ctia bién c6 c6 it nhat hai xa tha khong ban tring bia (két qua lam tron t6i
hang phan tram). Papan:|0|, 8|6
Loi giai

Gia st A :“Xa tha 1 ban tring bia ”.

Gia st C : “Xa tha ba ban tring bia ”.

1 — I 1
SuyraP(A):§:>P(A):1—P(A):1—§:§.
Gia st B :“Xa tha hai ban trung bia ”.

1 — 1 3
S PB)=-=PB)=1—-PB)=1—-=-.

uy ra P(B) = ; = P(B) = 1~ P(B) =1 - ; =
2
3

1 1
SuyraP(C):§:>P(C):1—P(C): l—gz
Nhan thay A, B,C 1a céac bién cb doc 1ap nén suy ra A,B,C,A,B,C doi mot doc lap
véi nhau.

Ta co6 so do sau

Goc

— T

A A
/\ /\
B B B B
/N N\ VA VAN
C ¢ C ¢ cC ¢ C ©
Goi D :“Cé it nhét hai xa thu khéng ban trung bia ”.

Suy ra D = {(ABC), (ABC),(ABC),(ABC)}.
Suy ra

—

Vay P(D) ~ 0,86.
Dap 4n: [0,86] ... O

Céu 3. Mot doi tinh nguyén gom 9 hoc sinh khéi 10 va 7 hoc sinh khéi 11. Chon
ra ngau nhién 3 ngudi trong doi. Tinh x4c suit ctia bién c¢6 “Ca 3 ngudi dudc
chon hoc cung méot khéi”? (Két qua 1lam tron dén hang phan tram)

DPDapan:| 0|, |21
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Loi giai

Goi A 1a bién cb: “Ca ba hoc sinh dugc chon déu thudce khéi 10”.

B 1a bién c6: “Ca ba hoc sinh dudc chon déu thuoc khéi 117.

Khi d6 A UB la bién c6 “Ca ba nguoi dudc chon hoc cting mot khoi”.
Do A va B 1a hai bién ¢6 xung khac nén P(AUB) = P(A) + P(B).

) c3 C3 c C 17
Ta thdy P(A) = —- va P(B) = —,nén P(AUB) = >+ —L = — ~0,21.
C16 C16 C16 C16 80

Pap an: m .................................................................. O

Céu 4. Nha truong mubn chon mot doi van nghé c6 di cd nam va nit gom 12 em
di biéu dién tit mot nhém hoc sinh gom 10 nam sinh va 8 nit sinh. Biét xac xuat

02 3as ~ .. 2 ~ 1 M. ~ . m
dé doi van nghé dudc chon c¢6 it nhat 6 ban nt la — v6i m; n nguyén duong va —
n n

t6i gian. Tinh 7 = m +n. Papan:|6 |3 |5
Loi giai

Goi B; 1a bién c6: “Chon doi van nghé gom 12 ban ¢6 d cad nam va nii trong d6
c6 dung 6 ban nt”

Goi B 1a bién c6: “Chon d6i vén nghé gom 12 ban ¢6 da cd nam va nit trong d6
c6 dung 7 ban nit”.

Goi B3 1a bién c6: “Chon doi van nghé gom 12 ban c¢6 di cad nam va ni trong d6
c6 dung 8 ban nu”.

Ta ¢6 B; UB, UB3 1a bién c¢b: “Chon ddi van nghé gom 12 ban ¢6 di ca nam va nit
trong d6 c6 it nhat 6 ban ni”.

Vi By, B, va Bs 1a cac bién ¢6 xung khac nén

cé.cé cCr.c3, ct&.ct 193
P(31U32UB3):P(Bl)—{—P(Bg)—i—P(Bg,): 8 10 8 10 8 10 _ 0

Ci2 Cl2 clz 442
Vay m =193, n =442 va T = 635.
DD AN (035 ] .ottt O

PHAN 4. Ty luan.

Céu 1. Trong dot kiém tra cudi hoc ki 17 16p 11 cta céc trudng trung hoc phé
thong, thong ké cho thay c¢6 93% hoc sinh tinh X dat yéu cau; 87% hoc sinh tinh
Y dat yéu cau. Chon ngau nhién mot hoc sinh cia tinh X va mot hoc sinh cta
tinh Y. Gia thiét rang chat luong hoc tap cta hai tinh 1a doc 1ap. Tinh x4c suét

a) Ca hai hoc sinh dudc chon déu dat yéu cau;
b) Ca hai hoc sinh dudc chon déu khong dat yéu cau;
¢) Chi c6 ding mot hoc sinh dudc chon dat yéu cau;

d) Cé it nhat mét trong hai hoc sinh dude chon dat yéu cau.
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Loi giai
a) Goi A 1a bién ¢6 “Hai hoc sinh dudc chon déu dat yéu cau”.
Goi X 1a bién c¢6 “Hoc sinh tinh X dat yéu cau”= P(X) = 0,93.
Goi Y 1a bién ¢6 “Hoc sinh tinh ¥ dat yéu cau”= P(Y) = 0,87.
Ta thay bién c6 X, Y 1a 2 bién c6 doc lap nhau, theo cong thitc nhan xéac

suat ta co

P(A)=P(X-Y)=P(X)-P(Y)=0,93-0,87 = 0,8091.

b) Goi B 1a bién ¢6 “Hai hoc sinh dugc chon déu khong dat yéu cau”.
Tac6B=X-Y=PB)=P(X-Y)=P(X)-P(Y)=(1-0,93)-(1—-0,87) = 0,0091.

¢) Goi C 1a bién ¢6 “Cé dung mot hoc sinh dude chon dat yéu cau”.
Ta co

C = X-VUX-Y)
= P(C)=P((X-Y)UX-Y))=PX)-PY)+P(X)-P(Y)
= 0,93-(1-0,87)+(1-0,93)-0,87 =0,1818.

d) Goi D 1a bién cb “Cé it nhat mot trong hai hoc sinh dude chon dat yéu cau”.
Ta c6 D=B= P(D)=P(B)=1—P(B)=1-0,0091 = 0,9909.

Cdu 2. Trong tran dau béng da giita 2 doi Real Madrid va Barcelona, trong tai
cho doi Barcelona dudc hudng mét qua penalty. Cau tha sut phat ngiu nhién
vao 1 trong bon vi tri 1, 2, 3, 4 va thit mén bay ngudi can pha ngiu nhién dén 1
trong 4 vi tri 1, 2, 3, 4 v6i xac suat nhu nhau (tht moén va cau tha sut phat déu
khong doan duge ¥ dinh ctia d6i phuong). Biét néu cau thi sit va thi mon bay
cung vao vi tri 1 (hodc 2) thi th moén can pha dude cd sut dé, néu cung vao vi
tri 3 (hodc 4) thi xac suat can pha thanh cong 1a 50%. Tinh xac suat cta bién cb
" cu sut khong vao luéi".

Loi giai

Goi A; 12 bién c¢6 “cau thi sut phat vao vi tri 7, i € {1,2,3,4};

B; 1a bién c6 “thtt mén bay ngusi can pha vao vi tri thi i7;

C 1a bién c6 “ct sut phat khong vao luéi”.

Dé thay P(A;) =P (B;) = %. Ta c6

P(C) = P(A)-P(B1)+P(A2)-P(B2)+%P(A3)-P(B3)+%P(A4)-P(B4)
1N2 71\ 1/1\> 1/1\* 3
= (z> +(z> *5(1) +5(z) =16

—Hbt—
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Z.PESO 6

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Céu 1. Trén gia sach c6 cac quyén vé khong nhan xép canh nhau véi bé ngoai,
khéi lugng va kich thuée giébng hét nhau, trong d6 c¢6 5 quyén ghi mén Toan, 5
quyén ghi mén Ngit Van va 3 quyén ghi mén Tiéng Anh. Liy ngiu nhién hai
quyén v3. Xét céc bién cb:
M: “Trong hai quyén vé dudc lay, chi c6 1 quyén ghi mén Tiéng Anh”;
N: “Trong hai quyén vé dudc 14y, chi ¢6 1 quyén ghi mén Ngit Van”.
Khi d6, bién cb giao cta hai bién c¢6 M va N la:

A. “Hai quyén v6 dudc 1ay ghi cing mét mén”.

B. “Hai quyén v6 dudc 1ay ghi hai mén khéac nhau”.

C. “Trong hai quyén vé dudc 1ay, mot quyén ghi mén Tiéng Anh va mot quyén

ghi moén Ngit Van”.

D. “Hai quyén v6 dudc 14y c6 it nhat moét quyén ghi mon Tiéng Anh”.
Loi giai
Bién c6 giao ctia hai bién ¢6 M va N 1a “Trong hai quyén vé dudce 1ay, mot quyén
ghi mén Tiéng Anh va mét quyén ghi mon Ngit Van”.
Chon dap 41 (C) ....utit i O

Cdau 2. Lép c6 44 hoc sinh gom 24 hoc sinh giéi va 20 hoc sinh kha. Thay giao
cht nhiém can chon ngiu nhién trong 16p mét nhém goém 3 hoc sinh dé kiém tra
kién thiic cii. Tinh x4c suat trong 3 ban thay chon s6 hoc sinh giéi nhiéu hon hoc

sinh kha.
A.i 1886 C 1380 D 46

e ETTIE ETTIE " 301"
Loi giai

Ta c6 n(Q) =C3,.

Xét bién cb A 12 bién ¢b can tim.

Xét cac truong hgp sau

* Truong hop 1: 3 hoc sinh giéi, 0 hoc sinh kha ¢6 C3, - C), cach.
* Truong hop 2: 2 hoc sinh gidi, 1 hoc sinh kha ¢6 C3, - Cl, cach.
n(A) 1886

n(Q)  3311°
Chon dap an (B) ... e e e O
Céu 3. M6t hop chita 22 tAm thé cung loai dude danh s6 lan lugt tir 1 dén 22.

Chon ra ngiu nhién 1 thé tit hop. Goi A 1a bién c6 “S6 ghi trén thé dude chon

Suy ra n(A) = 7544 hay P(A) =
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chia hét cho 27, B 14 bién c6 “S6 ghi trén thé dudc chon chia hét cho 3”. X4c suat

cta bién cb AB bang
3 7 1 7
A. 2 B. 7 C. 3 D. YR
Loi giai
Khong gian mau Q = {1; 2; 3; ...; 22}, suy ra n(Q) = 22.
Ta c6 A 1a bién ¢b “S6 ghi trén thé dugce chon chia hét cho2” = A = {2; 4; 6; ...; 22}.
Blabién cb “S6 ghi trén thé dude chon chia hét cho 3” = B= {3; 6;9; 12; 15; 18; 21}.

. 3
Ta cting ¢c6 ANB = {6; 12; 18}, suy ra P(AB) = —.

Chon @Ap AN (A) ...t O
Céu 4. Hop thi nhat chita 3 tAm thé cung loai dude danh s6 lan ludt tit 1 dén 3.
Hop thi hai chita 5 tAm thé cung loai duge danh s6 lan lugt tit 1 dén 5. Lay ra
ngau nhién tit m6i hop 1 thé. Goi A 1a bién ¢b “Tong cac sb ghi trén 2 thé bang
6”, B 1a bién c6 “Tich céc s6 ghi trén 2 thé 1a s6 1&”. Viét tap hop mo ta bién cb
AB.
A.AB={(1;5);(3;3)}. B. AB=1{(1;5);(2;4);(3;3)}.
C.AB={(1;5);(3;1);(3;3);(3;5)}. D. AB = {(1;5);(1;6);(3;3);(3;5) }.
Loi giai
Taco A={(1;5);(2:4);(3;3)} va B={(1;1);(1;3);(1;5);(3;1);(3;3);(3;5) }.
Vay AB = {(1;5);(3;3)}.
Chon dap an @ ............................................................... O

Céu 5. Trong mot 16p hoc gom 15 hoc sinh nam va 10 hoc sinh nit. Gido vién goi
ngau nhién 4 hoc sinh 1én giai bai tap. Xéc suat dé 4 hoc sinh dudc goi d6 ¢ ca
e Zia9nﬁ a 442 443 219

‘533" B. 206" C. 206" D. 3
Loi giai
S6 cach chon 4 hoc sinh tit 25 hoc sinh 1a Ci..
S6 cach chon 4 hoc sinh trong d6 chi c6 nam hodc nit 1a C}; + Cf,.
Cls+Cj, 443

C4, 506°

Chon dap an @ ............................................................... O

Xéc suat dé 4 hoc sinh dude goi ¢6 cd nam vanitla 1 —

Céu 6. Mot hop chita 6 qua cau trang va 7 qua cau den. LAy ngiu nhién dong

thoi bén qua trong s6 d6. Xac suat dé cé it nhat moét qua cau trang bang
7 120 13 136
A, —. B. —. C. —. D. —.
143 143 24 143
Loi giai
S6 phan tit ctia khong gian mau 1a n(Q) = Cf;.

Goi A 1a bién ¢b 14y dudc it nhat mot qua ciu trang.
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Bién c6 dbi cta A 12 bién c¢b B “khong iy dudc qua cau trang nao”.

S6 phan ti ctia bién cb B 1a n(B) = C3.

n(B) c3 7

n(Q)  Cf 143

Suy ra xéc suat P(A) =1—-P(B) = ——.

Chon dap an @ ............................................................... O

Céu 7. Hop thit nhat chiia 3 tam thé cung loai dude danh sb 1an lugt tit 1 dén 3.
Hop thi hai chita 5 tam thé cung loai dude danh sb 1an lugt tit 1 dén 5. Lay ra
ngau nhién tit m6i hop 1 thé. Goi A 1a bién ¢b “Tong cac sb ghi trén 2 thé bang

Xac suat P(B) =

67, B1a bién c6 “Tich cac so ghi trén 2 thé 14 s6 18”. Goi C 1a bién c6 khac rong va
xung khac véi ca hai bién co A va B. Tim biéen co C.

A.C={(152);(154);(2;1);(2;2);(2;3);(2:5);(3;2); (3;4) }.

B.C={(1;2);(1;4);(2;1);(2;2);(2;3);(2;5);(3;3);(3;5) }.

C.C={(152);(1;4);(2;1);(2:2);(2;3);(2:5);(3;3);(3:6) }.

D.C={(1;3);(1;4);(2;1);(2;2);(2:3);(2;5);(3;2);(3;4) }.
Loi giai

C 1a bién cb “Tich cac sb ghi trén 2 thé 1a s6 chén va tong khac 6”.
Suy ra C = {(1:2); (1;4); (2:1): (2:2); (2:3):(2:5): (3;2): (3:4) }.
Chon dap an @ ............................................................... O

Cau 8. Gieo ngau nhién mot con xtc xac can d6i va dong chat ba lan lién tiép.
Goi A 1a bién c¢6 “Téng s6 cham xuat hién trén ba con xic xac bang 8”, B 1a bién
co “Tich s0 cham xuat hién trén ba con xuc xac khong vugt qua 30”. Xac suat
ctia bieén co AB bang
5
A. —.
36
Loi giai

B. C. D. —

72

O | =
O | —

Gieo ngau nhién mét con xtc xac can ddi va dong chat ba 1an lién tiép thi khéng
gianmaula Q= {(i; j: k) |1 <i; j; k <6}, suy ran(Q) = 6> = 216.

Goi A 12 bién ¢6 “Téng s6 chaAm xuét hién trén ba con xic xéc bang 8”.
Taco8=6+1+1=54+2+1=44+3+1=4+2+2=3+3+2.

V6i b6 (6; 1; 1) ta c6 3 hoan vi, v6i bo (5;2;1) ta c6 3! hoan vi.

Tuong tu véi cac bo con lai.

Suy ra so6 két qua thuan 16i cho bién c6 A la n(A) =3 +3!+3!+3+3 =21.

Xét bién c¢b B “Tich s6 chAm xuét hién trén ba con xic xic khong vudt qua 30.
Ta thiy moi phan tit thudc A déu thudc B, tiic 1a A € Bnén ANB = A.

L x 21 7
Vay xa at can tinh la P(AB) =P(A) = — = —.
ay xac suat can tinh 1a P(AB) (A) 26 = 73
Chon dAp 4n (D) ... v O]
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CA&u 9. Cé hai tai dung cac vién bi ¢6 cung kich thuée va khéi luong. Tai I ¢6 3
vién bi mau xanh va 7 vién bi mau doé. Ti 7 ¢6 10 vién bi mau xanh va 6 vién
bi mau dé. Ti moéi tai, 1ay ngau nhién ra mét vién bi. Tinh xac suat dé hai vién
bi dudc 14y c¢6 cung mau xanh.
1 3
A. T B. T C.
Loi giai

5
D. —.
16

oo | —

Goi A la bién co “Lay dudc hai vién bi mau xanh”.

. A 2« A R . N Ny , o 3
Goi X 1a bien co “Lay dudc vién bi mau xanh ti tai thi nhat” = P(X) = 10°

0|

Goi Y 14 bién c6 “Lay dudc vién bi mau xanh tit tai thi hai” = P(Y) =
Ta thay bién c6 X, Y 14 2 bién cb doc 1ap nhau, theo cong thitc nhan xéac suat ta
co

3
10
Chon dAP AN (B) ... v ettt et e O
Céu 10. Khao sat mot trudng trung hoc phd théng, nguvi ta thiy c6 20% hoc
sinh thuan tay trai va 35% hoc sinh bi can thi. Gia st dic diém thuan tay nao

P(A)=P(X-Y)=P(X)-P(Y)=

khong anh huéng dén viéc hoc sinh c6 bi can thi hay khong. Gap ngau nhién
mot hoc sinh ctia truong. Tinh xac suat cta bién c¢b hoc sinh d6 bi can thi hodc
thuan tay trai.
A. 0,72. B. 0,48. C. 0,65. D. 0,07.
Loi giai
Goi A 12 bién ¢6 hoc sinh thuan tay trai, khi dé P(A) =0,2.
Goi B 12 bién ¢6 hoc sinh c4n thi, khi dé P(B) = 0,35.
Khi d6 x4c suat ctia bién ¢b hoc sinh d6 bi can thi hodc thuan tay trai 1a

P(AUB) = P(A) +P(B) —P(AB) = 0,48

Chon dAP AN (B) ... v ettt et O
Cau 11. Trén dudng di tit Ha Noi vé tham Pén Hung & Phi Tho, Binh, Minh va
5 ban khac ngoi vao 7 chiéc ghé trén mét xe 6 t6 7 ché. Khi xe quay lai Ha Noi,
mobi ban lai chon ng6i ngau nhién mot ghé. Tinh xac suat ctia bién ¢6 "Cé it nhat
mot trong hai ban Binh va Minh vAn ngoi ding ghé cii cia minh"

AL B. L. c.2. D.>.
7 7 7 7
Loi giai

Z ° X P N A ~ 1N 1
Xac suat dé Binh ngoi dung la ghe ca la =

Xac suat d&€ Minh ngoi lai ding ghé ci la

AN =

Suy ra, xac suat dé Binh ngoi khong dung ghé ci1 1a

e
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Ay 32 NI P . U
Xac suat dé Minh ngoi khong dung ghe cu la c

Xéac suat ctia bién ¢b "Cé it nhat mot trong hai ban Binh va Minh vin ngéi dung
hé cii cia minh 1a P = ! X 1+1 ><5+6>< 112 2
8 776 776 776 42 T

Chon dap 41 (C) ....uu i e O

PHAN 2. Céu fréc nghiém ding sai

Cdu 1. Trong mét bai thi trac nghiém khach quan gom 10 cau. Mdi cau cé 4
phuong an tra 16i, trong d6 chi c6 mét phuong an ding. Mot hoc sinh chuén bi
bai khong tot nén 1am bai bang cach: V6i méi cau, chon ngiu nhién mot phuong
an tra 10i. Xét tinh dung sai trong cac khang dinh sau.

a) Xac suat dé hoc sinh d6 tra 16i dung méi cau 1a 0,25.

b) Xac suat dé hoc sinh d6 tra 16i sai ca 10 1a 10-0,75.

¢) Xac suat dé hoc sinh d6 tra 16i sai méi cau 14 0,75.

d) X4c suat d€ hoc sinh d6 tra 16i ding 1 cau la 10-0,25.
Loi giai
Mbi cau, xac suat dé hoc sinh chon sai 1a % =0,75.

X A . £, a0 . , 1
Moi cau, xac suat dé hoc sinh chon dung la 1= 0,25.

Khi dé6, xac suat dé hoc sinh chon sai ca 10 cau la

33 3 3\ 10
Z'Z“”Z:(Z) = (0,75)1°.
——

Xéac suat dé hoc sinh chon ding 1 cau la

1
Clo- 4 =10-025.

Chon dép 4n|a ding | bsai | cdung [ddung| ......................o O

Cdu 2. Hai ngusi doc 1ap nhau ném béng vao rd. Mbi ngusi ném vao ré caa
minh moét qua béng. Biét rang xac sudt ném béng vao dude rd ciua tung ngudvi
tuong tng 12 0,2 va 0,5.

* Goi A 1a bién c6: “Ngudi thi nhit ném béng vao dudc rd”.
e Goi B 1a bién c6: “Ngusi thi hai ném béng vao duge ré”.
* Goi X 1a bién c6: “Ca hai cung ném béng vao dudc ré”.

e Goi Y 1a bién c¢6: “Chi c6 mot ngusi ném béng vao dude ro”.
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Xét tinh ding sai cac ménh de sau
a) Bién c6 Y =AUB.
b) X4c xuat ctia bién ¢6 X 1a P(X) = 0,1.
¢) Bién c6 X = AB.
d) Xac xuat ctia bién c6 ¥ 1a P(Y) =0,5.
Loi giai
Theo dé bai ta ¢6 P(A) = 0,2; P(B) = 0,5 =P (A) =0,8; P (B) =0.5.

a) (S) Sai.

Y “Chi ¢6 mot ngusi ném béng vao dude r6”, khi d6 ¥ = ABUAB.

b) (D) Pung.
Ta thay bién cb A, B 1a 2 bién c¢b doc 1ap nhau, theo cong thic nhan xac suét
ta co
P(X) =P(AB) =P(A)-P(B)=0,2-0,5=0,1.
c) @ Pung.

X 12 bién ¢6 “Ca hai cung ném béng vao dudce r6”, khi d6 X = AB.

d) D) Pung.
Ta thay bién cb A, B 1a 2 bién c¢b doc lap nhau nén A, B cling doc 1ap va AB
doc lap

P(Y) =P(ABUAB) =P(AB) +P(AB) =P(A)-P(B)+P(A)-P(B) =0,8-0,5+0,2-0,5=0,5.

Chon dép 4n|asai | b dung | cding [ddang| ....................o O

PHAN 3. Cau tréc nghiém tr& 15i ngdn.

Céu 1. Tung dong thoi mét dong xu va mot con xic xac 12 mat (tir 1 dén 12). Xac

suat dé dong xu xuat hién mat ngita va con xtic xic xuat hién méit 1a boi caa 3

bang bao nhiéu? (Lam tron két qua dén hang phan tram) Pap an:| 0|, | 1|7

Loi giai

. NEA A €A % A o o 9 1
Goi A 1a bién co “Dong xu xuat hién mat ngta”. Suy ra P(A) = 5
. 1A A« . g A ‘A o N As o 9 4 1
Goi C 1a biéen co “Con xuc xac xuat hién mat 1a boi caa 3”. Suy ra P(C) = o=
Xac sut xuat hién mat ngtta va mat 1a boi cta 3 1a
P(AC) = P(4)-P(C) = +- L = L 017
B 23 6 7

bap an: m .................................................................. O
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Céu 2. Trong mét cong ty, c6 25% nhan vién biét tiéng Anh va 50% nhéan vién
biét 1ap trinh. Gia st viéc biét tiéng Anh khong 4nh huéng dén kha ning biét
lap trinh ctia nhan vién. Chon ngau nhién mét nhan vién trong cong ty. Tinh
xac suat dé nhan vién doé biét tiéng Anh hodc biét 1ap trinh. Két qua lam tron
, 1613

dén 2 chit s6 thap phan. Dap an: | 0
Loi giai

Goi A 1a bién c6 nhan vién biét tiéng Anh. Ta c6 P(A) = 0,25.

Goi Bla bién c6 nhan vién biét 1ap trinh. Ta c¢6 P(B) = 0,5. Ta c6 A, B 1a hai bién
b doc lap.

Do d6 P(AB) = P(A) -P(B) =0,25-0,5 = 0,125.

Xéc suét cia bién c¢b nhan vién dé biét tiéng Anh hoac biét 1ap trinh

P(AUB) =P(A) +P(B) —P(AB) = 0,25+0,5—0,125 = 0,625 ~ 0,63.

Pap an: m .................................................................. OJ
Cédu 3. Biét rang xac suét sinh con trai trong méi 1an sinh 14 0,51. Tinh xac suét
sao cho trong ba lan sinh c6 it nhat mét 1an sinh con trai (méi 1an sinh 1 con)?
lsls

(Két qua lam tron dén hang phan tram) Dap an: | 0
Loi giai

Goi A 1a bién cb: “Ba lan sinh c6 it nhat 1 con trai”, suy ra A 1a bién c6: “Ba lan
sinh c6 déu 1a con gai”.

Goi B; 1a bién c6: “Lan thi i sinh con gai”, véii=1,2,3.

Khi d6 P(By) =P(B,) = P(B3) = 0,49.

Ta c6 A= B;NB,NB;3. Do d6

P(A)=1—P(A) =1—P(B;)-P(By)-P(B3) = 1 — (0,49)% ~ 0,88.
Pap an: m .................................................................. OJ
Cdéu 4. Hai ban Chién va Cong cung chdi ¢ véi nhau. Trong mot van cd, xac

suat Chién thing Céng la 0,3 va xac suat dé Cong thiang Chién 1a 0,4. Hai ban
ding choi khi ¢6 ngudi thang, ngudi thua. Tinh xac suit d€ hai ban ding choi

sau hai van co. Papan:|0|, |21
Loi giai

Goi A 12 bién ¢b: “Chién thing Cong”, B 1a bién cb: “Cong thing Chién”.

Suy ra P(A) = 0,3 va P(B) = 0,4.

Hai ban dung chdi sau hai van khi van 1 hoa va van 2 khong hoa (Chién théng

hodc Cong thang).

Xac suat van 1 hoala 1-0,3—0,4=0,3.

Xac suat van 2 Chién thang hodc Viét thang 1a P(AUB) =P(A)+P(B) =0,34+0,4 =
0,7.

Khi d6 xéc suat dé hai ban ding chsi 12 0,3-0,7 = 0,21 .
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Pap an: m .................................................................. O

PHAN 4. Ty luan.

Céu 1. Cé hai tai dung cac vién bi ¢6 cung kich thudc va khoi lugng. Ti 7 ¢6 3
vién bi mau xanh va 7 vién bi mau do. Tai /7 ¢6 10 vién bi mau xanh va 6 vién
bi mau d6. Tt méi ti, 1ay ngau nhién ra mot vién bi. Tinh xac suat dé

a) Hai vién bi dudc lay c¢6 cung mau xanh;

b) Hai vién bi dugc 14y c6 cung mau do;

¢) Hai vién bi dudc 14y c6 cung mau;

d) Hai vién bi dudc 1ay khong cung mau.
Loi giai

a) Goi A 1a bién c6 “Lay dudc hai vién bi mau xanh”.

. N A «1 A R . N Ny , £ .9 3
Goi X la bién co “Lay dudc vién bi mau xanh tu tai thi nhat’= P(X) = 10

Goi Y 1a bién ¢6 “Lay dudc vién bi mau xanh ti tai thi hai’= P(Y) =

ool W

Ta thay bién ¢4 X, Y 1a 2 bién cb6 doc 1ap nhau, theo cong thic nhan xac

suat ta c6 ;
P(A)=P(X-Y)=P(X)-P(Y)= 0
b) Goi B la bién c¢6 “Lay dudc hai vién bi mau d6”.

. NETETA A «T A N . N o 4N, Lse . A .9 7
Goi E 1a bien co “Lay dudc vién bi mau do tu tai thi nhat’= P(E) = 10°

. N < A A «T A [N . N 2 N s . ~ ) 3
Goi F la bien co “Lay dudc vién bi mau do tu tai thi hai”= P(F) = 3
Ta thiy bién cb E, F 1a 2 bién c¢b doc 1ap nhau, theo cong thic nhan xac
suat ta c6

7 3 21
P(B)=P(E-F)=P(E)-P(F) = 75 ¢ = =.
¢) Goi C 1a bién ¢6 “Lay dudc hai vién bi cung mau”.
. 3 21 9

d) Goi D 1a bién ¢6 “Lay dudc hai vién bé khéﬁg cung mau”.
TacoD=C=PD)=1-P(C)= 1—2—02%.
Cdu 2. Cho X = {0,1,2,3,...,15}. Chon ngau nhién 3 s6 trong tap hop X. Tinh
xéc suat dé trong ba s6 dudc chon khong c6 hai sb lién tiép.
Loi giai
Goi Q 1a khong gian mau. Ta ¢6 n(Q) = C3, = 560.
C6 14 cach chon ba s6 lién tiép nhau.

= GV: NGO bUC TAI @ Trang 265/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

C6 15 cach chon hai s6 lién tiép nhau.

+Néu hai s6 d6 1a {0,1} hosc {14,15} thi c6 13 cach chon s6 thit ba sao cho trong
ba s6 chi ¢6 hai s6 lién tiép.

+Néu hai s6 dé khong phai 1a {0,1} hodc {14,15} thi c6 12 cach chon sb thit ba
sao cho trong ba s6 chi c6 hai s6 lién tiép.

Vay c6 14 +2 x 13+ 13 x 12 = 196 cach chon ba s6 sao cho ba s6 d6 1a lién tiép hoic
chi ¢6 hai trong ba s6 1a lién tiép.

Vay ¢6 560 — 196 = 364 cach chon ba sb sao cho trong ba s6 dudc chon khong c6
hai s6 lién tiép.

364 13

560  20°

Cadu 3. Viét va Nam cung tham gia ki thi THPTQG nam 2016, ngoai thi ba moén
Toan, Vin, Tiéng Anh bat budc thi Viét va Nam déu déng ki thi thém ding hai
mon tu chon khac trong ba moén Vat 1i, Hoéa hoc va Sinh hoc dué6i hinh thic thi
trac nghiém dé€ xét tuyén Pai hoc. M6i mén tu chon trac nghiém cé 12 ma dé thi

Do do6 xac suat can tinh la P =

khéac nhau, ma dé thi cia cdc mén khéac nhau 1a khac nhau. Tim x4c xuat dé
Viét va Nam c6 chung ding mét mén thi tu chon va chung mot ma de.
Loi giai
S6 phan tit ctia khong gian mau 1a n(Q) = (C2-C,-Cl,)*.
C6 3 cap gom hai mén tu chon ma chi ¢6 ding mét moén chung.
S6 cach chon mén thi cia Viét va Nam dé c6 ding mét mén thi tu chon la
cl.21=6.
Ung v6i mot cach chon mon thi cia Viét va Nam thi sb cach chon ma dé dé c6
dting chung mét ma dé 1a Ccl,-Cl, 31 .Cl,.
Xéc sudt can tinh la p— —01C12) 1
(C%'Ciz‘c%z) 18

—Hbt—
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. DESO1

PHAN 1. Céau tréc nghiém nhiéu phuong én luva chon

Céu 1. Pao ham ctia ham s6 y = 5sinx — 3cosx tai xp = g la
T T T T
Ay(3)=3  By(3)=s Y (5)=-3 D.y(5)=-5
Y3 3 Y3 5 C.y > 3 y 5
Loi giai
Ta ¢y = 5cosx+3sinx =y (—) =3.
Chon dap 41 (A) ...t O
Cdau 2. Mot chit diém chuyén dong c6 phuong trinh s = 2/ + 3z (¢ tinh bang gidy,
s tinh bang mét). Van toc ctia chat diém tai thoi diém 7y = 2 (giay) bang
A.22(m/s). B. 19(m/s). C. 9(m/s). D. 11(m/s).
Loi giai
Ta co v(t) =s'(r) =41+ 3.
Van toc ctia chat diém tai thoi diém 7y = 2 (gidy) 1la v(2) = 11 (m/s).
Chon dap an @ ............................................................... O

Vidx+1 Kkhix>0
x+1 khix <0
dao ham ctia ham s f(x) tai x = 0?

Cdau 3. Cho ham s6 y = f(x) = { . Khang dinh nao 1a dung vé

A. f(0)=—1. B. f'(0) = 0. C. f'(0) = 1. D. Khong ton tai.
Loi giai

. f(x)=f£(0) . Vax+1-1 . dx+1-1
lim ———~ = lim ——— = lim =2;
x—0t x—0 x—0t X x—>0+x(\/ dx+1+ 1)
lim flx —f(O): x+1_1:1.
x—0-  x—0 x—0- x—0
Do lim fx) = f(0) # lim fx) = f(0) nén hmM khong ton tai.

x—07F x—0 x—0~ x—0 x—0 x—0
Chon dAp 40 (D) ...\ttt O
Cdau 4. Cho ham s6 y = f(x) c6 dao ham théa man f'(6) = 2. Tinh gi4 tri ctia biéu
thite 1im 7 =/(6),
x—6 x—6
1 1
A.2. B. -. C. -. D. 12
3 2
Loi giai
. — f(6
Theo dinh nghia dao ham ctia ham so tai x = 6, suy ra lir% % = f'(6) =2.
x— —

Chon dAp AN (A) ... e O
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Cau 5. Cho ham s6 y = f(x) c6 dao ham tai diém xo. Tim khang dinh ding trong
cac khang dinh sau

A. f/ (xO) = Lm f(.X) _f(x()) ) B f/ (x ) — lim f(.X) +f(x0)
X=X X — X0 X=X X=X
f(x) — f (x0) . f(x) + £ (x0)
C.f =1 D. 7/ =1
1 (x0) ol - I (x0) oL
Loi giai
Theo dinh nghia dao ham ta co
o F)— F ()
f(xo) = lim == —
Chon @Ap AN (A) ... nri e, O
Cdu 6. Trong ciac ménh dé sau, ménh dé nao sai?
A. (sinx)’ = —cosx. B. (cosx)' = —sinx.
1
. (tanx) = . D. (cotx) = — :
C. (tanx) . (cotx) i
Loi giai
Ta c6 dao ham cac ham lugng giac thuong gap
1
. r . I i r_ X r_
(sinx)’ = cosx; (cosx)’ = —sinx; (tanx) - (cotx) T
Chon @Ap AN (A) ... ri e O

Cau 7. Cho u = u(x),v = v(x) 1a cdc ham s6 c6 dao ham tai diém x thudc khoang
xéac dinh. Ménh dé nao sau day diung?

A. (w) =uv+u. B. (w) =uv .
c.(t) - D (£ -
v v v 2

Loi giai

/ /
, u\'" uv—uy
Ta c6 (uwv) = u'v+uv; (—) = :
v

2
”
Chon dap 41 (A) .. i O
~ 4 1 /!
Cau 8. Cho ham so f(x) = CFET Tinh f (—1).
x_
4 8 2 8
A ——. B. —. =g R
27 27 €3 D. =%
Loi giai
Tacé F/(x) = —— > va f'(¥) = —>nén f(~1) = —>
o (2x—1)2 (2x—1)3 2T
Chon dAp 40 (D) ...\ttt O

Cau 9. Pao ham ctia ham s6 f(x) = 5x> —x% — 1 trén khoang (—oo; +0) 12
A. 0. B. 15x* —2x—1.  C.15x* +2x. D. 15x* — 2x.
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Loi giai
Ta c6 f/(x) =5-3x> —2x = 15x% — 2x.

Chon @4p 4n (D) ...\ttt O
Cau 10. Pao ham ctia ham s6 y = vV4x2 +3x+1 1a
1
A.y =12x+3. B.y = .
Y Y 2V4x? +3x+1
C.y= Sxt3 . D.y’:ﬂ.
2V4x? +3x+1 VA2 +3x+1
Loi giai
4> +3x+1) 8x+3
Tacéy’:(x+x+) = al .
2V4x2 +3x+1  2vV4x2+3x+1
Chon dap 41 (C) ....uoie i O

Cau 11. Cho ham sb y = f(x) x4c dinh trén khoang (a;b) va c6 dao ham tai
xo € (a;b). Phuong trinh tiép tuyén ctia ham sé y = f(x) tai diém M (xo; f(x0)) c6
dang nao sau day?

A.y+ f(x0) = f'(x0)(x +xo). B. y—f'(x0) = f(x0)(x—xo).

C.y—fxo) = f'(x0) (x —x0). D.y= f'(x0)(x—xo).
Loi giai
Ham s6 y = f(x) xac dinh trén khoang (a;b) va c6 dao ham tai xq € (a;b).
Phuong trinh tiép tuyén ctia ham s6 y = f(x) tai diém M(xo; f(x0)) c¢6 dang

y—f(x0) = f'(x0) (x —xo).

Chon dap an @ ............................................................... O
Céu 12. Tinh dao ham cép hai cia ham s6 y = €.
A. & B. 2¢%, C. 4¢*. D. 2¢ .
Lai giai
Tacoy=e> =y =2 =y =4¢*,
Chon dap 41 (C) ....ueie i 0]

PHAN 2. Céu fréc nghiém ding sai

Cdau 1. Cho ham s6 y = f(x) =x* —2x+3 ¢6 d6 thi (C).

a) Tap xac dinh 2 = R.

b) f'(x) = 4x> —2x+3.

c) f(x) = 12x%.

d) Phuong trinh tiép tuyén cia (C) tai A(1;2) 1a y = 2x+ 2.
Loi giai
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a) (D) Pung.
Tap xac dinh 2 = R.

b) (S) Sai.
Ham s6 y = x* — 2x+3 c6 dao ham f/(x) = 4x°> — 2.

c) () Pung.
7 (x) = 124°.

d) (S) Sai.
Ta c6 f'(1) = 2. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = f(x) tai A(1;2)
la
y=2(x—1)4+2=2x.

Chon dép 4n|a dung | bsai | cdung [dsai| ..............oooooi O

Cdéu 2. Mot vat chuyén dong trén duong thang dudc xac dinh béi cong thic
s(t) =13 —3r2 +7r — 2, trong d6 r > 0 va tinh bang gidy, s 12 quang dudng chuyén
dong dudc cua vat trong ¢ gidy va dude tinh bang mét.
a) Sau 5 giay, vat chuyén dong quang duong 1a 83 m.
b) Van toc tiic thoi cia vat tai thoi diém 7 = 5 14 50 m/s.
¢) Khi van toc cta chuyén dong bang 151 m/s thi quang duong vat chuyén
dong dudc la 352 m.
d) Tai thoi diém ¢ = 1 gidy, van toc cia chuyén dong dat gia tri nhé nhat.
Loi giai
a) M) Ta c6 s(5)=5>—3-5247-5-2 =83,
Vay sau 5 gidy, vat chuyén dong quang dudng 1a 83 m.

b) (S Viv(r)=s(t) =32 —6r+7nén v(5) =3-52—6-5+7 = 52 (m/s).
¢) (S) Van téc ctia chuyén dong bang 151 m/s tai thoi diém s nghia 1a

t=—-—6 (loai)
t=38.

V() =151 32 —614+7=151 =3 — 61— 144 =0 &

Quang duong vat chuyén dong sau 8 giay 1a s(8) =83 —-3.82+7.8 -2 =
374 (m).
Vay khi van toc cia chuyén dong bang 151 m/s thi quing duong vat chuyén
dong dudc la 374 m.

d) M) Van tbc tic thoi ctia chuyén dong c6 phuong trinh v(r) =312 — 61 +7 1a

[ s b A <A A A 1s £
mot parabol, c6 dinh § (—2—;—4—> = S(1;4) va hé s6 a =3 > 0 nén ham so
a 4da

¢6 gia tri nho nhit bang 4 tait = 1.
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Vay tai thoi diém ¢ = 1 thi van tbéc ctiia chuyén dong dat gia tri nhé nhat
bang 4 m/s.

Chon dép an |a dung | bsai|csai|[ddang| ...................oo O

PHAN 3. Céau tréic nghiém trd I1&i ngén.

~ £ 1 P
Cau 1. Cho ham s6 f(x) = —§x3 +4x? —7x — 11. Trong doan [0;2025], bat phuong

trinh f/(x) > 0 c6 tat ca bao nhiéu nghiém nguyén? Pap an:| 7
Loi giai

Tacé f/(x) = —x>*+8x—7,dod6 f(x) >0 —x*+8x—7>0&1<x<7.

Vay bat phuong trinh da cho c6 7 nghiém nguyén thudc doan [0;2025].

DD An: | o O

~ N A 1 - X . N < A A o
Cau 2. Cho ham so y = f(x) = )% c6 do thi (C). Phuong trinh tiep tuyen caa
X

do thi ham s6 (C) tai giao diém ctia (C) véi truc hoanh c¢6 dang y = ax+ b. Tinh
3a+6b Pap an:| —| 3
Loi giai

Tacoy=f(x)= ;—xlz,‘v’x#o.

Toa do6 giao diém ctia (C) véi truc hoanh 1a diém (—1;0).

Phuong trinh tiép tuyén ctia (C) tai diém (—1;0) la

1 1 1
y=0=f(-D(x+1) & y=—3(r+1) &y=—zr-=.
1 1 ,
Suy ra a = _§;b: —3 Do d6 3a+6b = —3.

DA AN -8 .o O
Cau 3. Mot vat chuyén dong véi phuong trinh S(¢) = 41> + ¢, trong d6 ¢t > 0, ¢
tinh bang gidy, S(r) 1a quang dudng chuyén dong tinh bang mét. Tai thoi diém
van tdc clia vat bang 11 m/s thi gia tbc ctia vat bang bao nhiéu (m/s?).

Papan:| 1|4

Loi giai

Tacé v(t) =S'(¢t) =32 +8t vaa(t) =S"(t) =V (t) =6t +8. (1)

Theo dé bai, tacév=11=324+8=11=1=1(z > 0).

Thay t =1 vao (1) ta dudc a(1) =6-1+8 = 14.

Vay tai thoi diém van toc ctia vat bang 11 m/s thi gia toc cta vat 1a 14 m/s2.

DA ANz | 14| o O

Céu 4. Can nang trung binh ctia mét em bé trong d6 tudi tit 0 dén 36 thang cé
thé dugc tinh gan ding bdi ham sb w(r) = 0,000761> — 0,06¢> + 1,8¢ 4 8,2, trong d6
114 d6 tudi, dudc tinh bang thang va w 1a can ning, dude tinh bang pound. Tinh
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téc d6 thay doi cAn ning ctia em bé d6 tai thoi diém 15 thang tudi (két qua viét
duéi dang sb thap phan va lam tron dén hang phan tram).
Papan:| 0|, |51

Loi giai
57 3

Ta c6 w' (1) = 2——t+1_8.

acowlt)=55000" 25" L 9 9

Toc do thay doi can nang ciia em bé do tai thoi diém 15 thang tuoi la
’(15)—i 152 2 15+1,8 =0,51 (pound/thang)
Y= 55000 25 O = U LIP &

Pap an: m .................................................................. OJ

PHAN 4. Ty luan.

Cau 1. Tinh dao ham cua cac ham so sau:

a) y=x2-3% b)y:ﬁ.
cosx
Loi giai
a) y=x>-3%
Y = (-3 = ()3 42 (3%) = 2x-3 +22-3-In3 = x-3* (2 +xIn3).
by y= VX
cosx
! cosx — y/x (—sinx)
N R
cosx cos?x cos?x
_ cosx+2xsinx
 2y/xcos?x

Cdau 2. Cho ham sb y = sin’x. Chiing minh rang y” + 9y — 6sinx = 0.

Lai giai

Ta ¢6 y = 3sin’x-cosx va y” = 6sinx-cos?x — 3sin’ x.

Khi d6 y” + 9y = 6sinx - cos?x — 3sin’ x + 9sin’ x = 6sinx (sin®x + cos’x) = 6sin.x.
Vay y” +9y — 6sinx = 0.

mx3 mx2

Cau 3. Cho ham sb f(x) = E + (3—m)x—2. Tim cac gia tri nguyén cua
tham s6 m dé f'(x) > 0 v6i moi x € R.

Loi giai

Ta c6 f'(x) = mx> —mx+ (3 —m).

Néum=0tacé f/(x) =3 >0 véi moi x € R.

Xét m #£ 0, ta co
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m>0

a=m>0
& S0<m< —.
A=m?>—4m(3-m)<0 |5m*—12m<0 5

ff(x)>0,VxeR< {

12
Suyra0<m<?.

Vay c6 3 gia tri nguyén.

Cau 4. Mot ky su thiét ké mot duong ray tau lugn, ma mét cit ca né gdm mot
cung dudng cong c6 dang parabol, doan dbc 1én L; va doan dbc xudng L, 1a nhiing
phan duong thang c6 hé sb géc 1an lugt 1a 0,5 va —0.75. P& tau luon chay ém va
khong bi doi huéng dét ngot, L; va L, phai 1a nhiing tiép tuyén ctia cung parabol
tai cac diém chuyén tiép P va Q. Gia st goc toa do dat tai P va phudng trinh cta
paraol 12 y = ax? + bx+ ¢, trong dé x tinh bang mét.

a) Tim c. y
b) Tinh y'(0) va tim b.

¢) Gia st khoang cach theo phuong ngang gitia
Pva Qla 40m. Tim a. P

/Ll \QL\

2

d) Tim chénh léch do cao gitta hai diém chuyén
tiép P va Q.
Loi giai

a) Tim c.
Chon hé truc toa do nhu hinh, d6 thi di qua gbc toa do P(0;0) nén ¢ = 0.

b) Tinh y'(0) va tim b.
y = 2ax*+b nén y'(0) = b.
Do hé sb géc tai P bang 0,5 nén y'(0) = 0,5 hay b =0,5.

¢) Gia stt khoang cach theo phuong ngang gitta P va Q 1a 40 m. Tim a.
Khoang cach theo phuong ngang gitta P va Q la 40 m nén xp = 40.
Hé s6 goc tai Q bang —0,75 nén y'(40) = —0,75 hay 2a-40>+0,5= —0,75 <

—1
‘= 2560°
d) Tim chénh léch d6 cao gitta hai diém chuyén tiép P va Q.
1,1
Y= T 2560" Jlr%x‘
yo =y(40) = — =19,375 m.

Vay chénh léch d6 cao gitta P va Q la 19,375 m.

—Hét—
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.DESO 2

PHAN 1. Cau tréc nghiém nhiéu phuong an lua chon

~ < A A L3 X . N A 2 3 . - 2 » N A M
Cau 1. Tiep tuyen cua do6 thi ham so y = ah tai diém c6 hoanh do bang 3,
tuong ang la

A.y="Tx+13. B.y=-7x+30. C.y=3x+09. D.y=—x-2.

Loi giai
Tacox=3=y=09.
Y= (x:—2)2 =Y (3)=-7.

Phuong trinh tiép tuyén tudng ting la

y=—-7x-3)+9 < y=—-7x+30.

Chon dAP AN (B) ... v v ettt et O
Céu 2. Pao ham cép hai ctia ham s6 y = tanx 1a
A.y" =2tanx (1 —tan’x). B. )" =2tanx (1 +tan’x).
C.y" = —2tanx (1 —tan’x). D.y" = —2tan (1 + tan’x).
Loi giai
y =tan’x+1; y" =2tanx - (tanx)’ = 2tanx- (tan?x + 1).
Chon dAP AN (B) ... v ettt e O

Céu 3. Sb6 gia Ay cia ham s6 y =x2+2x—5 tai diém xp =1 1a
A. (Ax)2—4Ax.  B.(Ax)*+4Ax.  C.(Ax)>—2Ar.  D.(Ax)*+2Ax—5.
Lai giai

Ta co
Ay = f(1+Ax)— f(1) = (1 +Ax)* +2(1 + Ax) —5+2
— (Ax)* 4 4Ax.
Chon dap 41 (B) ...\t e O
Cdau 4. Tinh dao ham ctia ham s6 y = /x+x tai diém xo =4 1a
3 5
A.y(4)= g B.y(4) =6. C.y4) = % D.y(4) = e
Loi giai
1
Tacoy = ——+1.
acoy 2ﬁ+
1 5
Vayy(4) = —=+1="-.
Chon dap én@ ............................................................... O
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Cdu 5. Tinh dao ham ctia ham sb y =

A.y = B.y =

(x:l)z'

=2
(x—1)*
Chon dap an @ ............................................................... O

Loi giai

Tacoy =

Céu 6. Tinh dao ham cap 2 ctia ham sb y = 2x —sinx.
A. " =sinx. B.y"=2+sinx. C.y" =cosx. D.y" =2 —sinx.
Loi giai
Ta c6y =2 —cosx=y" =sinx.
Chon dap an @ ............................................................... O
Cdéu 7. V6ix >0, ham s6 y = Inx ¢6 dao ham 1a

A. y’:%. B. y’:—é. C. y’:—%. D.y =
L3i giai
Ta c6 y/ = (Inx) = )1?
Chon dAp 40 (D) ...\t O
Cdau 8. Cho ham sb f(x) = 2x* —4x2+ 1. Gia tri ctia f”(—1) bang
A. 6. B. 16. C. —16. D. 2.
L3i giai
Ta c6 f'(x) = 8x> — 8x, f"(x) = 24x> — 8.
Vay (1) = 16.
Chon d4p 4n (B) ... .\ttt e O

Céu 9. Tinh dao ham cta ham sb y = tan3x.

3

A. /: . B. = _ . C. et
Y = Cos23x Y = Cos?3x y

Loi giai

3
cos?3x’
Chon @Ap AN (A) ... vt O

Tacoy =

a N A 1 » A BN N <A A
Cau 10. Choham soy= §x3 +x> —2x+1 ¢6 do thi la (C). Phuong trinh tiép tuyén
. .2 1 <
cua (C) tai diem M (1;§) la

2
A.y=3x-2. B.y=-3x+2. C.y:x—g. D.y=—x+-.
Loi giai

Tacoy =x*+2x—2vay(l)=1+2-2=1.
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. % £ . ge 1\ ..
Phuong trinh tiep tuyen caa (C) tai diém M (1; §> la

2
y:y’(l)(x—1)+—:x—l—l——:x—g.
Chon dap 41 (C) ....uoie i 0
— /4=
) STVATY L hix£0
Cau 11. Cho ham s6 f(x) = { | 4 . Tinh f/(0).
. 1 1 1
A. Khong ton tai. B. f/(0) = 6 C. f(0)= 1 D. f(0) = oL
Loi giai
Ta co
3—\/4—x_1
limwzhm 4 4 i 2o VAT 44—
x—0 x—0 x—0 X x—0 4x x—04x (2—|— 4—x)
= lim ! _ 1
_XHO4(2—|—\/4—)C) 16
Vay £/(0) = -
- 16
Chon dA4p 4N (B) . ...'viet e, O

Céu 12. Phuong trinh chuyén déng ctia mot chat diém dudce biéu thi béi cong
thitc s(r) = 4 — 2t + 41> + 213, trong d6 ¢ > 0 va r tinh bang giay (s), s(r) tinh bang
mét (m). Tim gia toc a ctia chat diém tai thoi diém ¢ =5 (s).

A. a =68 m/s?. B.a=115m/s>. C.a=100m/s>. D.a =225 m/s%.
Loi giai

Theo ting dung dao ham ctia ham sb ta c¢6 v(r) = s'(t) = —2 4 8¢ + 61> va a(t) =

V(t) =8+ 12t.
Vay gia toc ctia chét diém tai thoi diém 7 = 5 (s) 1a a(5) = 68 m/s.
Chon @4p AN (A) ... nr i, O

PHAN 2. Céu fréc nghiém ding sai

2
Céu 1. Cho ham séy:);j_;.Khidé
3
/ — —
a)y(l)—z.

b) Tong cac nghiém cta phuong trinh y = 0 bang —6.
\ ’ . e 3

¢) Do thi ciia ham so y di qua diém A (1; —5).

D ¥(1) < ¥(2).
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Loi giai
(P+1) (x=3) = (x=3) (®+1)  2x(x=3)—1(x*+1) x?—6x—1
(x—3) B (x—3) (k=32
3

a) (S)Sai. Viy (1) = -5

/

b) @ Sai. Tong cac nghiém cta phuong trinh y = 0 bang 6.

¢) M Pung. Viy/(1) = —g.
d) (S) Sai. y(1) = —1>y(2) = 9.
Chon dép 4n|asai|bsai|cdung [dsai|...............oooo O

Cdau 2. Cho d6 thi ham s6 (C): y = —2x* +x?+ 3. Biét rang A 1a tiép tuyén cta do
thi (C) tai diém M(1;2).

a) Phuong trinh tiép tuyén ctia do thi (C) la A: y = —6x+8.

b) Hé sb géc cta tiép tuyén la —6.

c¢) Tiép tuyén A cat truc tung tai diém M(0;—8).

d) Tiép tuyén A cat truc hoanh tai diém N(1;0).
Loi giai
Ta c6: y) = —8x> +2x = y/(1) = —6.
Vay phuong trinh tiép tuyén ctia d6 thi ham s6 y = —2x* +x? 4 3 tai diém M(1;2)
la

Ary=—6(x—1)+2<y=—6x+8.

a) @ Ding vi phuong trinh tiép tuyén ctia do thi (C) 1a A: y = —6x+8.
b) @ Ding vi hé s6 géc ctia tiép tuyén y'(1) = —6.
c) (S) Sai vi thay M(0;—8) vao A ta c6 —8 = —6-0+8 (v 1i).

d) (S) Sai vi thay N(1;0) vao A ta ¢6 0 = —6- 1+ 8 (vd 1i).

Chon dép 4n|a dung | bdung [csai [dsai| ..............ooooo O

PHAN 3. Céau tréic nghiém trd I1&i ngén.

Cau 1. Cho f(x) =vx3+1-3x>4+5ax—2. Tima dé f'(2) = —5. Dap an:| |

Loi giai

3x2
Ta c¢6 f'(x) = ———— — 6x+3a.
3.2
Do f/(2)=—-5< —6-2+5%a=-5a=—1
@) el
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2 2
~ N A 1 « A M b 2 ., . k3

Cau 2. Cho ham so y = ﬂ Biet rang y = M. Gi4 tri caa a® +b
xr—x+1 (x2—x+1)2

bang DPap an: | 4

Loi giai

. —2x?+2 . .
Tacoy’:ﬁ. Suyraa=-2vab=0,dodéa’>+b=4
Xc—X
AP ANz (4] o o O

~ N A 9 ~ A BN « A « A A B X . . g
Cau 3. Cho ham so y = — ¢6 do thi 1a (C). Biet tiep tuyen cua do thi (C) tai diem
X
M (3;3) tao véi hai truc toa do mot tam giac. Tinh dién tich tam giac do6.

Papan:| 1|8

Loi giai

, 1 A A ~ > « A A . g N 4
Ta c6 y' = —9- —, hé s0 goc clia tiep tuyen tai diem M la %\
X

9
Y3 =5 =1

Phuong trinh tiép tuyén (A) véi (C) tai tiép diém M la

y=3=—-1(x—-3)ey=—x+6. 0 &

Biét (A) cat truc hoanh va truc tung 1an ludt tai hai diém
A(6;0), B(0;6) nén dién tich tam giac OAB vuéng tai O bang

1 1 s qeA 4.
SA0AB = EOA -OB = 5 +6-6 =18 (don vi dién tich).

AP ANt [ 18] i O

Cdéu 4. Mot vat chuyén dong véi van toc v (m/s) phu thude thoi v
gian 7 (s) ¢6 d6 thi 1a mot phan cta duong parabol véi dinh s}
I1(1;5) nhu hinh vé bén. Gia toc clia vat tai thoi diém r = 1,5 (s)
bang bao nhiéu? Papan:| —| 5 ‘

Loi giai
Gia st duong parabol di qua gbc toa d6 c6 dang y = ar® + bt.
Vi parabol di qua cdc diém (2;0) va (1;5) nén ta c6 hé

4a+2b=0 a=-5
=
a+b=>5 b =10.
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Vay v(t) = —5t> +10¢, suy ra a(t) = v'(t) = —10¢ + 10.
Tair=1,5(s) thia(1,5)=—10-1,5+10= —5 (m/s?).

Dap an: | 5] oo O

PHAN 4. Tu luan.

Céu 1. Tinh dao ham ctia cac ham sb sau:
a) y= (2x3—|—3)2; b) y = cos3x; ¢) y=log, (¥*+2).
Loi giai
a) y=(2¢+3)°.
Pt u=2x* +3 thiy=u?. Tacé u, = 6x va y, = 2u.

Suy ra y, =y, u},=2u-6x=2(2x +3)-6x = 12x (2x° +3).
Vay y' = 12x (2x° + 3).

b) y = cos3x.
bat u = 3x thi y = cosu. Ta c6 ), =3 va y/, = —sinu.
Suy ray,. =y, -u, = (—sinu)-6 = (—sin3x) -3 = —3sin3x.

Vay y/ = —3sin3x.

¢) y=log, (x*+2).
1
Dit u=x>+2 thiy=1log,u. Tacé u'. =2xvay, = R
u
1 2x

S /:/-/: 2 :—.2 = —
WY == i T @ )m2 T T (2 r2)in2
Vayy = o
VYT @ )me

Céu 2. Goi A 1a tiép tuyén ctia d6 thi ham s6 y = —x + 3x2 — 3x — 2 song song véi

duong thang y = —3x— 2. Tim tung d6 giao diém cua A véi truc tung.

Loi giai

Ta c6 y = —3x% + 6x—3.

Goi xp 12 hoanh d¢ tiép diém.

Vi tiép tuyén ctia d6 thi ham s6 song song véi duong thang y = —3x —2 nén

! 2 2 X0 = 0
y(x)=-3< —3x5+6x0—3=-3< —3x5+6x0=0<

xo = 2.
* V6i xp = 0 thi yp = —2. Phuong trinh tiép tuyén ctia do thi la y = —3x—2
(khong théa mén vi tiép tuyén nay trung véi duong thang da cho).

* Véi xo = 2 thi yo = —4. Phuong trinh tiép tuyén ctia do thila y = —3x+2.

Vay A: y = —3x+2. Do d6 tung d6 giao diém cta A véi truc tung bing 2.
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Céu 3. Dan s6 (tinh theo nghin nguvi) cia mét thanh phé dude cho bdi cong

261 + 10
thtc £(1) = j -

nam 2015. Tim toc do tang dan s6 trong nam 2025 ctia thanh phd dé.

Loi giai

Pao ham cta ham s6 f biéu thi téfzc(i)cf) tang dan sb cta thanh phé dé (tinh bang
/ (t+5)*

Tt nam 2015 dén nam 2025 nghia la r = 10.

Vay toc do ting dan s6 tai thoi diém s =101a £/ (10) =

, trong d6 ¢ (dugc tinh bang ndm) 1a khoang thoi gian ké tu

nghin nguoi/ ndm), ta cé f'(r) =

120 8 <
m =13 ~0,533(nghin
ngudi/nam).

Cdau 4. Biét ham s6 y = f(x) — f(3x) lién tuc trén va c6 dao ham cip hai véi
moi x € R, biét y’(3) = 5, y/(1) = 10. Tinh dao ham cip hai ctia ham sb g(x) =
f(x)—f(9x) tai x = 1.
Lai giai
Dat a(x) = f(x —f(3X)' 8(x) = f(x) = f (9x).
Ta c6 1'(x) = f'(x) =3/ (3x) = h"(x) = f"(x) = 9/" (3x
g'(x)=f'(x)=9f (9X);‘g’(X) = f"(x) - 81f”(9X);‘g (
T {h”(3) =1"(3)=9£"(9) =5 9" (3) — 811"(9) =

a co

W'(1)=f"(1)-9f"(3)=10.  (2)

Cong ting vé (1) va (2) suy ra g"(1) = f"(1) — 81f"(9) = 55.

)= f"(1) = 81£"(9) .
45 (1)

— Hét—
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PESH 3

PHAN 1. Céau tréc nghiém nhiéu phuong én luva chon

Cdau 1. Pao ham ctia ham s6 y = xsinx bang
A.y' =sinx+xcosx. B. y/ = sinx — xcosx.
C.y =xcosx. D.y' = —xcosx.
Loi giai

Ta c¢6 y = sinx+xcosx.

Chon dap 41 (A) ... i O

- .z D . sz 3x+1
Cdu 2. Pao ham cap hai ciia ham so y = sz la

X
Ay = 10 . B.y'=- > . Coy'=— > . Dy =— 10 .
(x+2)° (x+2)* (x+2)° (x+2)°
Loi giai
5 5 10
Tacoy=3——— =y = A .
x+2 (x+2) (x+2)

Chon dAp 40 (D) ...\ttt O

Cdu 3. Cho ham sb f(x) = sin’x, v6i moi x € R ta ¢6 f”(x) bang
A. f7(x) =2cosx. B. f’(x) =2sin2x. C. f’(x) =cos2x. D. f’(x) =2cos2x.
Loi giai

Ta c6: f/(x) = 2sinxcosx = sin2x; f”(x) = 2cos2x.

Chon dAp 40 (D) ....vo et O
Cdau 4. Pao ham ctia ham s6 y = (—x?>+3x+7)7 1a

A.y =7(—2x+3)(—x*+3x+7)S. B.y =7(—x*+3x+7)S.

C.y = (—2x+3)(—x>+3x+7)°. D.y =7(—2x+3)(—x*+3x+7)".

Loi giai
Tacéy =7(—x*+3x+7)%(—x* +3x+7) = 7(—2x+3)(—x* + 3x +7)°.
Chon dap 41 (A) ..t O

Céu 5. Ham s6 y = sin (g - 2x) ¢6 dao ham bang

A.y =2sin2x. B. y = —2sin2x.
C.y =cos (g—2x>. D.y =2cos (g—2x>.
Loi giai
Ta ¢6 y = cos2x nén y’ = —2sin2x.
Chon dap an (B) ... e e O
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CAu 6. Cho ham s6 y =x>—x+2. Tinh y/(1) .

A.y(1)=-1. B.y(1)=1. C.y(1)=2. D.y(1)=0.
Loi giai
y=2x-1=)y1)=2-1-1=1.

Chon dap an (B) ... e e O
Cau 7. Pao ham ctia ham s6 y =1In (1 —x?) 1a
2x —2x 1 1
. . B. . C. . D.——.
x2—1 x2—1 1 —x? x2—1

Loi giai
1—x2)/ —2x 2x
o ( B B
Tacoy =—5 =1_a=2_71

Chon @Ap AN (A) ... vt O

Céu 8. Ham s6 y = 2% ¢6 dao ham la

A.y =2%1n 2. B.y =2%tn 2. C.y =221 D.y =2x- 2271,
Loi giai
Ta 6y = (2x)'-2%1In 2=2-2%In 2 =2>"In 2,

Chon dap an (B) ... e e O

3
Cau 9. Cho ham sb y = % +3x% — 2 ¢6 @ thi 1a (C). Viét phuong trinh tiép tuyén

v6i do thi (C) biét tiép tuyén c6 hé s6 géc k = —9.
A.y+16=—-9(x+3). B.y=-9(x+3).
C.y—16=-9(x-3). D.y—16=—-9(x+3).

Loi giai

Ta c6 y' = x>+ 6.

Goi M(xo;yo) 1a tiép diém.

Do tiép tuyén c6 hé sb géc k = —9 nén

¥ (xp) = -9 @x(z)—i—6xo—|—9:0(:)xo: -3.

Khi d6, yo = y(—3) = 16.

Vay y =y (x0)(x —x0) +yo = —9(x+3) + 16 hay y— 16 = —9(x + 3).

Chon @4p 4n (D) ...\ttt O]
Cau 10. Cho ham sb y = f(x) c6 dao ham tai diém xq. Céng thiic tinh dao ham
ctia ham sb tai diém xg 1a

A. f/ (_XO) = hm M B. f/ (XO) — llm f(.X) _f(x())
e X=X X—XQ X+ x0

C. ' (xo) = lim LT/ 00) D. £ (xo) = lim £/ 00)
Ao X+ X0 X—XQ X — X0

Loi giai
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Theo dinh nghia f’ (xp) = lim M.

X—X0 X — X0

Chon @4p AN (A) ... nri e O
~ < % 2x—3 < N
Cau 1l. Hamso y = ;- co dao ham la
X
5 -5 5 -5
Ay = . B.y = . C.y= . D.y = .
YTt YT 1)y YT YT

Loi giai

) (2x—3)': (2x—3)(x+1)— (x+ 1) (2x—3)(x +1)?

x+1 (x+1)?

o 2(x+1)—(2x—-3)  2x+2-2x+3 5

a (x+1)2 o (x+1D2 (x+ D
Chon dap 41 (A) ...t O
Cau 12. Ham s6 y = vx2 ¢6 dao ham 1a

-2 1 2 2
Ay =——. B.y=——. C.yy=——. D.y=-—"—.
Y SN Y SN

Loi giai

Ap dung cong thic (u)' v ta c6 (C/_Z)/ () 2x 2
>/ U — X = == — .
b fung cong 3V u? 3V 3xdx 3
Chon @4p 4n (D) ...\ttt 0

PHAN 2. Céu fréc nghiém ding sai

Céu 1. Choham sby= - c6 db thi la (C). Khi d6

2x+1
a) y'(0)=17.
X . ° N A . -0 7

b) Do thi cia ham so6 y’ di qua diém A <1; §>.

c) (1) <y'(2).

d) Piém M thudc (C) c6 hoanh do xo = 0. Khi d6, phuong trinh tiép tuyén cta

(C) tai M song song v6i dudng thang y = 7x+ 2024.

Loi giai
) (x—3)’(2x+1)—(2x+1)’(x—3):2x+1—2(x—3) 7

(2x+1)2 (2x+1)2 (2x+1)%

a) (D) Pung. Vi (0)=7.

b) (S) Sai. Viy'(1) = = +#

O
SSEIEN

) 8 Sai. y(1) = g Sy(2) = .

d) P Pung. Vita c6 y'(0) =7.

= GV: NGO bUC TAI @ Trang 285/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

Chon dép an |a dung | bsai|csai|[ddung| ...................o O

~ o 5 NP < T Py
Cau 2. Chuyén dong ctia mot vat c6 phuong trinh s(¢) = 4cos (2717 — ﬁ> m, véi ¢
12 thsi gian tinh bang gidy. Khi d6

a) s/(r) = —8msin (27rt - 1—7;)

b) 5" (t) = 167% cos <277:t — 1_7r2>

¢) Van toc clia vat tai thoi diém khis =5 s 1a s/(5) = 6,505 m/s.

d) Gia toc ctia vat tai thoi diém khir = 5 s 1a 5”(5) ~ 152,533 m/s>.
Loi giai

a) (D) Pung. Vi ta ¢6 5/(1) = —8msin (27:; - 1—”2)

b) @ Sai. Vi ta ¢6 s'(t) = —8msin (Znt — 1—7;) va s’ (t) = —16m? cos (27tt — 1_7r2>

¢) () Pung. Vi van tbe tic thoi cha vat tai thoi diém =5 s 1a
§/(5) = —87sin (107: - 1—”2) ~ 6,505 (m/s).

d) @ Sai. Vi gia tbc tiic thoi ciia vat tai thoi diémr =5s1a
5"(5) = —1672cos (107:— %) ~ 152,533 (m/s?).

Chon dép an |a dung | bsai | cding [dsai| ... O

PHAN 3. Cau tréc nghiém trd I1&i ngén.

sin3x cos 3x

+cosx — /3 (sinx+ ) Téng cac nghiém

thudc doan [0; 7] ctia phuong trinh f’(x) = 0 bang bao nhiéu (két qua lam tron
dén hang phan muoi)? Papan:|2 |, |6
Loi giai

Cau 1. Cho ham s6 f(x) =

Ta co
"(x) = 3COS3x—sinx—\/§ cosx—3sm3x :cos3x—sinx—\/§ cosx — sin3x
3
= cos3x+\/§sin3x — \/§cos3x—|—sinx = 2sin ?vc—i—E —2s8in x+z
( 6 3
= 4cos(2x+§>-sin<x—%).
cos(2x+£):0 2x+E:E+kﬂ: x:E k_ﬂ
Do d6 f'(x) =0 < & N 42 & 8 2 kew.
sin(x—ﬁ):O x—E:kﬂ? x:E km

7r.7r.57r}
8712 8 J°
5w

o . A T
Tong cac nghiém 1a—+—+?%2,6.

8 12

D ap An: 2,6 .. O
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Céu 2. C6 bao nhiéu phuong trinh tiép tuyén ctia d6 thi ham s6 y = x> +3x+2,

biét tiép tuyén dé vudng géc véi duong thang A: x+6y+6=0? Dap an: | 2

Loi giai
oy =3x243
e Pudng thang A:y= —éx— 1 ¢6 hé sb géc k = —é. Goi M(xo;yo) 1a tiép diém.
acsyn)- () =10 0 (<) =1 T
6 6 xo=—1

* V6ixg=1=y)=6= M(1;6). Tiép tuyén tai M 1a: A, : y = 6x.

* Véixg=—1=yp=—2= M(—1;-2). Tiép tuyén tai M 1a: A, : y = 6x+4.

Céu 3. Dan sb P (tinh theo nghin ngusi) cia mét thanh phé nhé dude cho béi
t . . Y o N A A
719’ trong d6 ¢ 1a thoi gian dude tinh bang nam. Tim toc do
tang dan s6 tai thoi diém ¢ = 12. (Két qua lam tron dén hing phan muoi).

500
cong thic P(r) = ——

Papan:| —| 2|, |9

Loi giai

500 (*+9) —500¢ -2t —500¢ + 4500
(2 +9)° (2+9)°

Toc d6 tang dan so6 tai thoi diém ¢ =12 1a

Ta co P'(t) =

—500- 122+ 4500

P(12)= (12249)°

~ —2,9(nghin ngudi/nam).

CAu 4. Cho ham s6 y = —x> +3x>+9x— 1 ¢6 dd thi la (C). Tim hé s6 géc 16n nhat

clia tiép tuyén tai mot diém M trén do thi (C).

Papan:| 1|2

Loi giai

Goi diém M (xo;yo) € (C) 12 toa d6 tiép diém va y = —3x% +6x+09.

Hé sb géc cia tiép tuyén tai diém M 1a y' (x,) = —3x2 + 6x, +9.

Ta thay, hé s6 géc caa tiép tuyén tai diém M 12 mot ham s6 c¢6 do thi 14 mot
parabol, c¢6 dinh S (—;—a; —%) = S(1;12) va hé s6 a = —3 < 0 nén ham sb c6 gia
tri 16n nhét bang 12 tai x, = 1.

Vay hé s6 géc 16n nhéat ciia tiép tuyén 1a y/(1) = 12.

DA AN |12 O

PHAN 4. Tu luan.
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Cau 1. Tinh dao ham cua cac ham so sau

a) y = (1-x)(1—2x) (1 —-3x); b) y=(x+vx) (x*+x+1);

e) y= (¥ +3x) (2—x).
Loi giai
a) Ta co

y =(1—x)(1-2x)(1—-3x)
= (1 —3x—|—2x2> (1—3x)
=1 —3x—3x+9x + 24> — 6x°
=1—6x+11x* —6x.

Suy ray = —6+22x— 18x°.

b) Tacéy=(x+x) (*+x+1) =x> +x* +x—x*/x—x\/x— /.
5 3 1
S /:3 2 2 12 3_ 7 I
uy ray =3x"+2x+ 2\/x_ 2\/)? NG
c) Tacéy=x>(x+4)° =2 (3 + 1202 +48x + 64) = x> + 12x* +48x + 64,
Suy ra y = 5x* +48x> + 144x°> + 128x.

, 1 1 1 1 2 3
d) Tacoy:<1—;) (X—;>=x—;—l+;:>y’:1+;—g.

e) Tacoy= (x+3x) (2—x) =2 —x*+6x—3x* =y = 6x? —4x’ + 6 — bu.

Cdu 2. Cho ham sb P(x) = ax*+bx+3, (a, b1a cac hang s6 ). Tim a, b biét P'(1) =0,
P’(1) = 2.
Loi giai
P'(x) =2ax+b, P"(x) = 2a.

2a-1+b=0 a=—1

=

2a = -2 b=2.
Vaya=—1,b=2.

Giai hé {

Céu 3. Ngudi ta xay mot cdy cau vugt giao thong hinh parabol néi hai diém c6
khoang cach 1a 400 m (hinh bén duéi). P6 dbc ctia mat cau khong vudst qua 10°
(d6 doc tai mot diém dude xac dinh béi géc gitta phuong tiép xic véi mat cau va
phuong ngang nhu hinh duéi day). Tinh chiéu cao giéi han tit dinh cau dén mat
duong (lam tron két qua dén chit s6 thap phan thi nhat).
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Loi giai

Chon hé truc toa dd Oxy sao cho O la trung diém AB. Tia Ox trung véi tia OB, tia
Oy vudng goc vdi tia Ox tai O.

Khi d6 ta c6 A (—200;0), B(200;0).

Goi chiéu cao giéi han ctia cau 1a 4 (h > 0), suy ra dinh cau c6 toa do (0;4).

Ta tim dudc phuong trinh parabol ctia cau la y = — 20 02x2 +h.
2h

Tacoy = — .

acoy 5002 )
Suy ra hé sb géc xac dinh d doc cila mat caulak=y = — 5002~ v6i —200 < x < 200.

2h 2h 2h h

Do do, |k| = |— = x| < ——= 200 = —.

0 d6, [kl =1=3502*| = 2002 M = 2002 100

Vi d6 dbc cia mat cau khong qua 10° nén ta cé 100 <tan10° < h < 17,6.

Vay chiéu cao giéi han tit dinh cau téi mat duong 1a 17,6 m.

— Hét—
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DESH4

PHAN 1. Céu fréc nghiém nhidu phuong én Iva chon

~ N o N A 2 3 M
Cau 1. Pao ham ciia ham so y = (x2 — —) bang
X

1 2\2 2\?
A.y’:6(x+—2) (xz——). B.y’:3(x2——>.
x x x

croole D meele )

Loi giai

2\? 2 1 2\?
Tac()y’:3(x2——) (2x+—2):6(x+—2) (xz——).
X X X X

Chon @4p AN (A) ... rt O

Cdu 2. Cho ham sb y = sin’x. Khi d6 y”(x) bang

1

Ay = Ecost. B. P = 2sin2x. C.y' =2cos2x. D.y" =2cosx.
Loi giai
Ta ¢6 y' = 2sinx-cosx = sin2x va y’ = 2cos 2x.
Chon dap 41 (C) ....utit e O
Cdau 3. Cho ham sb f(x) = x>+ 2x, gia tri ctia f”(1) bang

A. 6. B. 8. C. 3. D.2
Loi giai
Ta ¢6 f'(x) =3x> +2 va f"(x) = 6x.
Vay f'(1) = 6.
Chon dap an @ ............................................................... O

~ N A . L3 N A 3 1 N
Cdu 4. Dao ham cap hai caa ham so y = ):_’_2 la

X
10 5 5 10
Ay = . B.y'=- . Coy'=— . D.y'=—
SNEERE T Y T TG (x+2)?
Loi giai
5 10

Ta cd Vv — 5 —

acoy G127 vay G127
Chon dap an @ ............................................................... O

~ A A 2 A . N A 1 . - 2 ~ N A 2
Cau 5. Tiep tuyen cua do thi ham so y = 2x + 3 tai diém c6 hoanh d6 xo = —1 co
hé sb géc bang

1 1
A.5. B. ——. C. -5. D. -.
5 5

Loi giai
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Tap xac dinh 2 =R\ {%}

, -5
Ta co f/(.X) = m
Heé sb géc ctia tiép tuyén ctia do thi ham sbé tai diém c6 hoanh do xo = —1 1a
-5 -1
"(—1) = R —
D (2-(-1)=3° 5
Chon dap an (B) ... e e e O

Cdu 6. Viét phuong trinh tiép tuyén ctia d6 thi (C): y = x* — 8x*> +9 tai diém M
c6 hoanh do béing —1.
A.y=12x+14. B.y=12x—14. C.y=12x+10. D.y=—-20x—-22.
Loi giai
Tap xac dinh 2 = R.
Yy =4 —16x = y/(—1) = 12.
M(—1;y0) € (C) = yo = 2.
Tiép tuyén ctia d6 thi (C) tai M(—1;2) c6 phuong trinh la

y=y(=1)(x+1)+2=y=12x+14.

Vay tiép tuyén can tim c6 phuong trinh 1a y = 12x+ 14.

Chon dap an @ ............................................................... O
Céu 7. Ham s6 y = 23 ¢6 dao ham la

A. (2x—3)-29"31n 2. B. 27 ~%¥1n 2.

C. (2x—3)-2¢73x, D. (x2 —3x) - 231,

Loi giai
Ta ¢y = (x> —3x)/ - 27~ 2 = (2x—3) - 2¢ ~31n 2.
Chon dap 41 (A) ...t O
Céu 8. Pao ham ctia ham s6 y =x*—4x2 -3 1a

Ay =—4x+8x. B.y=4x>—8x. C.y=4x"—8x. D.y =—4x>+8x.
Loi giai
Tac6y = (x* —4x? — 3)/ = 4x> — 8x.

Chon dap 41 (C) ...t O
CAau 9. Ham sb y = 2"~ ¢6 dao ham 1

A.2¥*.1n2. B. (2x—1)-2¥*.In2.

C. (32 —x)- 271, D. (2x—1)-2° =,

Loi giai
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Tacéy = (x*—x)/ -2 *.In2 = (2x— 1) -2 *.In2.

Chon dap an (B) ... e e e O
Vax?+1-1 20
Cau 10. Cho ham sé f(x) xac dinh béi f(x) = X » *7Y Tinh 1(0).
0, x=0
A.2. B. 0. C. % D. Khéng ton tai.

Loi giai
Tap xac dinh 2 = R.

Ta co
— f(0 Vax2+1-1 4x? 4
im IO VAL L a —lim—— =2
x—0 x—0 x—0 x2 x—0 52 (, [4x2 4+ 1+ 1) x=0y/4x2 +1+1
Vay f'(0) =2.
Chon @Ap AN (A) ..o .nri i O

Céu 11. Cho ham sb f(x) — ﬁ Tinh £/(—1).

2 B. 2. c.t ) J
27 9 27 27
Loi giai
Ta c6 f/(x) = — > va f"(x) = —
(2x—1)? (2x—1)3"
8
Vay f(—1) = ——.
ay f1(-1) =~
Chon d4p AN (A) ... .nr O

Cdau 12. Mot chat diém chuyén dong thing dude xac dinh béi phuong trinh s =
3 — 312+ 5t 42, trong d6 ¢ tinh bang gidy va s tinh bang mét. Gia toc cta chuyén
dong khir =3 la:

A. 12 m/s?. B. 17 m/s%. C. 24 m/s?. D. 14 m/s?.
Loi giai
Ta c6 van toc ctia chuyén dong v(r) = s'(r) = 31> — 61 + 5.
Gia toc ctia chuyén dong a(r) =V/(t) = 61 — 6.
Khi ¢ = 3, ta dudc a(3) = 12 m/s?.

Chon dap an @ ............................................................... O

PHAN 2. Céu fréc nghiém ding sai

Céu 1. Cho ham sb y = v2x —x2. Xét tinh ding sai ctia cac ménh dé sau
, 1—x y —1

2x—x2 <m)3
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1
c)y -y =1 d)y+ (x3—2x2) = —;.
Loi giai
/ 1 / 1—x
a) Pung. Taco6y = (V2x—x2) oy = ———  (2x—x*) = ———.
@ & Y ( ) Y 24/ 2x — x2 ( ) V2x —x?

b) D) Puing vi

(1—x)"-v2x—x2 (\/2x x) (1—x)
(\/Zx—xz)z

/!

y =

—V2x—x2— m(l—x)
Var-22)’
( xz) 1—x
\/2x x2 (\/2x xz)

(\/2x—x2>3.
c) @ Saiviyl -y = <\/2x—x2>3-—3 =—1.

d) P Pung vi

y/+<x3+2x2>'y//:—_|_<x3_2x2)'—3:_—:__'

Chon dép an |a dung | bdung | csai [ddung| ..................o O

CA&u 2. Vi tri cia mot vat chuyén déng thang dudc cho béi phuong trinh

1 3 N N
s(t) = §t3 — Etz + 3¢, trong d6 ¢ dudc tinh bang gidy va s dudc tinh bang mét.

a) Van tbc tic thoi cta vat tai thoi diém 7 = 3 bang 3 m/s.
b) Gia tbc tic thoi cta vat tai thoi diém 7 = 2 bang 1,5 m/s%.
¢) Van toc cia vat tang dan trong khoang thdi gian tit gidy thi 3 dén giay thi

5.
d) Trong thoi gian tu gidy thi 1 dén gidy thi 4, vat ¢ van tbc nho nhét bang
1 m/s.

Loi giai

a) D) Pung. Ta cé v(t) =5'(r) =12 — 31 +3.
Van toc tic thoi ctia vat tai thoi diém =312 v(3) =5'(3) =3>-3-3+3=3
m/s.
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b) (S) Sai. Ta ¢6 a(t) = V() = 2t — 3.
Gia toc tiic thoi clia vat tai thoi diém r =212 a(2) =v/(2) =2-2—3 =1 m/s>.

2
c) () Pung. Ta ¢6 v(r) = (t—%) +Z > 0.

Bang bién thién

t 3 5
V(1) +
13
v(t) /
3

Dua vao bang bién thién, ta thiy van téc ciia vat tang dan trong khoang
thoi gian tu giay thi 3 dén giay thi 5.

d) (S) Sai. Tacéa(r):()<:>t2§.

2
Bang bien thién
e ’ 4
2
a(r) — 0 +
1 7

v(t) \

3
4

Dua vao bang bién thién, trong thoi gian tir gidy thi 1 dén giay thi 4, vat

c6 van toc nho nhat bang 1 m/s.

Chon dép 4n|a ding | bsai | cding [dsai| ..............oooiiiL O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cau 1. Phuong trinh tiép tuyén ctia do thi ham s6 y = —log, x tai diém c6 hoanh
do xo =2 ¢6 dang y = ax+b. Tinh a+ b (két qua 1am tron dén hang phan chuc).

Papan:| —|0 |, |3
Loi giai

Theo gia thiét, ta c6 xo =2 = yo = —1, goi diém M(2;—1) 1a toa dé tiép diém.

1 < A A 2 A . . - R ~ A A ~ N

Tacéy = (—log,x) = ~3 nén tiep tuyen cta do thi tai diém M c6 hé so goc la
X
—1
(2) = —.
Y@ =5m X 9
Phuong trinh tieép tuyén ctia do thi da cho tai diem M la
—1 —1 1
Y= ey =g b

Dap an: 0,3 ..o O
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CAu 2. Cho hai ham sb f(x) va g(x) déu c6 dao ham trén R va théa man

P2—x)—2f22+3x)+x* g(x) +36x=0,Vx € R.

Tinh A =3f(2)+4f'(2). Pap an:| 1|0
Loi giai

Theo gia thiét, ta c6
FP2—x)—2f22+3x)+x>-g(x) +36x =0, Vx € R. (1)
Cho x =0, ta dudc

PR -2 =0 TP =0 @

f(2)=2.

Dao ham hai vé cta (1), ta dudc

322 —x)- f/(2—x) = 12f(2+3x) - f/(2+3x) +2x- g(x) +x% - g (x) +36 =0, Vx € R.
(3)

Cho x =0, ta dudc

S3£2(2)- £1(2)— 12£(2) - £/(2) +36 = 0 5 —3£(2)- £ (2) [f(2) + 4] +36 =0.  (4)

Tu (4) suy ra f(2) #0, f/(2) # 0. Do d6, tu (2), ta duge f(2) = 2. Khi do, (4) tré
thanh

—3.2-(244)f'(2)+36=0< f(2) = 1.

Vay A=3f(2)+4f'(2)=3-2+4-1=10.

DD An: |10 ..o e O
Cau 3. Nhiét d6 co thé ctia mot ngudi trong thoi gian bi bénh dudc cho béi
cong thic T (1) = —0,1¢2 + 1,2t + 98,6, trong d6 T 1a nhiét dé (tinh theo don vi do
Fahrenheit) tai thoi diém 7 (tinh theo ngay). Tim toc do thay déi nhiét d6 6 thoi
diém ¢ = 2. Papan:| 0|, |8
Loi giai

Pao ham ctia ham s6 7 biéu thi téc d6 thay doi cta nhiét do.
Taco T'(r) = —0,2t +1,2.
Vay toc do thay doi nhiét d6 tai thoi diémr=21a7'(2) = —0,2-2+1,2=0,8°F /ngay.

Dap An: |0,8] ..o OJ
~ N A 1 » X . . N « A A > . o R
Cau 4. Cho ham so y = T ©o do thi (C). Goi A la tiep tuyen caa (C) tai diem

x —_

M(2;1). Dién tich tam giac dudc tao bdi A va cac truc toa do béang bao nhiéu?
Dapan:| 4|, |5

Loi giai

= GV: NGO bUC TAI @ Trang 295/212



B B D& On Theo Chuong HK2 - Todn 11 0889.971.004

N
YT o

Tai xo =2. Suyray'(2)=—1.

Phuong trinh tiép tuyén Ala y= —(x—2)+1 < y= —x+3.

Tiép tuyén A cat cac truc Ox, Oy lan ludt tai A(3;0), B(0;3).

A . . 1 1 9
DléntlchtamglacOABlaS:E-OA-OB:§-3-3:§.

DA AN |4, 5| o e O

PHAN 4. Ty luan.

N . N £ C a1 £ 1
Cau 1. Tinh dao ham cap hai cia ham soy:x+2.
x_
Loi giai
x+1 3 3 6
Tacoy=——-=14+—==y =— ay' = .
acOyY=H T T Y (x—2)2vay (x—2)3

Cdau 2. Tinh dao ham ctia ham s6 s6 y =x(x—1)(x—2)...(x—2021) tai diém x=0.
Loi giai

Ta c6
ron e S =F0) o x(x—1)(x—2)...(x—2021)
FO=In=""0 X ’
= lim(xr — 1)(x—2)... (r=2021) = (~1)- (~2)... (~2021) = ~2021.

Cdau 3. Choham sby= )lc;i c6 dod thi (C) va diém A (m;1). Goi S 12 tap tat ca cac
gia tri ciila m dé c6 ding mot tiép tuyén cia (C) di qua A. Tinh téng binh phuong
cac phan tit caa tap S.

Loi giai

. -2
e Tap xac dinh ciu ham s6 y = ’1“— 1a 2 =R\ {1}.
—X

e Tacoy = — v6i moi x € .

1—x)*

Goi A 1a tiép tuyén di qua diém A(m; 1) ctia (C). Piém M (xo;yo) 1a tiép diém
1

ctia A va (C), k1a hé sb goc cia A. Ta cé k =y (xo) = —

(1 —X())z-
< .2 2 5 . N -1 Xo—2
* Phuong trinh tiep tuyen caa (C) tai M (xo;y0) lay= —— (x—x0) + .
(1 _xO)Z 1 —xp
* AdiquaA(m;l)nén suy ra
—1 X0—2
1= —z(m—xO) + 0
(1 —XQ) 1 —xo

= 23—6xo+m+3=0(xo#1) (1)
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* D& c6 1 tiép tuyén qua A (m; 1) thi phuong trinh (1) ¢6 1 nghiém xq # 1.

e TH1: Phuong trinh (1) ¢6 nghiém kép khac 1. Tic la

A =0 9-2(m+3)=0 3
) ~ ~>m=_.
2:1°—=6-1+m+3+#0 m#1 2

e TH2: Phuong trinh (1) ¢6 hai nghiém phén biét, mét nghiém bang 1. Tic

la
3
A>0 9—2(m+3)>0 m< =
- & 2em=1
2-17=6-1+m+3=0 (m=1 m—1

3 3\? 13
[ ] q — 1 — . 12 <_> _ .
Vay S { ,2} Suy ra 1+ 7 1

Cdau 4. Nha Nam c6 mét chiéc ban hinh tron ¢6 ban kinh bang /2 m. Nam muén
treo mot béng den 6 phia trén va chinh gitta chiéc ban sao cho mép ban nhan
dudc nhiéu anh sang nh_ét. Biét rang cudng do sang cta béng den dugc biéu thi
béi cong thite C(¢) = k- 51;2“
den t6i mép ban) va mat ban; k 13 hang s6 ti 1& chi phu thudc vao nguon sang
(k > 0); ¢ 1a khoang cach tit béng den t6i mép ban. Tinh khoang cach Nam can
treo bong den tinh tu mat ban.

. Trong dé, o 1a géc tao béi tia sang (chiéu tit bong

Loi giai
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Goi $ 14 vi tri treo bong den, O 12 hinh chiéu caa S 1én mét ban, SA = ¢ 1a khoang
cach tit béng den t6i mép ban, OA = /2 1a ban kinh mét ban.
h VC—r2 22

Tacésina:sinSAOZZ— 7 7 , V61 £ > /2.
Cubne d6 sine 1 > -2 -2 /3
uong do sang la C(¢) = k- 7 =k 6—6,V01€> 2.
Ta co
a =0 4207+ 4+
-2 2-2
_ (2 2 2 8
= (A=3)" +11+8(¢ —2>+m20+11+2-8
=27.
2 _
AU S B L
Do do, g1atr110nnhatcua£—61a2—7kh1 5 1 el=3.
C2mes
22

Suy ra mép ban nhan nhiéu anh sang nhat khi dat gia tri 16n nhat véi

{=+/3.

Vay khoang cach Nam can treo béng deén tinh tit mat ban1a 7 =1 m.

06

— Hét—
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.PDESO5

PHAN 1. Cau tréc nghiém nhiéu phuong @n lua chon

Céu 1. Pao ham cap hai ctia ham sb y = tanx la

A.y" =2tanx (1 —tan’x). B. )" =2tanx (1 +tan’x).
C.y" = —2tanx (1 —tan’x). D.y" = —2tan (1 + tan’x).
Loi giai
y =tan’x+1; y" = 2tanx- (tanx)’ = 2tanx- (tan>x 4 1).
Chon d4p 4n (B) ...\ '\ttt O

CdAu 2. Cho ham sb f(x) = sin’x, v6i moi x € R ta ¢6 f”(x) bang

A. f’(x) =2cosx. B. f7(x) =2sin2x. C. f’(x) =cos2x. D. f”(x) =2cos2x.
Loi giai
Ta c6: f'(x) = 2sinxcosx = sin2x; f”(x) = 2cos2x.

Chon dAp 4n (D) ... \e e O

- 2 1 . . , , P .
Cau 3. Chohamsoy= T Chon khang dinh dung trong cac khang dinh sau:
—Xx

A.y'+y}=0. B.y —y’=0. C.y'+2y*=0. D.y" -2y’ =0.

Loi giai
L 1 2
Ta co ylzm, y”zm. Suy ray” 2y3:()
Chon dap an @ ............................................................... O
Céud. Ham s6 y = —— 5— la dao ham ctia ham s6 nao dudi day?
sin” x
1
A. y=tanx. B. y = cotx. C. y= —cotx. D.y=—.
sinx
Loi giai
Ta c6 (cotx) = ————.
sin” x

Chon dap an (B) ... ..ot e e e e s O

- . % D1 £ 3x+1 .,
Cadu 5. Dao ham cap hai caa ham so y = sz la

AV — 10 By//__ 5 C.V/ = — 5 D.v/ = — 10

(x+2)° (x+2)* (x+2)° (x+2)°
Loi giai
5 5 10
x+2 (x+2) (x+2)

Chon dap an @ ............................................................... O
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~ < < A A 4 X . N A 2 . . 2 ~ N
Cau 6. Phuong trinh tiep tuyen véi do thi ham so y = )% tai diéem c6 hoanh
X
dox=01a?

A.y=x+2. B.y=—x-2. C.y=—x+2. D.y=—x.
Loi giai
0+2
Taco y(0) = —— = 2.
a c6 y(0) ()+11 1
Tacéy = ——. 8 '(0) = — =
acoy G2 uy ra y'(0) (FE

« A A 40 A . N A 2 . o R ~ N N N
Phuong trinh tieép tuyen vé6i do thi ham so y = % tai diém c¢6 hoanh do x =0 1a
X
¥ =1/(0)(x—0) +y(0) = —1(x—0) +2 = —x+2.

Chon dap 41 (C) ...t e O

Céu 7. Tinh dao ham cép hai cia ham s6 y = —3cosx tai diém xp =

T
2
Ay (g) =-3. B.) (g) =35. C.y' (g) =0. D.y" (g) = 3.

Loi giai

Ta ¢6 y' = 3sinx va y’ = 3cosx.
T

Vay " (—) =0.

2
Chon dap 41 (C) ....nuie i O
Cau 8. Cho ham s6 f(x) = vx2 —2x+3, tinh f(2).
A. % B. /3. C. ? D.2V3.

Loi giai

- 2 / X — 1 / \/§
Tacé f(x) = Va2 —2x+3= f/(x) = ———— = f/(2) = .

x2—2x+3 3

Chon dap 41 (C) ...t O

Cau 9. Heé sb géc cla tiép tuyén véi do thi ham sé f(x) = x° tai diém M(—2;—8)
la?
A. 12. B. —12. C. —-192. D. 192.
Loi giai
Ta c6 f'(x) = 3x°.
Vay hé sb géc ctia tiép tuyén véi do thi ham sé f(x) = x> tai diém M(—2;-8) la

fl(=2)=3-(=2)*=12.

Chon dAp AN (A) ... ur O
Cau 10. Cho ham sb f(x) = (3x—7). Tinh f"(2).
A. f"(2) =0. B. f(2) = 20. C. f"(2)=—-180. D. f"(2) = 30.
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Loi giai
Ta c6 f'(x) = 15(3x—7)* va f"(x) = 180(3x — 7)°.
Vay f"(2) = —180.

Chon dap 41 (C) ... O
Céu 11. Pao ham cép 1 cia ham s y = 75 bang biéu thic nao sau day?
x?—2x
—2x—2 —4x+4 —2x+2 2x+2

T (k2 —2x+5)% T (k2 —2x+5)% T (k2 —2x+5)% T (x2—2x+45)?
Loi giai

Taogy o —2X=2) 242
Y= (x2—2x+5)2  (x2—2x+5)%
Chon dap 41 (C) .....uie i O
Céu 12. Cho ham s6 y = u-v trong d6 u, v 1a cac ham s6 c¢6 dao ham cap hai. Hay
chon khéng dinh dung.
Ay =u" v +u V. B.y = (u/ . v/)/‘
C.Y'=u" v+u. D.y'=u" v+2u -V +u-v'.

Loi giai
Tacoy =u'-v+u-vV nény =u" -v+2u' vV +u-v'.

Chon dAp 4n (D) ... \oe e O]

PHAN 2. Céu fréc nghiém ding sai

- ) 1 \ \
Cau 1. Cho ham s6 f(x) = §x4 —3x? 42024 c6 do thi (C) va duong thang d: y =

a) Dao ham cta f(x) 1a f/(x) = 2x> — 6.
b) Hé s6 géc ctia dudng thang d 14 4.
¢) Goi A la tiép tuyén ctia d6 thi (C) song song véi d, khi d6 hé sb géc ctia A 1a
4,
d) C6 hai tiép tuyén ctia do thi (C) song song véi d.
Loi giai
a) D) Ta c6 f'(x) =243 — 6u.
b) (S) Hé sb géc ctia duvng thing d 1a —4.

c) @ Do A || d nén hé sb géc ctia dudng thang A bang hé sb géc cia dudng
thang d 1a —4.

d) (S) Ta c6 f/(x) = 2x° —6x.
Goi M (x0,yo) 1a toa do tiép diém.
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Do tiép tuyén A song song véi dudng thang d nén f' (xo) = —4 < 2x3 — 6x0 =

xp=—2
A |

X0 = 1.

4043 . 2 4043
V6i xg =1=y = — Phuong trinh tiep tuyén y = —4x + — (loai) vi
trung d.
V6i x0 = —2=y9 =2020.
Phuong trinh tiép tuyén y = —4x+ 2012 (nhéan).
Chon dép 4n|a ding | bsai | cding [dsai| ... O

~ N A 1 ~ ~ , . 2 - A A
Cau 2. Cho ham soy = % Xét tinh dung sai ciia cac ménh deé sau

1
a) y(1)=1. b) y(2) = .
2% 1
c) y’-4x:;—(lnx)-2x-ln2. d) y/(1)~|—y(1):§.
Loi giai
. Inx)"-2¥ —Inx- (2%)’ Zx—x—(lnx)-Zx-ln2
Tacoy,:( ) - (2 _ Y .
a) @Saiviy’(l):%.
2—4-(In2)> 1-2-(In2)*
b) (S) Saiviy(2) = (In2)” _ (In2)”.
16 8
Z _ (Inx)-2*-In2 X
¢) M) Pung viy 4% = 2 <n;) "2 4 =2 (inx)-2"-In2.
X X
d) D) Dung.
Chon dép an |asai|bsai|cdung [ddung| ... O

PHAN 3. Cau tréc nghiém tr& 15 ngdn.

) 2
N < - < 4 — C e T .. N 2 X
Cdu 1. Pao ham caa ham soy = M tai diéem x = — (lam tron dén phan
sinx - cosx 6
tram). Papan:|5|,|3(3
Loi giai
Ta c6
sin®x —cos®x  —cos2x
y=— = = —2cot2x.
sinx - cosx L.
—sin2x
2
Do d6
-2 4 T 16
) - ’(—):—z5,33
sin?2x  sin®2x Y6
Pap an: m .................................................................. O
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CAu 2. Cho ham s6 y =x* —2x>4+m—2 c6 d6 thi (C). Goi S 14 tap cac gia tri ctia m
sao cho do thi (C) c6 ding mét tiép tuyén song song véi truc Ox. Téng cac phan
ti cha S la Pap an: | 5
Loi giai

* Vi tiép tuyén song song véi truc Ox nén hé sb6 géc cta tiép tuyén k = 0.

2z 2 . z/ x
Goi tiép diém 1a M (xo;y0) € (C), khi d6 y (xo) = 4xp> —4xg =0 =

PéE c6 ding mot tiép tuyén song song véi truc Ox, can c¢6 mot gia tri tung dod
yo # 0 va gid tri con lai bang 0 (trung Ox).

TH1:m—-2#0vam—-3=0&m=3.

TH2: m—2=0vam—-3#0&m=2.

Vay § = {3;2}.

* Suy ra tong cac gia tri cac phan t& ctia S1a 342 =5.

Cau 3. Mot vat chuyén dong theo quy luat s = %t3 — 1?49z, v6i t (gidy) 1a khoang
thoi gian tinh ti lic vat bat dau chuyén dong va s (mét) 1a quang duong vat di
dugc trong thoi gian d6. Quang duong vat di dude tinh tir lic bat dau chuyén
dong dén luc vat dat van téc nho nhit bang (1am tron két qua dén hang phan
tram)? Dapan:| 8|, (3|3
Loi giai

Tacév=s(t)=12—2+9=(t—1>+8>8=v>8.

Do d6 vat dat van téc nhé nhat bang 8 khi r = 1.

Vay quang dudng vat di dudc1a s(1) = -(1)3 = (1)249-1= 23—5 ~ 8,33 m.

Pap an: m .................................................................. OJ

Cdu 4. Dan s6 ctia mét thi tran ven bién (tinh bang nghin ngusi) duge mé hinh
2

W | —

. e 1n £ 300z 1S A s 2N, N A 3
héa bdi ham so P(t) = , trong d6 ¢ 1a so nam ke t nam 2020. Tim toc do

244
tang dan s6 nam 2028. (Két qua lam tron dén hang phan mudi).

Papan:| —| 2|, |9

Loi giai
600z (12 +4) —300¢2 -2t  —2400¢
Ta c6 P'(t) = (7 +4) 5 = 5.
(2 +4) (2 44)
Tu nam 2020 déen nam 2028 ¢6 2028 — 2020 = 8 nam.

y £ ot i loss 3i R . 248 . NPV
Toc do tang dan so tai thoi diemr=81a P'(8) = 5 = —3,5 (nghin ngudi/ndm).

(8244)
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PHAN 4. Ty luan.

Céu 1. Tinh dao ham cta cac ham sb sau
a) y=tan(e*+1); b) y = /sin3x; c) y=cot(l—2%).

Loi giai
Dao ham cta cac ham so sau la

a) v — (e*+1) e
Y= cos?(e*+1)  cos?(er+1°

(sin3x)’  3cos3x

24/sin3x  2+/sin3x’

o (=2 2
sin?(1—2%)  sin®(1—2%)"

b) y =

Cau 2. Cho ham sb f(x) = x2 — 2x+3 ¢6 @ thi (C) va diém M(—1:6) € (C). Viét
phuong trinh tiép tuyén véi (C) tai diém M.

Loi giai

Ta c¢6 f'(x) =2x—2nén f'(—1) = —4.

Phuong trinh tiép tuyén ctia do thi (C) tai diém M(—1;6) 1a

y=f(=D)(x+1)+6<y=—4x+2.

Cdau 3. Ham s6 S(r) = % c6 thé dudc st dung dé xac dinh stc can S ciia dong mau
c6 ban kinh r (tinh theo milimét) (theo Bach khoa toan thu Y hoc "Harrison’s
internal medicine 21st edition"). Tim téc d6 thay déi ctia S theo r khi r = 0, 8.
Loi giai

, 1\ v s —4
Ta c6 S'(r) = (F) =) =—4r>= 5
Tim toc d6 thay déi ctia S theo r khi r = 0,8 1a 5'(0,8) ~ —12,207.
2 1

Cdau 4. Cho ham sb f(x) = . Tinh tong

Vx+2— \/_ Vx+2—+vx+
T=7)+f2)+f(3)+ -+ (2023).

Loi giai
Tap xac dinh 2 = [O +o0).

, 1
Ta c6 f(x) = \/)T N T TS = (Vx+2+vx)— (Vx+2+vx+1) =
v xjr 1/ 1 1
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Vay

T =f'(1) +f(2)+f( )+ -+ £(2023)

) (\1f \1F)+ +1(\/21023 ¢21024>

7o)

~ 0,49.

-5 (v
Sl
s

\/W

— Hét—
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.PESO 6

PHAN 1. Cau tréic nghiém nhiéu phuong @n lva chon

Cau 1. Viét phuong trinh tiép tuyén ctia do thi ham sb f(x) = x> — 2x?> 4+ 3x+ 1 tai
diém c6 hoanh d6 xo = 2.
A y=—x-17. B.y=7x—14. C.y=7x—-1. D.y=—x+09.
Loi giai
Véi xo =2 taco yo= f(xo) =7.
Va f/(x) =3x> —4x+3= f'(2)="7.
Vay phuong trinh tiép tuyén can timla y = f/(2)(x—2) +7 < y=Tx—7.

Chon dap 41 (C) ....uiie i 0
~ N » N % x2_2x_1 Y
Cdu 2. Dao ham ciia ham so y = s bang
x_
2 2 2 2
x“—4x+5 x"—6x+5 x"—6x+4 x“—6x—1
Ay=—"-—— B.y="—""- C.y=—"—5—. D.y=
S A T N ) e CE e
Loi giai
Ta co
;o (2x=2)(x=2)—(x*—2x—1) x*—4x+5
o (x—2) RPN
Chon dAp AN (A) ... uve O
Cdau 3. Pao ham ctia ham s6 f(x) = v/2 — 3x2 bang biéu thiic nao sau day?
A —3x 1 —6x2 3x

—_— B. —. C.—. D.—.
V2 —3x2 242 —3x2 242 —3x2 V2 —3x2
Loi giai
2 —3x%) —6x —3x
Ta cé ' (x) = \/2—3x2/: ( = = .
f'®) ( ) 2vV2—-3x2  2v2-3x2 2-3x2
Chon dap an @ ............................................................... O

Céu 4. Hé sb géc cta tiép tuyén véi do thi ham s6 y = sinx+ 1 tai diém c6 hoanh
T ..
d6 X0 = § la

V3 V3 1 1
A'k__T' B'k_T' C'k__i' D'k_i'

Loi giai
Ta c6 y' = cosx.

Khi dé hé s6 géc cta tiép tuyén véi do thi ham s6 y = sinx+ 1 tai diém c6 hoanh

d(f)xozglé
1
K=y (3) =eos3 =3
1
Vay k= -.
ay 5
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Chon dap an @ ............................................................... O

Céu 5. Cho ham s6 y = xcosx. Tim hé thitc ding trong cac hé thiic sau.
A.y' +y=sinx+2xcosx. B. " +y=2sinx.
C.y"+y=—sinx+xcosx. D.y" +y= —2sinx.

Loi giai

Ta ¢6 y/ = cosx —xsinx va y’ = —2sinx — xcosx.

Khi d6 y" +y = —2sinx —xcosx+xcosx = —2sinx.

Chon dAp 40 (D) ...\t O

Vax+1 Kkhix>0
x+1 khi x <0
dao ham ctia ham sb f(x) tai x = 0?

A. f(0)=—1. B. f'(0) = 0. C. f'(0) = 1. D. Khong ton tai.
Loi giai

CdAu 6. Cho ham s6 y = f(x) = . Khang dinh nao 1a ding vé

. f(x)=£(0) . Vax+1-1 . dx+1-1
lim ———~ = lim ——— = lim =2;
x—0t x—0 x—0Tt X x—>0+x(\/4x—|— 1+ 1)
lim L0 =S X I=L
x—0~ x—0 x—0- x—0
Do lim fx) = 1(0) =% lim fx) = 1(0) nén limM khong ton tai.
x—0t  x—0 x—=0-  x—0 =0  x—0
Chon dAp 4n (D) ....eoet e O
Céu 7. Cho ham s6 y =x> —3x*+x+ 1 v6i x € R. Pao ham y” cia ham s6 1a
Ay =5 — 126>+ 1. B. y" = 5x* — 12x°.
C.y' =20x> —36x°. D.y" =20x> —36x°.

Loi giai
Tacoy=x—3x*+x+ 1=y =5 — 123+ 1 =y =20x° — 36x%.

Chon dap an @ ............................................................... O
Cdu 8. Trén khoang (0;+c0), dao ham ctia ham s6 y = log, x 1a
1 In2 1 1
Ay = . B.y’:n—. C.y=-. D.y =—.
xIn2 X X 2x
Loi giai
p 1
Ap dung cong thic (log,x)' = .
) xlna
Tacoy = .
acoy xIn2
Chon dap 41 (A) ... .t O

Cau 9. Cho ham s6 y = f(x) c6 dao ham tai diém xo. Tim khang dinh ding trong
cac khang dinh sau.
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A. f(x0) = tim T =FF0), B. //(x) = lim {2 F/(0),
*—X0 X — X0 X—XQ X — X
C.rom =i FEZEE D) = i P
Loi giai
Theo dinh nghia dao ham ta c6 f/(xp) = lim f(Xi — )]: (xo)
X—XQ — X0
Chon dap an @ ............................................................... O

Céu 10. Ham s6 y =x2+x+1 c6 dao ham trén R 1a
A.y =3x B.y =2+x. C.y =x>+x. D.y =2x+1.
Loi giai
Tacéy = (x* +x+ 1)/ =2x+1.
Chon dAp 4n (D) ...\t O
Céu 11. Pao ham ctia ham s6 y = sin’2x trén R 1a
A.y = —2sindx. B.y =2sin4x. C.y =—-2cos4x. D.y =2cos4x.
Loi giai

Ta ¢6 y' = 2sin2x- (2cos2x) = 4sin2xcos2x = 2sin4x.

Chon dAp A0 (B) ... e ettt e O
Cdau 12. Cho ham s6 y = x> —3x*+x+ 1 véi x € R. Pao ham y” ca ham s6 1a

A,y =5 — 126> + 1. B. y" = 5x* — 12x°.

C. " =20x> —36x°. D.y" =20x> —36x°.

Loi giai
Tacoy=x—3x*+x+1=y =52 — 123+ 1=y =20x° — 36x°.
Chon @4p 4n (D) ......eie e O

PHAN 2. Céu fréc nghiém ding sai

Cau 1. Cho ham s6 f(x) = v—5x2 4 14x 9.
a) Tap xac dinh ctia ham s6 14 2 = {1; g} .

b) Dao ham f'(x) = ¢_5;25 T;Zx -9’

¢) Pao ham ctia ham s6 tai xo = 11a /(1) = 2.

. . 1% . . (79
d) Tap nghiém caa bat phuong trinh f’(x) <0 la (5; §>.
Loi giai

a) (D) Didu kién xdc dinh 13 —5x2 +14x—9>0< 1 <x <

W] \©

Suy ra tap xac dinh 2 = {1; g} .
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—5x+7 9
b) Ta c6 f'(x) = ,Vx € (1;—).
® f') V—5x2+14x—9 5
¢) (S) f/(1) khong xac dinh (do x = 1 14 nghiém ctia mau cta f'(x)).
—5x+7<0
—S5x+7 9
d) 'x) < 0= <0& S -<x< -,
® 1) V=52 4 149 1<x<§ 5 5
A a1 [T 9
Suy ra tap nghiém la <§; 3)'
Chon dép 4n|a ding | bdung [csai [ddung| ....................o O

Céu 2. Mot vat dude phéng theo phuong thang ding véi van toc ban dau 1a 20
m/s thi do cao ctia né so véi mat dat (tinh bang mét) sau r gidy dudc cho béi cong
thic h = —2¢% + 20t + 22.

a) Do cao ban dau cta vat 1a 22 mét.

b) Van tbc ctia vat tai thoi diém r 1a v(r) = —2r +20.

¢) Van toc clia vat tai thoi diém r = 3 s 12 v(3) = 8 m/s.

d) Tai thoi diém vat cham dat thi van toc cta vat 1a 15 m/s.
Loi giai

a) @ D6 cao ban dau cta vat tng véir = 0 1a h = 22 mét.

b) (S) Van tbc ctia vat tai thoi diém 7 13 v(r) = 1/ (r) = —4t 4 20.

¢) (D) Tai thoi diém 7 = 3 thi v(3) = —4-3+20 = 8 m/s.

d) (S) Tai thoi diém vt cham dat thi h=0= —22+20r+22=0=17=11s.
Khi d6 van toc ctia vatla v(11) = —4-11+20 = —24 m/s

Chon dép 4n|a dung | bsai [ cdung [dsai| ..............oooo O

PHAN 3. Cau tréc nghiém trd 1i ngén.

Cdu 1. Sau khi phat hién mét dich bénh, cac chuyén gia y té uéc tinh s6 ngudi
nhiém bénh ké tit ngay xuat hién bénh nhan dau tién dén ngay thi ¢ 1a f(r) =
35¢2 — §t3 (két qua khao sat trong 12 thang lién tuc). Néu xem f'(¢) 1a téc do
truyén bénh (ngudi/ngay) tai thoi diém s thi toc do truyén bénh l6n nhat vao

ngay thit may? Dap an:| 7
Loi giai

5
Ta c6 f(t) = 35> — §r3 = f'(t) =70t — 5t* (t > 0).

Vi f/(r) ¢6 d6 thi 1a mét parabol c6 bé 16m quay xudng nén dat gia tri cuc dai tai

f= e =1.
2-(=5)

Vay vao ngay tha 7 toc dé truyén bénh la nhanh nhat.

DA AN |7 o e O
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2 2

A <z dx—1 . b Cas s

Cau 2. Cho ham soy:%co dao hamy’:%.Khl do gia tri cua
biéu thic P = a® + b* + ¢? bang Dapan:|2 /3|6

Loi giai

(P +dx—1)" (20 +3) — 2x+3) - (P +4x—1)

Y= (2x+3)?
(22 +4)(2x+3) -2 (K +4x— 1)
(2x+3)?
4x? 4+ 14x 412 — 2x* — 8x +2
B (2x+3)2
2x2+6x+ 14
T (2x+3)2
=a=2;b=06;c=14.
Vay P = a*> + b*> + ¢ = 236.
DAP A1 (236 © .o O]

Céu 3. Nhiét do T (don vi: °C) ctia mot tam kim loai dude 1am ngudi phu thudc
vao thoi gian ¢ (phit) theo phuong trinh 7(r) = 100e~%! +20. Tinh téc do thay
d6i nhiét d6 cta tAm kim loai tai thoi diém 7 = 5 phut. Két qua lam tron téi hang

phan chuc. Papan:| —|6 |, |1
Loi giai

Ta c6 T'(t) = —10e %1,

Thay t =5 vao T'(¢) ta c6 T'(5) = —10e %! = —10e > ~ —6,065.

DA AN -6, L | OJ

Cau 4. Cho ham s6 f(x) = x*’e~**. Téng cac nghiém ctia phuong trinh f'(x) =0
la bao nhiéu? Pap an: | 1
Loi giai

flx) =x*e 2.

Flx)=2x-e 4 (-2x) x? e F =2 -2 e ¥ = (2x—2x%) e 2.

x=0
fr)=02x-2x=0=2x(1-x)=0&

x=1.
Suy ra tong cac nghiém ctia phuong trinh f/(x) =01a0+1 = 1.
DA An: L O

PHAN 4. Ty luan.

Cau 1. Tinh dao ham cua cac ham so6 sau

2x—1>5_ 2
a)y_(x+2 ’ b)y_x2+1’
c) y=e - sin’x; d) y =log(x+ v/x)
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Loi giai
a)
, <2x—1)4 (2x—1)’
y = 5. .
x+2 x+2
_ s <2x—1)4 2(x+2) — (2x—1)
B x+2 (x+2)?
_ s (2x—1)4 5
B x+2 (x+2)2
. 4
_ 25'<2x 1)' L
x+2 (x+2)2
b) y,:2(x2+1)—2x-2x: 2 —2x?

@17 @
c) y = e’ sinx+2-e'-sinx-cosx = e*- (sin2x+sin2x);
1
/ 1+—=
oy VD TR 2Ed
(x+/X)In10  (x++/X)In10  2y/x(x+/x)In10°

Cdu 2. Tinh dao ham cap hai cia cac ham so sau

a) y=x>—4x?+2x—3; b) y = x?e".
Loi giai
Pao ham cép 1 cia cac ham sb sau la

a) y =3x% —8x+2.

b) y = 2xe* +x%e* = e*(2x +x?).
Pao ham cip 2 ctia cac ham sb trén 1a

a) y/ =6x—8.

b) "' = e (2x+x%) + e (2 +2x) = ¥ (x* +4x +2).

Cau 3. Ham s6 R(v) = @ c6 thé dung dé xac dinh nhip tim R cia mét ngudi ma
tim ctia nguoi d6 ¢ thé lay di duge 6000 m! mau trén méi phit va v ml mau trén
moéi nhip dap (theo Bach khoa toan thu Y hoc "Harrison’s internal medicine 21st
edition"). Tim toc d6 thay doi ctia nhip tim khi luong méu tim d4y di 6 mét nhip
la v = 80.

Loi giai

Ta co R'(v) = —%.

Toéc do thay doi ctia nhip tim khi luong méau tim ddy di 6 mét nhip v = 80 1a
R'(80) = —0,09375.
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Cdu 4. Cho ham s6 f(x) =In2018 +1n (xi

1). Tinh

S=F+f2)+f(3)+--+f(2017).

Loi giai
Tacéf(x)—ln2018—|—ln( a ):>f’(x)— bt 1
N x+1 Cox(x+1) x x+1
o111 1 1 1 2017
DodsS=1—3+3-3%"* 3017 2018 ' 2018 2018
—Hét—
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