PHUONG

PHAP TQOA PO
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Vecto phap tuyén cia dwong thang

LY THUYET CAN NHO

Pinh nghia: Mot vecto n=0 goi 1a vecto phap tuyén (VTPT) cta dudng thing A néu gia cua nd vudng

gdc voi duong thiang A.

S

Nhén xét:
[ ]

ctia dudng thang d .

d thi nu=0.

Néu n 1a mot vecto phap tuyén cua duong thing d thi k.n (k #0) ciing 1a mdt vecto phép tuyén
Néu n 12 mot vecto phép tuyén cua dudng thang d va u 1a mot vecto chi phuong cta dudng thing

Mot dudng thang xac dinh khi biét mot vecto phap tuyén va mot diém né di qua.

Phwong trinh téng quat cia dwong thang

Puong thang d di qua diém M (Xo; yo) va ¢ vecto phap tuyén n= (A; B) thi c6 phuong trinh tong quat

la:

A(X—=X,)+B(y—Y,)=0.

Nguoc lai, trong mat phang voi hé toa @ Oxy moi phuong trinh dang Ax+ By +C = O(A2 +B*# 0) déu

1a phuong trinh tong quéat cta dudng thing d co vecto phap tuyén n = (A; B).

Mot s6 trudng hop dic biét cuia phuong trinh tong

quét: Ax+By+C =0(A’+B?=0):
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e Néu A=0 phuong trinh tr¢ thanh By+C =0y = —% duong thang song song véi truc hoanh

. . 4 C
Ox va cat truc tung Oy tai diem M (O;—Ej.
% s C .. 2 »
e Nécu B =0 phuong trinh tr¢ thanh AX+C =0 X = Yy dudng thang song song voi truc tung Oy

va cit truc hoanh Ox tai M (—%;OJ.

e Néu C =0 phuong trinh tr& thanh Ax+ By =0 duong thing di qua goc toa do O(0;0).
e Puong thiang c6 dang y=ax+b (trong d6 a dugc goi 1a hé sb goc cia duong thang ) cb vecto

phap tuyén 1a n=(a;~1). Nguoc lai duong thing c6 vecto phap tuyén 1a n=(A;B) thi co hé s
oc la —é
g B’
, 5 X
o Duong thang d di qua diém A(a;0) va B(0;b) co phuong trinh la —+%:l.
a
Phwong trinh tham s6 cia dwong thaing

Vecto chi phwong cia dwong thing:

Pinh nghia: Vecto u = 0duoc goi 1a vecto chi phwong (VTCP) ciia duong thang A néu gia clia nd song
song hodc trung v4i A.

Nhén xét:
e Néu U 1a mét vecto chi phuong cua duong thing d thi k.u (k #0) ciing 1a mét vecto chi phuong
ctia dudng thang d .

e Mot dudng thang xac dinh khi biét mot vecto chi phuwong va mot diém ma né di qua.

Phwong trinh tham s6 cia dwong thing
Cho dudng thing A di qua diém A(X,; Y, ) va c6 vecto chi phuong U = (a;b). Khi d6 diém M (x;y) thudc

(2)

X =X, +at

duong thang A khi va chi khi ton tai s6 thuc t sao cho AM =tu hay { bt
Y=Yo t

Hé phuong trinh (2) dugc goi la phuong trinh tham s6 clia duong thang A (t 1a tham sé).
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Duong thing d di qua diém M (X,;Y,) va c6 vecto chi phuong u=(a; b) thi c6 phuong trinh tham s6 1a

X=X, +at ~ 5 . 5 ‘ P
{ ° . (Moi diém M bat ky thudc duong thang (d) twong tmg véi duy nhat mot s6 thuc te R va

y=Y,+bt

nguoc lai).

Nhin xét: Ac A < A(X, +at;y, +bt),teR

X=X, +at

Trong mit phang véi hé toa dd Oxy, moi phuong trinh dang { v6i a® +b? =0 déu la phuong

y=yY,+bt
trinh cta duong thing d c6 mdt vecto chi phuong 1a U = (a;b).
Phuong trinh chinh tic ciia dwong thing

Dudng thang d di qua diém M (X,;y,) va c6 vecto chi phuong u= (a;b) véi a=0,b#0 co phuong trinh

_Xo:y_yo
a b

. X
chinh tac 1a:

Lién hé giira vecto’ phap tuyén va vecto’ chi phwong

I~
gy}
I
—_~
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|
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—
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BN/ PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Xac dinh cac yéu té cua dudng thang

Phwong phap:
e Trong mit phiang v6i hé toa dd Oxy, phuong trinh dang Ax+ By +C = O(A2 +B%*# O) co vecto
phép tuyén n= (A;B).

, X=X, +at 3
e Trong mit phing véi hé toa d Oxy, moi phuong trinh dang { %o bt voi a® +b* #0 déu la
Y=Y+

phuong trinh ciia duong thing d c6 mot vecto chi phuong 13 u =(a;b).

e Néu duong thing d ¢6 n=(A;B) la mdt vecto phap tuyén thi mét vecto chi phuong ciia d 2
u=(B;-A) hoic u=(-B;A).

e Néu duong thing d c6 u = (a;b) 1a mdt vecto chi phuong thi mdt vecto phép tuyén ciia d la
n= (—b;a) hodc n= (b;—a).

o Duong thing di qua hai diém A, B thinhin AB lam vecto chi phuong.

BAI TAP TU’ LUAN

Bai tap 1: Trong mit phang toa do Oxy, cho dudng thang d : x—2y+3=0. Tim mdt vecto phap tuyén
ctia duong thang d .
X=2+3t

Bai tip 2: Tim mot vecto chi phuong cia dudng thing {y _ 3¢

y

Bai tap 3: Tim mot vecto chi phuong cta duong thang §+ > =1.

Bai tap 4: Tim vecto phap tuyén cua duong thang di qua hai diém A(2;3) va B(4;1)?

1
. . X=5-——t
Bai tap 5: Tim vecto phéap tuyén ctia duong thang A: 2 ?
y=-3+3t

Bai tip 6: Cho duong thing A c6 phuong trinh tong quat: —3x + 2y —3=0. Tim vecto chi phuwong cia
duong thang A.

Bai tap 7: Trong mit phing toa d0 Oxy, cho duong thang A cat céac truc toa d0 Ox,Oy lan lugt tai cac
diém A B sao cho OA=2,0B =3. Tim mét vec to phap tuyén ciia duong thang A

Bai tap 8: Trong mit phang toa do Oxy, cho duong thing A :2x —by +3=0 di qua diém A(3;-2). X4c
dinh vecto chi phuong cta duong thing A.

Bai tap 9: Trong mit phang toa dd Oxy cho duong thang A di qua diém M (—2; 2) va cit cac tia Ox,Oy
lan luot tai cac diém A, B sao cho dién tich tam giac AOAB bang 1. Tim mdt vecto phap tuyén ctia dudng
thang A.
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Bai tap 10: Puong thing d c¢6 mot vecto phap tuyén 1a n = (—2;-5). Duong thing A song song véi d .

Tim mét vecto chi phuong ctia dudng thiang d .

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Cau 1: Trong mit phing Oxy, cho dudng thing d :2x—3y+1=0. Mot vecto phap tuyén cia duong

thang d la:
A.n=(2-3). B.n=(32). C.n=(3-2). D. n=(2;3).
. . =1-2t
Cau 2: Trong mat phang vdi hé toa do Oxy, mot vecto chi phuong cua duong thang d : {);/ o3t la
A.a=(23). B. b=(3,2). C.c=(3-2). D. d =(2-3).

Ciau 3: Trong mit phang OXy, cho duong thang (d ) c6 phuong trinh 2x —y +5=0. Tim mot vecto chi
phuong cua (d)
A. (3-2). B. (2,1). C. (2-1). D. (12).

Cau4: Trong mit phang Oxy, cho duong thang d:3x—7y—1=0. Vecto nio sau diy 1a vecto phap
tuyén ciia dudng thang d

A. n=(3-7). B. n=(2;3). C.n=(37). D. n=(7;3).

Cau 5: Trong mit phang Oxy, cho dudng thang d : y = —3x +5. Mot vecto phap tuyén cta duong thing
dla
A.n=(L3). B. n=(31). C. n=(-31). D. n=(L-3).

Ciu 6: Trong mit phang Oxy, cho duong thing d :4x+5y—4=0. Vecto nao sau day khong phai 1a

vecto phap tuyén cua dudng thang d

A. n =(45). B.n,=(-8-10).  C.n,=(4-5). D. E:(g;gj
Cau7: Trong mit phang Oxy, cho hai diém A(l;l), B(2;3). Tim mot vecto phap tuyén ciia duong
trung tryc ctia doan thang AB .
A.n=(3-2). B. n=(21). C.n=(-12). D. n=(12)
Cau8: Trong mit phang Oxy, cho tam gidc ABC biét A(-L-1), B(L-3), C(2;4). Tim mdt vecto

phap tuyén cua duong cao ké tir B ciia tam giac ABC .

A.n=(35). B. n=(3,-5). C. n=(53). D. n=(-53)
Cau9: Trong mit phang OXy, vecto nao dudi ddy 1a mot vecto phap tuyén ciia d : x — 2y +2025=07
A. 1, =(0;-2). B. f, =(-2;0). C. n,=(21). D. fi, =(3-2).

X=2-3t

Cau 10: Cho duodng thang (d):
u 0 ng ang( ){y=—1+2t

va diém A(% ;— 2). Piém Ae (d) ung vadi gia tri nao cla
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1 2 1 5
A, ——. B. —. C. —. D. —.
2 3 4 4
R o . X=1-4t
Cau 11: Trong mat phang Oxy, vecto chi phuong ctia duong thang d : y=—243t a
=-2+
A.u=(-43). B. u=(43). C.u=(34). D. u=(L-2).

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Ciu 19:

Cau 20:

Trong mit phang Oxy, vecto nao dudi ddy 1a 1 vector chi phuong cta duong thiang song song
voi truc OX :

A. u=(L0). B. u=(1-1). C. u=(L1). D. u=(0;1).

Trong miat phang Oxy, cho dudng thang d:7x+3y—1=0. Vecto nao sau diy 1a vecto chi
phuong cua dudng thing d ?

A.u=(7;3). B.u=(37). C.u=(-37). D. u=(23).

Trong mit phang OXxy, cho hai diém A= (1; 2) va B = (5; 4) . Vecto phép tuyén cta dudng thing
AB la

A. (-L-2). B. (1,2). C. (-2:1). D. (-12).

Trong mit phang Oxy , cho hai diém M (2;3) va N (—2;5). Puong thang MN c6 mot vecto chi

phuong la:

A u=(42). B. u=(4-2). C.u=(-4-2). D. u=(-24).

Trong mit phang voi hé toa 46 Oxy cho dudng thang d : g - % +1=0. Vecto nao sau day la mot
3

vecto chi phuong cua d.

A U, =(3-2). B. u, =(2;3). C.u, =(2-3). u,

D. u; =(3;2)
Trong mit phang Oxy, duong thang d c¢6 mot vecto phap tuyén 1a n= (—2;—5). Puong thang
A vuodng gboc voi d co mot vecto chi phuong la:
A. U, =(5-2). B. u, =(-5;2). C. u, =(25). D. u, =(2;,-5).
Trong mit phang Oxy , duong thang d c6 mét vecto chi phuong 1a u= (3;—4) . Puong thang A
song song voi d c6 mot vecto phap tuyén la:
A. n =(43). B. n, =(-43). C. n,=(34). D. n, =(3,-4).
Trong mit phang Oxy , duong thang d c6 mot vecto chi phuwong 14 G = (3; —4) . Puong thang A
vudng goc voi d cé mot vecto phap tuyén la:
A. n =(43). B. n, =(-4;-3). C. n, =(3;4). D. n,=(3,-4).
Trong mit phing Oxy , duong thang d c6 mot vecto phap tuyén 1a n = (4;-2). Trong cic vecto
sau, vecto nao la mot vecto chi phuong ctia d ?
A. U, =(2,-4). B. u, =(-2;4). C. u,=(12). D. u, =(21).
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PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

Cau 1: Trong mit phing toa dd6 Oxy, cho duong thing d: x—2y+3=0. Xét tinh dung sai cia cac
khing dinh sau:
a) Puong thdng c6 mot vecto phap tuyén 1a n = (L2).

b) Puong thing c6 mot vecto chi phuong 1a U = (2;1).

¢) Puong thdng c6 mot vecto chi phuong 13 U = (a;b) thi a—2b=0.

d) Pudng thing cét cac truc toa do Ox,0y 1an luot tai A B. Khi do AB= (3;%) 1a mot vecto
chi phuong ctia duong thing (d).

Cau2: Trong mat ph:fmg toa do, cho hai diém M (4; 0), N (2; —2). Xét tinh ding sai cia cac kh:flng dinh
sau:
a) Duong thang A di qua hai diém M (4;0),N(2;-2) c6 mét vecto chi phuong 1a u= (-1-1)

b) Buong thfmg A di qua hai diém M (4; 0), N (2; —2) c6 mat vecto phap tuyén lan= (l; 1)
¢) Puong thing A 13 dudng trung tryc ctia doan thang MN c6 mot vecto chi phuong 13 u= (—1; 1)
d) Duong thing A di qua hai diém M (4;0),N(2;—2)c6 mdt vecto phép tuyén 1a n= (a;b) thi

a=-b
Cau 3: Trong mat phang toa dd Oxy, dudng thing A c6 phuong trinh tong quat 3x —4y +16 =0. Xét

tinh diing sai clia cdc khang dinh sau:
a) Puong thang A c6 vecto phép tuyén n= (3; 4) .

b) Duong thang A di qua diém M (3;—4).

, . 3
c) Buong thang A co hé so k = r

d) Puong thang A c6 mot vecto chi phuong la: u= (1; gj .

Cau4: Trong mit phing toa do OXy, cho tam gidc ABC c6 A(L4), B(3;2), C(7;3). Xét tinh dung sai
ctia céc khang dinh sau:

a) Puong thang AB c¢6 mdt vecto chi phurong 1a u= (—2; 2)

b) Goi M 1 trung diém cua BC . Dudng trung AM ciia tam giac ABC c¢6 mot vecto chi phwong

¢) Puong cao AH cua tam giac ABC c¢6 mdt vecto phap tuyén 1a n= (—1; 4)

d) Puong thing A/ AB ¢6 mdt vecto phap tuyén 1a n = (11).
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PHAN lIl. Cau trac nghiém tra I&i ngan

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Chuyén dong cua vat thé M duoc thé hién trén mit phing toa d6 Oxy . Vat thé M khéi hanh tir

diém A(5;3) va chuyén dong thang déu véi vecto van tc la V = (12). Dudng thang biéu dién

chuyén dong c6 vecto phap tuyén n= (a;b),(a,b#0). Tinh % .

Dé tham gia mot phong tap thé duc, ngudi ta phai tra mot khoan phi tham gia ban dau va phi st
dung phong tp. Puong thing A & hinh sau biéu thi téng chi phi (truc tung don vi: triéu déng)
tham gia mot phong tap thé duc theo thoi gian ctia mot ngudi (truc hoanh don vi: thang).

A

S
T

o

12 =

Téng chi phi ma ngudi d6 phai tra khi tham gia phong tap thé duc véi thoi gian trong 1 nim 8

triéu dong.

Trong mit phang toa 4o Oxy cho dudng thing A di qua diém M (1;4) va cat cc tia Ox,Oy lan

luot tai cac diém A, B sao cho OA+OB dat gi tri nho nhan. Khi d6 A c¢6 vecto phap tuyén 1a

- X

n=(%;Y,). Tinh =2
2 0

Cho tam giac ABC c6 A(2;0), B(0;3), C(—3;1). Puong thang d di qua B va song song vai

AC c6 vecto phép tuyén n= (a; b) . Tinh % (Két qua 1am tron dén hang phan trim).

Trong mit phang v6i hé toa do Oxy, cho tam gidc ABC c6 phuong trinh canh AB i
X—Yy—2=0, phuong trinh canh AC la x+2y—-5=0. Biét trong tdm cua tam giac la diém
G (3; 2) va phuong trinh duong thang BC ¢6 dang X +my +n=0. Tim m+n.

Cho tam giac ABC biét tryc tam H (1;1) va phuong trinh canh AB:5x -2y +6 =0, phuong
trinh canh AC :4X+7y—21=0. Mt vecto phap tuyén cua canh BC 1a ng = (a;—2). Khi do

gid tri cia @ bang bao nhiéu?

HET:
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Dang 2: Viét phudng trinh dudng thang

Phwong phap:
Phwong trinh tong quét ciia dwong thing:
e Puong thing d di qua diém M (XO; yo) va ¢ vecto phap tuyén n= (A; B) thi c6 phuong trinh
téng quat 1a:
A(x—x,)+B(y—y,)=0.
Phuong trinh tham sb ciia dwdong thing:
e Cho dudng thing A di qua diém A(X,;Y,)va c6 vecto chi phuong a=(a;b). Khi d6 diém
M (X; y) thudc duong thang A khi va chi khi ton tai sé thuc t sao cho AM =tu, hay:

X=X, +at
y:yo+bt

Hé trén dugc goi 12 phuong trinh tham sé ctua duong thang A (t1a tham sb).
Phwong trinh chinh tic ciia duong thing:
e Duong thang d di qua diém M (X,;y,) va c6 vecto chi phuong U= (a;b) véi a=0,b=0 co

X=X _ Y=Y
a b

phuong trinh chinh tic 1a:

BAI TAP TU LUAN

Bai tap 1: Trong mét phang toa d9, 1ap phuong trinh tong quat cua dudng thang A di qua diém A(2;1) va

nhan n=(3;4) 12 mt vecto phap tuyén.

Bai tap 2: Trong miat phang toa do, 1ap phuong trinh tham sé caa duong thing A di qua diém A(Z;—B)

va nhan U= (3;4) Ia mot vecto chi phuong.

Bai tap 3: Trong mat phang toa do, lap phuong trinh tham s6 cua duong thang A di qua hai diém A(3; O)
va B(0;2).

Bai tap 4: Trong mit phang toa do, cho tam gidc c6 ba dinh A(=15),B(2;3),C(6;1). Lap phuong trinh
téng quét ctia dudng cao ké tir A cua tam giac ABC .

Bai tap 5: Trong mat phang toa do, lap phuong trinh tham sb ciia duong thang A di qua diém A(2;—3)
va nhan n= (3;4) 1a mot vecto phap tuyén.

Bai tap 6: Lap phuong trinh tham sb ciia duong thang A di qua diém M (-1;2)va song song véi duong
thang d :3x—4y-1=0.

Bai tap 7: Trong mat phing toa dd Oxy , cho dudng thing A cit cac tia Ox,Oy lan luot tai cac diém A, B
sao cho OA = 2,0B = 3. Viét phuong trinh tham s6 ctia duong thang A
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Bai tap 8: Lap phuong trinh tham s cia duong thang A di qua diém M (=1 2) va vudng goc véi duong
thang d :3x—4y—-1=0.

Bai tip 9: Trong mit phang toa dd Oxy cho dudng thing A di qua diém M (-2;2)va cit céc tia Ox,Oy
1an luot tai cac diém A, B sao cho dién tich tam giac AOAB bang 1. Viét phuong trinh tong quat ciia dudng

thang A.
Bai tap 10: Lap phuong trinh tham s6 va phuong trinh téng quat cia duong thang di qua hai diém phan
biét A(x;Y;), B(X,;Y,)cho trudc.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Céau 10:

Trén mit phang toa d6 Oxy, cho hai diém A(-2;3) va B(4;-1). Phuong trinh nao sau day la
phuong trinh duong thang AB ?

_ - Xx=1+3t
A x+y-3=0. B. y=2x+1. c x4 yt  p .
6 -4 y=1-2t
Phuong trinh tham sé cia duong thang di qua hai diém A(2;-1) va B(2;5) la
X =2t X=2+t Xx=1 X =2
A. . B. . C. . D. .
y =-6t y=5+6t y =2+6t y =—1+6t

Trong mat phang toa do Oxy, cho hai diém A(3;-1) va B(-6;2). Phuong trinh nao dudi day
khong phai 1a phwong trinh tham sb cua duong thang AB ?

X=3+3t X=3+3t X =-3t X=-6-3t
A. . B. . C. . D. .
y=-1-t y=-1+t y=t y=2+t
Phuong trinh tham s6 cia duong thang qua M (L,-2), N(4;3) la
X=4+t X=1+5t Xx=3+3t X=1+3t
: . B. . C. : D. .
y=3-2t y=-2-3t y=4+5t y=-2+5t
Phuong trinh tham s6 ctia duong thing di qua hai diém A(3;-1),B(-6;2) la
X=-1+3t X=3+3t X=3+3t X=3+3t
A. : B. . C. . D. .
y=2t y=-1-t y=—6-t y=-1+t

Trong mét phang toa d9, cho hai diém A(3;0),B(0;2) vadudngthang d : x+y =0. Lap phuong
trinh tham sé cua duong thang A qua A va song song véi d .

X=t X=t X=-t X=-t
A. . B. . C. . D. .
y=3-t y=3+t y=3-t y=3+t
. . [ X=5+t .
Cho duong thang d c6 phuong trinh tham s6 {y _ g ot Phuong trinh tong quat cuia duong
thang d 1a
A. 2x+y-1=0. B. -2x+y-1=0. C. x+2y+1=0. D. 2x+3y-1=0.

Trong mat phang Oxy cho diém M (L2). Goi A,B Ia hinh chiéu cia M [én Ox,Oy. Viét
phuong trinh duong thang AB .

A. x+2y-1=0. B. 2x+y+2=0. C. 2x+y-2=0. D. x+y-3=0.
, , X=3-5t .
Trong mat phang toa d6 Oxy, cho duong thang d :{y L 4t (t e R). Phuong trinh tong quat
=1+

cua duong thang d 1a
A 4x-5y—7=0.  B.4x+5y-17=0. C.4x-5y—17=0. D. 4x+5y+17=0.
Trong mat phing vai hé truc toa d6 Oxy, cho duong thang d cit hai truc Ox va Oy lan luot tai

hai diém A(a;0) va B(0;b) (a=0;b+0). Viét phuong trinh dudng thang d.
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y J S
Ad:2iYoo. B.d:>-Y_1 c.d:X+¥_1 D.d:X+Y 1.,
a b a b a b b a
Cau 11: Phuong trinh dudng thing di qua hai diem A(0;4),B(-6;0) la:
A XY B Xy Y 1. c. XY g, D. XY 1
6 4 4 -6 4 -6 6 4

Céu 12:

Cau 13:

Céu 14:

Céu 15:

Céu 16:

Céau 17:

Céau 18:

Céu 19:

Céau 20:

Cau 21;

Phuong trinh duong thang d di qua A(L—2) vavudng goc véi duong thang A:3x—2y+1=0
la:

A. 3x-2y-7=0. B. 2x+3y+4=0. C. x+3y+5=0. D. 2x+3y-3=0.
Cho duong thang d :8x—6y+7 =0. Néu dudng thang A di qua gbc toa do va vudbng goc Vai
duong thang d thi A ¢6 phuong trinh 13

A. 4x-3y=0. B. 4x+3y=0. C. 3x+4y=0. D. 3x-4y=0.

Trong hé truc Oxy , duong thang d qua M (1;1) va song song v&i dudong thang d': x+y—-1=0

c6 phuong trinh la
A x+y-1=0. B. x-y=0. C. x+y-1=0. D. x+y-2=0.

Viét phuong trinh tong quét cua duong thang di qua diém 1(-12) va vudng goc voi duong
thang c6 phuong trinh 2x—y+4=0.

A x+2y=0. B. x+2y-3=0. C. x+2y+3=0. D. x-2y+5=0.
Trong mat phang véi hé toa do Oxy, cho ba diém A(2;0), B(0;3) va C(-3;-1). Buong thang

di qua diém B va song song voi AC cé phuong trinh tham s 12:

X =5t Xx=5 X=t X =3+5t
A. ) B. ) C. ) D. )
y=3+t y=1+3t y=3-5t y=t

Trong mat phang véi hé toa do Oxy, cho ba diém A(3;2), P(4;0) va Q(0;-2). Puong thang

di qua diém A va song song voi PQ ¢ phuong trinh tham sé Ia:

X=3+4t x=3-2t X=-1+2t X=-1+2t
. . B. . C. . D. .
y=2-2t y=2+t y=t y=—2+t
Viét phuong trinh tham s6 cua duong thang d di qua diém M (4;-7) va song song véi truc OX
X=1+4t X=4 X=—7+t X=t
A. : B. . C. . D. :
y=-T1t y=—-7+t y=4 y=—7

Duong thang d di qua diém M (12) va song song véi duong thang A:2x+3y—12=0 cb
phuong trinh tong quat 1a:
A. 2x+3y-8=0. B. 2x+3y+8=0. C. 4x+6y+1=0. D. 4x-3y-8=0.
Phuong trinh tdng quéat cua duong thang d di qua O va song song Vvéi duong thang
A:6x—4x+1=0 la:
A. 3x-2y =0. B. 4x+6y=0. C. 3x+12y-1=0. D.6x—-4y-1=0.
Viét phuong trinh duong thang A di qua diém A(4;-3) va song song véi duong thing
Xx=3-2t
d: :
y=1+3t

A. 3x+2y+6=0. B. -2x+3y+17=0. C. 3x+2y-6=0. D. 3x-2y+6=0.
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Céu 22:

Céu 23:

Cau 24:

Céu 25:

Céau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Ciu 32:

Viét phuong trinh tong quat cua duong thang d di qua diém M (-1,0) va vudng goc vai duong
thing A:{ .
o {y:—Zt
A 2x+y+2=0. B.2x-y+2=0. C. x-2y+1=0. D. x+2y+1=0.
, . . Xx=1-3t
buong thang d di qua diém M (-2;1) vavudng géc véi dudng thang A:{y 5 Bl c6 phuong
=-2+
trinh tham s la:
X=-2-3t X=-2+5t Xx=1-3t X=1+5t
: : B. : C. : D. :
y=1+5t y=1+3t y=2+5t y=2+3t

Viét phuong trinh tham s6 cia duong thing d di qua diém A(—12) va song song véi duong
thing A:3x—13y+1=0.
. {X:—1+13t. 5. {X:l+13t . . {X:—1—13t. D. {X:1+3t .
y=2+3t y=-2+3t y=2+3t y=2-13t
Viét phuong trinh tong quéat ciia duong thang d di qua diém M (—2;-5) va song song véi duong

phan gi4c goc phan tu thi nhat.
A. x+y-3=0. B. x-y-3=0. C. x+y+3=0. D. 2x-y-1=0.

Viét phuong trinh tong quat cua duong thang d di qua diém M (3;-1) va vudng géc véi duong

phan gi4c goc phan tu thir hai.
A x+y-4=0. B. x-y-4=0. C. x+y+4=0. D. x-y+4=0.
Trong mat phang Oxy, cho A 1a dudng thang di qua diém A(3;—l) va ¢ vecto phap tuyén
fi =(—2;1). Phuong trinh tong quat ctia duong thang Ala:
A. -2X+y+7=0. B. 2x+y-7=0. C.x+2y-1=0. D. 2x-y+7=0.
Trong mit phang OXy, cho céc diém A(2;—1);B(0;4). Viét phuong trinh tong quét cua duong
thang A di qua A va vudng goc voi AB?
A. —2x+5y-9=0. B. 2x+5y+9=0. C.2x-y+4=0. D. 2x+3y—-1=0.
Phuong trinh tong quat ctia dudng thang di qua A(l; 1) va B (—3; 2) la
A. 4x-y+14=0. B. -3x+2y+14=0. C. x+4y+5=0. D. x+4y—-5=0.
Viét phuong trinh ctia dudng thing d di qua diém M (2;—3) va cit hai tryc toa do tai hai diém
A va B sao cho tam gidc OAB vudng can.
A. y=—-x-1. B. y=—x-1va y=x-5.
C. y=x-5. D. y=2x—-7 va y=-2x+1.
Viét phuong trinh cua dudng thang A di qua giao diém cua hai duong thing d:x+y=1,
d, :2x+y =0 va co hé s6 goc bang 3.

1

7 -1 5
A. y=3x+5. B. y=-3x-1. C.y=—X+—. D.y=—x+-—.
y y y 3 3 y 3 3

Cho duong thang d c6 phuong trinh tong quat 1a 4x+3y —24=0. Viét phuong trinh dudng
thang d dudi dang phuong trinh dudng thing theo doan chan.

A S Y B.X+Y 1 c. Xy ¥_q p. 2i Y1,
43 34 8 6 6
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Ciu 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Ciu 43:

Cau 44:

Goi d la dudng thang di qua hai diém A(2;0) va B(0;3). Buong thang d di qua diém nao
dudi day?
A. M(2:3). B. N(3;2). C. P(-3;4). D. Q(4;-3).

Viét phuong trinh tong quat ciia duong thang d ct truc hoanh tai diém c6 hoanh d6 biang 4 va
cit tryc tung tai diém c6 tung d6 bang —3.
A. 3x—-4y+12=0. B. 4x-3y-12=0. C.4x-3y+12=0. D.3x-4y-12=0.
Viét phuong trinh ctia dudng thing d di qua diém M (5; —7) va cét hai truc toa d¢ tai hai diém
A va B sao cho M 1a trung diém cua AB.

X,y B. XY c. XY p. X Y

AX Yo Y_1 LI A XY
5 7 5 7 10 14 10 14

Phuong trinh tong quat ciia dudng thing A di qua M (0;1) va vudng géc véi d : 3x—2y +1=0

la

A. 2x+3y-1=0. B. 3x-2y+2=0. C.3x-2y+4=0. D.2x+3y-3=0.

Cho tam gidc ABC c6 A(2; 0) , B(0;3) ,C (—3;1) . Phuong trinh tong quat duong thang d di qua

B va song song véi AC la

A. X+5y—-2=0. B. x+5y-15=0. C.5x-y+3=0. . D.2x+10y-5=0.

, ) ) . X =—4+5t 5
Puong thang di qua M (2;0), song song v&i duong thang A: 1t c6 phuong trinh tong
quat 1a
A. x+5y-2=0. B. 5x-y-10=0. C. x+5y+1=0. D. 2x+10y-13=0.
Viét phuong trinh cta duong thing d di qua diém M (6;-10) va vudng goc véi truc Oy .
A. y+10=0. B. x-6=0. C. x+y=-4. D. y-10=0.

Viét phwong trinh tham s6 cua dudng thang d di qua diém M (—3;5) va song song vo1 duong

phan giac ctia goc phéan tu thir nhat.

A {x:—3+t' B {x:—3+t. C. {x:3+t - D. {x:5—t |
y=5-t y=5+t y=-5+t y=-3+t

Trong mit phang toa dd Oxy, cho tam gidc ABC biét tryc tim H (1; 1) va phuong trinh canh

AB:5x -2y +6 =0, phuong trinh canh AC:4Xx+7y—21=0. Phuong trinh canh BC la:

A. 4x-2y+1=0. B. x-2y+14=0. C. x+2y-14=0. D. x—-2y-14=0.

Cho hai dudng thang d, : x+y—-1=0,d,:x -3y +3=0. Phuong trinh dudng thang d ddi xtmg

véi d; qua d, la:

A. X—-7y+1=0. B. x+7y+1=0. C. 7x+y+1=0. D. 7x-y+1=0.

Trong mit phang Oxy, dudng thang A di qua diém A(2;—3) va c¢6 mot vecto chi phuong la

u= (—4; 2). Phuong trinh nao dudi ddy 1a phuong trinh tham sé cta duong thang A ?

.{x:—4+2t. B {x:3+4t. .{x:2+2t. D. {X=2—2t.

y=2-3t y=2-2t y=-3+t y=-3+1t

Trong mit phang Oxy, phuong trinh tham sb ciia dudng thang A di qua diém A(2;—5) va co

vecto phap tuyén fi =(3;4) 1a
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Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

AL
Xx=2+3t X=2+4t Xx=3+2t X=2+4t
A. ) B. . C. . D. .
y=-5+4t y=-5-3t y=4-5t y=-5+3t

Trong mit phang Oxy , cho tam giac ABC . Biét M (1; 2), N (—3; 4), P (O; 5) 1an luot 13 trung diém
ciia AB,BC,CA. Phuong trinh tham s6 cta dudng thang AB 13

x=1-3t X=1+t x=1+3t Xx=1-t
A. . B. . C. . D. .
Phuong trinh tham sé cta duong thing di qua hai diém A(3;-1) va B(-6;2) la

Xx=3+3t X=-1+3t Xx=3+3t X=3+3t
A. . B. . C. . D. .

y=-1-t y=2t y=-1+t y=-6-t

X=2-3t

Lat Phuong trinh tham s ciia dudng thang A di qua M (0;1) va
y=1+

Cho dudng thing d :{

vuong goc voi d 1a
X=t X=1+t X =-3t X=2+t

A. . B. . C. ) D. .
y=1+3t y =3t y=1+t y=-1+3t

Trong mat ph:fmg Oxy, cho tam gidc ABC voi A(l;l); B(2;3);C(—2;1). M,N lan lugt 1a trung

diém ciia AB va AC . Phuong trinh tham s6 ciia dudng thaing MN 13

1
A {x:1+2t B X:E+2t C x:—%+2t D x:g—Zt
y=1+t y=§+t y=1-t y=2+t

Trong mit phiang Oxy cho dudng thang d di qua A(2;1) c6 hé sé goc k nguyén duong. Viét

phuong trinh duong théng d biét d tao vé6i hai truc toa d6 mot tam giac c6 dién tich béng 0,5.
A.d:x+y-3=0. B.d:x-y-1=0. C.d:4x-y-7=0. D.d:x—-4y+2=0.

Trong mit phang toa dd Oxy duong thang d di qua diém M (1;2) cat tia Ox,0y lan luot tai
A, B . Viét phuong trinh dudng thang d sao cho tam giac OAB ¢6 dién tich nho nhat?

A. X+2y+4=0. B. x+2y—-4=0. C. 2x+y+4=0. D. 2x+y—-4=0.
Trong mit phang toa dd Oxy, cho tam giac ABC v&i A(l;— 2), duong cao CH:x—-y+1=0,
phan giac trong BN :2x+ y+5=0. Khi d6 tam giac ABC c6 dién tich bang

A B2 c p. 2
4 2 2 4
: . [ X=3+2t .
Cho duong thang d c6 phuong trinh tham so 5t Vecto chi phuong cuia duong thang d
la
A.u=(21). B. u=(L2). C. u=(35). D. u=(2,-1).

Cho duong thing d c6 phuong trinh tong quat 2x+3y+3=0. Vecto chi phuong cia dudng
thang d 1a

A. u=(23). B. u=(3;2). C. u=(2-3). D. u=(3-2).
Phuong trinh tham s cia duong thang d di qua hai diém A(2;5); B(4; 2) la
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Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

X=2+2t X=5+2t X=2+3t X=2+2t

A. : B. . . D. .
y=5+3t y=2+3t y=5+2t y=5-3t

Cho diém A(2;3) , duong thang A :2x -3y +1=0. Viét phuong trinh tham s6 dudng thing di

qua A va nhén vecto phap tuyén ciia A 1a vecto chi phuong.

X=2-3t X=2+3t X=2+2t X=3+2t

. : B. . C. . D. .

y=3+2t y=3+2t y=3-3t y=2-3t
Cho diém A(2;3),B(-1;1). Viét phuong trinh duong thing AB & dang tham so.

X=2-3t X=2+3t X=2+3t X=3+2t

. : B. . C. . D. .

y=3+2t y=3-t y=3+2t y=2+3t

Trong mit phang Oxy, cho diém A(-12) va dudng thang d : X+ 2y +3=0. Viét phuong trinh
tham s cua duong thang A di qua diém A va song song v6i dudng thang d .
X=-1+2t X=-1+2t X=2-t X=-1+t
A. . B. . C. . D. .
y=2-t y=2+t y=-1+2t y=2+2t
Trong mat ph:fmg v6i he toa d§ Oxy, cho tam gidac ABC c6 truc tdm H (1;0) , chan dudng cao

ha tir diém B 1a diém K(0;2) va trung diém canh AB la diém M (3;1). Viét phuong trinh
duong thang chira canh BC .

A. 3x-y-8=0. B. 3x-4y-14=0. C.x-2y-6=0. D. 3x+4y+2=0.
Trong mit phang toa @ Oxy , cho hinh binh hanh ABCD c6 phuong trinh dudng thang AB

1a 2x+ y+7 =0, phuong trinh dudng thang AD 1a x—4y—1=0 va giao diém cua hai duong

chéo AC,BD la I(1; 2). Phuong trinh ctia dudng thang BC 1a

A. Xx—4y+3=0. B. x-4y+15=0. C. 2x+y-15=0. D. 2x+y+g=0.

Trong mét phang toa do Oxy , cho hinh chit nhat ABCD c6 tam 1(6;2), diém M (1;5) nim trén
canh AB va trung diém E cua canh CD thudc duong thang d : X+ y —5=0. Viét phuong trinh

duong thang chira canh AB biét hoanh do diém E 16n hon 6.
A. y-5=0. B. x-4y+19=0. C. y+5=0. D. x—-4y-19=0.
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ALY

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

Xx=1+3t

Caul: Cho hai dwongthang A, :x—y+2=0 va A, :{ . Xét tinh daing sai cua cac khing dinh

y=-2+t

sau:

a) Buang thang A, c6 vecto phap tuyén n=(11)
A 0 =

(L-2)

b) Buong thang A, ¢6 vecto chi phuong 12

¢) Phuong trinh tham s6 ctia duong thang A, 1a {y ot
d) Phuong trinh tong quat ciia duong thang A, 1a x—3y-7=0

Cau2: Trong mit phang toa o Oxy, cho hai diém A(—2;2),B(3;4). Xét tinh dung sai cua cac khang
dinh sau:
a) Duong thing AB c6 vecto chi phuong 1a AB = (2;5)
b) Buong thang AB c6 vecto phap tuyén 1a fi = (2;-5)
¢) Phuong trinh tong quat cua duong thang AB 1a: 2x -5y +14=0

Xx=-1+2t

d) Phuong trinh tham s6 ciia duong thang di qua M (~11) va song song véi AB Ia { Lot
y=1+

Cau3: Trong mit phang toa do Oxy, cho tam gidc DEF c6 D(L-1), E(2;1), F(3;5). Xét tinh dling
sai cuia cac khang dinh sau:
a) Buong thang vudng goc véi duong thing EF nhan EF 1a mot vecto chi phuong
b) Phuong trinh duong cao ké tur D 1a: x+y =0.

c) Goi | la trung diém cia DF . Toa do cua diem | 1a (2;2).
d) Buong trung tuyén ké tir E c6 phuong trinh 1a: x—2=0.

Cau 4: Chotam gidc ABC c6 phuong trinh ctia duong thang BC 1a 7x+5y —8=0, phuong trinh cac
duong cao ké tir B,C lan luot 12 9x—3y —4=0,x+y —2=0. Xét tinh dlng sai cua cac khang
dinh sau:

.2 . s [2.2
a)biém B cétoadola | —;— |.
33

d) Biém C c6 toa do la (-13).
¢) Phuong trinh duong cao ké tr A la 5x—-7y—-6=0
d) Phuong trinh dudng trung tuyén ké tir A 1a x—13y+4=0
Cau 5: Trong mit phang Oxy, cho tam giac ABC c6 A(—4;—l), hai duong cao BH va CK ¢o6 phuong
trinh 1an lugt 14 2x—y+3=0 va 3x+ 2y —6 =0. Xét tinh dng sai cta cac khang dinh sau:
a) Phuong trinh dudng thang AB 1a 2x—3y+5=0
b) Phuong trinh duong thang AC 1a x+2y—-6=0

c) Toa d6 diém B cia tam giac ABC la B(-11)
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AL

d) Phuong trinh duong thang BC lax+y—1=0

Cau 6: Chuyén dong cua vat thé M duoc thé hién trén mit phang toa d6 Oxy . Vat thé M khdi hanh tir
diém A(3;5) va chuyén dong thang déu véi vecto vén toc la V = (2;1). Xét tinh dung sai cua cac
khing dinh sau:

a) Vecto chi phuong ciia dudng thing biéu dién chuyén dong cta vat thé 1a V = (1; 2) .

b) Vat thé M chuyén dong trén dudng thing c6 mot duong thing c6 phuong trinh :
X—-2y-7=0
X=5+2t

¢) Toa d6 ctia vat thé M tai thoi diém t(t > 0) tinh tir khi khoi hanh 1a { 3t
y=3+

d) Khi t =1 thi vat thé M chuyén dong duoc quing dudng dai bang 25 .

Cau7: Trong mit phang OXy, cho tam gidc ABC c6 A(2;0), B(0;3) va C(-3;1). Xét tinh dling sai

cua cac khang dinh sau:
a) Phuong trinh ctia dudng thang d di qua B va song song véi AC 1a x+5y—-15=0.

3
. X=——+2t
b) Phuong trinh cia dudng trung truc doan thang BC 1a 2 voiteR.

y=2-3t
¢) Puong thang AB c6 phuong trinh 1a 3x+2y+6=0.
d) Puong cao ing voi dinh C cia tam gidc ABC di qua diém M (2;3) .

PHAN IIl. Cau trac nghiém tra I&i ngan

Cau 1: Phuong trinh dudng thiang di qua diém M (5; —3) va cat hai truc toa do tai hai diém A va B sao
cho M 1a trung diém ciia AB c6 dang ax+by+c=0. Tinh gia tri ab.c

Cau2: Duong théng d :§+% =1,vo6i a=0, b=0,diqua diém M (—1;6) va tao vai cac tia Ox, Oy
a

mot tam giac c6 dién tich bang 4. Tinh S =1000a+6b .

Cau3: Su chuyén dong cua mot tau thuy duogc thé hién trén mot mat ph'flng toa d6 nhu sau: Tau khoi
hanh tir vi tri A(1;2) chuyén dong thing déu véi van toc duoc biéu thi boi vecto v =(3;4).Khi
tau thuy ¢ toa do (X; y) vi tri cua tau (trén mat phéng toa do) tai thoi diém sau khi khéi hanh 2
gid ? Tinh biéu thie S=100x + 200y
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Cau4: Hinh v& 13 cac duong thiang biéu dién chuyén dong ctia hai nguoi. Nguoi thir nhat di bo xuat phat
tir A cach B khoang 20 km, véi van toc 4 km/gid, bicu dién bang duong thang (d ). Nguoi th
2 di xe dap xudt phat tr B véi van toc 12km/gio, biéu dién bang duong thang (d'). Hoi hai

nguoi gap nhau sau may gio?

320

A Vi

Cau5: Theo Google Maps, san bay Noi1 Bai c¢6 vi d6 1a 21,2° Bic, kinh d6 105,8° Dong, san bay ba
Néng c6 vi do 1a 16,1° Bic, kinh do 108, 2° Pong. Mot may bay, bay tir Noi Bai dén san bay Da

Néng. Tai thoi diém t gio, tinh tir lac xuat phat, may bay & vi tri ¢6 vi do x° Bic, kinh do y°

x=212- %t
bong dugc tinh theo cong thuc 9 Hoi bay chuyén tir Hia Noi ¢én Pa Néng mat
y= 105, 8+ gt

may gid? (Két qua lam tron dén chir s6 thap phan tha hai sau dau phay)

Ciu 6: Viéc quy d6i nhiét do giita don vi °C (Anders Celsius, 1701-1744) va don vi °F (Daniel
Fahrenheit, 1686—1736) dugc xac dinh bdi hai mbc sau:
Nude dong bang ¢ 0°C, 32°F ; nude s6i ¢ 100 °C, 212 °F.
Trong quy doi d6, néu a°C tuong tmg v6i b °F thi trén mit phing toa do Oxy, diém M (a;b)
thudc duong thang di qua A(0;32) va B(lOO; 212). Hoi 100°F tuong Gng véi bao nhiéu °C?
(Két qua 1am tron dén chir s6 thap phén thir hai sau diu phay)
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y 7 4/
BAI @ VI TRi TUONG POI CUA HAI PUONG THZ\NG.

IY.Y Y LY THUYET CAN NHO

Vi tri twong déi gitra hai dwdrng thang
Trong mit phang véi hé toa dd Oxy, cho hai dudng thang d, :ax+by+c, =0 va d,:a,x+b,y+c,=0.

ax+by+c =0

Pé xét vi tri twong ddi ctia hai duong thiang nay ta xét s nghiém cta hé phuong trinh
a,x+b,y+c, =0

e Néu hé phuong trinh c6 duy nhat mot nghiém ta néi hai dudng thang trén cét nhau toa do giao diém
chinh 1a nghiém cta h¢ phuong trinh noi trén.
e Néu hé phuong trinh v6 nghiém ta néi hai dudng thang noéi trén song song voi nhau.

e Néu hé phuong trinh nghiém dting véi moi X € R thi hai duong thang trén tring nhau.

Tuy nhién dé thuan tién cho viéc xét nhanh vi tri twong d6i cta hai duong thang ta cht ¥ nhan xét sau:

Nhin xét: Néu ab,c, # 0 thi ta cé:

o Hai dudng thang d, va d, cat nhau khi va chi khi g %
a2 2
. \ 2 \ iy U - 1 C
e Hai duong thang d, va d, song song véi nhau khi va chi khi =4 =—= %=
a2 bZ CZ
_ : , _ _ c
e Hai duong thang d, va d, cat nhau khi va chi khi &4 % =2
a2 2 CZ

Goc giira hai dwong thang

Trong mit phang véi hé toa dd Oxy, cho hai dudng thang d, :ax+by+c, =0 va d,:ax+by+c,=0.
Khi d6 goc giira hai duong thang dugc tinh theo cong thirc:

n.n,
cos(d,;d,)= ‘ il I 2|a1a22+b1l:2| :
nz‘ \/31 +bl\/a2+b2 '

n

Khoang cach giira hai dworng thang

Trong mit phang voi hé toa do Oxy, cho dudng thing A:ax+by+c=0 va diém M(X,;Y,). Khi d6

khoang cach tir diém M, dén duong thang A dugc tinh theo cong thic:

~ |ax, +by, +¢|

WMid)=" oy
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BN/ PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Vi tri tuong déi cua hai dudng thang

Phwong phap: Trong mit phang véi hé toa dd Oxy, cho hai duong thang d,:ax+by+c =0 va
d,:a,x+b,y+c, =0. Dé xét vi tri trong dbi ciia hai duong thang niy ta xét sé nghiém cia hé phuong

c, =0
trinh {a1x+b1y+ !

.Néu a,b,c, #0 thi ta co:
ax+b,y+c,=0

e Hai duong thing d, va d, cit nhau khi va chi khi i;ﬁ%
a'2 2
. \ 2 N . coy e b1 C,
e Hai duong thang d, va d, song song véi nhau khi va chi khi —:b—;t—
aZ 2 CZ
L 2 s P SR - N R o
e Hai duong thang d; va d, cat nhau khi vachi khi =—=-=2=—+
aZ bZ CZ
BAI TAP T LUAN
Bai tap 1: Xét vi tri trong d6i cua cac cip dudng thing sau:
a) (Al):S\/Ex+«/§y—\/§:O va (Az):6x+2y—\/§=0.
b) (d,):x—3y+2=0va (d,):+/3x-3y+2=0.
) (m):x—2y+1=0va (m,):3x+y—-2=0.
Xy . :
d) (dy):5 -5 =2 va (d,):6x-2y -8=0
e) (d,):2x+y+15=0 va (d,):x-2y-3=0.
R s L . . X=-3+4t x=2-2t'
Bai tap 2: Xét vi tri tuong doi cua hai duong thang d, : va d,: .
y=2-6t y=—8+4t'

Bai tap 3: Cho ba duong thang: d:2x+y-1=0,d,:x+2y+1=0, d, :mx—y—7=0. Chirng minh rang
cac dudng thang d,d, cit nhau va tim gid tri ciia tham s m dé ba duong thing trén dong quy.
Bai tip 4: Cho hai duong thang A:(m+3)x+3y—2m+3=0, A':2x+2y+2-3m=0. Tim gi4 trj cta
tham s6 m dé:

a) Puong thang A cit duong thang A’

b) Pudng thang A song song véi A’.
Bai tip 5: Cho 4 diem A(-3;1),B (-9;-3),C(-6;0),D(-2;4). Tim toa do giao diém cta hai dudng thang

AB va CD.
Bai tip 6: Tim tham s6 m dé dudng thang y = (m2 —3) X+3m+1 song song v&i dudng thang y=x—-5.
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AV

Bai tap 7: Trong mit phing toa dd Oxy , cho ba duong thang 1an lugt c6 phuong trinh (dl) :3x—-4y+15=0,
(d,):5x+2y—-1=0 va (d,):mx—(2m—1)y +9m—13=0. Tim gi4 tri cla m d¢ ba duong thing da cho
cung di qua mot diém.
X=2+t

c
y=6+2t

-

Bai tip 8: Tim gid tri ciia tham s& m @€ hai duong thang (d,):4x+3my —m? =0 va (dz):{ at

nhau tai mot diém thudc truc tung.
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TOAN 10 - CHUO'NG TRINH MOl

A

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.
Caul: Cho hai duong thang d, :ax+by+c, =0 vad,:ax+b,y+c,=0,véi a,b,.c, #0. Hai duong
thang d, va d, tring nhau khi
AR DG pa bk & caLh pa_bk_&
a2 b2 C2 a2 b2 C2 a'2 bZ aZ bl 2
Cau2: Xétvi tri trong ddi cua hai duong thang d,:x+y-4=0 va d,:-2x—-2y+6=0.
A. Trung nhau. B. Song song.
C. Vuong goc. D. Cat nhau nhung khong vuong goc.
Cau3: Xétvi tri trong ddi cua hai duong thang d,:x—4=0 va d,:2x+y+6=0.
A. Trung nhau. B. Song song.
C. Vuong goc. D. Cat nhau nhung khong vuong goc.
Cau4: Xétvi tri tuong d6i ctia hai duong thang d,:x+5=0 va d,:y—-7=0.
A. Trung nhau. B. Song song.
C. Vuong goc. D. Cat nhau nhung khong vuong goc.
Cau 5:  Xét vi tri trong d6i ctia hai dudng thiang d,: {X =l vad,: {X =-1-at .
y=-2-t y=3+2t
A. Trung nhau. B. Song song.
C. Vuodng goc. D. Cat nhau nhung khong vuong goc.
Cau 6:  Xét vi tri twong doi ctia hai duong thang d,: x+5=0 va d, :2x+y=0.
A. Trung nhau. B. Song song.
C. Vuodng goc. D. Cat nhau nhung khong vuong goc.
Cau7: Cho hai duong thang d,:2x+3y—-19=0 va d, {); i 2212 . Puong thang nao sau day dong
qui v6i hai duong thang trén:
A. 2x+3y+19=0. B. 3x-2y+4=0. C. x-y+4=0.. D. -5x+2y+3=0.
Cau8: Tim gi4 tri thuc ctia tham s6 m dé ba dudng thang d,:2x—-y=0, d,:x+y+3=0 va
d, :mx—y+5=0 phan biét va dong quy.
A. m=-5. B. m=-7. C. m=5. D. m=7.
Cau9: Cho ba dudng thang d,:3x—2y+5=0,d,:2x+4y—-7=0,d,:3x+4y—1=0. Phuong trinh
duong thang d song song voi d, va ddng qui v6i hai duong thang d, va d, la:
A. 24Xx+32y—-53=0.. B. 24x+32y+53=0. C. 24x—-32y+53=0. D. 24x—-32y—-53=0..
Cau10: Chobadudngthang d, : x+3y-1=0,d,:x-3y—-5=0, d,:2x~y+7 = 0. Phuong trinh duong
thang d vudng goc véi d, va dong qui véi hai duong thang d, va d, la:
A. X+2y+10=0.. B. 6x+12y-5=0.. C.6x+12y+10=0.. D. 3x+6y—-5=0.
Céu 11: Xéc dinh vj tri trong d6i ctia 2 duong thang sau A:X=2y+1=0va A,: -3x+6y—-1=0.
A. Song song. B. Trung nhau. C. Vuodng géc nhau.  D. Cét nhau.
Cau 12: Duong thang A:3x—2y—7 =0 cat duong thang nao sau day?
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

AL
A. d;:3x+2y=0. B. d,:3x-2y=0.

C. d,:-3x+2y-7=0. D. d,:6x-4y-14=0.
Hai duong thang d, :4x+3y-18=0; d,:3x+5y ~19 =0 cat nhau tai diém c6 toa do:
A. (32). B. (-3;2). C. (3;-2). D. (3,-2).

Phuong trinh ndo sau diy biéu dién duong thang khong song song v6i dudng thing
d:y=2x-1?

A. 2x—-y+5=0. B. 2x—-y-5=0. C. 2x+y=0. D. 2x+y—-5=0.
L o . . B X =3+/2t . X =2++/3t"
X4c dinh vi tri trong doi cua 2 dudng thang: A, : va A,
yzl—\/§t y=1—«/§t'
A. Song song nhau. B. Cit nhau nhung khong vudng goc.
C. Vudng goc nhau. D. Trung nhau.

Cho 4 diém A(0;-2), B(-1; 0), C(0;—4), D(-2; 0). Tim toa do giao diém cua 2 duong
thang AB va CD?

A. (1,-4). B. (;%j . C. (-2;2). D. Khéng c6 giao diém.
c sy 2 X=2+t \ X=5-1 2 . \ Ao 1N 47
Cho hai duong thang d, : va d,: . Khang dinh nao sau day la dang?
y=-3+2t y=-7+3t
A. d, song song d,. B. d, va d,cét nhau tai M (1;-3).
C. d, tring véi d,. D. d, va d,cédtnhau tai M (3;-1).

Trong mit phing v6i hé toa do Oxy, cho hai diém A(-2;0); B(1;4) va dudng thing

y=2-t
A. (2;0). B. (-2;0). C. (0;2). D. (0;-2).

X=-—t , ,
d :{ 9 ¢t Tim toa d6 giao diém cua duong thang AB va d .

Trong mit phang véi hé toa do Oxy, viét phuong trinh duong thang d di qua diém A(—2 ; O) va
song song voi dudng thang d,:3x+2y=07?

A. d:3x+2y-6=0. B. d:3x+2y+6=0.

C.d:2x-3y+4=0. D.d:2x-3y—-4=0.

Trong mit phang v6i hé toa dd Oxy , viét phuong trinh dudng thang d di qua diém A(3; - 4) va

vudng goc voi duong thing A:— X +3y—-9=072

A.d:3x+y-5=0. B.d:3x+y=0. C.d:x-3y-15=0. D.d:x-3y=0.
Hai duong thang d, :mx+y=m+1 va d, : x+my =2 song song khi va chi khi:
A.m=2. B. m=+1. C. m=1. D. m=-1.

Cho 3 dudng thang d,:2x+y—1=0; d,:x+2y+1=0 va d,:mx—y—7=0. Dé ba duong
thang nay dong quy thi gia tri m thoa man la

A. m=-6. B. m=6. C. m=-5. D. m=5.

Vi gid tri ndo clia m thi hai duong thang Aimx+y-19=0 va Az:(m—l)XJr(m +1)y—20=0
vuong goc voi nhau?

A.V&imoi m. B.m=2.
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AL
C. Khong c6 gia tri m thdéa man. D. m=+1.
Cau 24: Trong mat phang v6i he¢ toa do Oxy, cho tam gidc ABC c6 phuong trinh cdc duong thang AB,
BC, CA lan lugt 1a 2x—y+2=0, 3x+2y+1=0, 3x+y+3=0. Xac dinh vi tri twong ddi
ctia duong cao ké tir dinh Ava dudng thing A:3x—y—2=0

A. Trung nhau. B. Song song.
C. Cit nhau nhung khong vudng goc. D. Vudng gbc vdi nhau.

Céu 25: Trong mit phang véi hé toa do Oxy, cho tam giac ABC. Piém M (2;0) 1a trung diém AB.
Puong trung tuyén va dudng cao ké tr A lan lugt co phuong trinh 7x—2y—-3=0 va
6X —y —4 =0. Phuong trinh duong thang AC la

A. 3x—-4y =0. B. 4x+3y=0.
C. 3x-4y+5=0. D. 4x+3y-10=0.
PHAN II. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.
R o . L . X=2+5t X=T7+5t o
Caul: Trong mat phang toa do, cho hai duong thang A, : va A, ,- Xét tinh
y=3-6t y=-3+6t

dung sai cta cac khang dinh sau:
a) Hai duong thang A,,A, lan luot c6 vecto chi phuong G, =(5;-6), U, =(5;6).

b) Hai dudng thang A,,A, song song vé1 nhau.
¢) M (7;3) 1a giao diém hai duong thing A,,A, .
d) Mot duong thang d vudng véi A, va di qua M (ZL' 2) c6 phuong trinh 1a d :5x—6y+7=0.

Cau2: Trong mat phing véi hé toa do OXy, cho hai diém A(4;0) va B(0;3). Xét tinh dung sai cia cac
khang dinh sau:
a) Do dai doan thang AB bang 52.
b) Puong thang di qua hai diém A va B c¢6 phuong trinh 1a 3x+4y +12=0.
\ 2 . TP 2 . 8
¢) Puong thang A:mx+ 2y —-5=0 vuong goc vdi duong thang AB khi m= 3

d) biém M (a;b) ndm trén truc hoanh Ox sao cho MI L AB (diém M khong tring gbc toa do
: 7
O, | 1atrung diém ciia AB). Khi d6 a+b’ :§.
Cau3: Cho hai duong thing A, :2x+y+15=0 va A, :x—2y—3=0. Xét tinh dling sai cua cac khing
dinh sau:
a) Puong thiang A, c6 vecto phap tuyén nj(Z ;l) .

b) Hai duong thang cat nhau tai diém | (2—57,2—;) .

¢) Hai duong thiang A;; A, vudng goc.
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PHAN IIL.

Cau 1:

Cau 2:

Cau 4:

Cau 5:

Cau 6:

AL

d) Khoang cach tir diém A(2 ;— 3) dén giao diém cua hai dudng thing ALA, 12 5.

. . X=1+t .
Trong mat phang toa do Oxy, cho duong thang d : { 343t Xét tinh dung sai ctia cac khang
y=—o+

dinh sau:

a) Puong thing d ¢6 mot vecto chi phuong 13 u = (2;6).

b) Puong thing d vudng goc voi dudng thing A:x+3y—1=0.

¢) Puong thang d, :mx -3y +5=0 cat dudong thang d khi m#9.

d) Khoang cach tir giao diém cua duong thang d va duong thang A dén truc Oy bang >

Cau trac nghiém tra I&i ngan

. . X=8+(m+1)t
Tim m dé hai duong thang Al:{ 10 (t ) va A, :mx+6y—76 =0 song song v&i nhau.
y=10-
Tim m dé ba duong thang d, :2Xx+y—1=0, d,:x+2y+1=0 va d,:2mx—-3y—7=0 dong
quy?

Trén mat ph:fmg Oxy, cho hinh vuéong ABCD. Goi M la trung diém cua canh BC, N 1a diém
trén canh CD sao cho CN =2ND. Giad st M (%,%j va duong thang AN c6 phuong trinh

2x—Yy—-3=0. Goi P(a;b) 1a giao diém cua AN va BD. Gia trj 2a+b bang bao nhiéu?

C6 hai con tau A, B xuét phat tir hai bén, chuyén dong theo dudng thang ngoai bién. Trén man
hinh rada cta tram diéu khién (xem nhu mit phing toa d6 Oxy véi don vi trén céc truc tinh bang
km) tai thoi diém t (gi0), vi tri cua tau A c6 toa do dugc xac dinh bdi cong thie {); i 3 A_ff—?’ZtSt
con vi tri tdu B c6 toa do 1a (4+ 25t;33t). Hai tau chuyén dong theo hai duong thing trén bién
lan luot ¢6 vecto chi phuong 14 Jl uj . Tich uﬁluﬁ2 bang bao nhiéu?

Trong mét phang toa do Oxy, cho duong thing A:x+y—2=0 va hai diém A(1;3),B(2;1).
Biét diém M (a; b),a >0 thudc duong théng A sao cho dién tich tam gidc MAB bé’mg 4. Tich
ab bang bao nhiéu?

Trong mat phang véi hé toa do Oxy, cho hinh chit nhat ABCD c6 dién tich bang 12 va tam |

la giao diém cua hai duong thang d,:x—y—-3=0, d,:x+Yy—-6=0. Trung diém canh AD la
giao diém cua d, va Ox.Biétdinh A c6 tung do am va gia sirtoado A(a;b). Khido gid 2a+ b’

bang bao nhiéu?

HET-
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A

Dang 1: Géc va khoang cach
Phwong phap: Trong mit phing voi hé toa d0 Oxy, cho hai duong thing d,;ax+by+c =0 va
d,:a,x+b,y+c, =0. Khi d6 goc giita hai dudng thang dugc tinh theo cong thiic:

_ |aa,+hb)|
\/a1 +bl\/a +b?

Trong mit phang v6i hé toa dd Oxy, cho dudng thing A:ax+by+c=0 va diém M, (Xo; yo) . Khi d6

cos(d,;d,) =

khoang cach tir diém M, dén duong thing A duoc tinh theo cong thirc:

|ax, + by, + |

Ja? +b?

BAI TAP TU’ LUAN

d(M,:A)=

Bai tap 1: Cho hai dudng thang (d,),(d,) lan luot c6 véc to chi phuong u, =(1,2;2),u, =(0;1,0). Tinh
cos(d,,d,).

Bai tap 2: Cho hai dudng thang d, :2x—4y-3=0 va d, :3x—y+17 =0. Tinh s6 do goc giita d, va d,.

, x=15+12t
Bai tap 3: Cho duong thang d, :3x+4y+1=0 va d, :{ 1ot - Tinh cosin cta goc tao boi gitra hai
y=1+
duong thang di cho.
X=9+at

y=7-2t (t € R) va dudng thang

Bai tap 4: Xac dinh tat ca cac gia tri cia a dé goc tao boi duong thang {

3x+4y—2=0 bang 45°.

Bai tip 5: Biét rang c6 diing hai gia tri ciia tham s6 k dé duong thang d :y =KX tao v6i duong thang
A:y =X mot goc 60°. Tinh tong hai gia trj ctia k .

Bai tip 6: Duong thang A di qua giao diém cia hai duong thang d, :2x+y—-3=0 va d,:x—2y+1=0
dong thoi tao véi duong thang d, : y—1=0 mot goc 45° co phuong trinh:

. X=2-t
Bai tap 7: Tim goc gifta hai dudng thing A, :x—2y+15=0 va A, :{y 440t (teR).
=4+
e A \ 2 \ X=2+t _, . . s i .
Bai tap 8: Cho duong thang d, :10x+5y—-1=0 va d,: B . Tinh cosin ctua goc tao boi gitra hai

duong thang di cho.

Bai tip 9: Duong thang A tao voi dudng thang d : X+2y—6=0 mot goc 45°. Tim hé sé goc k clia duong
thang A.

Bai tap 10: Trong mat phang v6i hé toa d6 OxXy, c6 bao nhiéu dudng thang di qua diém A(2;O) va tao
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A

vo1 truc hoanh mét goc 45°7?

Bai tap 11: Tinh khoang céch tir diém A(L1) dén duong thang 5x—12y —6=0

Bai tap 12: Mot dudng tron co tam | (3;—2) tiép xuc v6i duong thing A:x—5y+1=0. Tinh ban kinh
duong tron do.

Bai tap 13: Tinh khoang cach tir giao diém ctia hai duong thang Xx—3y+4=0 va 2x+3y—1=0 dén duong
thang A:3x+y+4=0.

Bai tap 14: Trong mit phing véi hé toa o Oy, cho tam gidc ABC c¢6 A(12), B(0;3) va C(4;0). Tinh
chidu cao ctia tam giac ké tir dinh A.

Xx=1+3t
y=2+4t

Bai tap 15: Tinh khoang c4ch tir diém M (2;0) dén dudng thang A: {
Bai tip 16: Tim tt ca c4c gia tri ciia tham s m dé khoang céch tir diém A(-12) dén duong thing
A:mx+Yy-m+4=0 bing 24/5.

Bai tip 17: Cho dudng thang d:21x—11y-10=0. Trong c4c diém M (21,-3), N(0;4), P(-19;5) va
Q(L5) diém nao gan dudng thang d nhat?

Bai tap 18: Tinh khoang cach giira hai dudng thang song song A, : 6X—8y+3=0 va A, :3x—4y—6=0
Bai tap 19: Trong mit phang v6i hé toa do Oy , cho hai diém A(L1), B(-2;4) va dudng thing c6 phuong
trinh A:mx—y+3=0. Tim tat ca cac gia tri ciia tham s6 m dé A cach déu hai diém A, B.

Bai tap 20: Trén hé truc toa do Oxy, cho hinh vuéng ABCD va diém M thudc canh CD sao cho
MC =2DM, N(0;2019) I trung diém cita canh BC, K 1a giao diém ciia hai duong thing AM va BD.
Biét duong thang AM c6 phuong trinh X —10y + 2018 = 0. Tinh khoang cach tir gbc toa @ O dén duong
thang NK bang
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A

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.
A . 12 e ey 2 X=2+3t | X==-3+2t .
Caul: Trong mat phang Oxy, goc gitra hai duong thang A, : va A, bang
y=4-2t y=1+3t
A. 90°. B. 45°. C. 60°. D. 30°.
A a2 e 2 . X =15+12t
Cau2: Trong mat phang Oxy, cosin goc giira hai duong thang A, :3x+4y+1=0 va A,: y =145t
=1+
bang
- B. -2 c.® D. 2
65 65 65 65

Ciau 3: Trong mat phang Oxy, goi S 1a tdp hop tat ca cac gia tri cua tham sb m dé goc gitra hai duong

thang d :mx+(m—1)y+2:0 va A:X—Yy+2=0 bang 30°. Tich tit ca cac phan tir cia tip S

bang
A. 1. B. —l. C. l D. -1.
6 6
Cau4: Trong mit phang Oxy phuong trinh duong thang A di qua M (1;0) va tao voi truc hoanh goc
30° la

A. A1:2x+x/§y—2:0; A2:2x—\/§y—2:0.
B. Al:\/§x+y—\/§:O;A2:\/§x—y—\/§=0.
C. Al:x+\/§y—1:0;A2:x—\/§y—1:0.
D. Al:3x+\/§y—3=0;A2:3x—\/§y—3=0.
Cau5: Trong mit phing toa do Oxy, cho diém A(L5) va duong thang d : x+2y—5=0. Viét phuong
trinh duong thing A qua A tao v6i d mot goc 45°
A. X+y—-6=0; 2x+y-7=0. B. x+3y-16=0; x-3y+14=0.
C. 3x+2y-13=0; 3x-2y+7=0. D. 3x+y-8=0; x-3y+14=0.
Ciu 6:  Trong mit phang Oxy, cho diém M (-2;1) va duong thang A: x—3y+6 = 0. Khoang céch tir
diém M dén duong thang A bang

A. @. B. 24/10. C. @. p. 2
10 5 J10

Cau7: Trong mit phiang Oxy, cho dudng thing A:4x—3y—2=0. Piém M thuéc Oy c6 tung dod
. 8 2 .
duong va cach A bang B Tung d6 ciia diém M bang

A. 4. B. 1. C. 3. D. 2.
Cau8: Trong mit phang Oxy, cho hai diém A(3;-1), B(0;3). Toa do diém M thudc truc OX sao cho
khoang cach tir diém M t6i dudng thing AB bang 1 1a

A. (L) va [goj B. (+13:0). C. (4:0). D. (20).
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ALY
Cau9: Trong mit phiang Oxy, cho dudong thing d c6 phwong trinh x+2 _¥- 3 va hai diém
M (=2;3), N(4;-1). Duong thang A vuéng géc d va khoang cach tr M dén A gip 2 lan
khoang cach tir N dén A.Phuong trinh dudng thang A dang ax+by+c=0véi a,b vac la
céc s thuc duong. Tinh P=a.b.c.
A. 20. B. 10. C. 30. D. 40.
Céau 10: Trong mit phang Oxy, cho ba diém A(L1),B(3;2),C(L3). Géc giira hai duong thing AB va
AC bing
A. 26°34". B. 63°26'. C. 63°25'. D. 26°35'.
Céu 11: Trong mit phing Oxy, cosin goc giita hai duong thing d :5x+y—-3=0 va d’: il + % =1 bang
12 12 6
E B. 0. C.—E. D.E.
Cau 12: Trong mit phang Oxy, tim gi4 tri ctia tham s6 a dé goc giita hai dudng thang d, : {); i i + zatt
va d,:3x+4y+12=0 bang 45°.
A. ae{—14;g}. B. ae{g;lo}. C. ae{—lo;g}. D. ae{g;14}.
7 7 7 7
Cau 13: Co6 hai gia tri m,, m, dé duong thang d : x+my —3=0 hop véi dudong thangd': x+y =0 mot
goc 60°. Tong m, +m, bang:
A. -1, B. 1. C. 4. D. 4.
Cau 14: Trong mat phang toa do Oxy, cho tam giac ABC vudng can tai A c6 phuong trinh duong thang
AB 1a 2x—y—-5=0 va diem M (12) ndm trén duong thaing BC . Phuong trinh dudng thang
BC la
A. Xx+y—-3=0va 2x+y-4=0. B. x+3y—-7=0 va x-3y+5=0.
C.3x+2y—-7=0va 3x-2y+1=0. D. 3x+y-5=0va x-3y+5=0.
Céau 15: Trong mit phang OXy, cho diem M (3;—-2) va dudng thing A: {X il+ Zt. Khodng céach tir
diém M dén duong thing A bang
A B. 2/5. c. 5 D. 2.
5 2 J5
Céu 16: Trong mit phang Oxy, cho tam gidc ABC ¢ A(1;2) , B(—2;5), C(3;—4). Dién tich tam gidc
ABC bang:
A. 6. B. 642 C. 12. D. 3.
Cau 17: Trong mit phang Oxy, cho hai diém A(2;2),B(5;1) va dudng thing A:x—2y+8=0. Diém

C thudc dudng thing A va C c6 hoanh do dwong sao cho dién tich tam giac ABC bang 17.
Toaddcua C la
A. (12; 10). B. (10;12). C. (8; 8). D. (10; 8).
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Ciu 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

AL

Trong mit phiang Oxy, cho hai diém A(2;2), B(5;1). Tim toa d6 diém C trén dudng thang
A:X—2y+8=0 sao cho dién tich tam giac ABC bang 17 .

A. C(12:20) v c(-?;-?). B. C(~1210).
C(l;il). D. C(—4;2).
510
5 . X=2+2t 2 2
Trong mat phang Oxy, cho duong thang d : y=3+t va diém A(O;l). biém M c6 toa do
=3+

nguyén, M nim trén d va cach A(O;l) mot doan bang 5. Viét phuong trinh duong thing AM
?

A. 4x-3y +3=0. B.3x-4y-4=0. C.3x-4y+4=0. D.3x-y+1=0.
Trong miat phang Oxy, goc giita hai duong thing A, :4x+2y—-1=0 va A,:x+3y—-5=0 bang
A. 30°. B. 45°. C. 90°. D. 60°.

X=2+t
y=4-2t
A. 18°25". B. 71°34'. C..18°26' .. D. 71°35'.

Trong mat phang Oxy, gia tri cia tham s60 m dé goéc gitta hai duong thang
d:(m+3)x—(m-1)y+m-3=0va d,:x+2y-5m—7=0 bang 90° la

A.m=6. B. m=3. C.m=4. D. m=5.

Puong thang d:ax+by—-3=0; véi a,beZ di qua diém M (L1) va tao voi duong thang
A:3x—y+7=0 mot goc 45°. Khi d6 a—b bang

A. 6. B. 4. C. 3. D. 1.

Cho duong thang d :3x—2y +1=0 vadiém M (1; 2) . Viét phuong trinh duong thang A qua M

Trong mit phang Oxy, goc giira hai duong thang A, { va A, :Xx+y-3=0 bang

va tao voi d mdt goc 45°.

A. A 2X-y=0; A, :5x+y-7=0. B. A :Xx=5y+9=0; A,:3x+y-5=0.

C. A :3x-2y+1=0; A,:5x+y-7=0. D. A :X=5y+9=0; A,:5x+y-7=0.
Trong mit phang Oxy, cho diém M (4 ;—1) va duong thang A:2x+3y+8=0. Khoang cach
tir diém M dén duong thing A bang

A 1213 B. 2JI3. c. Vs p, 1518

13 13
Trong mit phang OXy, cho hai diém A(3; 3); B(—4; 2) va duong thing A:x+my—2=0.Tim

tat ca céc gia tri cia tham s6 m dé A cach déu hai diém A va B?

m=-5 m=-7 m=-7 m=7
A. . B. . C. : D. .
m=1 m=2 m=1 m=-2
. , X=t ,
Trong mat phang Oxy, cho hai duong thang A, : { 442t va A, :Xx—y+2=0.Dbuong thang
y=4a+

d cit A, A, lan luot tai hai diém A, B sao cho G 1a trong tim cua AABC véi diem C(-13)
G(0;3). Khodng céch tir diem M (1,—1) dén dudng thang d 1a
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Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

A

A 13, B 2 C. 13. D. 3.
J5
Cho hai diém A(3;2), B(-4;1),C(0;3). Tim phuong trinh duong thang di qua A va cach déu
Bva C.
A. X+y—-5=0va 3x+7y—-23=0. B. x+y-5=0va 3x-7y+5=0.
C. x+2y—-7=0va 3x-7y+5=0. D. y-2=0,x-2y+1=0.
Trong mit phing Oxy, cho hai diém A(L1)va B(2;3). C6 bao nhiéu duong thing A céch hai

diém A(L1)va B(2;3) mot khodng 1an lugt bing 2 va 4?

A. 4. B. 1. C. 3. D. 2.
) . . X=2+t
Tim c6sin goc gitta 2 duong thang A : 10X +5y-1=0va Azz{y—l .
2 I
10 10 10 5
Tim goc giita 2 dudng thang A,: 2x—y—-10=0va A,: x-3y+9=0.
A. 60°. B. 0°. C. 90°. D. 45°.
. . 5 . x=10-6t
Tim goc gitra 2 duong thang A, :6X-5y+15=0va A, :
y=1+5t
A. 90°. B. 60°. C. 0°. D. 45°.

C6 hai gia tri m;, m, dé duong thang A:mx+y—3=0 hop véi duong thang d : x+y =0 mot

gbc 60°. Tong m, +m, bang

A. -3.. B. 3.. C. 4. D. 4.
Cho hai duong thang d :3x—y =0 va d":mx+y-1=0.Tim m dé COS(d,d'):i.
J10
4 3
A. m=0. B.ng;mzo. C.m:Z;m:O. D.m:i\/§.

Viét phuong trinh duong thang d di qua gbc toa do va tao voi duong thang A:x—2y—3=0
mot goc 60°.
A.d;: y:(8+5\/§)x vad,:y

w

(8-5V3)x.

B. dl:y=(8+3\/§)x vad,: y=(8—3\/§)x.

C. dl:y:(5+5\/§)x va d,: y=(5—5\/§)x.

D. d;:y=(18+5v3)x va d,:y =(18-5V3)x.

Viét phuong trinh duong théng d diqua A(—2;0), tao véi duong théng A:Xx+3y—-3=0 mot
goc 45° ( biét dudng thang d co hé s6 goc am).

A. 2Xx+y+4=0. B. x+2y+4=0. C. x-2y-2=0. D. 2x+y—-4=0.
Tinh téng tat ci cac gia tri cia tham s m dé cosin ciia goc tao boi hai duong thing

2
NS

d:mx+2y+2=0 va A:3x+2y+1=0 bang
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Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

AL
24 24

A. 0. B. —. C. —. D. -24.
5 5

Sb gia tri nguyén ctia tham sé m dé sin cua goc tao boi hai dudng thing A :2Xx+3my—-1=0 va
A,:3x—4y+7=0 bang g.
A. 1. B. 2. C. 3. D. 0.

Puong thang ax+by+c=0 (véi a® +b®>#0va (a,b) =1 ). Biét A di qua diém M (-2;0) va

f: s 2 X=-3+3t 0 2 2
tao voi duong thang d : - mot goc 45°. Tinh a” +b°.

A.5. B. 5. C.1. D. 4.

Puong thing A di qua giao diém cta hai dudng thing d,:2x+y-3=0vad,:x-2y+1=0
dong thoi tao véi d, :y —1=0 mot goc 45°.

A. x+(1—\/§)y:0 hodac x—y-1=0. B. Xx+2y =0 hodc x—-4y=0.

C. x—y=0 hoac x+y—-2=0. D. 2x+1=0 hodc y+5=0.

Trong mit phang Oxy cho AABC can dinh A. Canh bén AB va canh diay BC c6 phuong trinh
lan luot 14 Xx+2y—3=0 va 3x—y+5=0. Lap phuong trinh canh AC biét dudong thang AC
di qua diém M (L-3).

A. X+2y+5=0 hoac 2x+11y+31=0. B. x+2y+5=0.

C. 2x+11y+31=0. D. x+2y—-5=0 hoac 2x+11y—-31=0.
Trong mit phang Oxy cho AABC cén dinh A. Canh BC, duong cao ha tir dinh B c6 phuwong

trinh 1an luot 14 Xx—y+1=0 va x+3y+5=0. Puong cao ha dinh C di qua M (3;0). Lap
phuong trinh canh AB

A. x-3y-1=0. B. x+3y-1=0. C.3x-y-1=0. D. 3x+y-1=0.
» . . Xx=-1+3t
Khoang cach tir diém A(1;2) dén duong thang A: y=5_ 4t
A.E. B.§. C.g. D.l.
5 5 5 5
Khoang céach gitta hai dudng thang song song d: X+y—-3=0va A:x+y—2=0 1a
A. 9. B'% C.%. D. 15.

Cho tam giac ABC véi A(l; 2), B(0;3) ,C (4;0) . Chiéu cao cua tam giac ABC g véi canh BC

c6 do dai la

Al B. 5. C.1. p. Y5

5 5
Trong mit phing toa do Oxy cho ba diém A(3;-4), B(1; 5), C(3; 1). Dién tich AABC 1a
A. 26 B. 245. C. 10. D. 5.

Mot thira ruéng hinh chit nhat c¢6 hai canh nam trén hai duong thing
d:x-3y+2=0;A:3x+y—2=0 vacémot dinh la A(2;1) . Dién tich cua thtra rudng béng
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AL
A.%. B.%. C.%. D. 5.
Ciu 48: Cho hai diém A(3;1); B(4,0). Dudng thing ndo sau day cach déu A va B?
A. —2x+2y-3=0. B. x-y-3=0. C. x+y+3=0. D. 2x+2y+3=0.
Ciu 49: Duong thang di qua diém A(L-3) va c6 khodng céch dén diém M (2;4) bang 1 ¢6 phuong

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

trinh:
A. 24x—-T7y—-21=0. B.24x+7y—-45=0. C.7x+24y—-45=0. D. 24x-7y—-45=0.

Phuong trinh cta duong thing d song song v6i d':3x+4y—1=0 va cach d’ mot doan bing
2 co dang

A. d:3x+4y—-9=0 hodc d:3x+4y+11=0. B. d:3x+4y+9=0 hodc d:3x+4y—-11=0
C.d:3x+4y+3=0 hoac d:3x+4y—-17=0.D. d:3x+4y—-3=0 hoac d:3x+4y+17=0
Trong mit phang véi hé toa d Oxy, cho hai dudng thang d,:5x+3y-3=0 va
d, :5x + 3y + 7 =0 song song v&i nhau. Pudng thang vira song song va cach déu véi d,,d, 1a
A. 5X+3y-2=0. B. 5x+3y+4=0. C.5x+3y+2=0. D.5x+3y-4=0.
Trong miat phiang véi hé toa do Oxy, lap phuwong trinh duong thing d vudng goc véi
A:2x+y—1=0 vacich diém M (3;-2) mot khoang 13 /5.
A.d;:x-2y-12=0vad,:x-2y-2=0. B.d:x-2y-12=0vad,:x-2y+2=0.
C.d:x-2y+12=0vad,:x-2y-2=0. D.d :x-2y+12=0vad,:x-2y+2=0.
Trong mit phang Oxy, 1ap phwong trinh duong thiang d song song véi dudng thing
A:x+4y+2023=0 va cich déu hai diém B(-2;3),C(4;-1).

A.d:x+4y+3=0. B.d:x+4y-5=0. C.d:x+4y+5=0. D.d:x+4y—-3=0.
Trong mit phang véi hé toa do Oxy, viét phuong trinh dudng thing di qua A(—1;2) va cach
B(3;5) mot khoang béng 3.

A A iy+2=0vaA,:24x-7y+37=0. B.A:y-2=0vaA,:24x+7y+37=0.
C.A:y-2=0vaA,:24x-7y+37=0. D.A:y+2=0vaA,:24x+7y+37=0.
Trong mit phing OXy, cho tam giac ABC c6 A(—1;1),B(2;-4),C(4;4). Viét phuong trinh

duong phan giac trong cua goc A.
A. 4x—-y+5=0. B. 4x—-y-5=0. C. x+4y+3=0. D. x+4y—-3=0.
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PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

Cau 1:  Cho hai duong thing d, i x— x/§y +5=0 va d,:x+y=0.Xét tinh dung sai cta cic khang dinh
sau:

a) (d,,0x) =30°

b) (d,,Ox) = 45°

1-+/3
c¢) cos(d,,d,)=——.
) ( 1 2) 2\/5
d) Puong thang vudng goc véi d, tao voi d, mot goc 15°
A < 12 . e P X=2+at _
Cau2: Trong mat phang toa d0 Oxy cho hai duong thang: A, :3x+4y+12=0,A,: 1-2t" Xét
y=41-

tinh dung sai cta cac khang dinh sau:

a) Puong thing A, c6 mot vecto phap tuyén 1a nj = (3;4) , A, c6 mot vecto chi phuong la
u, =(-2)

b) cos(Al;Az):‘cos(ﬁl;@)

c) Voi a =g thi goc gitta duong thang A, va A, bang 90°

d) Tong cac gia tri a dé goc giira duong thing A va A, bang 45° 13 —?

Cau 3: Trong mat phang toa do Oxy cho tam giac ABC vdi ba canh c6 phuong trinh 1an luogt la:
AB:Xx-2y+5=0, AC:3x—y=0, BC:2x+y=0. Xét tinh ding sai ctia cac khiang dinh sau:
a) Puong thang AB khong vudng goc véi truc Ox
b) Tam gidc ABC vuong tai B
¢) Goc giita duong thang AB va AC bang 60°
d) Phuong trinh duong phan giac géc Bla x+3y-5=0
Caud: Trong hé toa do Oxy, cho céc duong thang (d,):2x-3y+4=0;(d,): {);/if_j:nt ,
A:x+3y—3=0 va diém A(—2; 0) . Xét tinh dting sai ctia cac khang dinh sau:

a) Khi m :g thi goc gitta d, va d, bang 90°.

. 7
b) Cosin goc gitta d, va A bang —.
) goc gitra d, & 30
¢) Puong thing di qua A(—2; O) va vuong goc voi d; cod phuong trinh 1a 3x+2y+6=0.

d) Puong thang d di qua A(—Z; 0) va tao voi dudng thang A : X+ 3y —3 mot goc 45° co phuong
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Caus5: Trong h¢ toa do Oxy, cho cac duong théng Aj: 2x—y—-10=0va A,: x-3y+9=0, diém

M (—1; 2) . Xét tinh dang sai cta cac khang dinh sau:
a) Goc giira d, va d, bang 45°.

b) Duong thang d :3x—(m—1)y +1=0 vudng gbc véi A, khi m=-5.
¢) Puong thing di qua M (—1; 2) va vudng goc voi A, ¢6 phuong trinh 1a x+2y+3=0.

d) Puong thang (d) qua diém M (-12) va tao v6i truc Ox mét géc 60°cé phuong trinh 1a
Jax - y+ J3-2=0.

Cau 6: Trong mit phing toa do Oxy, cho hai diém A(2;0), B(5-3) va duong thing

x=1-2t .
d :{ 3t (t € R). Goi C la diém thudc d sao cho tam giac ABC can tai A. Xét tinh dung
y =

sai cua cac khing dinh sau:
a) Goc giita duong thang d va Oy bang 45°.

5J_

b) Goc giita duong thang AB va duong thang d 1a @ voi cosa = ————

¢) Goc giita hai duong thang AB va d bang goc giira hai dudng théng AC vad.
d) Goc giira hai duong thang AB va Ox bang goc giita hai duong thang AC va OX.

Cau7: Trong mit phang Oxy cho AABC la tam gidc cén tai dinh A. Puong thang chira canh bén AB
va canh day BC c6 phuong trinh 1an luot 1a x+2y —3=0 va 3x—y+5=0. Puong thang AC
di qua diém M (1'— 3). Xét tinh ding sai ctia cac khang dinh sau:

a) Puong thing BC c6 vecto phép tuyén la n,. = (1,3).

N

b) cosABC =—.
10
¢) Pudng thing AC c6 vecto phap tuyén 1a n,. =(a;b) voi a® +b* =5.
e D . . . 24
d) Goéc gitra hai duong thang AB va AC 1a o véi cosa =—

Cau8:  Trong mit phing toa do Oxy, A=(L2), C=(3;-1); duong thing A:2x+y—8=0. Xét tinh
dung sai cia cac khang dinh sau:
a) Khodng cach tir diem A=(12) dén duong thang A:2x+y-8=01a 5.
b) Khoang cachtir A dén C 1a 4.

7J13
13

¢) Khoang cach tir gbc toa dd O dén duong thang AC 1a
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

d) Hinh binh hanh ABCD c¢6 dién tich bang 8; diém B thudc duong thang A:2x+y—-8=0.
biét tung do clia diém B nho hon 5 thi B=(1;6) D(3;-5).
Trong mat phéng vo1 hé truc toa do Oxy, M (—2;1) va duong théng A:5x—12y+9=0;
X=-2+t , .
: . X¢ét tinh dung sai cua cac khang dinh sau:
y=1+2t

a) Khoang céch tir diém M (-2;1) dén duong thing A:5x—12y+9=0 la 5.

b) Tinh tich khoang cach tir diém M va gbc toa d6 dén duong thing A:5x—12y+9=0 la % .

\ . . X=-2+t
¢) Khoang cach tir diém M (-2;1) dén duong thang d :{ Lot la 2.
y=1+

d) Khoang cach tir gbc toa do dén duong thang d nam trong khoang (3;5)

Trong mit phing toa do OXy cho duong thang (A,,):3x—4y+m=0. Xét tinh dlng sai clia cdc
khang dinh sau:
a) Khi m =5 khoéang c4ch tir A(;3) dén (A,,) béng 4.

b) C6 hai gia trj tham s6 m d¢ d(O0;A,,)=5.
¢) Khodng cach tir B(2;1) dén (A,,) bang 1 khi va chi khi m=13.

d) Khoang cach giita dudng thang (A):3x—4y +12=0 va (A,,) bang 5 khi va chi khi m=-13

vam=37.

Trong mit phang toa dd Oxy cho duong thang (A) 15X +12y — 60 = 0. Xét tinh diing sai cua cac
khang dinh sau:
a) Céc diém thudc truc hoanh cach dudng thang (A) mot khodng bing 4 c6 tong hoanh d¢ 1a 24.

b) Cac diém thudc truc tung cach dudng thang (A) mot khoang bang 4 ¢6 téng hoanh d¢ 1a 20.
¢) C6 mot diém thude dudng thang (A, ):X—Yy+2=0 c6 khodng cach dén (A)bang 5.
d) C6 hai diém thudc dudng thang (A) cach déu truc hoanh va truc tung.

Trong mit phing véi hé toa do Oxy, cho ba diém diem A(-L1), B(-2;4), C(4;1). Xét tinh
dung sai cua cac khang dinh sau:

a) Khoang céach tir diém C dén duong thing (d ) :3x—4y—3=0 bang 5.

b) Khoéang céch tir trong tim G ciia tam gidc ABC dén dudng thang (dl) :2x—y—-3=0 bang
V3.

¢) Po dai duong cao ha tir A ciia tam giac ABC bang J5.

d) V&i dudng thang A:mx—y+3=0. Tong cac gia tri ciia tham s6 m d& A cach déu hai diém
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Cau 13:

Cau 14:

PHAN III.
Caul:

Cau 2:

Cau 3:

Cau 5:

A

A, B 1a mot sé duong.

Trong mét phang Oxy c¢6 A(2;-3), B(—4;1) va dudng thing A:2x +3y —6=0. Xét tinh ding
sai cua cac khang dinh sau:

> , B Xx=2-3t . 12
a) Khoang cach tir diém A(2;—3) deén dudng thang A y =14 4t bang T
=1+

b) Khoang cach giita hai duong thaing AB va A bang %

¢) Phuong trinh cac duong thing A qua A sao cho khoang cachtir B dén A bang 4 1a: y+3=0
hodc ax+by—-9=0.Khid6 a+b=15.

d) Pinh C c¢6 hoanh d6 dwong, nam trén dudng thing y = 2. Toa d diém C dé tam giac ABC
c6 dién tich 1a 17 (dvdt) 1aC (a;b) Khido a+b=5.

Trong mit phang toa dd Oxy, cho ba duong thang d,:3x—4y+1=0, d,:—3x+4y+4=0,
d,:6x+8y—-1=0, va diém A(l; 2) . Xét tinh dung sai cua céc khéng dinh sau:

a) Khoang cach tir diém A dén duong thang d, bang g

b) C6 hai diém M cach déu ba duong thang trén.
¢) Phuong trinh duong thang d, tao voi 3 dudng thang d,,d,,d, mot hinh binh hanh c¢6 dién

tich bang % 1a 6x+8y+19=0.

d) Goi N Ia diém thudc duong thang d,. Khi d6 gia tri nho nhat ctia biéu thirc dudi day
P=d(N,d,)+2d(N,d,) bang 1.

Cau trac nghiém tra 1&i ngan

Puong théng 12x +5y =60 tao voi hai truc toa d mot tam gidc. Téng d¢ dai cac duong cao cua
tam giac d6. (K&t qua 1am tron dén chit s6 thap phan tht hai sau ddu phay)

Mot tram vién thong S c6 toa do (5;1) . Mot ngudi dang ngdi trén chiée xe khach chay trén doan
cao toc ¢ dang mot duong thang A c6 phuong trinh 12x + 5y — 20 = 0. Tinh khoang cach ngan
nhét giita nguoi d6 va tram vién théng S . Biét rang mdi don vi do dai twong tmg véi 1km. (Két
qué 1am tron dén chir s thap phan thi hai sau dau phay)

Trong mit phang v6i hé toa do Oxy, cho duong thing A: X+ (m-1)y+m=0 (m la tham sb
bat ki) va diém A(5;1). Khoang cach 16n nhét tir diém A dén A bing bao nhiéu ? (Két qua lam
tron dén chir s6 thap phan thir hai sau déu phay)

Trong mit phing toa dd Oxy, goi d 13 dudng thang di qua M (4;2) va cach diém A(L0) khoang

TR , ,
cach % . Biét rang phuong trinh duong thang d c¢6 dang x+by+c=0 vdi b,c 1a hai so0

nguyén. Tinh b +c.
Trong mét khu vuc bang phang, ta lay hai con duong nong thon vudng goc véi nhau lam hai truc
toa 0 va mdi don vi d6 dai trén truc twong ung véi 1km. Voi hé truc vira chon, ngudi ta diat mot
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tram vién thong tai vi tri ¢6 toa d0 M (5;10) . Vung phu séng cua tram vién thong tdi da 1a 10

km. Mot xe khach di chuyén trén cao tc c6 dang phuong trinh dudng thiang d : x—2y+5=0.
Xe khéch bt duoc séng tot nhat tai vi tri S(a;b). Tinh a+b.

Cau 6: Mot ngudi dang viét chuong trinh cho tro choi bong da ro bot. Goi A(-11),B(9;6),C(5-3) la
ba vi tri trén man hinh. Tinh khoang cach tir diém A dén duong thang BC . (Két qua lam tron
dén chir s6 thap phan tht hai sau déu phay)

Cau7: Mot ngudi dang viét chuong trinh cho tro choi bong da 16 bbt. Goi A(-1;1), B(9;6),C(5;-3) 1a
ba vi tri trén man hinh. Tinh cos ciia goc hop boi hai duong thang AB va AC (két qua lam tron
dén hang phan muoi).

Cau 8: Ban Huyén dimg & dia diém A cach chan mot nha cao ting & diém B va nhin 1én noc C cua
nha cao tang. Gia sur trong hé truc toa do Oxy . Piém A, B thudc duong thing c6 phuwong trinh
X+ \/§y +2=0, AC thugc duong thiang x — \/§y +4=0. Ban Huyén nhin néc C cua toa nha
v6i mot goc bang bao nhiéu so voi phuong 14 dudng thang AB .

Cau9: Trong mit phang toa dd Oxy, cho diém M (L-1) va hai duong thing c6 phuong trinh
(d):x—y-1=0,(d,):2x+y—-5=0. Goi A la giao diém ctia hai duong thang trén. Biét rang
¢6 hai duong thang (d) di qua M cit hai duong thang trén lan luot tai hai diém B,C sao cho
ABC la tam giac c6 BC =3AB c6 dang: ax+y+b=0 va cx+y+d =0. Khi d6 gia tri cia
biéu thirc T =a+b+c+d bang bao nhiéu?

Cau 10: Trong mit phang toa dd Oxy, cho hai dudng thang (d,):2x—y+5=0va (d,):x+y—-3=0 cit
nhau tai | . Phuong trinh duong thang di qua M (-2;0) cat (d,),(d,) tai A va B sao cho tam
giac I1AB cantai A c6 phuong trinh dang ax+by+2=0.Tinh T=a-5b.

HET
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BAI @ DU'ONG TRON TRONG MAT PHANG TOA PO,

IY.Y Y LY THUYET CAN NHO

Phwong trinh dwong tron

M(z;y)

biém M (x;y) thudc dudng tron (C), tam 1(a;b), ban kinh R khi va chi khi: (x—a)2 +(y—b)2 = R?
Khi d6 ta goi phuong trinh trén 1a phuong trinh duong tron.

Phuong trinh X* + y* —2ax—2by+c=0 véi a®+b®>—c >0 ciing 1a phwong trinh duong tron tam | (a;b)

ban kinh R=+a’+b°-c.

Phwong trinh tié€p tuyén ciia dwong tron

)Y

Dang 1: Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, €(C)

e Buéc 1: Timtoado tam | cua (C).

e Buwéc 2: Tiép tuyén (D) la duong thang di qua M, va c6 vecto phap tuyén 1a M|

Dang 2: Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, ¢ (C)
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e Buéc 1: Tim toa do tdm | vaban kinh R cua (C).

e Buéc 2: (D) 1a duong thang di qua M, nén c6 dang a(x—x0)+b(y—y0)=0

e Budc 3: (D) tiép xdc véi (C) <d (I ;(D)) =R (*) Gial phuong trinh (*) tim dwoc mbi lién h¢
gitta a va b. Chon a va b phu hop dé két luan.

Dang 3: Viét phuong trinh tiép tuyén (D) véi (C) biét (D) song song véi (D, ): Ax+By+C =0

e Buéc 1: Tim toa do tm | vaban kinh R cua (C).

e Bu6c2: (D)/ (D,): Ax+By+C =0 nén phuong trinh ¢6 dang Ax+By+C'=0 (C'#C)

e Budc3: (D) tiépxtcvei (C) <> d(I5(D))=R (*). Giai (*) tim dugc C" so voi diéu kién dé két
luan.

Dang 4: Viét phuong trinh tiép tuyén (D) véi (C) biét (D) vudng goc véi (D,): Ax+By+C =0

e Buéc 1: Tim toa do tdm | vaban kinh R cua (C).
e Buéc2: (D)L (D,): Ax+By+C =0nén phuong trinh c6 dang Bx— Ay +C' =0
e Budc3: (D) tiépxtcvai (C) <> d(I;(D))=R (*). Giai (*) tim dugc C' so voi diéu kién dé két
luan.
Vi tri twong doéi ciia dwong tron
Véi dwdng thing: Cho duong thing (D): Ax+ By +C =0 va duong tron (C):(x—a)’ +(y—b)’ =

c6 tdm 1(a;b). Khi do ta co cac nhan xét sau:

N(C)= <d(1;(D))<R
(

(D) (D
. (D)ﬁ(C)={ } d(15(D))=R
(D)
Véi dudng tron: Cho duong tron (C,) c6 tam |, ban kinh R, va duong tron (C,) c6 tdm 1, ban kinh

R,.Giasu R >R,. Taco:

e Hai duong tron tiép xic < L1, =|R £ R,|

e Hai duong tron citnhau R, —R, < I,I, <R +R,
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BN/  PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Xac dinh cac yéu té cua dudng tron

Phwong phap: Ta thuc hién trong céc cach sau:

Cach 1: Pua phuong trinh vé dang (C): X* + y? —2ax—2by +c=0 (1)

Xét dau biéu thic P =a?+b*—c

e Néu P>0 thi (1) 1a phuong trinh duong tron (C) c6 tam I (a;b) va ban kinh R=+a’*+b’-c
e Néu P <0 thi (1) khong phai la phuong trinh dudng tron.

Céch 2: Pua phuong trinh vé dang: (X — a)2 +(y - b)2 =P (2) .

e Néu P>0 thi (2) 1a phuong trinh duong tron c6 tam | (a;b) va ban kinh R =P
e Néu P <0 thi (2) khong phai 1a phuong trinh duong tron.

BAI TAP TU’ LUAN

Bai tap 1: Trong cac phuong trinh sau, phuong trinh nao la phuong trinh duong tron? Tim tdm va ban kinh
néu co.

a) X+ Y2 +2x—4y+9=0 b) X’ +y* —6x+4y+13=0

c) 2x* +2y* —6x—-4y—-1=0 d) 2x* +y* +2x-3y+9=0

Bai tip 2: Cho phuong trinh X*+y? —2mx—4(m-2)y+6-m=0 (1)

a) Tim diéu kién ciia tham s6 m dé (1) 1a phuong trinh dudng tron.

b) Néu (1) 1a phuong trinh duong tron hdy tim toa do tam va ban kinh theo m
Bai tip 3: Cho phuong trinh duong cong (C,): x* +y* +(m+2)x—(m+4)y+m+1=0 (2)

a) Chung minh rang (2) 1a phuong trinh mt duong tron

b) Tim tap hop tam cac duong tron khi m thay doi

¢) Chuang minh riang khi m thay doi ho cac duong tron (C,) ludn di qua hai diém cé dinh.
Bai tap 4: Tim tdm va ban kinh cua duong tron (C):(x + 2)2 +(y- 4)2 =7.

Bai tap 5: Tim diéu kién dé x* + y> —ax—by+c=0 (1) 1a phuong trinh cua duong tron

Bai tap 6: Cho duong cong (C, ):x*+y? —8x+10y+m=0. Véi gi tri nao cua m thi (C,) la duong
tron cd béan kinh bang 7 ?

Bai tap 7: Cho phuong trinh X* +y® —2mx—4(m-2)y+6-m=0 (1). Tim diéu kién cuia m dé (1) la
phuong trinh ctia duong tron.

Bai tap 8: Tim ban kinh cia duong tron x° + y* —10y —24=0
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Bai tap 9: Tim toa d6 tm | va ban kinh R cua duong tron (C): x*+y* —2x+4y+1=0.

Bai tap 10: Tim tit ca cdc gid tri ciatham s6 m dé phuong trinh X* + y* —2(m+2)x +4my +19m -6 =0

la phuong trinh duong tron.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Tam ciia dudng tron duong kinh AB véi A(L-3);B(-5;7) la diém nao sau day?

A. (-2;2). B. (2;2). C. (3-1). D. (31).

Cho duong cong (C,,): X* + y? —8x+10y+m=0. V&i gid tri ndo cua m thi (C,,) 1a dudng tron
¢6 ban kinh bang 7?

A. m=-8. B. m=4. C.m=-4. D. m=8.

Phuong trinh nao sau day la phuong trinh dudong tron?

A. 4x* +y*—10x-6y—-2=0. B. x> +y*—4x+6y-12=0.

C. xX*+2y*—4x-8y+1=0. D. xX* +y*—2x-8y+20=0.

Cho dudng tron (C) c6 phuong trinh 3x* +3y? —6x+12y —-12=0. Biét (C) c6 tim 1(a;b)
vabankinh R. Tinh a+b+R.

A. /57 +3. B. /57 -3. C. 4. D. 2.

Phuong trinh nao sau day la phuong trinh ctia duong tron?

A 2x°+y*—6x-6y—-8=0. B. xX*+2y* —4x-8y-12=0.

C. x*+y?-2x-8y+18=0. D. 2x* +2y* —4x+6y-12=0.

Phuong trinh nao sau day la phuong trinh cia mot duong tron?

A x>+ y*—4xy+2x+8y-3=0. B. x*+2y*—4x+5y-1=0.

C. xX*+y°—14x+2y+2018=0. D. X*+y*—4x+5y+2=0.

Puong tron X2 + y? —5y =0 ¢6 ban kinh bang bao nhiéu?

A. 5. B. 25. c.%. D. 2,5.

Puodng tron X2 + y2 —2x+10y +1=0 c6 tam 1a diém nao duéi day?

A. (15). B. (-15). C. (1-5). D. (-1-5).

Tim m dé (C,): X+ y’ +4mx—2my + 2m+3=0 1a phuong trinh duong tron?

A.m<—ghoac m>1.B.m<—§. C.m>1. D.—§<m<1.

Tim tat ca gia tri cua tham s6 m dé phuong trinh x* + y? —2mx + 4y +5m =0 la phuong trinh

duodng tron.

A.l<m<4, B.1<m<4. C.{mﬁl' D.{m<l.
m=>4 m>4

Trong mit phing vai hé truc Oxy cho dudng tr(‘)n(C) :(X + 5)2 + ( y-— 4)2 =16. Buong tron (C)
cotoado tam | vabankinh R béng

A. I(5;—4);R:16. B. I(—5;4);R:16. C. I(-54);R=4. D. I (5-4);R=4.
Phuong trinh nao sau ddy la duong tron?

A. 2x* +y*—6x-8y+1=0. B. X’ +y*+6x+16=0.
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:
Cau 19:

Cau 20:

PHAN ILI.
sai.

Cau 1:

AV

C. x*+y*-2x-8y+20=0. D. X’ +y* —4x+6y—-12=0.

Cho phuong trinh x* + y* + 2ax + 2by + ¢ = O,(a,b,c € R) la phuong trinh duong tron. Khi do
a,b,c thoa man diéu kién nao sau day?

A.a*-b’<c. B. a’ +b*>c. C.a’-b*>c. . D. a’+b’<c.

Cho duong tron (C):x* +y? —6x+4y—12=0. Dudng tron (C) ¢6 tim | va ban kinh R lan
Iuot 1a

A. 1(3-2),R=5. B. 1(-3;,2),R=5. C.1(-6;4),R=5. . D.1(6-4),R=5.
Trong mit phing toa d6 Oxy, cho duong tron (C) X2 +y?—2x+6y—1=0. Tam cua (C) co
toa dd la

A. (-2;6). B. (-1;3). C. (2;-6). D. (1,-3).

Trong mit phang toa do Oxy hdy tim tAm | va ban kinh R cta duong tron c6 phuong trinh
(C):x*+y*-2x+6y-8=0

A. 1(-1,-3),R=2y2.B. I(1;-3),R=3V2. C. 1(1;-3),R=+2. D. 1(1;3),R=+2.
Trong mit phang toa dd Oxy, c6 bao nhiéu gia tri nguyén duong ctia tham s6 m dé phuong trinh
x* +y?—2x—4y+m=0 la phuong trinh ctia mot duong tron.

A. 3. B. 5. C. 4. D. v0 sb.
Trong mit phang toa dd Oxy, hiy tim tt ca cac gia tri ctia tham s6 m dé phuong trinh sau day

X+ vy + 2(m +1) X —2my +2m’ —3m+16 =0 1a phuong trinh ctia mot duong tron.

A. m>3. B. m<3. C. m<3. D. m>3.
Phuong trinh nao sau day khong phai la phuong trinh duong tron?

A. x*+y*-100y +1=0. B. X’ +y*-y=0.
C.xX*+y*-2=0. D. x> +y* —x+y+4=0.

Tim tit ca gia tri cua tham s m dé phuong trinh x* + y? + 2mx —10y + 4m =0 1a phwong trinh

duodng tron va c6 ban kinh nho nhat.

A.m:%. B. m=1. C.m=-2. D.m=2.

Cau trac nghiém dang sai. Trong méi y a), b), c), d) & méi cau, thi sinh chon diung hoidc
Trong mit phang Oxy, duong tron (C) :X? + Yy +4x+6y—12=0. Xét tinh dung sai clia cac
khang dinh sau:

a) Puong tron (C) cod tam | (2;3).
b) Buong tron (C) c6 ban kinh R=5.
¢) Puong tron (C):(x+2)" +(y+3)" =25.

d) biém M (2;-6)1a mot diém thude dudng tron (C)

K
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Cau 2:

Cau 3:

Cau 4:

Cau 5:

AL

Cho dudng tron (C): x* +y® —2y —8=0. Xét tinh diing sai ctia cdc khing dinh sau:

a) TAm cta duong tron (C) la diem 1(0;1).

b) Piém A(L0) nam trén dudng tron.

¢) Tam duong tron (C) cach truc Oy mot khoang bang 2.

d) Khi dudng thang A:x+my—2=0 cat dudng tron (C) theo day cung c6 do dai bang 6 thi gia
trim=2.

Cho phuong trinh duong cong (C,): x* +y?+(m+2)x—(m+4)y+m+1=0 (2). Xét tinh
dudng sai caa cac khang dinh sau:

a) (2) 1a phuong trinh mot dudng tron véi moi gia tri cua m.

b) Tap hop tdm cac dudng tron khi m thay d6i luén nim trén dudng thang co phuong trinh
A:Xx+y-1=0

m? +2m+4

¢) Ban kinh cua duwong tron R = 5

d) Khi m thay doi ho céc dudng tron (C,,) ludn di qua hai diém cb dinh.

Cho duong cong (C) :x% +y? +2mx —10y + 4m = 0. X¢ét tinh dung sai cua cac khang dinh sau:
a) Khi m=0 thi (C) 1a phuong trinh duong tron.

. . . m< -2
b) Tat ca gia tri ciia tham s6 m dé phuong trinh (C) la phuong trinh duong tron la { 5
m >
¢) C6 1 gia tri nguyén duong cia m dé (C) 1a mot phuong trinh dudng tron c6 ban kinh bang
Scm
d) Khi m=2 thi (C) 1a phurong trinh dudng tron va cé ban kinh nhé nhat.
Trong mit phang véi hé truc toa do Oxy , cho céc diém A(-2;1), B(3;-2) va C(L-1). Xét tinh

dung sai ciia cac khang dinh sau:

a) Néu duong tron co tam 1a diém A va c6 ban kinh R=2 thi duong tron cé phuong trinh 1a
2 2

(x=2)" +(y+1) =2.

b) Néu duong tron c6 tdm 1a diém B va c6 ban kinh R =3 thi dudng tron c6 phuong trinh 13
(x+3)2 +(y—2)2 =9.

¢) Néu duong tron c6 tdm 1a diém C va co6 ban kinh bang do dai doan AB thi duong tron c6

phuong trinh 1a (x ~1)° +(y +1)" =34.

d) Néu duong tron c6 tm 1a diém B va duong tron di qua diém C thi dudng tron c6 phuong

trinh 1a (x—3)" +(y+2)" =5.
GV. Phan Nhat Linh - & SDT: 0817 098 716



Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

AL

Céau 6: Trong mit phing véi hé truc toa do Oxy, cho cac diém M (L,-2), N(-3;2) va P(5;0). Xét tinh

dung sai cua cac khang dinh sau:
a) Néu duong tron c6 tim 1a diém M va c6 duong kinh bang 2 thi dudng tron c6 phuong trinh
1a (x-1)" +(y+2)" =4.

b) Néu dudng tron ¢ tim 1a diém N va c6 duong kinh bang 6 thi dudng tron ¢6 phwong trinh
1a (x+3)2 +(y—2)2 =9.

¢) Néu duong tron co tim 1a diém P va c6 dudng kinh bang d6 dai doan MN  thi duong tron co

phuong trinh 1a (x—5)° +y* =8.

d) Néu duong tron c6 duong kinh 13 doan NP thi dudng tron c6 phuong trinh 13
(x=1)° +(y-1)" =17.

PHAN IIl. Cau trac nghiém tra i ngan

Ciu 1: Chuyén dong ctia mot vat thé trong khoang thoi gian 180 phut dugc thé hién trong mit phang toa
d9. Theo do, tai thoi diém t(0 <t <180) vat thé & vi tri c6 toa d (2+sint% 4+ cost®). Gia sir
quy dao chuyén dong cta vat thé 1a mot dudng tron c6 tam | (a; b) . Tinh téng a+b

Cau2: Co6 bao nhiéu gid tri nguyén cua tham sé6 me[-10;10] dé phuong trinh sau déy
X°+y° - 2(m + 2) X+4my +19m -6 =0 la mdt phuong trinh dudng tron.

Cau3: Chodudngtron (C):x*+y? —4x+4y-4=0 vadiém M (1;0). Dy cung cua (C) di qua diém
M c6 do dai ngén nhat bang bao nhiéu? (Két qua lam tron dén chit s6 thap phan thi hai sau du

phay)
Céu 4: Hinh vé bén dudi md phong mot tram thu phat song dién thoai di dong dat ¢ vi tri 1 ¢ toa do

(—2;1) trong mat phang toa d¢ (don vi trén hai truc 1a km). Tinh theo duong chim bay, xac dinh
khoang cach ngan nhat ¢é mot nguai ¢ vi tri ¢ toa do (—3;4) di chuyén duoc toi viing phi song
theo don vi ki-16-mét (lam tron két qua dén hang phan trim). Biét rang tram thu phat song d6
dugc thiét ké véi ban kinh phi song 3km.

' Ay

Tram
phét séng

Cau5: Mot ndng trai tudi nude theo phuong phép voi phun xoay vong trung tim nhu Hinh 3. Cho biét
tdm mot voi phun duoc dt tai toa do (12;-9) va voi cd thé phun xa tbi da 36 m. Phuong trinh
duong tron biéu dién tap hop cac diém xa nhat ma voi nudc c6 thé phun téi c6 dang
(x—12)" +(y+9)° = R%. Khi do gia tri cua R 12 bao nhiéu.

- GV. Phan Nhat Linh - @ SDT: 0817 098 716
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Cau 6: Mot cai céng hinh ban nguyét rong 6,8 m va cao 3,4 m. Mat duong dudi céng duoc chia thanh
hai lan cho xe ra vao. Biét ring phuong trinh md phong céi cong la duong tron ¢ tam 1 (a;b),
ban kinh R. Tinh a+b+R.

HET
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Dang 2: Viét phucng trinh dudng tron

Phwong phap: Ta thyc hién trong céc céach sau:
Cach 1:

e Timtoaddtam I (a;b) cua duong tron (C).

e Timban kinh R cta duong tron (C).

e Viét phuong trinh cta duong tron (C) theo dang (x - a)2 +(y- b)2 =R?.
Cach 2:

e Gia su phuong trinh cua dudng tron (C) 12 x* + y* —2ax—2by +c =0

Hoic dang x* + y* + 2ax+2by +¢c=0 .

e Turdiéu kién cua dé bai thiét 1ap hé phuong trinh véi baanla a, b, c.

e Giaihé¢ détim a, b, cntir d6 tim dugc phuong trinh cta duong tron (C) .
Cha y:

e Choduongtron (C) cotam | va bankinh R, diém Ae(C) < IA=R.

e (C) tiép xtc voi duong thang A tai A < 1A=d(1,A)=R.

e (C) tiép xtc véi hai duong thang A, va A, < d(1,A,)=d(1,4,)=R.

2
e (C) citduong thang A, theo day cung c6 do dai a < [d(1,A,)] + % _R?.

BAI TAP TU LUAN

Bai tap 1: Viét phuong trinh dudng tron trong mdi trudng hop sau:
a) C6 tam | (1,-5) va di qua O(0;0).
b) Nhan AB lam duong kinh véi A(L1), B(7;5).
¢) Di qua ba diém: M (-2;4), N(5;5), P(6;-2)
Bai tap 2: Viét phuong trinh dudng tron (C) trong céc trudng hop sau:
a) (C)cotam I(-12) vatiép xtc véi duong thang A:x—2y+7=0
b) (C) di qua A(2;-1) va tiép xtc véi hai truc toa do Ox va Oy

c) (C) cb tm ndm trén duong thang d:x—6y—10=0 va tiép xUc véi hai dudng thang co
phuong trinh d, :3x+4y+5=0va d,:4x-3y-5=0

Bai tap 3: Trong mit phang toa do Oxy, cho hai diém A(8;0) va B(0;6).
a) Viét phuong trinh dudng tron ngoai tiép tam giac OAB

b) Viét phuong trinh dudng tron ndi tiép tam gidc OAB
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Bai tap 4: Trong mat phing toa do Oxy, cho hai duong thing d, :+/3x+y=0.va d,:+/3x—y=0. Goi

(C) 1a dudng tron tiép xtc véi d, tai A, cat d, tai hai diém B,C sao cho tam gidc ABC vudng tai B. Viét
\ 5 - A =z z N e M \/§ \ <R , \ A
phuong trinh cta (C), biet tam giac ABC cd dién tich bang - va diém A co6 hoanh do duong.

Bai tap 5: Trong mit phang Oxy , viét phuong trinh duong tron di qua ba diem A(L;2),B(5;2),C(L-3)
Bai tap 6: Cho hai diém A(5;-1), B(-3;7). Viét phuong trinh dudng tron c6 duong kinh AB .

Bai tap 7: Viét phuong trinh duong tron (C) tam 1(—4;3) va tiép xtc véi truc tung .

Bai tap 8: Viét phuong trinh duong tron (C) di qua hai diém A(L3), B(3;1) va c6 tdm ndm trén dudng
thang d :2x—y+7=0.

Bai tap 9: Trong mit phing toa d9, cho dudng tron (C) c6 tim |(-12) va tiép xtc véi dudng thang

A:x—2y+7=0.Tinh dién tich hinh tron twong tmg v&i dudng tron (C) da cho.

Bai tap 10: Trong mat phang toa 46 Oxy, cho dudng tron ¢ phuong trinh (Cl) X2 +y? =4 va cac duong
thangd : x—y—4=0, A:3x+ y+8=0. Lap phuong trinh duong tron (C) c6 tAm nam trén A, tiép xtc
v6i d va cit (C,) tai hai diém phan biét A, B sao cho AB vuong goc véi d . Goi | (a;b) 1a tim duong
tron (C). Tinh a+b.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Duong tron tam |(3;-7), ban kinh R =3 ¢6 phuong trinh 12

A (x=3) +(y+7)" =3. B. (x+3)" +(y-7) =9.

C. (x=3)" +(y+7)" =9. D. (x+3) +(y+7)" =9.

Trong mit phang toa & Oxy, cho A(-14), B(5;—2). Phuong trinh dudng tron dudng kinh AB
la

A. (x=3)" +(y-2)"=20. B. (x—4)" +(y-2)" =29.

C. (x—2)2+(y—1)2:72. D. (x—2)2+(y—1)2:18.

BPuong tron tam |(3; —7) di qua A(—3; —1) c6 phuong trinh la

A (x=3) +(y+7) =+72. B. (x—=3) +(y+7)’ =72,

C. (x+3) +(y-7) =72. D. (x+3) +(y+7) =+72.

Trong mit phang Oxy, cho dudng tron (C,): X’ +y’ —2x—4y-5=0 va diem A(3;4). Viét

phuong trinh dudng tron (C) ¢ tdm 1a tim cua duong tron (C,) va di qua diém A

A. (x—1)2+(y—2)2:10. B. (x—1)2+(y—2)2:8.
C. (x+1)" +(y+2)" =8. D. (x+1)" +(y+2)" =10.
Puong tron di qua 3 diém A(L7), B(-2;6), C(5;—1) co phuong trinh la
A X2 +y*—2x-4y-20=0. B. X’ +y*+2x+4y-20=0.
C. xX*+y*—2x+4y-20=0. D. x*+y*+2x-4y-20=0.

Trong mit phang Oxy cho dudng thang A: x— 2y +3=0. Viét phuong trinh dudng tron c6 tim
1(3;—2) va tiép xtic véi A.

A. (x+3) +(y-2)" =20. B. (x—3) +(y+2) =20.
C. (x+3)"+(y—-2)" =10. D. (x+3)" +(y-2)" =10.
Viét phuong trinh duong tron c6 tim A(2;—5) va tiép xtic véi duong thing d :3x—4y —1=0
A. (x=2)"+(y+5) =25. B. (x+2)" +(y-5) =25.
C. (x—2)" +(y+5)" =5. D. (x+2) +(y-5)" =5.

Cho tam gidc MNP biét M(-6;3) va N,P la cic diém lan luot thudc céc duong thing
Aix=y+9=0, A,:2x+y+1=0. Goi Q(2;-1) la diém théa NQ = 3NP . Phuong trinh nao
duéi day 1a phuong trinh duong tron ngoai tiép tam giac MNP ?

A. (X+4)2+(y—3)2:4, B. (X+4)2+[y_%j2 10
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

AL

C. (x—4)2+(y+3)2:2. D. (x+6)2+(y—3)2:g.

Trong mit phing toa do Oxy cho dudng tron (C) c6 phuong trinh x° +(y —3)2 =1 va diém
M (13) thudc dudng tron (C). Viét phuong trinh tiép tuyén cia dudng tron (C) tai diém
M (L3).

A. x+3y-10=0. B. x+1=0. C. y-3=0. D. x-1=0.

Trong mit phing toa do Oxy, cho hai diém A(0;2), B(O;— gj . Pudng tron (T) diqua A va

cit hai duong thang d :x—y—-1=0, A:2x+y+2=0 lanluot tai M va N . Biét AM song song
voi BN va O,M,N thang hang. Phuong trinh dudng tron (T) 1a

A X2+ y*+2x-y-1=0. B. X’ +y*+x-y+2=0.

C.X*+y +x+y-2=0. D. xX*+y*—x-y-2=0.

Trong mit phang véi hé toa dd OXy, cho hinh vuéng ABCD c6 A(3;2) va phuong trinh canh
BD:3x+4y—7=0.Khi do duong tron ndi tiep hinh vuéng ABCD c6 phuong trinh la:

N R R
R R e R

Trong mit phing toa ¢ Oxy cho duong tron (C) c6 phuong trinh x* +y* +6x—4y—-4=0.
Viét phuong trinh tiép tuyén cia duong tron (C) biét tiép tuyén vudng goc voi duong thing
A:Xx—4y+2022=0.
A. 4X+y+27=0; 4x-y—-7=0. B. x-4y+27=0; x—-4y-7=0.
C.4x+y+27=0; 4x+y—-7=0. D. 4x+y—-27=0; 4x+y—-7=0.
Trong h¢ truc toa @ Oxy, cho dudng tron (C) c6 phuong trinh X* + y* —4x+8y —5=0. Viét
phuong trinh tiép tuyén véi (C) song song v&i v6i dudng thang 3x—4y+5=0.

. { 3x—4y-3=0 B [4x+3y—25=0. ‘ {4x+3y+25=0‘ D. {3x—4y+3=0 |

3x—-4y+47=0 4x+3y+29=0 4x+3y—-29=0 3x—-4y—-47=0
Trong hé truc toa dd OXy, cho dudng tron (C) c6 tam ndm trén dudng thang d : x—6y —10=0
va tiép xtic v6i hai duong thang c6 phuong trinh d, :3x+4y +5=0 va d, :4x -3y -5=0 (Biét
tung do cuia tim 14 s6 khong am). Viét phuong trinh duong tron (C) .
2 2 2

A. (C):(x—i—g] +(y+1—2j :(%j . B. (C):(x—10)" +y* = 49.
C. (C):(x-10)" +y*=25. D. (C):x*+(y—10)" =49,
Phuong trinh tiép tuyén cua duong tron (C) X2+ y? —2x—2y =0 biét tiép tuyén vudng goc
duong thing A:x+y-1=0 la
A X+y-2=0,x+y+2=0. B. x-y+2=0, x-y-2=0.
C.xXx-y+4=0, x-y-4=0. D. x+y+4=0,x+y—-4=0.
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Cau 16: Viét phuong trinh dudng tron (C) c6 tim nam trén truc hoanh dong thoi di qua hai diém
A(2;-5) va B(4;3).
A. X +y*+2x-33=0. B. x> +Yy*—2x+33=0.
C. x*+y*+2y-33=0. D. X’ +y* -2y +33=0.

Céau 17: Cho tam giac ABC c¢6 M 1a trung diém BC, biét A(l;g), M G;s] va B,C 1a cac diém lan

luot thudce cac duong thiang d :4x—2y+1=0, d':x—2y—2=0. Phuong trinh nao dudi déy 1a

phuong trinh duong tron ngoai tiép tam giac ABC ?

15 2 5) 5
A X +y* —Tx-6y+—=0. B. (x=3) +|y-—=1| ==.
— -2 -
41 7Y , 17
C. x*+y*-6x-5y+—=0. D.|x—=| +(y-3)" =—.
— (s
Cau 18: Viét phuong trinh dudng tron di qua 3 diem A(-L1), B(3;1), C(13).
A XP+y*—2x-2y-2=0. B. x> +y*+2x-2y=0.
C. X" +y*—2x-2y+2=0. D. X +y? +2x+2y-2=0.

Cau 19: Trong mit phang v6i hé toa d0 Oxy cho tam giac ABC ndi tiép trong duong tron
(C):x*+y? =25, diém K(2;1) thudc duong thing AC . Hai dudng cao BM va CN , phuong
trinh duong thang MN: 4x -3y +10=0 va diém A c6 hoanh d6 4m. Phuong trinh duong tron

tam O tiép xtic voi dudng thang AC 1a

, 10 g2 10 2,2 5V2 5
-

A, X°+ . B. X*+y’="—". C. x>+ D. x> +y? ==,
y > y > y y >

Cau 20: Trong mit phang toa dd Oxy cho dudng tron (C) c6 phuong trinh x* + y? —4x+ 2y =0 va diém
M (l; 1) thudc dudng tron (C). Viét phuong trinh tiép tuyén ciia dudng tron (C) tai diém M (1; 1)
A. x+y-1=0. B. x+2y+1=0. C. x-2y-1=0. D. x-2y+1=0.
Loi giai

Duong tron (C) cotamla | (2;—1).

Tiép tuyén cua dudng tron (C) tai diém M (L1) c6 vecto phép tuyén IM = (-12) nén ta co
phuong trinh —1(X—l)+ 2(y —1) =0 x-2y+1=0.

Cau 21: Trong mit phang toa do Oxy cho duong tron (C) c6 phuong trinh (X—2)2+y2 =4 . Viét
phuong trinh tiép tuyén ctia duong tron (C) biét tiép tuyén c6 hé s6 goc 1a 2.
A 2x—y+24/56-4=0.
B. 2x—y+2J5+4=0; 2x—-y+2/6-4=0.
C.2x-y+2/6-4=0; 2x—y-2J5-4=0.
D. 2x—y+2/6-4=0; 2x+y+2J5-4=0.
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Ciu 28:

Ciu 29:

AL

Trong hé truc toa do OXy , cho duong tron (C) c6 phuong trinh (C): (X —1)2 +(y+ 2)2 =8.Viét
phuong trinh tiép tuyén cta dudng tron. Biét tiép tuyén qua diém N (5,-2).

A. A:x-5=0. B. A:x+y—-3=0 hodac A:x—-y—-7=0.

C. A:x-5=0 hoac A:x+y—-3=0. D. A:y+2=0 hodc A:x—y—-7=0.

Trong h¢ truc toa do Oxy, phuong trinh duong tron (C) ¢6 tim | ¢6 toa do nguyén ndm trén

dudng thang 3x +2y =0, qua diém A(2;-5) va tiép xtc véi truc tung c6 phuong trinh 1a:

A. (x+2)2+(y—3)2:4. B. (x+4)2+(y—6)2:5.

C. (x—4)2+(y+6)2:5. D. (x—2)2+(y+3)2:4.

Viét phuong trinh tiép tuyén cua duong tron (C): X2 +y? —2x—2y =0 biét tiép tuyén c6 hé sd
goc k=1

A. X+y—-2=0,x+y+2=0. B. x-y+2=0, x-y-2=0.
C.x-y+4=0, x—-y—-4=0. D. Xx+y+4=0,x+y-4=0.

Viét phuong trinh dudng tron (C) di qua hai diém A(2;0)va B(0;1) va c6 tim nam trén duong
thang A: X+Yy+1=0

2 2 2 2
A. (x—lj +[y+zj :ﬁ. B. (x+1j +(y—zj =@.
6 6 18 6 6 6
2 2 2 2
C. (x+1) +(y—zj :§. D. (x—l) +(y+zj :@.
6 6 18 6 6 6

Trong mit phiang véi hé toa dd Oxy cho tam gidc ABC c6 BC =2AB, phuong trinh dudng
trung tuyén BM 1a x+y—2=0.Biét ABC =120° va A(3;1). Phuong trinh duong tron tim B

diqua A la
A. x2+(y—2)2:2. B. (x—2)2+(y—2)2:2.
C. X2 +y*=2. D. (x-2)° +y*=2.

Trong mit phing toa 46 Oxy cho duong tron (C) cé phuong trinh (X — 2)2 +(y+ 1)2 = 4. Viét
phuong trinh tiép tuyén cua duong tron (C) tai diem M (2;1).

A. 2x+y-2=0. B. y+1=0. C. 2x-y-3=0. D. y-1=0.

Trong mit phang toa d6 Oxy cho dudng tron (C) c6 phuong trinh X%+ y® —2x+4y-11=0.
Viét phuong trinh tiép tuyén cua duong tron (C) biét tiép tuyén song song v&i dudng thing

A:3x—-4y-31=0.

A. 3x+4y-9=0. B. 3x-4y-31=0va 3x-4y-9=0
C. 3x—-4y+9=0. D. 3x-4y+9=0 va 3x—4y-31=0.
Trong hé truc toa do Oxy, cho duong tron (C) c6 phuong trinh (C):X2 +y° —4x+8y-5=0.
Phuong trinh tiép tuyén cta (C) biét tiép tuyén vudng goc voi dudng thang 3x—4y+5=0 1a
A. 4x+3y+29=0;4x+3y-21=0. B. 4x+3y—-25=0;4x+3y+29=0.
.[3x+4y+15:0 D. {3x+4y+15:0
3x+4y—-35=0 3x+4y-35=0
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Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

AL

Trong h¢ truc toa do Oxy, cho duong tron (C) c6 phuong trinh (C) G y2 +4x—-4y-1=0.
Phuong trinh tiép tuyén ctia duong tron (C) di qua diem M (0;-1) 1a

A. y-1=0;-12x+5y+5=0. B. y+1=0;-12x+5y+5=0.

C. y-1=0;12x+5y+5=0. D. y+1=0;12x+5y+5=0.

Phuong trinh tiép tuyén ciia dudng tron (C):x* +y® —4x+2y—4=0 song song duong thing
A:3x+4y-17=0 la

A. 3x+4y-13=0. B. 3x+4y+13=0. C.4x-3y+13=0. D. 4x-3y-13=0.
Cho dudng tron (C) ¢6 tam 1(1;1), (C) cét duong thing A:3x +4y +13=0 theo mt day cung
¢6 d6 dai bang 8. Phuong trinh cta dudng tron (C) la

A. X2 +y*—2x+2y-30=0. B. x> +y*—2x-2y+30=0.

C. xX*+y*—2x-2y-30=0. D. x> +y*+2x+2y-30=0.

Trong mit phang toa dd Oxy, cho tam giac ABC c6 A(1;3), B(—l; —1), C(l;l). Duong tron
ngoai tiép tam giac ABC c6 tam |(a;b). Tinh a—b.

A. 4. B. 4. C.2. D. 0.

Cho duodng thang d:x —3y+5=0, Viét phuong trinh dudng tron (C) ¢6 thm nam trén duong

thang A:2x+y =0 va tip xtic v6i d tai diem A(L;2)

A. (x=3) +(y+6)* =160. B. (x+3)" +(y-6)' ==
C. (x-5)" +(y+10)" =160. D. (x-5)° +(y+10)" =16.

Trong mit phang toa dd Oxy cho duong tron (C) tam | ban kinh R. Tir diém C nam ngoai
duong tron ké 2 tiép tuyén CM,CN sao cho M va N 1a céc tiép diém. Puong thang IC cat
(C) tai K va H sao cho CK <CH . Biét khoang cach tir K dén CM bing +17 va MN c6
phuong trinh x—4y+3=0 va H,K lin lugt thuoc cac duong thing 5x+y-1=0,
2Xx—y—7=0.Biét K c6 tung d6 4m. Phuong trinh dudng tron (C) la

A. X2 +y?+2x—18y —71=0. B. x> +y*—2x+18y-71=0.
C. x>+ Yy’ +2x-18y +71=0. D. X’ +y*—2x-18y—-71=0.
Cho hinh chit nhat ABCD, qua B ké dudng thing vudng goc véi AC tai H. Goi E(%;%}

F (%;EJ;G (L5) lan luogt 14 trung diém cac doan thang CH,BH, AD . Pudng tron ngoai tiép

tam giac ABE c6 tam | (a;b). Tinh a+b.

A. 0. B. 4. C.6. D. 9.
Trong mat phing toa do Oxy, cho dudng tron tim | ¢ phuong trinh

(C):(x-2)" +(y~-1)° =10.Goi A lamdt tiép tuyén cia (C). Khing dinh ndo sau ddy 12 ding?
A.d(1,A)=5. B.d(1,A)=+10.  C.d(1,A)=10. D. d(1,A)=+5.
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Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cho duong tron (C):(x+ 3)2 +(y- 2)2 =8. Phuong trinh ti€p tuyen cua (C) tai diém M (-1;4)
la
A. Xx+y+1=0. B. 2x-2y-10=0. C. x-2y-9=0. D. x+y-3=0.

Trong mit phang toa dd Oxy , phwong trinh nao duéi ddy 1a phuong trinh tiép tuyén ciia dudng
tron (C):(x+5)" +(y—-1)" =20 tai diém K(-1;-1)?

A. y=2x+1. B. y=—x-4. C. y=2x+11. D. y=5x+4.

Cho dudmg tron (C):(x—1)°+(y—2)° =25. Phuong trinh tiép tuyén d cua (C) tai diém
M(-2;-2) l1a

A. -3x-4y+14=0. B.-3x-4y+11=0. C.3x+4y+14=0. D.3x+4y+15=0.
Viét phuong trinh tiép tuyén ciia dudng tron (C) X +(y - 2)2 =25 Dbiét tiép tuyén song song
v6i duong thang d :4x—3y+31=0.

A. 4x-3y+2=0. B. 4x-3y+31=0. C.3x+4y+17=0. D.4x-3y-19=0.
Viét phuong trinh tiép tuyén cua duong tron (C) X2+ y2 =16 bibt tiép tuyén vuong goc véi

duong thang d :x+y=0.

A.x—y+3ﬁ:0,x—y—4ﬁ:0. B.x+y+4ﬁ=0,x+y—4ﬁ=0.
C.x+y+4\/§:0,x+y—3\/g. D.x—y+4\/§:0,x—y—4\/§:0.
Tiép tuyén ctia dudng tron (C):x* + y? —2x =0 di qua diéem M (L1) la

A. y-1=0. B. x-1=0. C. 2x-y-1=0. D. x+y-1=0.

Viét phuong trinh tiép tuyén ctia duong tron (C) X2+ y? —6x+ 2y =0 biét tiép tuyén song song
v6i duong thang x +3y +10=0

A. x+3y-5=0. B. 3x-y=0. C. x+3y-10=0. D. x+3y+10=0.
Trong mét phang Oxy, cho (C): X’ +y®—2x—2y—-2=0va M(3;5). Lap phuong trinh tiép
tuyén cta (C) di qua diem M .

A. A -3x—-4y+11=0va A,:y=3. B. A :3x+4y-11=0va A,:y=-3.

C. A :3x+4y+11=0va A, : x=-3. D. A, :3x-4y+11=0va A,:x=3.

Trong mit phing (OXy), cho (C):(x- 2)2 +(y —1)2 =5. Goi phuong trinh tiép tuyén cta (C)
cit Ox; Oy lan luot tai A; B sao cho OA=20B 1a ax+by—-9=0, vdi a;b 1a cac s nguyén
duong va udc chung 16n nhat cta a;b 1a 1. Tinh a+2b.

A. 5. B. 3. C.2. D.1

Trong mit phing (Oxy), cho duong tron (C):(x —l)2 +(y+ 1)2 =10. C6 thé lap dugc bao nhiéu
phuong trinh tiép tuyén cia dudng tron (C) biét tiép tuyén tao v6i A:2x+Yy—4=0 mot goc
bang 45°.

A. 4. B. 3. C. 2. D. 1.

Trong mit phing toa do, cho hai dudng tron (C,): (X +2)* +y? =1 va (Cy):(x- 2)2 +y?=16.
Biét duong thang d :ax+by —10=0 1a mt tiép tuyén chung cta hai duong tron (C,) va (C,).
Tinh S=a’+b°.
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A. S=12. B. S=16. C. S=20. D. S=24
Cau 49: Mot cira hang an nhanh dat ¢ vi tri | trong mat phéng toa do (don vi trén hai truc 1a 1 km). Vung

ship d6 &n clia cira hang dugc mo ta boi (X —1)2 +(y —1)2 <100. Pia diém nao sau day thudc
vung ship dd cua cira hang?
A. M(7;10). B. N(-4;-8). C. P(9;-6). D. Q(-7;5).
Cau 50: Cho duong tron (C): x*+y?—8x+2y-8=0 va A(-L0) Goi T,,T, la céc tiép diém cua cc
tiép tuyén ké tir A dén (C). Phuong trinh duong thang T,T, 1a
A. 5x—-y+4=0. B. 5x-y—-4=0. C.10x-2y-17=0. D.10x-2y+1=0.
Cau 51: Cho dudng tron (C):x* +y? —4x—2y =0. Tirdiém A(3;-2) c6 thé ké dén (C) hai tiép tuyén
phén biét c6 phuong trinh la

A. 2X+y-8=0va x-2y+1=0. B.a*+b*#02x+y+8=0va x—2y—-1=0

C.2x-y+8=0va x+2y-1=0. D. 2x-y—-8=0 va x+2y+1=0.

Cau 52: Cho dudng tron (C):(x—1)" +(y+3)" =10 va dudng thing A:x+y+1=0 biét duong thing
A cit (C) tai hai diém phan biét A,B. D0 dai doan théng AB béng

A.%. B. /38. C.g. D.@.

Cau 53: Viét phuong trinh tiép tuyén ciia duong tron (C) X%+ y? +4x—2y —8=0, biét tiép tuyén vudng
goc véi duong thang d : 2x —3y +2022=0.
A. 3x+2y—-17=0 hoac 3x+2y—-9=0. B. 3x+2y+17=0 hoac 3x+2y+9=0.

C. 3x+2y+17 =0 hodc 3x+2y-9=0. D. 3x+2y-17=0 hodc 3x+2y+9=0.

Céu 54: Trong mit phing toa do Oxy, cho duong tron (C): (x—3)>+(y—4)* =25 va dudng thing

d:4x—-3y-1=0.Duong thing A vudng géc véi d va tiép xtic véi duong tron (C) c6 phuong

trinh 1a
A. 3Xx+4y=0,3x+4y+50=0. B. 3x—4y=0,3x—-4y+50=0.
C. 4x-3y=0,4x—-3y+50=0. D. 3x+4y=0,3x+4y-50=0.

Cau 55: Trong mit phang Oxy, cho (C): X +y>—2x-2y-2=0va M (3;5) . Phuong trinh tiép tuyén
cua (C) di qua diém M la
A. A 1—-3Xx—-4y+11=0va A,:y=3. B. A :3x+4y-11=0va A,:y=-3.

C. A :3x+4y+11=0va A, : x=-3. D. A :3x—-4y+11=0va A, : x=3.
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PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.

Caul: Trong mat phéng v6i hé toa dd Oxy, cho ba diém A(O;4) s B(2;4) , C (2;0). Xét tinh dung sai
ctia cac khang dinh sau:

a) Puong tron ngoai tiép tam gidc ABC c6 phuong trinh tong quat 1a: (C) X4y —2x—4y=0
b) Pudng tron ngoai tiép tam giac ABC c6 tam | (1; 2)

¢) Pudng tron ngoai tiép tam giac ABC c¢6 ban kinh R = J5

d) Puong tron ngoai tiép tam giac ABC ¢ phuong trinh (C) : (X —l)2 + ( y— 2)2 =52

Cau2: Trong hé tryc toa dd Oxy, cho diém 1(1;1) va dudng thang (d):3x+4y—2=0. Xét tinh ding
sai cua cac khing dinh sau:
a) Khoang cach tir diém 1(L1) dén duong thang (d):3x+4y—2=0 bang 1
b) Duong tron tm | (L1) va tiép xtc v6i dudng thang (d):3x+4y—2=0 c6 phuong trinh
chinh tc 1a (x—1)° +(y -1)" =1.
¢) Buong tron tam | (1; 1) va tiép xuc véi dudng thing (d ) :3X+4y —2=0 c6 phuong trinh tong
quatla x> +y® —2x-2y+1=0
d) Duong thang di qua diém 1(L1) va vudng géc véi duong thang (d):3x+4y-2=0 co
phuong trinh tong quat 1a 3x+4y —7=0

Cau3: Trong hé truc toa do Oxy, cho dudong tron (C) tam | (1; 2) va cat duong thfmg
A:3x+4y—6=0 tai hai diém A,B sao cho AB = 4. X¢ét tinh dung sai ctia cac khang dinh sau:
a) Khoang cach tir tim | dén duong thang A bang 2.
b) Bén kinh duong tron bang /5 .
¢) Phuong trinh dudng tron (C): x* + y* —2x—4y =0.
d) biém M (3;1)nam trong duong tron (C).

Cau4: Trong hé truc toa do Oxy, cho duwong tron (C) tam 1(L2) va cdt duong thing
A:3x+4y—6=0 tai hai diém A, B sao cho S, = 4. Xét tinh dung sai clia cac khang dinh sau:
a) Khoang cach tir tim | dén duong thang A bang 1.
b) Ban kinh duong tron (C)nhé hon 4.
¢) Phuong trinh dudng tron (C): x* + y* —2x -4y +12=0.
d) Piém O nam trén dudng tron (C) .

Cau5:  Trong mit phing toa do OXy, cho hai diém A(L—4),B(-2;0) va duong thang d :2x—4y +1=0
. Xét tinh dting sai ctia cac khang dinh sau:

a) Piém A, B cach déu dudng thing d .

b) Toa do tAm ctia dudng tron di qua hai diém A, B va c6 tm thudc duong thang d1a | [1;%) .
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¢) Phuong trinh duong tron (C) di qua 4, B va c6 tam thudc dudng thing d 1a
4x* +4y® —60x —32y -136 =0

d) Gié tri nho nhit cia OM véi M 1a diém chuyén dong trén duong tron 1a

517 =17
=

Cau6: Trong mit phing Oxy cho duong tron (C):(x+2)"+(y-1)=9 va hai diém
A(—4;3),B(2;-1). Xét tinh dung sai ciia cac khang dinh sau:
a) Piém A ndm trén dudng tron (C).
b) Diém B nam ngoai duong tron (C).

¢) Phuong trinh duong thang d di qua diém A sao cho khoang cach tir tim duong tron dén
duong thang d 1a 16nnhatla x—y—-1=0

d) Gié tri 16n nhét cia BM véi M 1a diém chuyén dong trén duong tron 13 2+/5 + 3.
Cau7: Trong mit phang v6i hé toa & Oxy, cho duong tron (C) c X2+ y? —2x+4y-11=0 va duong

thang d : 4x—3y+5=0. X¢ét tinh diing sai ciia cac khang dinh sau:

a) Puong thang d va dudng tron (C) tiép xtic

b) Pudng thang d cat dudng tron (C) theo mot day cung c6 do dai bang 1.

¢) Puong thang song song véi d va tiép xtic voi duong tron (C) c6 phuong trinh:

d: 4x—-3y-10=0.

d) Khoang cach 16n nhét tir mot diém thudc duong tron (C) dén duong thang d 1a bang 10.
Cau 8: Cho duong tron (C) X+ ( y —1)2 =5.Goi A 1a phuong trinh tiép tuyén cta duong tron (C) tai

diém M (1; —l) . Xét tinh dtng sai ctia cac khang dinh sau:

a) A céach tdm cta duong tron (C) mot khoang bang 5.

A 1
b) A c6 hé so goc k:E.
¢) A tao voi céc truc toa do mot tam giac c¢6 dién tich bang Z

d) A cht duong tron (C'):(x+2)" +y? =9 theo ddy cung c6 do dai bing 4
Cau9: Cho dudng tron (C):x’ +(y+1)2 =5 va duong thing A:x+2y—3=0. Goi d:ax+by+c=0
1a duong thang song song voi A va la tiép tuyén cta (C ) Xét tinh ding sai cta cac khang dinh

sau:
a) d cohésdgoc k=2.

¢) Khoang cach giita d va A bang 10.

d) d cht duong tron (C'):(x—2)° +(y+2)" =6 tai2 diém A B.Diéntich AI'AB bang /5 (vdi

I" 13 tdm cua duong tron (C')).
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Cau 10:

PHAN IIL.

Cau 1:

Cau 2:

Céau 3:

Cau 4:

Cau 5:

Cau 6:

AL

Trong mit phing toa do Oxy, cho duong tron (C):(x —1)2 +(y— 2)2 =25 va dudng thang
(d ) :4x —3y + 2 =0. Xét tinh ding sai cta cac khing dinh sau:

a) Puong thang d tiép xtic v6i duong tron (C).
b) Khoang céch gifra hai tiép tuyén ctia duong tron (C) vudng goc v6i dudng thang d bang 10

¢) Puong thang m:3x+4y+14 =0 1a tip tuyén cua duong tron (C) vudng goc voi duong thang
d.

d) Tiép tuyén cua dudng tron (C) vudng géc v6i dudng thang d di qua diém A(0;9).

Cau trac nghiém tra I&i ngan

Trong mat phang Oxy, dudng tron di qua ba diém A(1;2), B(5;2), C(L-3) c¢6 phuong trinh
dang x* + y* —2ax-2by+c=0. Tinh gidtri a+ b +c.

Phuong trinh duong tron di qua hai diém A(3;0),B(0;2) vacé tam 1(a;b) thudc duong thing
d:x+y=0.Khidé gia tri cua biéu thuc 2a+5b bang bao nhiéu?

Cho tam gidc ABC biét H(3;2), G(ggj lan luot Ia tryc tAm va trong tam cua tam giac, duong

thang BC c6 phuong trinh X + 2y —2 =0. Tim ban kinh cua phuong trinh duong tron ngoai tiép
tam giac ABC?

Trong mit phang toa o Oxy, cho tam giac ABC c0 truc tam H , trong tim G(-13). Goi
K,M,N lan luot la trung diém caa AH, AB, AC. Phuong trinh duong tron ngoai tiép tam giac
ABC c6 dang (x—a)2 +(y—b)2 =R? Tinhgidtri a+b+R.

Trong mat phang toa do Oxy ,cho tam giac ABC ¢6 truc tim O. Goi M 14 trung diém cta BC ;
N ,P lan luot 14 chan duong cao ké tir B va C. Puong tron di qua ba diém M, N, P c6

2
phuong trinh 1a (T):(X—l)2 +£y+%j =%. Phuong trinh dwdng tron ngoai tiép tam giac

ABC c6 dang (x—a)’ +(y—b)* =25. Tinh gi tri cua 3a + 4b

Trong mat phang véi hé toa @ Oxy, cho duong tron (C):x*+y?—2x—4y+3=0. Toa do
diem M (X,;Y,) nam trén duong tron (C) sao cho T =X, + Y, dat gia tri Ion nhét. Tinh gia tri
S =2x, + 3y,

HET-
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Dang 3: Vi tri tuong doi cua dudng tron

Phwong phap: Xét vi tri tuong d6i cua duong tron
Vi tri twong ddi cua diém M va dudng tron (C): Xac dinh tam | va ban kinh R cta duong tron (C)
vatinh IM

e Néu IM <R suyra M nim trong dudng tron

e Néu IM =R suyra M thujc duong tron

e Néu IM >R suyra M nam ngoai duong tron
Vi tri twong ddi gitra duong thang A va dudng tron (C): Xac dinh tim | vaban kinh R cta duong tron
(C) vatinh d(1;A)

e Néud(l;A)<R suyra A cit duong tron tai hai diém phan biét

e Néu d(I;A)=R suyra A tiép xtc véi dudng tron

e Néu d(l;A)>R suyra A khong cit dudng tron
Vi tri twong déi gitta duong tron (C) va dudng tron (C'): Xac dinh tm |, ban kinh R ctia dudng tron

(C) vatam 1I’, ban kinh R’ cta duong tron (C') vatinh II', R+R’,|[R-R’

e Ncéu IlI'> R+ R’ suy ra hai duong tron khong cat nhau va ¢ ngoai nhau
e Ncu IlI'=R+ R’ suy ra hai duong tron ti€p xuc ngoai véi nhau

e Néull'< |R—R| suy ra hai duong tron khong cat nhau va 16ng vao nhau
e Néull'= |R—R| suy ra hai duong tron tiép xuc trong véi nhau

e Néu |[R=R|<1I"<R+R’ suy ra hai duong tron ct nhau tai hai diém phan biét
Néu biét tiép diém 1a M (X Yo) thi tiép tuyén d6 di qua M va nhan vecto IM = (X, —a;y,—b) lam
vecto phap tuyén nén c6 phuong trinh 1a (X, —a)(X—X,)+(y, —b)(Y—Y,)=0
Néu khong biét tiép diém thi dung diéu kién: Duong thdng A tiép xtic duong tron (C) khi va chi khi
d(1;A)=R dé xéc dinh tiép tuyén.

BAI TAP TU LUAN

Bai tap 1: Cho duong thing A:x—y+1=0 vaduong tron (C):x*+y? —4x+2y—4=0
a) Ching minh diém M (2;1) nam trong duong tron
b) Xét vi tri trong ddi giita A va (C)

¢) Viét phuong trinh duong thang A’ vubng goc véi A va cat duong tron tai hai diém phan biét
sao cho khoang céch caia ching 1 16n nhét.
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AV

Bai tap 2: Trong mit phang Oxy, cho hai dudng tron c6 phuong trinh (C):x* +y* —2x—6y—15=0 va
(C):ix®+y?—6x—2y-3=0

a) Chitng minh ring hai dudng tron cat nhau tai hai diém phan biét A B

b) Viét phuong trinh dudng thing di qua A va B

¢) Viét phuong trinh dudng tron di qua ba diém A,B va O
Bai tap 3: Trong mit phing toa do Oxy , cho dudng tron (C): X*+y?—2x+4y—4=0 cotam | vaduong
thing A:v/2x+my+1-+2=0

a) Tim m dé dudng thang A cét duong tron (C) tai hai diém phan biét A, B

b) Tim m dé dién tich tam giac IAB 1a I6n nhat
Bai tip 4: Trong mat phing toa dd Oxy, cho duong tron (C) c6 phuong trinh x* +y* —6x+2y+6=0
va diém hai diem A(L-1); B(L3)

a) Ching minh rang diém A thudc dudng tron, diém B nam ngoai dudng tron

b) Viét phuong trinh tiép tuyén cia (C) tai diem A.
¢) Viét phuong trinh tiép tuyén cua (C) ké tir B.

Bai tap 5: Viét phuong trinh tiép tuyén A cia duong tron (C):x* +y? —4x+4y —1=0 trong cac truong
hop sau:
a) Puong thang A vuéng goc véi duong thang A': 2x+3y +4=0
b) Puong thang A hop véi truc hoanh mot goc 45°
Bai tdp 6: Lap phuong trinh tiép tuyén chung cua hai duong tron sau: (C,):x*+y*—4y-5=0 va
(C,):x*+y*—6x+8y+16=0
Bai tap 7: Trong mat phang toa do Oxy, cho duong tron (C): x* +y® +6x—2y +5=0 va duong thang d
di qua diém A(-4;2), cat (C) tai hai diém M, N sao cho A la trung diém cia MN . Khi d6

hay viét phuong trinh ciia duong thang d .
Bai tap 8: Cho dudng tron (C): x* + y> —2x+6y +6 =0 va duong thang d : 4x -3y +5=0. Viét phuong

trinh dudng thang d’ song song véi duong thang d va chin trén (C) mot day cung c6 do dai
bing 24/3.
Bai tap 9: Cho duang tron (C):(x—2)" +(y—2)" =9. Viét phuong trinh tiép tuyén cua (C) di qua diém
A(-5:1).
Bai tap 10: Cho duong tron (C):x* +y® —6x+2y+5=0 va duong thang d :2x+(m—2)y-m—-7=0

Véi gid tri nao ciia m thi 1a tiép tuyén cua (C)?
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Céau 4:

Cau 5;:

Cau 6;

Cau7:

Cau 8:

Cau 9:

Céau 10:

Cho duong tron (C): (x+1)” +(y —3)" =4 va duong thing d :3x — 4y +5 = 0. Phuong trinh ciia
dudng thang d’ song song véi duong thang d va chin trén (C) mot day cung c6 d¢ dai lén nhat 1a
A 4x+3y+13=0. B.3x—4y+25=0. C.3x—-4y+15=0. D.4x+3y+20=0.
Tim toa d6 giao diém ciia duong thang A: x—2y +3=0 va dudng tron (C) : x* + y> —2x -4y =0
A. (3;3) va (-11). B. (-L1) va (3,-3). C.(3;3) va (11). D. (2,1) va (2-1).
Cho duong tron (C):x* +y? —4x—6y+5=0. Duong thang d di qua A(3;2) vacit (C) theo

mot day cung ngan nhat c¢6 phuong trinh 1a
A. 2x-y+2=0. B. x+y-1=0. C. x-y-1=0. D. x—y+1=0.

Cho duong tron (C):x* + y? —4x+6y—3=0. Ménh dé nao sau ddy ding?
(I) Biém A(L1) ndm ngoai (C).

(II) biém O(0;0) ndm trong (C).

(11) (C) cat tryc tung tai hai diém phan biét.

A. Chi (1). B. Chi (I1). C. Chi (11). D. Ca (1), (1) va (11).
Cho dudng tron (C): x?* + y* +6x—2y +5=0 vadudng thang d di quadiém A(-4;2),cét (C)
tai hai diém M, N sao cho A 1a trung diém cia MN . Phuong trinh ctia dwong thang d a

A . x-y+6=0. B. 7x—-3y+34=0. C.7x-3y+30=0. D.7x-y+35=0.
Puong tron x* + y? —2x—2y —23=0 cat duong thang x+ y—2=0 theo mot day cung c6 do
dai bang bao nhiéu?

A. 10. B. 8. C.6. D. 3V2.
Tim giao diem 2 dudng tron (C,): x> +y*—4=0 va (C,):x*+y’ —4x—4y+4=0
A. (V2:42) va (V2;—2). B. (0;2) va (0;-2).

C. (2;0) va (0;2). D. (2;0) va (-2;0).

Xac dinh vi tri twong i giita 2 duong tron (C,): x* + y? =4 va (C,):(x +10)" +(y -16)" =1.
A. Cit nhau. B. Khong cat nhau.  C. Tiép xic ngoai.  D. Tiép x(c trong.

Véi nhitng gia tri ndo cua m thi duong thang A:4x+3y+m=0 tiép xic voi duong tron
(C):x*+y*-9=0.

A. m=-3. B. m=3vam=-3. C. m=3. D. m=15 va m=-15.
Mot duong tron c6 tam 1(13) tiép xtc véi duong thang A:3x+4y =0. Hoéi ban kinh duong
tron bang bao nhiéu?

A.g. B. 1. C. 3. D. 15.

5
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Cau 11;

Cau 12:

Cau 13:

Cau 14:

Céu 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

AL

buong tron (x - a)2 +(y- b)2 = R? cat duong thang x+y—a—b =0 theo mot day cung c6 do

dai bang bao nhiéu?

c RV2
2

Xéc dinh vi trf twong ddi gira 2 duong tron (C,): x> +y* —4x=0va (C,):X* +y’+8y=0.

A. 2R. B. Rv2. D. R.

A. Tiép xtc trong. B. Khong cat nhau.  C. Cit nhau. D. Tiép xuc ngoai.
Puong tron (C) c6 tam 1(=1;3) va tiép xdc véi duong thang d :3x —4y +5=0 tai diém H c6

toa do la

5 55 5 55
Xéc dinh vi trf twong ddi gira 2 duong tron (C,): x> +y* =4 va (C,):(x —3)2 +(y —4)2 =25,
A. Khong cat nhau. B. Cit nhau. C. Tiép xic ngoai.  D. Tiép xdc trong.
Cho duong tron (C):x* + y? + 2x—6y +5=0. Phuong trinh tiép tuyén cua (C) song song véi
duong thang D:x+2y—-15=0 la
A. x+2y=0va x+2y-10=0. B. x-2y=0va x+2y+10=0.
C. x+2y-1=0va x+2y-3=0. D. x—2y-1=0va x-2y-3=0.
Cho duong tron (C):x? +y® —2x+8y—23=9 va diém M (8;-3). Do dai doan tiép tuyén cua
(C) xuat phattr M la:
A. 10. B. 24/10. c.@. D. +/10.
Néu duong tron (C):(x—1)" +(y —3)" = R? tiép xtc véi duong thing d :5x+12y —60=0 thi
gidtricua R la:
A R=2\2. B.R:%. C.R=45. D. R=+2.
Cho dudng tron (T): X% +y?+2x—-4y—-20=0 va diém A(5-6). Goi B, C lan luot la cac
tiép diém ciia céc tiép tuyén ké tir diém A dén duong tron (T). Viét phuong trinh duong tron

noi tiép tam giac ABC .

A. (x_z)2+(y+z)2:? B. (x—2)2+(y—2)2=%
C. (x+2)2+(y+2)2:? D. (x+z)2+(y_2)2:?
Cho dudng tron (C):(x—1)" +(y+3)" =10 va duong thing A:x+y+1=0 biét duong thing
A cit (C) tai hai diém phan biét A, B. D¢ dai doan thing AB bang
A B. /38. C.@. D.@.
2 2 2
Mot canh cay dai 4 m, r&€ nhanh tai diém cao 7 m trén than cay moc théng ding so véi mat dat.

Canh cay nay cé nguy co giy tai guc A (gia st khi gdy s& roi theo mot cung tron) tai diém &
nhanh tai than cdy trong miia mua bio. Hoi cac cong trinh xdy theo phuong thang ding cao 3,7m
nam theo hudng giy ciia canh cdy, phai cach than cay it nhat bao nhiéu dé dugc an toan?
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A. 4m. B. 6,17 m. C. 7 m. D. 2,26 m.

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon diing hoic

sai.

Cau 1:

Cau 3:

Cau 4:

Cho (C) : (X —1)2 +y?=10; va diém A(4;1) . Xét tinh dung sai ctia cac khang dinh sau:

a) Piém Ae(C).

b) Buong kinh cua dudng tron (C) bang J10 .

¢) Phuong trinh tiép tuyén cua dudng tron (C) tai diém A(4;1) c6 vecto phap tuyén la fi = (3;1)
d) Phuong trinh tiép tuyén cta dudng tron (C) tai diém A(4;1) di qua diém N (4;,3).

Cho duong tron (C) co tam | (—1; 2) va tiép xic v6i duong thang A:x—2y+7=0. Xét tinh
dung sai ciia cac khang dinh sau:

a)d(I,A)z%

b) Puong kinh ctia dwdng tron c6 do dai bang

&l

¢) Phuong trinh duong tron 1a (X + 1)2 +(y- 2)2 =

o~

d) biém O(0;0) ndm bén trong duong tron (C)

Duong tron (C) di qua A(2;—1) va tiép xuc v6i hai truc toa d6 Ox va Oy . Xét tinh ding sai
ctia cac khing dinh sau:

a) Tam cua (C) c6 dang 1(R;-R), R 1a ban kinh duong tron (C)

b) R?=(R-2)" +(R-1)’

¢) C6 2 duong tron thda man

d) Tong béan kinh cac duong tron théa méan bang 5

Duong tron (C) di qua hai diém A(2; 3), B (—1;1) co tdm thugc A:x—3y—11=0. Xét tinh dung

sai cua cac khang dinh sau:

a) Tam cua dudng tron (C) 1a | (7;—%}

b) Duong kinh ciia dudng tron (C) bang 65

¢) Biém O(O; 0) nam bén trong dudng tron (C)
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d) Puong tron (C) di qua diém N(0;2)
Cau5:  Duong tron (C) di qua hai diém A(1;2),B(3;4) va tiép xtic A:3x+ y—3=0. Xét tinh ding sai
ctia cac khing dinh sau:
a) IB=d(l,A)
b) Tong duong kinh cua cac duong tron (C) béng: 210
¢) C6 hai duong tron (C) théa man
d) Diém N(L0) ndm trén it nhat mt duong tron (C)
Cau6: Cho dudng tron (C) c6 phuong trinh x*+y* —6x+2y+6=0 va hai diem A(L-1),B(L3).
Xét tinh ding sai ctia cac khing dinh sau:
a) Piém A thudc duong tron
b) Piém B nim trong dudng tron
¢) x =1 phuong trinh tiép tuyén cta (C) tai diém A
d) Qua B ké duoc hai tiép tuyén voi (C) c6 phuong trinh 1a: x=1; 3x+4y-12=0
Cau7: Duodng tron (C) di qua ba diem A(2;0),B(0;-3),C(5;—3). Xét tinh dung sai cta céc khang
dinh sau:
a) Puong kinh cua duong tron (C) bang J26

b) Hoanh d¢ cua tdm duong tron (C) bang —g

¢) buong tron (C) di qua diém N (3; 0)
d) Goi | 1a tam cia duong tron (C) khi d6 d6 dai doan 10 = 52
Cau8: Duong tron (C) di qua diém A(-2;6) va tiép xtc v6i duong thing A:3x—4y-15=0 tai
B (1; —3). Xét tinh ding sai cua céc khéng dinh sau:
a) Puong kinh cua duong tron (C) bang 10
b) Tam cua dudng tron (C) c6 tung do bing —2
c¢) Khoang céch tir tdim ctia dudng tron (C) dén duong thang A bang 4
d) Diém O(O;O) nam bén trong dudng tron (C)
Cau9: Trong mat phing Oxy, cho hai diém 1(-2;3) va diém M(2;5) va hai duong thing
);/ zt_t . Xét tinh diing sai cta cac khang dinh sau:
a) Puong tron tdim | vadiqua M c¢o6 ban kinh R = 245 .

d:12x-5y+13=0 va A:{

b) Puong tron tim | va di qua M 6 phuong trinh (x +2)° +(y—3)" =10.

¢) Pudng tron tim | va tiép xtc duong thang d ¢ phuong trinh (X + 2)2 +(y- 3)2 =4,

d) Phuong trinh dudng tron c6 tim thudc duong thang A :{ t va di qua hai diém | va M

la: (x+4)° +(y-4) =85.
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PHAN lIl. Cau trac nghiém tra I&i ngan

Caul: Trong mjt phing toa dd Oxy, cho diém M (2;1) va dudng tron (C):(x—-1)"+(y—-2)" =4
Phuong trinh duong thang (d) qua diém M va cit (C) tai hai diém phan biét A;B sao cho do
dai AB ngin nhat c6 dang (d):ax+by+C:O Tinh a+b+c.

Cau2: Mot chiée cau duoc thiét ké dudi dang 1 cung tron (Hinh v&)

M
K
| \B

Biét 46 dai AB =60m), chiéu cao MK =3m. Tinh ban kinh ctia duong tron chira cung AMB

( Biét MK di qua tim ctia duong tron chita cung AMB)

Cau 3: Gia st ¢6 chiéc nhin duong kinh 20mm. Nguci thg mudn stra thanh chiéc nhan vira véi ngon
tay dudng kinh 16 mmthi nguoi tho tinh do dai day cung CD dé cat chiéc nhan ¢ hai diém C
va D r6i han lai (hinh v&). Tinh d6 dai CD.

i
AN

i

B

D

Cau4:  Co hai hon ddo xem nhu hinh tron 1a (C) c6 tm & vi tri 1(3;4), ban kinh R=7km va (C') ¢6
tam & vi tri J (15;9) , ban kinh R"=5km . Nguoi ta du dinh xay mot cay cau ndi hai hon dao.
Tinh d6 dai ngan nhat cua cdy cau?

Cau 5: La mot trong bay ki quan thé gidi, ngon hai ding Alexandria stng siing nghin nim chiéu anh
sang dan duong cho nhiéu con tau cap bén Ai Cap an toan. Ngon hai dang nay ¢ toa do (3;4),
mot trong cac diém duoc né chiéu sang xa nhét c6 toa do (23; 4) . Tim ban kinh duong tron biéu
dién tap hop cac diém xa nhat ma anh sang tir ngon hai dang chiéu toi.

Cau 6: Bén trong mdt hd boi, nguoi ta du dinh thiét ké hai bé suc nira hinh tron ban kinh béng nhau va
mot bé syc hinh tron (tham khao hinh v&) dé nguoi boi c6 thé twa lung vao thanh cac bé suc thu
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éh'

z

Biét tong chu vi ciia ba bé 1a 32m. Tong dién tich ba bé suc 14 nhé nhat khi ban kinh mdi bé suc
lan luot bang a(m) va b (m) (trong tinh toan 1dy 7 = 3,14, d6 dai tinh theo mét va lam tron toi
chir s6 thap phan th{r hai). Tinh a+b.

Cau7: Trén mit phang toa do Oxy, mot vat chuyén dong nhanh trén dudng tron c6 phuong trinh
x® + y® = 25. Khi téi vi tri M (3;4) thi vat bi vang khoi quy dao tron va ngay sau do, mdt khoang

thoi gian ngan bay theo huéng tiép tuyén ctia dudng tron (tham khao hinh vé).
Ay

L

..
A

\ i

Hoi trong khoang thoi gian ngin ngay sau khi ving, vat chuyén dong trén duong thiang c6 phuong
trinh ax+4y +c¢=0. Tinh gia trj biéu thic a+c.

Cau8: Chuyén dong ciia mot vét thé trong khoang thoi gian 180 phut dwgc thé hién trong mit phang toa
d0. Theo d0, tai thoi diém t(0 <t <180)vat thé & vi tri c6 toa dd (3+sint%;5+ cost®). Két thic

qua trinh chuyén dong thi vat bi ving khoi quy dao tron chuyén dong va ngay sau do, trong mot
khoang thoi gian ngin bay theo hudng tiép tuyén cua dudng tron quy dao. Trong khoang thoi
gian ngin ngay sau khi ving, vat chuyén dong trén duong thang y =a. Tim a?

Cau9: O cic nudc xir lanh, vao mia Dong thuong c6 tuyét roi day dic khap cac con dudng, tré em tai
day rat thich dap hinh dang ciia ngudi tuyét. Co thé xem phan than dudi va than trén cta nguoi
tuyét 12 hai hinh cau tiép xic nhau. Vao ba dém ta ding mot chiéc dén pin soi vudng goc voi
nguoi tuyét thi dugc hinh anh 13 hai hinh tron tiép xtc nhau nhu hinh v&. Tinh tong ban kinh
phuong trinh duong tron 16n va dudng tron nho biét kich thude cta hai vién tuyét can dap dé
duoc mot ngudi tuyét cao 1,8m c6 dudng kinh cua han than dudi phai gip d6i duong kinh cua
phan than trén nguoi tuyét (theo don vi cm).
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YV a

2
.

Céu 10: Trong thé thao, mot van dong ném dia da vung dia theo mot dudng tron (C) c6 phuong trinh la

169 . . 17
(x-1)"+(y-1)" = 1ag - Khi d6, ngudi d6 vung dia dén v i dim M (E; 2) thi budng dia.
Phuong trinh tiép tuyén cua dudng tron (C) tai diém M co dang(d):ax+by+c=0. Tinh gia
., a b c
tricila —+—+—
60 144 373

Cau 11: Cho hinh chit nhat ABCD c6 tdm 1(0;—4), phuong trinh canh AB la x-2y+2=0va
AB = 2AD. Biét rang dinh A c6 tung d6 dwong. Khi d6, phuong trinh dudng tron ngoai tiép tam
giac IBC c6 timla (m;n) vabankinh r.Giatri T =m+n+r 1a bao nhiéu? (két qua lay dén 1
chit s6 ¢6 nghia).

Céu 12: Thiét ké khu vuon Hanh Phtic hinh vudng canh 10m nhu hinh v&. Phan duoc t6 dam dung dé
trong co, phan con lai 1at gach. Biét mdi mét vudng trong co chi phil00 nghin dong, moi mét
vuodng lat gach chi phi 300 nghin dong. Khi dién tich phan It gach 13 nho nhét thi tong chi phi
thi cong vudn hoa Hanh Phuc bang (1am tron dén hang nghin)?

Co
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.
BAI @ BA PUONG CONIC

Pinh nghia: Cho hai diém c6 dinh va phan biét F,, F,. Pat F,F, =2¢ > 0. Cho s6 thuc a 16n hon ¢. Tép
hop cac diém M sao cho MF, + MF, = 2a dugc goi la duong elip . Hai diém F., F, dugc goi 1a hai tiéu
diém va F.F, = 2c dugc goi la tiéu cu cua elip do.

Phwong trinh dwong Elip: Trong mat phéng toa do Oxy, elip c6 hai tiéu diém thudc truc hoanh sao cho

2 2
+ R 5 M A st A <A 4 N I3 1 X 7.e
O la trung di€ém cua doan thang n6i hai ti€u di€ém do thi c6 phuong trinh — + § =1,v6i a>b>0 (1)
a

Nguge lai, mdi phuong trinh c6 dang (1) déu 1a phuong trinh cita elip c6 hai tiéu diém F, (—\/sz : o) ,
F, (m ;o), tidu cu 2c = 2v/a? —b? va tdng céc khoang cach tir mdi diém thudc elip d6 t6i hai tiéu
diém bang 2a.
Phuong trinh (2) duoc goi la phuong trinh chinh téc ciia elip tuong tng.
Tinh chit: Cho elip co phuong trinh chinh tic :—z+ Z—j =1,véi a>b>0.

e Truc dbi xtmg Ox, Oy

e Tam dbi xtmg O.

e Tiéudiém F(—c;0), F,(c;0).

e Toadj cac dinh A(-a;0), A(a;0), B,(0;—-b), B,(0;b).

e Do dai truc 16n 2a. Do dai truc bé 2b.

e Noi tiép trong hinh chir nhat co so co6 kich thudc la 2a va 2b.

n . C
e Tamsai e=—<1.
a

C 1 2 a . a
e Hai duong chudn X=— va Xx=——.
e (]
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Hypebol

Dinh nghia: Trén mat phéng, néu hai thiét bi dat tai cac vi tri F,, F, nhan dugc mat tin hiéu &m thanh cung
luc thi vi tri phat ra tin hi¢u cach déu hai diém F..F,, va do do no nam trén duong trung tryc cua doan
thang FF,.

Cho hai diém phan biét ¢ dinh F,, F,. Dat F,F, = 2c. Cho s6 thuc duong @ nho hon ¢ . Tap hop cac diém
M sao cho |MF, —MF,|=2a dugc goi la duong hypebol . Hai diém F,, F, duoc goi 1a hai tiéu diém va

F.F, =2c duoc goi 1a ti€u cu cua hypebol do.

Phuong trinh ctia Hypebol: Trong mit phang toa do Oxy , hypebol c¢6 hai tiéu diém thudc truc hoanh sao
2 2

cho O 14 trung diém ciia doan thiang noi hai tiéu diém d6 thi c6 phuong trinh — — # =1(2) voi a,b>0
a

Nguoc lai, mdi phuong trinh c6 dang (2) déu 1a phuong trinh cia hypebol c6 hai tiéu diém
Fl(—\/a2 +b’ ;0) , F, (\/ a’ +b2;0), tidu cy 2x =2va?+b? va gia tri tuyét dbi cta hidu cac khoang cach
tir mdi diém thudc hypebol dén hai tiéu diém bang 2a.

Phuong trinh (2) duoc goi 1a phuong trinh chinh tic cta hypebol twong tng.

Parabol

A
Pinh nghia: Cho mot diém F cb dinh va mot dudng thang A c¢b dinh khong di qua F . Tap hop cac diém
M cach déu F va A duoc goi 1a duong parabol . Piém F duoc goi la tidu diém, A dugc goi 1a dudng

chuan, khoang cach tr F dén A duoc goi 1a tham sb tiéu cua parabol do.
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Xét (P) 1a mot parabol véi tiéu diém F, duong chudn A. Goi H 1a hinh chiéu vudng géc clia F trén

duong thang A. Khi do, trong hé truc toa d6 Oxy véi gbc O 1a trung diém ciia HF , tia Ox tring vdi tia
OF thi parabol (P) c6 phuong trinh: y* =2px (3)

Phuong trinh (3) duge goi la phuong trinh chinh tic cia parabol (P).

Nguoc lai, mdi phuong trinh dang (3) , v6i p>0, 1a phuong trinh chinh tic cua parabol c6 tiéu diém

F(E;Oj va duong chudn A: X=—§.
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BN/  PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Xac dinh cac yéu t6 cua Elip

2 2
Phwong phap: Cho Elip c¢6 phuong trinh chinh tic: (E) : X—2 + y—z =1 v6i b® =a® - c.

QD
oy

e Tiéudiém F(-c;0), F,(c;0).

e Toadj cac dinh A(-a;0), A,(a;0), B,(0;—b), B,(0;b).
e Do dai truc 16n 2a.

e DO dai truc bé 2b.

e Tiéucu 2c

BAI TAP TU LUAN

2
X—+y—=1.
4 1

Bai tap 1: Tim toa do cac dinh, do dai cac truc, ti€u cu, ti€u diém, tAm sai cua elip: (E) :
Bai tap 2: Tim toa do cac dinh, d¢ dai cac truc, ti€u cu, tiéu diém, tAm sai cua elip: ( E) :4x% +25y* =100.
Bai tap 3: Tim toa do cac dinh, d0 dai céc truc, ti€u cu, tiéu diém, tAm sai cua elip: (E) JAX% +9y° =1.
Bai tip 4: Tim tim sai cua Elip biét:

a) Mdi tiéu diém nhin truc nho dudi mot goc 60°.

b) Pinh trén truc nho nhin hai tiéu diém dudi mot gbc 60°.

¢) Khoang céch giita hai dinh trén hai truc bang hai 1an tiéu cu
Bai tp 5: Cho (E):16x*+25y® =100 va diém M thudc (E) c6 hoanh d¢ bang 2. Tinh tong khodng
cach tir M dén 2 tiéu diém cta (E)

Bai tap 6: Cho 9% +25y” = 225. Tinh dién tich hinh chit nhét co s& ngoai tiép (E) la

Bai tip 7: Trong hé truc toa do (Oxy), cho elip (E): 2—’; + % —1. Tinh do dai tiéu cy cua (E)

2 2

Bai tap 8: Trong mit phiang Oxy cho elip c6 phuong trinh (E) : % + YE =1. Puong thing A:x=—4 cit

elip (E) tai hai diém M, N . Tinh d6 dai doan thing MN ?

Bai tip 9: Mot elip (E) c6 phuong trinh  + é 1, trong d6 a>b>0. Biét (E) di qua diém A(z;ﬁ)
a’

vi B(2v2;0). Tinh do dai truc bé cua Elip

Bai tap 10: Cho (E) c6 hai tiéu diém F,(—4;0), F,(4;0) va diém M thudc (E). Biét chu vi tam gidc

MF,F, bang 18. Tinh tam sai cua (E).
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

CauT:

Cau 8:

Cau 9:

Cau 10:

2 2
Cap diém ndo la cac tiéu diém ctia elip (E): — + y? =1?

L

5
A. F,=(0;£1). B. F, =(£10). C. F, =(%3;0). D. F,=(L%2).
Cho Elip (E) :4x% +9y? = 36. Ménh d nao sai trong cic ménh dé sau:

5

A. (E) cétiségz?. B. (E) c6 truc 16n bang 6.
a
C. (E) cétmcnhébﬁng 4. D. (E) co tiéu cu \/g
Trong cac phuong trinh sau, phuong trinh nao l1a phuong trinh chinh tic cua elip
X2 2 y2 X2 y2
A. 4x2+8y2=32. B. —+-—=1. C. — =-1. D. ——=—=1.
11 64 16 8 4
5 2
Trong cac phuong trinh sau, phuwong trinh nao 1a phuong trinh chinh tic cta elip
A X2 -y*=2. B. X’ +y’=2. C. x*+2y*=2. D. x> =2y’.
2 2

Trong mit phang (Oxy), cho elip (E) c6 phuong trinh ;(_6 + ]}./_6 =1. Tim tiéu cy cua (E).

A. FF,=12 B. FF,=8 C. FF,=2\5 D. FF,=45
2 2
Y
T at phang Oxy , tim tiéu cu lip (E
rong mat phang Oxy, tim tiéu cy cta elip (E): — AT
A. 3 B. 6 C. 4 D.5
) 2 y2
Tim céc tiéu diém cua Elip ry + 1 =1
F.(30); F,(0;-3). B. F,(V8:0); F,(0;-+8).
C. F,(-30); F,(0;-3). D. F,(—V8;0); F,(8:0).
XZ y2 .
Elip (E):—+-—=1 c6 d0 dai truc 16n bang:
25 9
A. 25. B. 50. C. 10. D. 5.
2
Cho elip ( E) : Xg + y? =1.Tisb gitra tiéu cu va d¢ dai truc 1on béng
A B e p. 28
4 5 5 5

Phuong trinh chinh tdc cia (E) c6 d6 dai truc 16n gap 2 lan d¢ dai truc nhé va di qua diém

A(2-2) 1a

2 2 2 2 2 2 2 2

A Y g B. Y 1 c. X Y g D. Y g
24" 16 36 9 16 4 20 5
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Ciu 18:

Ciu 19:

Cau 20:

, 7 AL
Phuong trinh chinh tac cta (E) nhan diem M (4; 3) la mét dinh cta hinh chir nhat co sé la
2 2 2 2 2 2 2 2
A.X—+y—=1. B.X—+y—=1. C.X—+y—=1. D.X—+y—=1
16 9 16 4 16 3 9 4

. . . .y 90 ) .
Phuong trinh chinh tac cua (E) c6 khoang céch gitra cac duong chuan bang 3 va tiéu cu bang

6 1a
2 2 2 2 2 2 2 2
A Y 1 B. XY 1, c. LY g, p. XY g
64 25 89 64 25 16 16 7

2 2
Trong mit phiang Oxy , cho duong elip (E): % + y? =1 c6 hai tiéu diém F,, F,. M 1a diém

thuoc (E). Tinh MF, + MF,.

A. 5 B. 6 C.3 D. 2
Trong mit phang Oxy cho elip (E) : x* +3y* = 6. Gia tri ndo sau day 1a tidu cu cua elip?
A. 2 B. 3 C.6 D. 4

2 2

Cho elip (E): ;—5 + YE =1. Trong cac khang dinh sau, khang dinh nio sai?

A. (E) co céc tiéu diém F,(—4;0) va F,(4;0). B. (E) coti s %:%.

C. (E) co dinh A (-5;0). D. (E) c6 d6 dai truc nho bang 3.
2 2

Trong mit phang Oxy cho (E) c6 phuong trinh: % + y? =1 khang dinh ndo sau day dung?

A. (E) ¢O tam sai e:?S.

B. F;(0;—5),F, (0;/5) 1a cic tiéu diém ciia (E).
C. Do daitruc lon 1a 9.
D. Céc dinh nim trén truc lén 1a A (0;3) va A, (0;-3).

2
Cho Elip c6 phuong trinh XZ +y? =1. Mot tiéu diém cua Elip 6 toa do 1a:

A. A(J30). B. B(0;43). C. C(v5,0). D. D(0;45).
Dién tich cua tir gidc tao nén boi cac dinh cua elip (E): XIZ +y’=11a
A. 8. B. 4. C. 2. D. 6.
Trong hé toa do (Oxy), cho elip (E): ;—; + % =1. Ban kinh qua tiéu cua (E) dat gi4 tri nho
nhat bang
A. 0 B.1 C. g D. 2
22

> . X .2 . .
Trong mat phiang OXxy, cho elip c6 phuong trinh o5 + YE =1. Diém nao dudi day la mot tiéu

diém cua elip?
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A. F,(16;0). B. F,(—4;0). C. F,(0;-4). D. F,(5;0).

2 2
Céu 21: Trong mit phang Oxy, cho elip co phuong trinh % + {—6 =1. B§ dai truc nho cua dudng elip

bang
A. 7. B. 4. C.5. D. 8.

2 2
, . X . 1
Cau 22: Trong mat phang Oxy, cho elip c6 phuong trinh — + % =1. Tiéu cu cua elip bang

A. 2. B. 10. C. 2J21. D. 4.
2 2
Céu 23: Trong mit phing toa dd Oxy, elip (E): )2(—5 + YE =1 c6 tam sai bang bao nhiéu?
AL B. 2. c.2. D. 3.
5 4 3 5
X2 y2 .
Cau 24: Trong hé truc toa do Oxy, elip (E): % +2— =1 co tiéu cu bang
A. 3. B.6. c. 2 p.2.
16 7

Cau 25: Trong hé truc toa dd Oxy, cho elip (E) c6 phuong trinh 9% +25y* =225. Liic d6 hinh chi
nhat co s¢ cua elip (E) co dién tich b?mg
A. 15. B. 40. C. 60. D. 30.

PHAN II. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.

2 2

y

Cau 1: Cho elip c6 phuong trinh chinh tic )2(—5 + ) =1. Xét tinh dtng sai ctia cac khang dinh sau:
a) Elip c6 tiéu cu bang 8.
b) Elip c¢ tiéu diém F,(—4;0).
¢) Piém A(5;3) thuc dudng elip.

d) MF, + MF, =12, v6i M 1a mot diém thudc duong elip.

2 2

Cau2: Trong mit phang toa do, cho dudng conic ¢6 phuong trinh chinh tic 1a % + % =1. X¢ét tinh

dung sai cua cac khang dinh sau:
a) Puong conic di cho 12 mét elip ¢6 tiéu diém nam trén truc hoanh.
b) Puong conic d cho c6 tiéu cu bang 414 .

¢) Buong conic da cho c6 tiéu diém F (O; —2@ ) )

d) Tong cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 18.

Cau 3: Trong mat phéng toa d9, cho elip nhu hinh vé.
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AY
2
F 1 0 F: 2
—2
2 2
a) Phuong trinh elip cua hinh trén c6 dang B + vy =1.

b) Elip da cho c6 ti€u cy 1a 12.

¢) Mt tiéu diém ciia elip da cho la F, (—2@ ; o) .
d) Téng cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 4.

2 2

Cau4: Trong mit phang toa do, cho elip c6 phuong trinh chinh tic 1);—4 + 13(/)—0 =1. Xét tinh dung sai cua
cac khang dinh sau:

X2

2
a) Phuong trinh chinh tic elip c6 dang —+ é =1 (a >b> O) thi a=144;b=100.
a

b) Elip da cho c6 tiéu cy 1a 411,
¢) Tiéu diém ctia elip da cho la Fl(O; —2Jﬁ) .

d) Téng cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 144

2 2

Cau5: Trong mat phing toa do, cho dudng conic c6 phuong trinh chinh tic 1a 1 + Yy _ 1. Xét tinh

25
dung sai ciia cac khang dinh sau:
a) Pudng conic di cho 1a 1 elip co tiéu cy bang 22.
b) Puong conic di cho 1a mot elip c6 tidu diém nam trén tryc tung.

¢) Puong conic di cho c6 mot tiéu diém Fl(—4\/6 ; 0) .

d) Tong cac khoang cach tir mot diém thudc duong conic dén hai tiéu diém bang 22.

Cau 6: Cau lac bo bong da AS ROMA du dinh xay dung SVD mai ¢6 tén l1a Stadio Della Roma dé lam
san nha ctia doi bong thay thé cho san bong Olimpico. Hé thong mai cua SVD Stadio Della Roma
du dinh dugc xay dyng c6 dang hai hinh elip nhu hinh 1 va duogc biéu dién trén hé truc toa do
nhu hinh 2 v6i hinh elip 16n bén ngoai c6 do dai doan A A, =146 mét, doan B;B, =108 mét, hinh
elip nho bén trong c6 do dai doan A,A, =110mét va B,;B, = 72 mét. Xét tinh ding sai cta cac
khang dinh sau:
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PHAN III.

Cau 1:

Cau 2:

Cau 3:

V /£ AN

B

By

Hinh 1 Hinh 2
i XZ y2
a) Puong elip 16n trong hinh 2 ¢6 phuong trinh chinh tac: + =1.
) Buong elip 8 phuong 5320 ' 2916

b) Phuong trinh 1296x* +3025y” = 3920400 la phuong trinh ctia duong elip nhé trong hinh 1.
¢) Pudng elip 16n trong hinh 2 da cho c6 mét tiéu diém F, (—\/2413;0) .

d) Buong elip trong nhé hinh 2 c6 tiéu cy 1729.

Cau trac nghiém tra 1&i ngan

Cho (E) c6 hai tiéu diém F,(—/7;0), F,(~/7;0) va diém M (-ﬁ;%) thude (E). Goi N 1a

diém d6i xting v6i M qua gbc toa do O. Tinh NF, + MF,

Trudc mot tda nha, ngudi ta 1am mot cai hd boi c¢o dang hinh elip voi do dai cac truc 1a AA =10

; B,B, =6. Xét hé truc toa do Oxy (don vi trén c4c truc 1a mét) nhu hinh vé;

Ay
3| B2
5[ —4 0] 4 5 &
Al A2 -
—3| B;

Xét cac diém M, N cung thudc doan A A, cua elip va déu cach O mot khoang bang 4 m vé hai

phia ctia O. Téng khoang cach tir moi diém trén duong elip dén M va N ludn bang 10 m.

Gia chu c6 mot miéng dét c¢6 hinh Elip véi dg dai truc 16n béng 2\/6 m, do dai truc nho béng
2 m. Gia chi mudn trong hoa thanh hinh tam giac can OAB (tham khao hinh v&) véi diém O 1a
tam ctia Elip va cac diém A va B thudc duong Elip ndi trén. Dién tich trong hoa 16n nhat bang
bao nhiéu?
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B

Cau4: Ong Hoang c6 mot manh vuon hinh elip c6 chiéu dai truc 16n va truc nho lan luot 1a 60 m va 30
m. Ong chia thanh hai ntra bing mot duong tron tiép xuc trong véi elip dé 1am muc dich sir dung
khac nhau. Ntra bén trong duong tron éng trong cdy 1du nim, nira bén ngoai dudng tron 6ng trong
hoa mau. Tinh ti s6 dién tich T giita phan trong ciy ldu ndm so véi dién tich tréng hoa mau. Biét
dién tich elip dugc tinh theo cong thirc S = zab trong d6 a,b lan luot 1a do dai nira truc 16n va
nta truc bé cua elip. Biét do rong ctia dudng elip khong dang ké.

Cau 5: Mit Trang chuyén dong quanh Trai Dat theo quy dao 1a mot dudng elip véi tAm Trai Dat 1a mot
tieu diém. Do dai truc 16n, d6 dai truc nhé cta quy dao lan luot 12 768800 km va 767640 km.
Tim khoang cach 16n nhat va bé nhét tir tAm ctia Trai Dat dén Mt Trang.

Ciu 6:  Cac hanh tinh va cac sao chdi khi chuyén dong xung quanh mit troi co quy dao 1a mot duong
elip trong d6 tAm mat troi 1a mot tiéu diém. Piém gan mat troi nhat goi 1a diém can nhat, diém
xa mat troi nhat goi 1a diém vién nhat. Trai dat chuyén dong xung quanh mat troi theo quy dao
12 mot dudng elip c6 do dai nta tryc 16n bang 93.000.000 dim. Ti sé khoang cach giita diém

A A \ R « X A A - [ IR B 59 , 5 e \ e A A - \e . 7.
can nhat va diém vieén nhat dén mat troi la oL Tinh khoang cach tur trai dat dén mat troi khi trai

dat & diem can nhat.
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Dang 2: Phuong trinh dudng Elip

Phwong phap: Cho Elip c6 phuong trinh chinh thc: (E): 2+ g— —1véib’=a

e Tiéudiém F(-c;0), F,(c;0).
e Toadd cac dinh A(-a;0), A (a;0), B,(0;—b), B,(0;b).
e Do dai truc 16n 2a.

e Do daitruc bé 2b.

e Tiéucu 2c

BAI TAP TU’ LUAN

Bai tap 1: Lap phuong trinh chinh tic cua Elip, biét:
a) Elip di qua diém M (2;2) va c6 mdt tiéu diem F, (—2;0).
b) Elip nhan F, (5;0) 1a mot tiéu diém va c6 do dai truc nho bing 4/6 .
¢) Elip ¢6 do dai truc 16n bang 25 va tiéu cu bang 2.
d) Elip di qua hai diém M (2,—v2) va N(—V6:1).
Bai tap 2: Lap phuong trinh chinh tic cua Elip, biét:

a) Elip c6 tong do dai hai tryc bang 8 va tam sai e = ——.

V2

b) Elip c6 tam sai e = ?5 va hinh chir nhat co s¢ ¢6 chu vi bang 20.

¢) Elip c6 tiéu diém F,(~2;0) va hinh chit nhat co s¢ ¢6 dién tich bing 12+/5.
Bai tap 3: Lap phuong trinh chinh tic cua Elip, biét:

a) Elip di qua diém M (—\/g ; 2) va khoang cach giira hai dudng chuan bang 10.
. ST . 3 \ 5 ) \A A ) 5 J A A \ A M 25
b) Elip c6 tdm sai e = 5 va khoang cach tur tdim doi xtrng cuia n6 dén mot duong chuan bang 3

. , 2
¢) Elip ¢6 dg dai truc 16n bang 10 va phuong trinh mot duong chuan la x = 75 .

d) Khoang cach giita cac dudng chuan bang 36 va ban kinh qua tiéu diém cia diém M thudc
Elip 1a 9 va 15.
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Bai tip 4 : Lap phuong trinh chinh tic cta Elip, biét:
a) Elip ¢6 hinh chit nhat co s¢ noi tiép duong tron (C) - X% + y? =41 va di qua diém A(O;S) .
b) Elip c6 hinh chit nhét co s¢ ndi tiép dudng tron (C):x* +y? =21 va diém M (12) nhin hai
tiéu diém cua Elip dudi mot goc 60°.
¢) Mot canh hinh chit nhat co s6 ctia Elip nim trén d : x —+/5 = 0 va do dai dudng chéo hinh chit
nhit biang 6.
d) Tt giac ABCD 14 hinh thoi c6 bdn dinh tring véi cac dinh cta Elip. Ban kinh cia duong tron

ndi tiép hinh thoi bing +/2 va tAm sai cua Elip bing % .

Bai tap 5: Lap phuong trinh chinh tic cta Elip, biét:
a) T(r giac ABCD 1a hinh thoi ¢6 bdn dinh tring véi cac dinh cta Elip. Dudng tron tiép xtc véi
cac canh cua hinh thoi c6 phuong trinh (C) ‘x> +y*=4va AC=2BD, A thudc Ox.
b) Elip c6 do dai truc 16n bang 8 va giao diém cua Elip v6i dudng tron (C) X%+ y* =8 tao thanh
bbn dinh cia mot hinh vudng.
¢) Elip c6 tAm sai e = 3 va giao diém cua Elip v6i duong tron (C):x* +y* =9 tai bon diém A
, B, C, D saocho AB song song véi Ox va AB=3BC.

d) Elip c6 d¢ dai truc 16n biang 4+/2, céc dinh trén truc nhé va céc tiéu diém cua Elip cing ndm
trén mot dudong tron.

Bai tap 6: Lap phuong trinh chinh tic cta Elip, biét:

a) Elip c6 hai dinh trén tryc nho cung véi hai tiéu diém tao thanh mot hinh vudng cé dién tich
bang 32.

b) Elip c6 mot dinh va hai tiéu diém tao thanh mot tam giac déu va chu vi hinh chit nhat co s&
ctia Elip bing 12(2 + Jé) :

¢) Elip di qua diém M (2J§ : 2) va M nhin hai tiéu diém ctia Elip du¢i mot géc vuong.
o " ABY) e
d) Elip di qua diem M 1,7 va tiéu diém nhin truc nhé dudi mot goéc 60°.

Bai tap 7: Lap phuong trinh chinh tic cta Elip, biét
a) Elip co mot tiéu diém Fl(—\/é;O) va di qua diém M , biét tam giac F.MF, co dién tich bang
1 va vudng tai M .

b) Elip di qua ba dinh ciia tam giac déu ABC . Biét tam giac ABC c6 truc ddi xtmg la Oy,
4943

A(0;2) va cé dién tich bang -
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¢) Khi M thay dbi trén Elip thi do dai nho nhit cia OM bang 4 va do dai 16n nhat cia MF,

bang 8 voi F, 1a tiéu diém c6 hoanh d¢ 4m cia Elip.
Bai tap 8: Trong mit phing toa d6 Oxy, cho Elip (E) di qua diém M (0;3). Biét khoang cach 16n nhat
gifta hai diém bét ki trén (E) bang 8. Viét phuong trinh chinh tic cua Elip.
Loi giai
M (0;3) € (E) = b =3 nén khoang cach 16n nhat giita hai diém bat ki trén (E) bing 8 = a=4

2 2
Phuong trinh chinh téc ctia (E): i(—6 + y? =1.

2 2

Bai tap 9: a) Trong mt phang voi hé toa do Oxy , cho Elip (E): % + i/_e ~1. Goi F,, F, 14 hai tiéu diém
cta Elip; A, B 14 hai diém thuoc (E) sao cho AF, +BF, =8. Tinh AF, +BF,.

2 2
b) Trong mit phing véi h¢ toa o OXxy, cho Elip (E): X? 4 yg ~1.Goi F,, F, 14 hai tiéu diém
cua Elip trong d6 F, c6 hoanh do am. Tim toa do diém M thudc (E) sao cho MF, = 2MF,.

2 2

¢) Trong mit phang véi hé toa @ Oxy, cho Elip (E): % + y? =1.Goi F, F, la hai tiéu diém
cua Elip trong d6 F, c6 hoanh d6 am. Tim toa do diém M thudc (E) sao cho MF, - MF, =2.

2

2
Bai tip 10: a) Trong mit phing véi hé toa dd Oxy , cho Elip (E) —+ yT =1. Tim nhiing diém M thudc

©o| %

(E) sao cho né nhin hai tiéu diém cua (E) dudi mot géc vudng.

2

b) Trong mit phing véi hé toa dd Oxy, cho Elip (E): XT +y® =1 véi hai tiéu diém F, F,. Tim

toa do diém M thudc (E) sao cho goc FMF, =60°.

2 2
c¢) Trong mat phéng voi hé toa do Oxy, cho Elip (E) : 1)2)_0 + % =1 voi hai tiéu diém F.F.

Tim toa do diém M thudc (E) sao cho goc F,MF, =120°.

2 2
d) Trong mt phang véi hé toa do Oxy , cho Elip (E): ;—5 + y? —1 v6i hai tiéu diém F,, F, trong

d6 F, c6 hoanh d¢ 4m. Tim toa dd diém M thudc (E) sao cho goc MFF, =120°.
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2 2
Bai tap 11: a) Trong mit phing véi hé toa do Oxy, cho Elip (E): XZ + yT =1 va diém C(2;0). Tim toa

do cac diém A, B thuoce (E), biét rang A, B di xting véi nhau qua truc hoanh va tam giac

ABC 14 tam giac déu.

2 2

b) Trong mit phang v6i hé toa d6 Oxy, cho Elip (E): XZ + yT =1. Tim toa do cac diém A va

B thudc (E) ¢6 hoanh do duong sao cho tam gidc OAB can tai O va c6 dién tich 16n nhét.

2 2

¢) Trong mit phiang véi hé toa do Oxy, cho Elip (E): XE + yT =1 va diém A(3;0). Tim toa do

cac diém B, C thudc (E) sao cho tam giac ABC vuong can tai A, biét B c6 tung d6 duong.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Cau1l: Phuong trinh chinh tic cua Elip la

X2 y2 X2 y2
A.¥+F:—l. B.g—b—zzl.

X2 yZ XZ y2
C.¥+F:1 (a>b>0). D.g—gz—l.

Cau2: Phuong trinh chinh tic cua elip c¢6 tiéu cy bang 6 va truc 16n bang 10.

2 2 2 2 2 2 2 2
A A B. —+y -1, cXi-Y_g ) JEANR A
25 9 100 81 25 16 25 16
Cau 3: Phuong trinh cua Elip (E) c6 do dai tryc 16n bang 8, d6 dai truc nho bang 6 1a:
2 2 2 2
A 9 +16y2=144. B.9x’+16y2=1. C. 24+¥ -1 ) JEA A
9 16 64 36
Cau4: Cho (E) ¢6 hinh chit nhat co s¢ dién tich bang 8, chu vi bang 6 thi phwong trinh chinh tic la:
2 2 2 2 2 2 2 2
A Y g B. 2+ o1, c. 2+l o1 p. L+¥ o1,
2 1 4 1 4 2 16 4

Cau5: Trong mat ph:fmg v6i hé truc toa d Oxy, cho elip (E) c6 do dai truc 16n ba‘ing 12 va @6 dai truc

bé bang 6. Phuong trinh nao sau day 1a phuong trinh cua elip (E)

2 2 2 2 2 2 2

A.X—+y—:1. B.X—+y—:1. C.X—+y—=1. D.X—+y—=0.
144 36 9 36 36 9 144 36
Cau 6: Tim phuong trinh chinh tic ctia Elip ¢6 tim sai bang % va tryc 16n bang 6.
2 2 2 2 2 2 2 2
Ao B. - +L -1, c. 2+ -1, ) JEANMR A
9 3 9 8 9 5 6 5
Cau7: Phuong trinh Elip c6 truc 16n bang 25 va mot tidu diém F (—1; 0) la:
A. 4x* +5y* =20. B. 4x* +5y*=12.  C.5x*+4y*=20 D. 5x* +4y*=12.
Cau 8: Phuong trinh chinh tic ctia (E) c6 d6 dai truc 16n bang 8, truc nho bang 6 1a
2 2 2 2 2 2
ALY g B. A+ Y g C.ox*+16y?=1. D.+¥ _1
64 36 9 16 16 9
Cau9: Phuong trinh chinh tic ctia (E) c6 tim sai e = g, d6 dai truc nho bang 12 1a
2 2 2 2 2 2 2 2
A oq B. =+ -1, AN A D | AN S|
25 36 64 36 100 36 36 25

Cau 10: Phuong trinh chinh tic cta (E) c6 d¢ dai truc 16n bang 6, ti s6 giita tiéu cw va d dai truc 16n

o1
bing © I
£3
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X2 y2 X2 y2 X2 y2 ’X?_ y2
A, —+—=1. B. —+=—=1. C. —+—=1. D. —+—=1.
9 3 9 8 19 5 6 5
Céu 11: Elip c6 hai dinh (-3;0); (3;0) va hai tiéu diém (-10) va (10) c6 phuong trinh chinh tic 1a
2 2 2 2 2 2 2 2
Ao B. =+l o1, cZ+Log p. 2+ -1,
8 9 9 8 9 4 9 2

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Ciu 19:

Cau 20:

Phuong trinh chinh tic cia (E) c6 d6 dai truc 16n gép 2 14n d6 dai truc nho va tiéu cu bang

43 1a
2 2 2 2 2 2 2 2
A.X—+y—:1. B.X—+y—=1. C.X—+y—=1. D.X—+y—=1.
36 9 36 24 24 6 16 4

Phuong trinh chinh tic cua (E) c6 duong chudn X+ 4 =0 va tiéu diém F (-10) 1a
2 2 2 2 2 2

2 2
A Y g B. XY 1, c. XY 1 p. X Y g
4 3 16 15 16 9 9 8

Phuong trinh chinh téc ctia (E) c6 tiéu cu bang 6 va di qua diém A(5;0) 1a

2 2 2 2 2 2 2 2

Xy g XY c XY Xy

A, —+—=1. . —+—=1 . . .

100 81 15 16 25 9 25 16

. .. 2 ) 1
Elip ¢6 hai tiéu diém F,(~10);F,(10) va tm sai e = : c6 phuong trinh 1a
2 2 2 2 2 2 2 2

A.X—+y—:1. B.X—+y—:—1. C.X—+y—:1. D.X—+y—:

25 24 24 25 24 25 25 24
Trong hé truc toa do Oxy , mot elip c6 do dai truc 16n 1a 8, d0 dai truc bé 1a 6 thi c6 phuong trinh

chinh tac 1a.
2 2 2 2 2 2 2 2

AL B.+2 - 2L p. =+ -1

"9 16 64 36 16 9 16 7

2 2
Céc dinh cta Elip (E) ¢6 phuong trinh % + é ~1; (a>b > 0) tao thanh hinh thoi c6 mot goc

¢ dinh 1a 60°, tiéu cu ciia (E) 1a 8. Khi d6 a*+b* =?
A. 16. B. 32. C. 64. D. 128.
Trong mit phang toa @ OXxy, xac dinh phuong trinh chinh tic ciia elip biét AA =10, BB, =6

vol A, A la giao diém cua elip véi truc OX ; B,, B,la giao diém cua elip véi truc Oy .

2 2 2 2 2 2 2 2
A.X—+y—=1. B. X +y—=1. C.X—+y =0. D.X—+y—=1.
25 16 9 25 25 9 25 9

Trong mit phang toa do Oxy, xac dinh phuong trinh chinh tic cta elip biét giao diém cua elip
v01 cac truc toa do la A1(3;0) , A (—3;0) , Bl(O; 2) , B, (O; —2) )
2 2 2 2 2 2 2 2
AL o : RA A c X+l oo p. 2+ ¥ oq,

9 4 5 4 9 4 9 5
Trong mit phing toa dd Oxy, xac dinh phwong trinh chinh tic cta elip biét mot giao diém cua

elip v6i truc Ox 1a A (6;0), elip di qua M (o;\/ﬁ).
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XZ y2 XZ y2 X2 y2 X2 y2
A+l -a B. —+ 1 =1, c. 2+ =1. D.—+2 -0.
36 4 36 32 144 4 36 32

Cau 21: Trong mit phing toa do Oxy, xac dinh phuong trinh chinh tic cta elip biét elip di qua M (0;3)
khi téng khoang cach tir mot diém trén elip t6i hai tiéu diém 1a 2+/34
2 2 2 2

A.X—+y—:1. B.X—+y—:1. C.X—+y—=1. D.X—+
34 25 34 9 9 34 34 9

2 2 2

Céu 22: Trong mit phang toa do Oxy, cho Elip c6 mot tiéu diém F (—1; 0) va khoang cach 16n nhét giita

hai diém trén Elip bang 2+/5 . Phuong trinh chinh téc cta Elip
A. 4x* +5y* =20. B. 4x* +5y*=12.  C.5x*+4y*=20. D.5x*+4y*=12.

Céu 23: Trong mit phang toa do OXy, cho Elip (E) di qua diém M (0;3). Biét khoang cach 16n nhét
giita hai diém trén (E) bang 8. Phuong trinh chinh tic cua Elip

2 2 2 2 2 2 2 2

X B. X Y c. X Y p. Y o1

—+—=1 . . . —=1. .
9 16 16 9 9 64 64 9

Céu 24: Trong mit phing toa do Oxy, Elip c6 hai tiéu diém F,(-10);F,(1;0) va tong khoang cach tir
mdi diém trén elip dén hai tiéu diém bang10 ¢ phuong trinh

2 2 2 2 2 2 2
AL B2+ Yo Y 1 D. 2 +J
25 24 24 25

X 2

1. L —+—=1. .
24 25 25 24

Ciu 25: Trong mit phang toa do OXy, phuong trinh chinh tic cta (E) c6 tiéu cy bang 6 va di qua diém

A(5,0) la
2 2 2 2 2 2 2 2
A~ Y g B. XY 1, c. LY 1 p. Y 1
100 81 15 16 25 9 25 16

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & médi cau, thi sinh chon diing hoic
sai.

Caul: Cho duong cong (C)co phuong trinh 3x* +4y® —48=0 va duong thang d : x — 2y +4=0. Xét
tinh diing sai clia cac khang dinh sau:
a) Pudng cong (C) 1a mot elip.
b) Duong thang d cat (C) tai hai diem M,N .
¢) Néu duong thang d cit (C) tai hai diém M,N thi MN >3.
d) C6 4 diém trén (C) sao cho 3FM = F,M vé6i F,(-2;0),F,(2;0)
Cau2: Choelip (E): x* +4y?—40=0. Xét tinh ding sai cia cc khiang dinh sau:
2 y2

a) Phuong trinh chinh tic cta elip 1a ——+2—=1.
40 10

b) (E) 6 cac tiéu diém F1(3O;O) va F, (—30;0).

¢) Tong cac khoang cach tir mdi diém thudc elip ti hai tiéu diém bang 2+/10 .
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d) (E) c6 chu vi hinh chit nht co s bing 6+/10.

Cau3: Trong mit phang toa dd Oxy, cho dudng elip biét AA, =10, BB, =6 voi A, A, la giao diém

cua elip voi truc Ox; B, B,la giao diém cua elip v6i truc Oy . Xét tinh dung sai ciia cac khang

dinh sau:
i 2 y2
a) Phuong trinh chinh tac cua elip —+-—=1.
25 16
b) Tiéu cyu 1a 8.

¢) Do dai truc bé 12 6.
d) b6 dai tryc 16n 1a 5.

Cau4: Trong mit phang toa do Oxy, phuong trinh chinh tic cta (E) 6 tiéu cu bdng 6 va do dai truc
16n 1a 10. Xét tinh dang sai ciia cac khing dinh sau:

2 2

y

a) Phuong trinh chinh tic cta elip — +2—=1.
25 16

b) B dai truc 16n 1a 4.
c) B9 dai truc bé 1a 10.
d) (E) diqua diém C(0;3).
Caus: Choelip (E) biét tiéu cy bang 6 va truc nho bang 8. Xét tinh dung sai cua cac khang dinh sau:
a) Tiéu diém F,(0;-3);F,(0;-3).
b) Po dai truc 16n bang 5.
¢) Tong khoang cach tir diém thudc Elip c6 hoanh d6 x = 2 dén hai tiéu diém bang 10.
d) Phuong trinh Elip (E) 1a 16x* + 25y* = 400.

Cau6: Choelip (E) co mottiéu diém F, (—\/5; O) vadiqua M [1; ?J . Xét tinh dung sai ctia cac khang

dinh sau:

a) Tiéu cu cua elip bang 23

b) Piém N (-1;?} thudc elip.

2-3

2 2

d) Phuong trinh Elip (E) 1 X? + yT -1,

Cau7: Trong mit phing Oxy, cho elip (E) c6 F,(=3;0), F,(3;0) lan luot 1a hai tiéu diém va c6 tm
sai e = g . Xét tinh dting sai ctia cac khang dinh sau:
a) Elip (E) c6 tiéu cy bang 6.

b) Elip (E) c6 6 dai truc 16n bang 10.
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¢) Elip (E) c6 d6 dai truc nho bang 4.

2 2
d) Phuong trinh chinh thc ciia (E)la 2+ =1.
25 ' 16

Cau 8: Trong mit phing toa do cho hai elip, dudng elip (E)cc') hai dinh A(lO;O) va B(O;6). DPuong
. . 4 . . .
elip (E') cOtam sai e = R Xét tinh ding sai cua cac khang dinh sau:

2 2
a) Phuong trinh chinh tic cua elip (E) 1a X Y o
100 36

b) (E) cb céc tiéu diém F,(64;0) va F,(-64;0).

c) (E) c6 tidu cu bang 8.

2 2
d) (E') nhan B(0;6) lam dinh thi phuong trinh chinh thc cia (E') la: f—z ;’—6

Cau9: Cho elip (E) c6 mot tiéu diem F,(4;0), mét dinh A(5;0). Goi M 1a diém trén elip c6 toa do
1a cac s6 duong. Xét tinh dung sai cua cac khang dinh sau:
a) Elip (E) c6 tiéu diém con lai 1a F,(0;—4).

2 2

b) Phuong trinh chinh tic cia elip > + Y _ 0

9

¢) Tong céc khoang cach tir mdi diém thudc elip tdi hai tiéu diém bang 25 )

57 9}

d) bé F.MF, =90° thi M c6 toa do 1a [T 2

Céau 10: Mot dudong ham xuyén qua nii ¢6 chiéu rong 1a 20m, mit cit ding ciia duong ham c6 dang nira
elip. Biét elip c6 tiéu cy bang 10 m. Xét tinh dung sai cta cac khang dinh sau:
a) Tiéu diém cua (E) la F,(-5;0);F,(5;0).

b) Chiéu cao ctia ham la 8,66 m

2 2

¢) Phuong trinh chinh tic ciia (E) la — y—

100 75

d) Chiéu cao ctia dudng him xuyén nui tai tiéu diém coa (E) la 5m
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PHAN lIl. Cau trac nghiém tra I&i ngan

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

2 2

Trong mit phing toa o OXxy, cho elip (E): J).(_6 + Y _1.Xétcac diém M,N Tin luot thude céc

9
tia Ox, Oy sao cho duong thing MN tiép xtic v6i (E). Tinh do dai ngén nhat ctia MN

Mot cay cau bé tong bac qua con song rong 12m, nhip cuon cau cé hinh dang ntra elip. Cac ki
su da thiét ké sao cho vi tri cao nhat cia gam cau so voi mat nudc la 4 m. Tinh chi€u cao ctua
gam cau tai vi tri cach bo 1,5m.

2 2

Cho duéng elip c6 phuong trinh chinh tic (E): % + y? =1 va diém A(3,0). Piém B,C nim

trén (E) sao cho B,C dbi xting qua truc Ox va AABC déu. Dién tich ciia tam giac ABC 1a bao
nhiéu? (Két qua 1am tron dén hang phan tram)

Mot nguoi ki su thiét ké mot duong hdm mot chiéu c6 mit cit 14 mot nira hinh elip, chiéu rong
ctia him 1a 12m, khoang cach tir diém cao nhét cua elip so véi mat duong 1a 3m. Nguoi ki su
nay mudn dua ra canh bao cho céc loai xe c6 thé di qua ham. Biét rang nhimg loai xe tai c6 chiéu

cao 2,8m thi c¢6 chiéu rong khong qua 3m. Tinh dJ cao y cua diém M e (E) co6 hoanh d6 1,5.

I3

Mot mai vom nha hat ¢6 mit cit 13 hinh nira elip. Cho biét khoang cach gitra hai tiéu diém 1a
F'F =50m va chiéu dai ctia dudng di ctia mot tia sang tir F' dén mai vom rdi phan chiéu vé F
la 100 m. Tinh téng do dai truc 16n va truc bé cua elip.

Mot nha vom chira may bay c6 mit cét hinh nira elip cao 10m va rong 24 m. Tinh khoang cach
theo phuong thang dung tir mot diém cach chan tudng 4m 1én dén néc nha vom. (Két qua lam
tron dén chir s6 thap phan thir hai sau dau phay)

GV. Phan Nhat Linh - @ SDT: 0817 098 716




Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

AL

Dang 3: Phuong trinh duéng Hypebol

2

2
Phwong phap: Cho Hypebol c6 phuong trinh: X—2 Y
a

o =1, véi a,b>0. Céc yéu tb trong Hypebol:
e Do dai truc thuc: AA, =2a; d6 dai truc ao: BB, =2b; d¢ dai tiéu cu: FF, =2c

e Toa dd cac dinh Al(—a;O), Az(a;O).

e Tiéudiém F(-c;0), F,(c;0).

BAI TAP TU LUAN

2 2
, X A i
Bai tap 1: Trong mat phang Oxy, cho hypebol (H ) : 1 y? =1. Tim tiéu diém cua hypebol
Bai tip 2: C6 hai tram phat tin hiéu v tuyén dit tai hai vi tri A, B cach nhau 300km. Tai cing mot thoi
diém, hai tram ciing phat tin hiéu véi van téc 292 000 km/s dé mot tau thuy thu va do d6 1éch thoi gian. Tin
hiéu tir 4 dén sém hon tin hiéu tir B 13 0,0005 s. Tir thong tin trén, ta c6 thé xac dinh dugc tau thuy thudc
duong hypebol nao? Viét phuong trinh chinh tic ctia hypebol d6 theo don vi kilomet.
Bai tap 3: Cho hypebol 4x* —5y® = 20. Tim d9 dai truc thyc, truc 4o va tiéu cu.

, X y? .
Bai tap 4: Trong mat phang toa do Oxy, cho hypebol c6 phuong trinh 97 =1va M la mot diem
thudc hypebol c6 hoanh @ bang 12. Tinh MF,,MF, véi F,,F, 1a hai tiéu diém.

2 2

Bai tip 5: Trong mit phang toa do, cho hypebol c¢6 phuong trinh: XI ¥ =1. Puong thing y =3 cit

9
hybepol tai hai diém A, B . Tinh dién tich tam giac OAB .

Bai tip 6: Trong mit phing OXy , cho hypebol (H ) ¢6 phuong trinh: %2 —% =1.DPiém M (3a;2a)e(H)
va diém M thudc goc phan tu thir nhat. Tinh dién tich tam giac MF,F, .

Bai tap 7: Trong mit phang toa do, cho Hypebol (H ) di qua diém M (4; J5 ) , c6 mot tidu diém F,(-3;0)
va duong thang d :y = %X . Puong thang d cit (H) tai hai diém E,F Tinh d6 dai doan EF .

Bai tap 8:Trong mit phing toa d9, cho hypebol (H)cé phuong trinh 9x* —7y® =63 va duong thang
d:y=kx.Tim k dé duong thang d va (H) c6 diém chung.

=1. Viét phuong trinh duong tron tam O

NS

2
Bai tap 9: Trong mit phang Oxy, cho hypebol (H ) : XT —
ban kinh OF,

2

2
Bai tap 10: Cho hypebol (H) c6 dang: % - ;’—2 =1,(a>0,b>0),di qua céc diém M (3;-2),N (—3@;4).

Viét phuong trinh chinh tic ctia hypebol
Bai tap 11: Trong hé truc toa dd Oxy, cho hypebol c6 phuong trinh: 4x*> —5y* =20.
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a) Viét phuong trinh chinh tic cia Hyperbol (H ) la Xg Y l.

b) Tinh Hiéu cac khoang cach tir mdi diém nim trén hypebol t6i hai tiéu diém
¢) M e(H) va y, =2;x, <0 . Tinh dién tich tam gisc MFF,
A
2

Bai tap 12: Trong hé truc toa do Oxy, cho phuong trinh chinh tic cua (H ) c6 dang X—2 b =1, trong do
a

a,b >0, hypebol di qua diém M (3& ;—4) va ¢ mot tiéu diém 1a F,(5;0). Viét phuong trinh chinh tc
cua (H ) )
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 9:

Cau 10:

Toa d6 cac tiéu diém cia hypebol (H):XZ—y?:l 1a
A. F, =(-5;0);F, =(50). B. F, =(0;-5);F, =(0;5).
C. R =(0,—7);iF, =(0:7). D. F, =(—/7;0);F, =(7:0).
X2 y2
Toa dd cac dinh ctia hypebol (H):2—5—?=1 1a
A. A =(-5,0);A,=(5,0). B. A =(0,-4); A, =(0;4).
C. A=(-40);A, =(40). D. A =(0;-5); A, =(0;5).
Phuong trinh chinh tic cta hypebol (H ) c6 mot tidu diém la (\/3_4 ;O) va do dai truc thyc bang
10 Ia
2 2 2 2 2 2 2 2

AHy=-Y o1 B (H:E=-Y -1 e (H):-+LX =1 D (H): - L -1

25 9 25 9 25 9 9 25

2 2

y

Cho ciia hypebol (H): Z)l(_6 —g s 1. Hiéu cac khoang cach tir mdi diém nam trén (H) dén hai

tiéu diém co gid tri tuyét ddi bang bao nhiéu?

A. 8. B. 16. C. 4. D. 5.
Trong céc phuong trinh sau, phuwong trinh nao 13 phuong trinh chinh tic ctia duong hypebol?
X2 y2 X2 y2 XZ y2 XZ y2
A.S—Z—F:—l. B.?'f‘?:l. C. 5—2+?:—1. D.S—Z—F: .
XZ y2
Cho hypebol c6 phuong trinh: TEET] =1. Tiéu cy cua hypebol la:
A. 247, B. 245. C. 243. D. 2V2.
Phuong trinh chinh tic ctia dudng hypebol ( H ) c6 mot tidu diém 1a F, (6;0) va di qua diém
A, (4,0) la:
2 2 2 2 2 2 2 2
R 2L g ERAE R A
9 16 25 16 16 20 4 25
Cho dudng hypebol ¢6 phuong trinh (H):100x* — 25y* =100. Tiéu cy cua hypebol do 1a
A. 23/10. B. 24/104 . C. J10. D. 104 .
Cho dudng hypebol c6 phuong trinh (H):9x* — y? =1. Khoang cach giita hai tiéu diém 1a
A 200 B. 0. Y0 D. 2J2.
3 3
Cho dudng hypebol ¢6 phuong trinh (H):9x* — y* =9. Tiéu cu ctia hypebol d6 1a
A. 2J10. B. V10. C. 242. D. 4V2.
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Cau 11: Cho dudng hypebol c6 phuong trinh (H):9x* — y* =1. Hai tiéu diém cua hypebol do 1a
A. F{—@;O],F{@;OJ. B. F,(—/10;0}, F,(V10;0).
C.Fl[o;—@],lrz[o;@) D. F,(0,—10),F,(0;+/10).

Cau 12: Cho Hypebol (H ) :3x% —4y* =12 . Goi A 1a giao diém cua (H) voi truc Ox, A co6 hoanh do
dwong tong AF, + AF, bang

A 247. B. V7. C. 47. C.8J7.
2 2
Cau 13: Trong mit phing Oxy, cho hypebol (H): XT _yT ~1. Goi M (X,;Y,) la diém thuse (H) véi

%X, >0,Y, >0 sao cho M nhin c4c tiéu diém ciia (H ) dudi mét goc vudng. Phuong trinh duong
tron tdm O ban kinh OF, 1a
A X2+y?=45. B. x*+y*=5. C. x*+y*=25. C. x* +y*=10.

2 2

Céu 14: Trong mit phang Oxy, cho hypebol (H): Z)L(_6 -~ y? =1.Hai diém F,,F, 1a hai tiéu diém (H)c6

tiéu cy bang.
A. 10, B. 10. C. 5. D. 2.5.

Céu 15: Trong mit phang OXy, cho hypebol c6 d6 dai truc 16n va truc bé lan luot 1a 2a, 2b (a,b > 0).Hai
diem F,F, 14 hai tiéu diém. biét (H) di qua diém M (3& ; —4) va c6 1 tiéu diém 1a F,(5;0).

(H) c6 phuong trinh

2 2 2 2 2 2 2 2
ALY g B. X _Y 1, c.X_Y 1, p. XY 1,
9 16 16 9 3 4 4 3

2 2
Cau 16: Trong mit phang toa dd Oxy cho Hypebol (H ) c¢6 phuong trinh chinh tic la: % - yg =1. Trén
(H) lay diém M batki ta c6 |MF, — MF,| bang

A. /6. B. 6. C.2.6. D. 12.

2 2

Cau17: Cho hypebol (H) c6 phuong trinh chinh thc ~ — % —1. Hypebol C6 tiéu cyr I,
a

A. 2c=2va’+b?. B. c=2va’+b?%. C.c=4Ja*+b%. D. 2c =4+4a’ +b?.

2 2

Cau 18: Cho hypebol (H) c6 dang: :——Z— =1,(a>0,b>0).di qua cac diémM (3;-2),N (—3\/5;4).

Tiéu cu Hypebol (H) bang

A. 25. B. 5. C. 5. D. 10.
Cau 19: Cho hypebol (H) c6 dang: (H):16x* —9y? =144 Tiéu diém ctia Hypebol la:

A. F,(-4;0),F,(4,0). B. F,(0,-4),F,(0;4).

C. Fl( ),FZ(Z, ) D. Fl(O;—Z),FZ(O;Z)
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Cau 20: Cho hypebol (H) c6 dang: (H): Z)L(_G —~ y? =1. Piém nao sau day thuéc Hypebol
A. (4,0). B. (2;0). C. (16;0). D. (8,0).
2 2
Cau 21: Thap “Skyfarm” 1a mot dang nha nhiéu tang hinh hyperbol ¢6 phwong trinh 2X_82 - é =1, bén

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

trong ¢6 thé lam tir néng nghiép cho dén nudi trong thuy san va nang luong dugc thiét ké theo
huéng tu cung cip. Biét chiéu cao cua thap 1a 150m va khoang cach tir noc thap dén tam dbi

. 2 ‘. . .
xung cua hypebol bang 3 khoang cach tir tdim doi ximg dén day, tham khao hinh v& bén dudi.

Do dai doan OB bing

A. 100 m. B. 50m. C. 80m. D. 90m.
Cho phuong trinh Hyperbol (H ) :4x* —9y? =36. o dai tryc thuc bang
A. 6. B. 3. C.9. D. 4.

Trong h¢ truc toa do Oxy, Hypebol c6 dd dai truc 4o va truc thuc lan luot 12 8 va 10. Phuong
trinh chinh tic ctia Hyperbol (H) la.

2 2 2 2 2 2 2 2

XY B X_Y _ x_ ¥y _ X ¥y _
16 25 25 16 16 9 "9 16
2 2

Cho hypebol (H) c6 phuong trinh chinh tic XZ - yg =1. Tim tiéu cu F,F, cua hypebol (H).

A. FF, =3. B. FF,=4. C. FF,=8. D. FF,=6.

2 2

Cho hypebol (H) c6 phuong trinh chinh tic XE - y7 =1. Tim cac tiéu diém F,;F, cia hypebol

(H).

A. F(-3;0), F,(3,0). B. F(-2;0), F,(2;0).
C. F,(-4,0), F,(40). D. F,(-16;0), F,(16;0).

Cho hypebol (H) cé phuong trinh chinh téc )2(—5 —~ il_6 =1. Hiéu cac khoang cach tir mot diém

ndm trén (H ) t6i hai tiéu diém c6 gié tri tuyét déi bang bao nhiéu?

A. 5. B. 10. C. 4. D. 8.
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Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

. AL

Cho hypebol (H ) c6 phuong trinh chinh tic XT — yT =1. Tim tiéu cu cua hypebol (H).

A. 2. B. 22. C.4. D. 6.
Hypebol 7x* —9y? =63 c6 tiéu cu bang

A. 8.. B. 16. C.4. D. 63.
Puong hypebol 4x? — y? =16 c¢6 mot tiéu diém 1a diém nao dudi day?

A. (2,0). B. (-2,0). C. (243,0) D. (245;0).

Hiéu cac khoang cach tir mot diém bat ky nam trén hyperbol 4x? —9y? =36 t6i hai tiéu diém co
gia trj tuyét dbi bang
A. 4. B.6.. C.12.. D. 5.

2 2

Cho diém M nam trén hypebol :_6 - YE =1. Néu hoanh do diém M bang 8 thi khoang cach tir

M dén cac tiéu diém ctia hypebol 1a

A. 842, B. 845, C. 6 va 14. D. 5 va 13,
Phuong trinh nio sau ddy 12 phuong trinh chinh tic ciia duong hypebol?
2 2 2 2 2 2 2 2
Ao B Y- X Y- p Xl Y.y
4 1 4 1 4 1 4 1
Viét phuong trinh chinh tic ciia duong hypebol biét tidu cu bang 6 va do dai truc thuc
AA =2a=4.
2 2 2 2 2 2 2 2
B. L Y 1 B Y1 XY p. 2 Y 1.
4 3 4 3 4 3 4 5

Viét phuong trinh chinh tic cua duong hypebol (H ), biét tiéu diém F,(—/5 ;o) va do dai truc

40 BB, =2b=4.
2 2 2 2 2 2 2 2
c. XY g B _Y 1. c. X Y p. XY 1
4 3 5 2 1 4 1 4

Viét phuong trinh chinh tic ctia duong hypebol (H )s biét toa do dinh Al(—5;0) va tam sai

2 2 2 2 2 2
~1. B L_Y 4 c. X Y 4 p L_Y

"5 4 "% 4 "25 25
Trong mit phang OXy, viét phuong trinh chinh tic cia hypebol (H) biét (H) c6 mot tidu diém

la F, (3;0) va cét truc hoanh tai diém c6 hoanh do béng 2.
2 2 2 2 2 2 2 2
A Y g B.L Y -1 c. ey o1 p. XY 1,
4 5 4 1 4 1 4 5

Trong mit phang Oxy, viét phuong trinh chinh tic ctia hypebol (H) biét (H) c6 tiéu cu bang

8 va gi4 tri tuyét ddi cua hiéu khoang cach tir m&i diém thuoc (H) dén hai tiéu diém ciia (H)

bang 6.
2 2 2 2 2 2 2 2
ALY g B. X _Y 1. c.X_Y 1 p. X Y 1
25 9 9 7 9 25 7 9

TOAN 10 - CHUO'NG TRINH MOl
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Cau 38: Trong mit phang Oxy, viét phuong trinh chinh tic ciia hypebol (H ) biét (H ) di qua hai diém

A(4J§;2) va B(—6;—J§).

2

2 2 2 2 2 2 2

Xy Xy Xy Xy

16 4 31 31 24 12 32 8
Cau 39: Trong mit phing Oxy,viét phuong trinh chinh tic cua hypebol (H) c6 mot tiéu diém 1a

F.(~V10:0) va di qua diém A(4;-2).

2 2 2 2 2 2 2 2
AL B. 2 Y 1 A A | p. L -L g
12 6 8 4 8 2 12 2
Cau 40: Cho hypebol (H)c6 hai tiéu diém F;F, ndm trén Ox va déi ximg qua gbc toa do O, (H)di
2 2
qua diém M [£ gJ F.MF, =90°. Phuong trinh (H ) c6 dang X—2 — é =1. Tinh ab
a
A.ab=12. B. ab=15. C. ab=20. D. ab=10.
Cau41: Cho hypebol (H)c6 hai tiéu diém F;;F, nim trén Ox va doi ximg qua gdc toa dd O, (H)di
qua diém M c6 hoanh do -5 va MF, = %; MF, = % Phuong trinh duong hypebol (H ) c6 dang:
2 2 2 2 2 2 2 2
AL o B. = -L 1 R A} AN
9 16 16 9 " 25 16 25 9

2 2

Cau 42: Cho hypebol (H): ;.(_6 _YE =1 c6 hai tiéu diém F;F, nam trén Ox trong d6 F, c6 hoanh do

am, cho diém M nam trén hypebol sao cho F,MF, =60°. Khi 46 MF, c6 do dai 16n nhat 1a m.
Ménh dé nao sau diy ding?
A. me (9;10) . B. me (10;11) . C.me (11;12) . D. me (12;13).

Cau 43: Cho hypebol (H):9x* —16y® =144 c¢ hai tiéu diém F;F, ndm trén OX trong d6 F, c6 hoanh
d6 am. Puong thang A:y =m?x—3m—1 cit hypebol tai hai diém thudc 2 nhanh hypebol, M 1a
giao diém thudc nhanh c6 hoanh d6 dwong sao cho MF, ngan nhat. Tim m .

m=1

A.m=——. B. m=1. C. 1. D. m=-1.
4 m:—z
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PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

2 2

Caul: Trong mit phing Oxy, cho hypebol ( H ) : Z)L(_G - y? =1. Xét tinh diing sai ciia cac khang dinh sau:

a) Hypebol (H ) co toa do tiéu diém Fl(—5;0), F, (5;0) .

b) Hypebol (H) c6 d6 dai truc thuc bang 16.

¢) Hypebol (H ) c6 do dai truc a0 bang 4.

d) Hiéu cac khoang cach tir mdi diém ndm trén (H ) dén hai tiéu diém c6 gia tri tuyét dbi bang
10.

Cau 2:  Cho hypebol

(H) c6 phuong trinh: 16x* —9y? =144. Xét tinh diing sai clia cdc khang dinh sau:

a) Hypebol (H ) ¢6 hai tiéu diém: Fl(—5;0), F, (5;0) .
)

)

b) Hypebol (H c6 tidu cu bang 5.
¢) Hypebol (H) c6 hai diém c6 hoanh d§ x=2.
d) Khi -4 <k <4 thi duong thang (d):y =kx c6 diém chung véi hypebol (H).

2 2
Ciu 3: Trong mit phang Oxy, biét hypebol (H): X _ #

- =1 c6 mdt tiéu diém la F,(-3;0) va do dai
a

tryc thuc bang 4. Xét tinh ding sai cta cac khang dinh sau:
a) Hypebol (H) c6 tiéu cu bang 6.
b) D6 dai truc do ciia hypebol (H)1a 2b =+/5,

2 2

¢) Phuong trinh chinh tic ctia hypebol (H)la XZ —~ y? =1.

d) Hypebol (H ) cét tryc hoanh tai hai diém c6 toa d lan luot 1a(4;0),(—4;0).
Cau4: Trong mat phing Oxy, goi (H)Ia hypebol c6 mét tiéu diém Ia Fl(—Jl_o;o) va di qua diém
A(4; 2 ) Xét tinh ding sai ctia cac khang dinh sau:
a) Tiéu diém con lai ctia hypebol (H)1a F, (JTO : o) .
b) Hypebol (H ) c6 tiéu cu bing J10.
¢) Gi tri tuyét dbi cua hiéu cac khoang cach tir mdi diém thudc hypebol (H ) dén hai tiéu diém

bang 42,

2 2

d) Phuong trinh chinh tic cta hypebol (H ) la % — y? =1.

Cau5:  Cho Hyperbol (H) c6 mot tiéu diém F,(~4;0) va do dai truc 4o bing +/28 . Xét tinh dung sai

cua cac khang dinh sau:
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2 2

a) Phuong trinh chinh tic ciia Hyperbol 1a % + y7 =1

b) P dai truc thyuc bang 6.

¢) Tiéu cu cua Hyperbol (H ) la 4.

d) Biém B(3;0) ndm trén Hyperbol (H).

2 2

Cau 6: Trong mit phang toa do, cho hypebol c6 phwong trinh: XZ - YE =1. X¢ét tinh ding sai cta cac

khing dinh sau:
a)a=2,b=3.

b) Hybebol c6 hai tiéu diém 1a F;(—13;0),F,(v13;0).

2421
=

c) Piém M (5;y,, ) véi y, >0 nim trén hypebol c6 tung do y,, =

d) Puong thang y =3 cat hybepol tai hai diém A, B . Dién tich tam giac OAB bang V2.

2 2
Cau7: Trong mit phang toa do, cho hypebol (H ) c6 phuong trinh: % — ]3./_6 =1. Xét tinh dung sai cua

cac khang dinh sau:
a) a=4.

b) Diém M (-3;0) ndm trén hypebol.
¢) Tiéu cy ctia (H) bang 10.

1043

d) Biém M (3a;2a)e(H) thuc goc phan tw thir nhét. Dién tich tam gidc MF,F,bing 3

Cau8: Trong mit phing toa do, cho Hypebol (H)di qua diém M (4;\/§ ) , €6 mot tidu diém F, (-3;0)
va dudng thang d :y = %X . Xét tinh dang sai cta cac khang dinh sau:
a) Tiéu cu ctia (H) bing 6.
b) [MF,|=6.
¢) Goi A 1a mot diém tiy ¥ thude (H). Khidé A cach truc Oy mot khodng ngan nhat bang 4.
d) Pudng thing d cit (H) tai hai diém E,F va EF =2415.

Cau9: Trong mit phing toa d9, cho hypebol (H)cé phuong trinh 9x* —7y® =63 va duong thing
d :y = kx. Xét tinh dung sai cua cac khang dinh sau:

a) b*=9.
GV. Phan Nhat Linh - @& SDT: 0817 098 716 _
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Cau 10:

PHAN III.

Cau 1:

Cau 3:

Cau 4:

Cau 5:

b) Gia tri tuyét d6i ciia hiéu cac khoang cach tir mdi diém thudc hypebol dén hai tiéu diém bang

27
¢) Hai tiéu diém la F,(—4;0),F,(4,0).

d) C6 5 gia tri nguyén ctia k dé duong thang d va (H) c6 diém chung.

2 2

Cho hypebol (H ) :;—6 — y? =1. X¢ét tinh dng sai cua cac khing dinh sau:
a) Tiéu cu cua hypebol bang 5

b) biem A(4;3)e(H)

¢) Tiéu diém cua hypebol 1a F, (—5; 0), F, (5; 0)

d) Trén (H) c6 4 diém M sao cho MF, L MF,.

Cau trac nghiém tra I&i ngan

2 2

Trong mit phang toa dd Oxy cho Hypebol (H ) c¢6 phuong trinh chinh tic 1a: % - % =1. Trén

(H) liy diém M batki. Tinh [MF, — MF,|

2 2
Trong mit phang OXxy, cho hypebol (H ) : XT - yZ =1. Goi M (XO; yo) 1a diém thudc (H ) voi

X, >0,Y, >0 sao cho M nhin céc tiéu diém ctia (H) du6i mot géc vudng. Gia tri cua biéu thuc
T = 24/5%, + /5y, bing 10.

Trong hé truc toa d0 Oxy, Hypebol c6 dd dai truc do va truc thuc lan luot 1a 8 va 10. Piém
Me(H) vay, =4x, <0.Tinh MF,.

Dé chup toan canh, ta c6 thé sir dung mot gwong hypebol. Méyvénh duogc huéng vé phia dinh cia
guong va tam quang hoc cuia may anh duoc dat tai mot tiéu di€ém cua guong (xem hinh).

Guong
Hypebol
Tam may
anh

e

2 2
. X
Phuong trinh cho mat cét cia guong la %5~ ]3./_6 =1. Tinh khoang céach tir quang tdm cua may

anh dén dinh cta guong. (Két qua lam tron dén hang phan tram)

Mot guong hypebol (dugc sir dung trong mét sd kinh thién vin) co tinh chit 1a mot tia sang
hudng vao tiéu diém s& bi phan xa sang tiéu diém khac. Guong trong hinh v& ¢6 phuong trinh
2 2

X _Y 1 piém M (a;b) trén guong s& nhan dugc tia sanh di qua diém (0;10) va bi phan xa

36 64
sang tiéu diém con lai? (tham khao hinh v&). Tinh T =a+b.
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Ciu 6: Diéu huéng LORAN (diéu huéng vo tuyén dudng dai) cho may bay va tau thiy st dung cac
xung dong bd duogc truyén boi hai tram phat dit cach xa nhau. Cac xung nay di chuyén véi tbe
d6 4nh sang (186.000 dim / gidy). Su chénh 1éch vé thoi gian nhan dwgc phan xa cua cac xung
nay tr mot may bay hodc tau thuy 1a khong doi, nén may bay hodc con tau s& nam trén mot
hyperbol c6 céc tram phat 1a cac tiéu diém. Gia st rang hai tram phat, cach nhau 300 dam, dugc
dat trén mot hé toa do vudng goc tai cdc diem c6 toa do (—150;0) va (150;0) va mot con tau

dang di trén mot con dudng 1a mot nhanh cua hypebol va c6 toa do (X;75) (xem hinh v&).

Tinh gan dtng hoanh d6 cta vi tri con tau khi chénh 1éch thoi gian giira cac xung tir cAc tram
phat 1a 1000 micro gidy (0,001 gidy) (Két qua 1am tron dén chir s6 thap phan dau tién sau du
phay)

Cau7: Diéu huéng LORAN (diéu hudng v6 tuyén duong dai) cho may bay va tau thuy s dung céc
xung dong bd duogc truyén béi cac tram phat dit cach xa nhau. Cac xung nay di chuyén véi toe
d6 anh sang (186.000 dam / gidy). Su chénh léch vé thoi gian nhan duoc phan xa cta cac xung
nay tr mot may bay hodc tau thuy 1a khong dbi, nén may bay hodc con tau s& nim trén mot
hyperbol c6 céc tram phat 1a cac tiéu diém. Gia st rang hai tram phat, cach nhau 300 dim, dugc
dat trén mdt hé toa do vuong gbce tai cac diém co toa do (—150;0) va (150;0) va mot con tau

dang di trén mdt con dudng la mot nhanh cia hypebol (xem hinh v§).

y

Biét rang d6 chénh 1éch thoi gian gitra cac xung tir cic tram phat v6i con tau 13 1000 micro gidy
(0,001 gidy). Xac dinh khoang cach gitra tau va tram phat s6 1 khi tau vao bo.
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Cau 8: Mot con tau dang trén hanh trinh di song song v6i mot bd bién thang va cach bo 80 km. Hai tram
truyén tin S, va S,nam trén bd bién, cach xa nhau 220 km. Bang cach tinh gio cc tin hidu vo
tuyén tir hai tram, hoa tiéu cua tau xac dinh ring con tau dang & giira hai tram va & gan S, hon
S, 1a 60 km. Tim khodng céch tir con tau té1 tram S, . Dap s6 1am tron dén hai chir s6 thap phan.

Cau9: Mot vu nd duoc hai micro M, va M, céach nhau 2 ddm ghi lai (1 dam béng 5280 feet). Micro

M, nhén dugc am thanh trudec 4 gidy so voi micro M, . Gid sitr &m thanh di chuyén véi toc do

1100 feet/gidy. Tap tat ca cac diém P xdy ra vu n6 thoa mén cac diéu kién trén 1a mot hypebol co
2 2

phuong trinh dang % - é —1, v6i hai micro M, va M, la céc tiéu diém. Khi d6 a+b bing
bao nhiéu? (Pap sé a va b 1am tron dén chir sb hang don vi).

Cau 10: Hai thap vo tuyén cach nhau 200 km duoc dit doc bo bién véi A nam vé phia Tay ddi voi B.
Cac tin hi¢u vo tuyén duoc gtri déng thoi tir mdi thap toi mot con tau va tin hiéu & B nhan duoc
som hon 500 micro gidy trudc tin hiéu & A. Gia sir ring cac tin hiéu v6 tuyén truyén di v6i van
tbc 300 mét/micro gidy va con tau nam vé phia Bic cua thap B thi tau cach bd bién bao xa?
Dap s6 lam tron dén hai chir s6 thap phan.

Cau 11: Mot kién tric su quan tam dén viéc thiét ké mot mai vom mong c6 hinh dang ctia hinh Hyperbolic
parabolid nhu hinh 1. Tim phuong trinh hypebol trong hé truc toa d¢ v€ ¢ hinh 2 va théa man
céc diéu kién da chi ra. Hoi diém thudc Hyperbol ndm cao hon dinh 6(m) O bén phai cach dinh

bao xa? Két qua tinh toan duoc lam tron t6i hai chir sé thap phan.

Hyperbol

Parabol

Hinh1: Hyperbolic paraboloid. Hinh 2: Phin hyperbol ciia vom.
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Dang 4: Phuong trinh duang Parabol

Phwong phap: Cho Parabol c6 phuong trinh: y? = 2px, v6i p > 0. Cac yéu td trong parabol:

e p goila tham sd tiéu ciia parabol (P)

o Tiéu diém F (g;oj va duong chudn A x = —g .

BAI TAP TU LUAN

Bai tap 1: Cho parabol (P): y> =4x.

a) Tinh duong chuan ctia(P)

b) Tinh ban kinh qua tiéu diém cta diém M (12)
Bai tap 2: Parabol (P):y? =6x cét duong thang (d):y=X+1 tai hai diém phan biét c6 hoanh d la
X;X, théa man x>+ x,° =18.
Bai tip 3:Trong mat phang Oxy, cho parabol (P): y> =2 pX( p> 0) di qua diém M (3; 3\/5) Tinh ban
kinh qua tiéu diém ctia diém M (X; y) .
Bai tap 4: Cho parabol (P): y’ =16x. Trén (P) liy hai diém M,N sao cho do dai doan thing MN qua
tieu diém F cua (P). Tinh khoang céch tir tiéu diém F dén duong chuén A.
Bai tp 5: Mot sao choi A chuyén dong theo quy dao c6 dang 1a mét parabol (P) nhan tim Mt Troi la
tiéu diém. Cho biét khoang cach ngin nhat giira sao chdi A va tim Mt Troi 1a khoang 112 km. Tinh khoang
cach gitra sao choi A(X;y) va tim Mat Troi .
Bai tip 6: Trong mit phing toa do Oxy, cho parabol (P): y? =12x. Piém c6 tung do bang 12 nam trén
d thi cta (P), tim hoanh d¢ cua diém d6
Bai tip 7: Trong mit phang toa do Oxy, cho parabol (P):y? =6x . Tinh khoang cach tir di€ém M (6;36)
dén phuong trinh dudng chuén .
Bai tap 8: Trong mit phang toa d Oxy, cho parabol (P) c6 tidu diém F (1; O) . Viét phuong trinh chinh
tic cua parabol 13 y* = 4x.
Bai tap 9: Trong mit phing toa dd Oxy , cho parabol (P) c6 duong chuan A:x+1=0. Viét phuong trinh
chinh tic ctia parabol

Bai tap 10: Khuc cua ctia mot con duong cé dang hinh parabol, diém dau vao khuc cua la A diém cudi 1a
B, khoang cach AB =400m . Dinh parabol ctia khtc cua cach duong thaing AB mot khoang 20m va cach
déu A, B. Viét phuong trinh chinh tic ctia hypebol, voi 1 don vi do trong mat phang toa d¢ tuong tmg 1 m

GV. Phan Nhat Linh - & SDT: 0817 098 716
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Bai tap 11: Mot chiéc dén c6 mat cit ngang 14 hinh parabol nhu hinh bén. Hinh parabol ¢ chiéu rong gitra
hai mép vanh 1a AB =40cm va chiéu sau h=30cm (h bang khoang cach tir O dén AB) . Bong dén nim
& tidu diém S . Viét phuong trinh chinh tic cta parabol do.

Yl
20

—20

B
Bai tap 12: Duong thang d 1y =kx, (k #0) di qua diém O cét (P):y? =16x tai diém thi hai la A. Tap

hop trung diém ctia doan OA 1 parabol c6 phuong trinh 1a
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cho parabol (P) c6 phuong trinh y* = 4x. Toa d¢ tiéu diém ctia parabol (P) la
A. F(-10). B. F(30). C. F(0;1). D. F(0;-1).
Cho Parapol (P): y* = 2px(p > 0). Chon ménh d¢ ding trong cdc ménh dé sau:

A. (P) co tiéu diém F (o;g}
B. (P) c6 phuong trinh duong chuan A:y = g

C. (P) cb tiéu diém F(—g;oj.

D. (P) 6 phuong trinh dudng chudn A X = —g.

Cho Parapol(P) :y? =16x. Chon ménh dé dlng trong cdc ménh dé sau:

A. (P) c6 tiéu diem F(0;—-4). B. (P) c6 tiéu diém F(-4;0).
C. (P) c¢ tiéu diém F(0;4). D. (P) c6 tiéu diém F(4;0).

Phuong trinh cta parabol (P) biét parabol (P) c6 dinh 1a | (%;—1) va duong chuan A co

phuong trinh 6x-8y+3=0 la

A. 64x* +36y°> +96xy =0.

B. 64x* +36Yy° +96xy — 236X + 448y +491=0

C. y* =4x.

D. 64x* + 36y —236x — 448y +491=0.

Phuong trinh chinh tdc ctia parabol (P) c6 tiéu diém 1a F(5;0)1la:

A. y=20x. B. y=30x. C. y=15x. D. y=10x.

Cho parabol c6 phuong trinh: 4y® = 20x. Phuong trinh dudng chuan cta parabol 1a:

A.x:§. B.x:ﬂ. C.x:—ﬂ. D.x:—E.
4 5 5 4

Cho parabol (P):y?=4x va hai diem M (0;—4),N(—6;4). Tim toa d¢ diém Ae(P) sao cho
AAMN vudng tai M ?

16 8 16 8
A. A (16;8), ——=. B. A(16;9), ——=.
A(59), &[S A1), A2
16 1 15 8
C. A(16;8), ——= D. A (16;8), ——= 1.
A8), A 213 NEURNER
Cho parabol (P) c6 phuong trinh y* = 6x. X4c dinh duong chuan ctia parabol (P) la
A.x:—g. B.x:—l. C.x:_—g. D.x:g.
3 3 2 3
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Cau9:  Cho parabol (P) c6 phuong trinh 4y® = x. Toa d tiéu diém ciia parabol (P) 1a

vl wel e er(ie)

Cau 10: Cho parabol (P) c6 phuong trinh dudng chuan X + % =0. Phuong trinh chinh tic cta parabol

(P) 1a
A. y* =4x. B. y* =X. C. yZ:%x. D. y* =2x.
Céu 11: Cho Parabol (P): y® =6x . Chon khang dinh ding

A. Phuong trinh duong chuan x = —g va Oy la tryc ddi ximg.

B. Phuong trinh dudng chun x = g va Ox 1a truc d6i xtng.

N w

o).
ol

\ R 3 N A R r A
C. Phuong trinh dudng chuan X = -5 va tiéu diém co toa do (—

N | W

\ R 3 N A R r A
D. Phuong trinh duong chuan x = ) va tiéu diém c6 toa do [

Cau 12: Cho Parabol (P) . y? = 4x . Xét cac khang dinh sau:

P “ Parabol c6 phuong trinh duong chuin x+2=0"
Q “Parabol c6 toa d¢ tiéu diem F(2;0)”

Chon khang dinh dung.

A. P ding, Q sai. B. P sai, Q sai. C. P sai, Q dung. D. P ding, Q dung.
Cau 13: Cho Parabol (P) :4y? = x . Chon khang dinh dung

A. Phuong trinh duong chuan x =-2 va Oy la tryc ddi xing.

B. Phuong trinh dudng chuan x =2 va Ox la truc ddi xing.

C. Phuong trinh dudng chuén x = —% va tidu diém c6 toa do [%;Oj.

D. Phuong trinh duong chuan x = —% va tiéu diém c6 toa do (%;OJ .

Céu 14: Trong mit phing toa do OXy, cho parabol (P): y? =6x . Khoang cach tir diém M (6;36) dén
phuong trinh duong chuan bang

A n 1 .5, .7,

2 4

Cau 15: Cho parabol (P) :y? = 2px biét rang parabol c6 tiéu diém F (5;0). Phuong trinh chinh tic cua

Parabol d6 la:

A. y* =5x. B. yzzgx. C. y* = 20x. D. y=10x°.

Céu 16: Viét phuong trinh chinh tic cta parabol (P) :y? = 2px . Biét rang khoang céach tir tiéu diém F
dén duong thing A:x+y-12=01a 24/2?

- GV. Phan Nhat Linh - @ SDT: 0817 098 716
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

ALY
A. y? =16xhodc y* =32x. B. y? = —16xhoic y* =32X.
C. y* =32xhoic y* =64x. D. y* =-32xhoic y* =64x.

Viét phuong trinh chinh tdc cua parabol (P):y? = 2px, biét ring phuong trinh duong chuén cua
(P)la x+2=07?

A. y* =8x. B. y’ = 4x. C. y* =-8x. D. y* =
Viét phuong trinh chinh tic cua parabol (P):y?=2px, biét ring (P)
A 3x—y =0 tai hai diém phan biét A,B sao cho AB = Zx/ﬁ.

A. y* =-18x. B. y* =8ix. C. y* =9x. D. y* =18x.

cit duong thing

Viét phuong trinh chinh tic cua parabol (P) biét khoang cach tir tiéu diém F dén dudng thang
A:x+Yy-12=0 bing 2+/2?

A. y? =32x hoic y* =64x. B. y® =16x hoic y* =32x.

C. y® = 24x hoic y* = 48X. D. y* =12x hodc y* = 24x.

Phuong trinh chinh tdc cua parabol (P) biét mot day cung cta (P) vudng goc véi truc OX cd
d6 dai bing 8 va khoang c4ch tir dinh O ctia (P) dén day cung nay bang 1 1a

A. y* =16x. B. y* =32x. C. y* =24x. D. y* =12x.

Phuong trinh chinh tic ciia parabol (P) biét (P) cat duong thang A:3x—y =0 tai 2 diém A;B

sao cho AB = 4x/§ la

16 36 32 18
Ay = \/E B. yzzﬁx. C. yzzﬁx. D. yzzﬁx.

Phuong trinh chinh tic cia parabol (P) biét (P) cét elip(E) 14x% + 6y =24 tai 2 diém A;B
saocho AB=2 la

A. yzzﬂx. B. yzzﬂx. C. yzzﬁx. D. yzzﬁx.
6 3 12 2

Tim diém M c6 tung d6 duong nam trén (P):y? =4x ma khoang cach tr M dén tiéu diém
bang 5.
A. (22). B. M (4;4). C. (-22). D. (-4;4).
Mot duong thang d di qua tiéu diém F cua (P):y® =2px vacét (P) tai 2 diém M,N . Tong
i+i béng
FM FN

1
A, —. B.E. C.p. D. 2p.

p p

Mot cai cau c6 ddy cép treo hinh parabol, ciu dai 120 m va dugc nang d& boi nhiing thanh thang
dung treo tir cap xudng, thanh dai nhét 12 20 m, thanh ngan nhat 1a 8 m.

Parabolic y
supporting cable

(60, 20)
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Phuong trinh chinh tic ctia Parabol 1a:

220 C. y*=145x. D. yzz—gx.

A. y*=9x. B. X.
y y 3 3

PHAN II. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon diing hoic
sai.
Caul: Cho parabol (P):y? =2px(p>0). Xét tinh ding sai ctia cdc khing dinh sau:

2) (P) c6 tiéu diém F(g;oj.

b) (P) c6 toa do truc ddi ximg 1a OX va phuong trinh dudng chuan A: x = —g.

¢) Parabol (P): y? =2px co tiéu diém F (5;0) thi phuong trinh chinh tic ciia parabol d6 1a
y? =20x.
d) Néu khoang cach tir tiéu diém F dén duong thang A:x+y—12=0 bang 22 thi phuong
trinh chinh tic cua parabol 13 y? =16x hodc y? =32x.

Cau 2: Cho parabol (P) Yyt =2 pX( p> 0) . Xét tinh dung sai cta cac khang dinh sau:

a) (P) c¢6 phuong trinh duong chuin A:y = —g.

b) Néu (P) cat duong thang A 3x—y =0 tai hai diém phéan biét A B sao cho AB = 2410 thi
phuong trinh chinh tic ctia parabol y? =18x.

¢) Mdt day cung cua (P) vudng goc voi truc OX c6 do dai bang 8 va khoang cach tir dinh O
cua (P) dén day cung nay bang 1 thi phuong trinh chinh tic cta parabol 1a y? =16x.

d) Néu( P) cat duong thang A:3x—y =0 tai 2 diém A;B sao cho AB = 42 thi phuong trinh
38,

Nk

Cau3: Trén mit phing toa d Oxy cho Parabol (P) c6 phuong trinh dang chinh tic. Biét (P) qua

chinh téc ctia parabol (P) la y* =

A(l;l). Xét tinh ding sai cta cac khang dinh sau:
a) Phuong trinh chinh tic cta (P) la y* =x.

A 3R . 1
b) Tiéu diém cua (P) la F (E;Oj )

¢) Puong chuan cta (P) la A:X+%=O.

5

d) Mot diem M niam trén (P) c6 tung dd y=-2thi MF ==

Cau 4: Trén mit phang toa do Oxy cho Parabol (P) ¢6 phuong trinh dang chinh tic. Biét (P) co tiéu
diem1a F(L0).
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Cau 5:

Cau 6:

Cau 7:

Cau 8:

AL

a) Phuong trinh chinh tic cta (P) la y* = 2x.

b) Duong chuan cua (P) 1a A:x-1=0.

¢) (P) qua A(L;4).

d) Trong cac day cung cua (P) qua tiéu diém thi day c6 d6 dai nho nhat1a 4.

Trong mit phing toa do, cho parabol (P) . y? = 4x . Xét tinh ding sai ctia cac khing dinh sau:
a) Tiéu diém cua (P) 1a F(4;0).

b) (P) di qua diém M (L-2).

¢) Puong thang A:y =X cit (P) tai 2 diém phan biét.

d) M 1a diém thudc parabol (P) c6 tiéu diém F . Khi d6 doan MF ngan nhét bang 1.

Trong mit phing toa do, cho parabol (P): y* =16x. Xét tinh diing sai cua céc khang dinh sau:

a) Tham s6 tiéu p =8.
b) Tiéu diém cua (P) la F(4;0).
¢) Phuong trinh dudong chuan A 1a x =—4.

d) M 1a diém thudc parabol (P) c6 hoanh d§ m. Khi d6 MF =5 khi va chi khim=5.

Trong mat phang toa do, cho Parabol ( P) c6 tidu diém F (% ; 0) . Xét tinh dting sai ciia cac khang
dinh sau:

. 1
a) Tham so tiéu p = >

. 1
b) Phuong trinh duong chuan A la: x - ri 0.

¢) Phuong trinh chinh tic ciia Parabol (P) la: y? =x.

d) Goi A B 1a giao diém cua (P)va d:x—y—2=0, diém C €(P) c6 tung do nguyén m sao
cho AABC can tai A khiva chikhi m=2.

Trong mit phang toa do, cho parabol (P) Lyt - J2x=0. Xét tinh dung sai cia cac khing dinh

Sau:

N

a) Puong chuan A 1a X =——.

ﬁ}

b) Tiéu diém cua (P) 1a F (7;0
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AL

¢) Khoang céch tir tidu diém dén duong chuan A bang

SE

d) Néu khoang cach tir Ae (P) (Aco tung d6 1a s thuc duong) dén dudng chuan bang 5 thi
khoang cach tir A dén truc hoanh bang 4.

Cau9: Hinh v& bén mo phong mit cit ngang ciia mot chiée dén co dang parabol trong mit phang Oxy
(don vi trén mdi truc 1a cm). Hinh parabol c6 chiéu rong gitta hai mép vanh 1a AB =40cm va
chiéu sau h=30cm (h bang khoang cach tir O dén AB ). Béng dén nim & tiéu diém S .
y
20

-20

a) (P) di qua diém A(30;20).

b) Tiéu diém cta (P) 1a F (2—;;Oj :

. 1
¢) Phuong trinh duong chuan A 1a x = —30 .

, . . . . . 22
d) Khoang cach ngan nhat tir 1 di€ém trén (P) dén duong thang d : x—2y+6=0 bang — .

3\5
PHAN lIl. Cau trac nghiém tra I&i ngan
Caul: Cho parabol (P) c6 phuong trinh chinh tic y* =8x. Goi | 1a giao diém cua dudng chuan véi
truc OX , dudng thang di qua tiéu diém F va vudng goc véi truc Ox cit (P) tai hai diém lan
luot la M, N . Tinh dién tich tam gidc IMN .
Cau2: Cho parabol (P):y®=4x va dudng thing d:2x—y-4=0. Goi A B la giao diém cia d va
(P). Tim tung d6 dwong ctia diém C €(P) sao cho AABC ¢6 dién tich bing 12.

Cau 3: Mot dén pin co choa dén mit ct hinh parabol véi kinh thudc trong hinh trén. Gidy toc bong dén
dugc dat 6 tiéu diém F .

A

18 cm

3 cm

Dé dén chiéu duogc xa phai dit bong dén cach dinh ciia chéa dén bao nhiéu cm?
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Cau4: Cho mdt cai dén vé6i chup bong dén c6 mat cit qua truc 13 parabol voi kich thudc duge thé hién
trén hinh v€, gid st xem day téc bong deén la mot diém va duoc dit ¢ vi tri tiéu diém cua parabol.
Tinh khoang cach tir ddy toc bong dén toi dinh cua chup bong dén. (Két qua 1am tron dén hang
phan trim)

il

/ N
[ ]
( 30 cm

\ /

e A

|
20 cm —|

7

Tl

Cau5:  Khi du lich dén thanh phd Xanh Luis cia My, ta s& thdy mot cai cong 16n ¢ hinh parabol hudng
bé 16m xudng dudi, d6 1a cong Acxo. Khoang cach giita hai chan cong 1a 162m. Tir mot diém
trén than céng nguoi ta do dugce khoang cach to1 mat dat 1a 43m va vi tri do trén mat dat nay dén
chan cong gan nhat 1a 10m. Chiéu cao ciia cong bang bao nhidu? (Két qua lam tron dén chir s6
thap phan dau tién sau dau phay)

Cau 6: Mot bo thu nang lugng mat troi dé 1am néng nude duge lam bang mot tim thép khong gi co mit
cét hinh parabol (minh hoa nhu hinh v& dudi day). Nudc s& chay théng qua mot duong dng nam
& tiéu diém cua parabol. Hoi duong 6ng cach dinh bao xa?
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PHUONG

PHAP TQOA PO

TRONG MAT PHANG

PHU'ONG TRINH PUONG THANG

BAI @
%
A/}

Vecto phap tuyén cia dwong thang

LY THUYET CAN NHO

Pinh nghia: Mot vecto n=0 goi 1a vecto phap tuyén (VTPT) cta dudng thing A néu gia cua nd vudng

gdc voi duong thiang A.

S

Nhén xét:
[ ]

ctia dudng thang d .

d thi nu=0.

Néu n 1a mot vecto phap tuyén cua duong thing d thi k.n (k #0) ciing 1a mdt vecto phép tuyén
Néu n 12 mot vecto phép tuyén cua dudng thang d va u 1a mot vecto chi phuong cta dudng thing

Mot dudng thang xac dinh khi biét mot vecto phap tuyén va mot diém né di qua.

Phwong trinh téng quat cia dwong thang

Puong thang d di qua diém M (Xo; yo) va ¢ vecto phap tuyén n= (A; B) thi c6 phuong trinh tong quat

la:

A(X—=X,)+B(y—Y,)=0.

Nguoc lai, trong mat phang voi hé toa @ Oxy moi phuong trinh dang Ax+ By +C = O(A2 +B*# 0) déu

1a phuong trinh tong quéat cta dudng thing d co vecto phap tuyén n = (A; B).

Mot s6 trudng hop dic biét cuia phuong trinh tong

quét: Ax+By+C =0(A’+B?=0):
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e Néu A=0 phuong trinh tr¢ thanh By+C =0y = —% duong thang song song véi truc hoanh

. . 4 C
Ox va cat truc tung Oy tai diem M (O;—Ej.
% s C .. 2 »
e Nécu B =0 phuong trinh tr¢ thanh AX+C =0 X = Yy dudng thang song song voi truc tung Oy

va cit truc hoanh Ox tai M (—%;OJ.

e Néu C =0 phuong trinh tr& thanh Ax+ By =0 duong thing di qua goc toa do O(0;0).
e Puong thiang c6 dang y=ax+b (trong d6 a dugc goi 1a hé sb goc cia duong thang ) cb vecto

phap tuyén 1a n=(a;~1). Nguoc lai duong thing c6 vecto phap tuyén 1a n=(A;B) thi co hé s
oc la —é
g B’
, 5 X
o Duong thang d di qua diém A(a;0) va B(0;b) co phuong trinh la —+%:l.
a
Phwong trinh tham s6 cia dwong thaing

Vecto chi phwong cia dwong thing:

Pinh nghia: Vecto u = 0duoc goi 1a vecto chi phwong (VTCP) ciia duong thang A néu gia clia nd song
song hodc trung v4i A.

Nhén xét:
e Néu U 1a mét vecto chi phuong cua duong thing d thi k.u (k #0) ciing 1a mét vecto chi phuong
ctia dudng thang d .

e Mot dudng thang xac dinh khi biét mot vecto chi phuwong va mot diém ma né di qua.

Phwong trinh tham s6 cia dwong thing
Cho dudng thing A di qua diém A(X,; Y, ) va c6 vecto chi phuong U = (a;b). Khi d6 diém M (x;y) thudc

(2)

X =X, +at

duong thang A khi va chi khi ton tai s6 thuc t sao cho AM =tu hay { bt
Y=Yo t

Hé phuong trinh (2) dugc goi la phuong trinh tham s6 clia duong thang A (t 1a tham sé).
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AL

Duong thing d di qua diém M (X,;Y,) va c6 vecto chi phuong u=(a; b) thi c6 phuong trinh tham s6 1a

X=X, +at ~ 5 . 5 ‘ P
{ ° . (Moi diém M bat ky thudc duong thang (d) twong tmg véi duy nhat mot s6 thuc te R va

y=Y,+bt

nguoc lai).

Nhin xét: Ac A < A(X, +at;y, +bt),teR

X=X, +at

Trong mit phang véi hé toa dd Oxy, moi phuong trinh dang { v6i a® +b? =0 déu la phuong

y=yY,+bt
trinh cta duong thing d c6 mdt vecto chi phuong 1a U = (a;b).
Phuong trinh chinh tic ciia dwong thing

Dudng thang d di qua diém M (X,;y,) va c6 vecto chi phuong u= (a;b) véi a=0,b#0 co phuong trinh

_Xo:y_yo
a b

. X
chinh tac 1a:

Lién hé giira vecto’ phap tuyén va vecto’ chi phwong

I~
gy}
I
—_~
RS
|
>
—
=
o
BT
o
<
I
i
D
>
—
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BN/ PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Xac dinh cac yéu té cua dudng thang

Phwong phap:
e Trong mit phiang v6i hé toa dd Oxy, phuong trinh dang Ax+ By +C = O(A2 +B%*# O) co vecto
phép tuyén n= (A;B).

, X=X, +at 3
e Trong mit phing véi hé toa d Oxy, moi phuong trinh dang { %o bt voi a® +b* #0 déu la
Y=Y+

phuong trinh ciia duong thing d c6 mot vecto chi phuong 13 u =(a;b).

e Néu duong thing d ¢6 n=(A;B) la mdt vecto phap tuyén thi mét vecto chi phuong ciia d 2
u=(B;-A) hoic u=(-B;A).

e Néu duong thing d c6 u = (a;b) 1a mdt vecto chi phuong thi mdt vecto phép tuyén ciia d la
n= (—b;a) hodc n= (b;—a).

o Duong thing di qua hai diém A, B thinhin AB lam vecto chi phuong.

BAI TAP TU’ LUAN

Bai tap 1: Trong mit phang toa do Oxy, cho dudng thang d : x—2y+3=0. Tim mdt vecto phap tuyén
ctia duong thang d .
Loi giai

Vid:ix-2y+3=0=n=(1-2).

. X=2+3t
Bai tap 2: Tim mot vecto chi phuong cua duong thang {y _ 3¢
Loi giai
X=2+3t -
Vi =>u=(3-1).
y=-3-t

Bai tap 3: Tim mot vecto chi phuong ctia duong thang §+% =1.

Loi gidi
Vi §+%:1@ 2x+3y—6=0=>n=(23)=u=(-32).
Bai tap 4: Tim vecto phap tuyén cta duong thing di qua hai diém A(2;3) va B(4;1)?

Loi giai

Vi duong thang (d) di qua hai diém A(2;3),B(4;1) nén dudng thing (d) c6 mot vecto chi
phuong U = AB =(2;-2) = n=(2;2).
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A
X= 5—1t
Bai tip 5: Tim vecto phap tuyén ciia dudng thang A:{~ ~ 2 ?
y=-3+3t
Loi giai
X —S—Et 1 1
ViA:{" 7 2 nén(A) c6 vec to chi phuong u= (——;3) =n= (3;—).
2 2
y=-3+3t

Bai tip 6: Cho duong thing A c6 phuong trinh tong quat: —3x + 2y —3=0. Tim vecto chi phuong cta
dudng thing A.
Loi giai
Vi A:-3x+2y—3=0 nén (A) c6 vecto phap tuyén n=(-3;2) = u=(23).
Bai tap 7: Trong mat phéng toa do Oxy, cho duong théng A cét cac truc toa do OX, Oy lan luot tai cac
diém A B sao cho OA=2,0B =3. Tim mdt vec to phap tuyén ciia duong thang A
Loi giai
Vi A cit cac truc Ox,0y lan luot tai cac diém A, B sao cho OA =2,0B =3nén (A) di qua cac
diém A(2;0),B(0;3) = vecto chi phwong U=AB= (-2;3)= n= (3;2).
Bai tip 8: Trong mt phang toa do Oxy, cho duong thdng A:2x—by +3=0 di qua diém A(3;-2). X4c
dinh vecto chi phuong cia dudng thang A.
Loi giai
Vi dudng thang A di qua diém A(3;-2) néntacé 2.3-b.(-2)+2=0<2b=-8<b=—4
Khi dé: n=(24)=u=(-42).
Bai tap 9: Trong mit phang toa @ Oxy cho duong thang A di qua diém M (—2; 2) va cit cac tia Ox,Oy

lan luot tai cac diém A, B sao cho dién tich tam giac AOAB bang 1. Tim mét vecto phap tuyén cia dudng

thang A.
Li gidi
Gid sit A céit cic tia OX,Oy Iin luot tai A(a;o),B(o;b),a>o,b>o:»A:5+%=1
a
ViiA diqua M (52)= =+ =1(1) mi S g0 =%OA.OB:%b:1<:>ab=2:>b:§(2)

_ — a=-1

Thay (2) vao (1) ta duoc ?2+%=1<:>;2+a:1<:> az—a—2=0<:{a =a=2
a

Khi do: b:1:>A:§+y:1<:> x+2y—2:0:>ﬁ:(1;2).

Bai tap 10: Duong thiang d c¢6 mot vecto phap tuyén 1a n= (—2;—5). Puong thang A song song véi d .

Tim mét vecto chi phuong ctia dudng thiang d .
Loi gidi

(o
Ta co: {“" ( ’5):ﬁA=Ud=(—2;—5):>JA=(5;—2).
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AL

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Trong mit phing Oxy, cho duong thing d :2x—3y+1=0. Mot vecto phap tuyén cua dudng
thang d 1la:
A.n=(2-3). B.n=(32). C.n=(3-2). D. n=(23).

Loi giai
Tir phuong trinh dudng thang d :2x -3y +1=0, ta c6 mdt vecto phap tuyén ciia dudng thing
d 1a n=(2-3).

, . Xx=1-2t
Trong mat phang vdi hé toa do Oxy, mot vecto chi phuong cua duong thang d : {y 543t la
=2+
A.a=(23). B. b=(32). C.c=(3-2). D. d =(2,-3).

Loi giai
Mot vecto chi phuong cta duong thang d 1a: d= (2; —3)
Trong mit phang Oxy, cho duong thang (d ) c6 phuong trinh 2x —y +5=0. Tim m{t vecto chi
phuong cua (d)
A. (L-2). B. (2,1). C. (2-1). D. (12).
Loi giai
Mt vecto chi phuong ciia dudng thing d 1a: u=(12)

Trong mit phang OXy, cho duong thang d :3x—7y—1=0. Vecto nao sau ddy 1a vecto phap
tuyén cta duong thang d
A. n=(3-7). B. n=(2;3). C.n=(37). D. n=(7;3).
Loi giai
Mot vecto phap tuyén ctia dudng thing d 1a: n=(3;-7)
Trong mit phang OXy , cho duong thang d : y = —3x +5. Mot vecto phap tuyén ciia dudng thing
dla
A. n=(13). B. n=(31). C. n=(-31). D. n=(1-3).
Loi giai
Tacod d:y=-3Xx+5<>3x+Yy—5=0 = vecto phap tuyén cua duong thing d 1a n= (31)..

Trong mat phang Oxy, cho duong thing d :4x+5y—4=0. Vecto nao sau day khong phai 1a
vecto phap tuyén cta duong thing d
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

AL
A. n =(45). B.n,=(-8-10).  C.n,=(4-5). D. E:[g;gj
Loi giai
Puong thang d c6 mot vecto phap tuyén 1a n= (4;5) .
Taco n khong cung phuong véi vecto n: nén n: khéng 14 vecto phap tuyén cua d .
Trong mit phang Oxy, cho hai diém A(L1), B(2;3). Tim mot vecto phép tuyén cia duong
trung truc ctia doan thang AB .
A.n=(L-2). B. n=(21). C.n=(-12). D. n=(12)

Loi giai
Pudng trung truc cia doan thang AB vudng goc voi doan thang AB nén c6 mot vecto phap
tuyén n=AB-= (1;2).
Trong mit phang Oxy, cho tam gidc ABC biét A(—l; —1), B(l; —3) , C(2;4). Tim mot vecto
phap tuyén cta duong cao ké tir B ciia tam giac ABC .
A.n=(35). B. n=(3,-5). C. n=(53). D. n=(-53)

Loi giai
Puong cao ké tir B ctia tam gidac ABC vudng goc v6i doan thang AC nén c6 mot vecto phap
tuyén n=AC = (3,5).
Trong mit phang OXy , vecto nao dudi ddy 1a mot vecto phap tuyén ciia d : x — 2y +2025=07
A. 1, =(0,-2). B. f, =(-2;0). C. n,=(21). D. fi, =(3-2).

Loi giai

Dudng thang d : x—2y +2025=0 c6 vecto phép tuyén la fi, = (1,-2).

. X=2-3t 2 7 2 C
Cho dudng thang (d): vadiém Al —; -2 |. Piém Ae(d) ung vdi gia tri ndo cla
y=-1+2t 2
t?
A - B.2. c.t D. 2.
- 2 3 4 4
Loi giai
1
7 t=—=
—=2-3t
TaaSAE—;—Zje(d)c> 2 & iczt:—%.
—2=-1+2t t=—=
< 2 . \ 2 x=1-4t
Trong mat phang Oxy, vecto chi phuong ctia duong thang d : y=—2+3t a
=-2+
A. U=(-43). B. u=(43). C.u=(34). D. u=(%-2).

Loi giai
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AL

x=1-4t

¢6 vecto chi phuong 1 U = —4:3).
y=-2+3t P s ( )

Puong thang d : {

Céu 12: Trong mit phang OXy, vecto nao dudi day 1a 1 vector chi phuong ciia dudng thang song song
voi truc OX :
A.u=(L0). B. u=(1-1). C. u=(L1). D. u=(0;1).
Loi giai
Vecto i =(1;0) 1a mdt vecto chi phuong ciia truc Ox

Céac duong thang song song véi truc OX c6 1 vecto chi phuong 1a Uu=i= (l; 0)

Ciu 13: Trong mat phang Oxy, cho dudng thang d:7x+3y—1=0. Vecto nio sau day 1a vecto chi
phuong ciia dudng thang d ?
A.u=(7;3). B.u=(37). C.u=(-37). D. u=(23).

Puong thing d c6 mdt vecto phap tuyén 1a n= (7;3) nén duong thang d c6 mot vecto chi

phuong 1a u=(-3;7).

Cau 14: Trong mat phang Oxy, cho hai diém A= (1,2) va B=(5;4). Vecto phap tuyén cia duong thang
AB la
A. (-L-2). B. (12). C. (-21). D. (-12).
Loi giai

Taco AB= (4;2)=2(2;1) suy ra vecto phép tuyén ciia dudng thing AB la N, = (-12).

Cau 15: Trong mit phang Oxy, cho hai diém M (2;3) va N (—2;5). Puong thang MN ¢6 mot vecto chi
phuong la:
A Uu=(42). B. u=(4-2). C.u=(-4-2). D. u=(-2;4).

Loi giai

Ta co6: MN = (—4;2). Do d6 vecto chi phuong cua MN Ia u= (4,-2).

Céu 16: Trong mit phang v6i hé toa do Oxy cho duong thing d : g — % +1=0. Vecto nao sau day la mot
3
vecto chi phuong cua d.
A. U, =(3-2). B. u, =(2;3). C.u =(2-3). D. u, =(3;2)

Loi giai
Ta thiy duong thang d c6 mot vecto phap tuyén la (2;-3).

Do d6 u, = (3;2) 1a mot vecto chi phuong cuia d.
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Céu 17: Trong mit phing Oxy, duong thing d c6 mdt vecto phap tuyén 1a n= (—2;—5). Puong thing

A vudng gboc voi d c6 mot vecto chi phuong la:

A. E:(S;—Z). B. @:(—5;2). C. @:(2;5). D. u, =(2;-5).
Loi giai
n, =(-2;-5 L B
Ta ¢o: {Adj_(g ): U, =M, =(~2;-5) hay chon —f, =(2;5).

Cau 18: Trong mit phidng Oxy, duong thdng d c6 mot vecto chi phuong 1a U = (3;—4). Dudng thang A
song song voi d c6 mot vecto phap tuyén la:
A. n =(43). B. n, =(-4;3). C. n,=(34). D. n, =(3,-4).
Loi gidi

u, =(3-4 L B
Ta co: {Ad// d( ):> U, =U, =(3;-4) =i, =(43).

Cau 19: Trong mit phang Oxy , duong thdng d c6 mdt vecto chi phuong 1a U = (3;—4) . Duong thang A
vuodng goc voi d co mot vecto phap tuyén 1a:
A. n =(43). B. n, =(—4;-3). C. n,=(34). D. n, =(3,-4).
Loi giai

|y =(3-4)
T : n, =0, =(3-4).
aco {AJ_d =N, =U, ( )

Céu 20: Trong mit phang Oxy , dudong thang d c6 mot vecto phap tuyén 1a n= (4; —2) . Trong céc vecto
sau, vecto nao 1a mot vecto chi phuong cta d ?
A. U =(2-4). B. U, =(~2;4). C. u,=(12). D. u, =(22).
Loi giai

, . ~ 1.
Puong thang d co vecto phap tuyén: n (4; —2) = vecto chi phuong U = (2; 4) hodc Eu = (1; 2).

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic
sai.

Caul: Trong mit phing toa do OXy, cho duong thiang d:x—2y+3=0. Xét tinh ding sai clia cac
khang dinh sau:
a) Puong thang c6 mot vecto phap tuyén 1a n= (1; 2) .

b) Puong thang c6 mot vecto chi phuong 1a u= (2;1) .
¢) Pudng thing c6 mot vecto chi phuong 1a U =(a;b) thi a—2b=0.

d) Buong thfmg cit cac truc toa do Ox,0Oy lan luot tai A,B. Khi do AB = (3;%) la mot vecto

chi phuong ctia dudng thing (d).
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Loi giai
a) Sai: n=(L-2).

b) Ping: Vi d:x-2y+3=0=n=(L-2)=u=(21)
¢)PungVinLu=nu=0=la+(-2)b=0<a-2b=0.

d)Pung Vi d: x—2y+3=0 cit truc Ox tai A nén toa do diém A 1a nghiém ctia hé

X—2y+3=0 X=-3
= = A(-3,0)
y=0 y=0
\ z . A A R N “ A A X—2y+3:0
Vi d:x—2y+3=0 cattruc Oy tai B nén toa do diém B la nghiém cta hé 0=0
X: =
x=0
= 3:B(O;§j:ﬁ:[3;§j
yZE 2 2

Cau2: Trong mat ph:fmg toa do, cho hai diém M (4; O), N (2; —2). Xét tinh ding sai cia cac kh:flng dinh
sau:
a) Duong thing A di qua hai diém M (4;0),N(2;-2) c6 mét vecto chi phuong la u = (-1-1)

b) Puong thing A di qua hai diém M (4;0),N(2;,-2) co mét vecto phap tuyén 1a n=(11)
¢) Puong thang A 1a dudng trung tryc ciia doan thang MN c6 mét vecto chi phuong 1a u= (—1; l)

d) Puong thang A di qua hai diém M (4;0), N (2;,—2)c6 mét vecto phap tuyén 1a n=(a;b) thi

a=-b
Loi giai
a) Ping: Ta c6 MN =(-1-1)=u=(-1-1).
b) Sai: Vi u=(-L-1)=n=(L-1)
¢) Sai: Vi A la dudng trung truc ctia doan A L MN = u=MN =(-1-1)

d)Ping: ViuLn=un=0=>-a-b=0<a=-bh.

Cau 3: Trong mat phang toa dd Oxy, dudng thing A c6 phuong trinh tong quat 3x —4y +16 =0. Xét

tinh dung sai cua cac khang dinh sau:

a) Puong thang A c6 vecto phép tuyén n= (3; 4) .

b) Duong thang A di qua diem M (3;—4).
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Cau 4:

PHAN III.
Cau 1:

AL

¢) Puong thing A cohésb k = %

d) Puong thang A c¢6 mdt vecto chi phuong la: u= (1; gj .

Loi giai
a) Sai: Duong thing A c6 vecto phap tuyén n = (3,-4).
b) Sai: Ta c6: 3.3—4.4+16 =9 0 nén duong thing A khong di qua diém M (3;—4).

¢) bng: Puong thing A c6 hé sé k = §

4
, . - 3 —~ 3
d) bung: Ta co: 3X—4y+16:0:>n:(3;—4):4 Z;_l =Uu= 1;Z .

Trong mit phang toa d Oxy, cho tam giac ABC ¢o A(L4), B(3;2), C(7;3). Xét tinh dung sai
ctia cac khang dinh sau:

a) Puong thang AB c¢6 mét vecto chi phuong 1a u= (—2; 2)

b) Goi M 14 trung diém cua BC . Puong trung AM cua tam gidc ABC ¢ mot vecto chi phuong

¢) Puong cao AH ciia tam gidc ABC c6 mot vecto phap tuyén 1a n= (—l; 4)
d) Puong thang A # AB ¢6 mot vecto phap tuyén la n= (1; l) .
Loi giai

a) Ding: Tac6 AB=(2,-2)=—(-2;2) = u=(-22).
b) Pung: Ta c6 M (S;EJ = AM = (4;—§j = U= (4;—% .

2 4 4
¢) Sai: Taco AH L BC=n=BC =(41).
d) Vi A/ AB nén u, = AB =(2;,-2)=n, =(11)
Cau trac nghiém tra I&i ngan

Chuyén dong ctia vat thé M duoc thé hién trén mit phang toa do Oxy . Vat thé M khoi hanh tir

diem A(5;3) va chuyén dong thing déu véi vecto van toc 1a V =(1,2). Duong thang biéu dién
chuyén dong c6 vecto phap tuyén n = (a;b),(a,b#0). Tinh % .

Loi giai
Ta c6 véc to chi phuong ctia duong thing biéu dién chuyén dong la

G=Q=(1;2):>n=(—2;1):>%=—2.
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Cau2: Détham gia mot phong tap thé duc, ngudi ta phai tra mot khoan phi tham gia ban dau va phi st
dung phong tap. Puong thang A & hinh sau biéu thi tong chi phi (truc tung don vi: triéu dong)
tham gia mot phong tap thé duc theo thoi gian ctia mot ngudi (truc hoanh don vi: thang).

7 RS S ] :

o Ty

Téng chi phi ma ngudi d6 phai tra khi tham gia phong tap thé duc véi thoi gian trong 1 nim 8
triéu dong.

Loi giai
Puong thang A di qua hai diém 1an luot ¢6 toa o (0;1,5),(7;5) nén A c6 mot vecto phap tuyén

1a u=(1-2) nén phuong trinh A la x—2y+3=0

Trong 1 nam gdm 12 thang Gmg véi x =12.
\ . \ 2 , 1 3
T phuong trinh duong thang A tacé x—2y+3=0<y= EX + 2

Thay x =12 vao duong thang A tacé : y =%.12+g =%= 7,5
Vay tong chi phi ma nguoi d6 phai tra khi tham gia phong tap thé duc voi thoi gian 12 thang 1a
7,5 tridu dong.

Cau3: Trong mit phang toa dd Oxy cho duong thang A di qua diém M (1; 4) va cét cac tia Ox,0y lan
luot tai cac diém A,B sao cho OA+ OB dat gi tri nho nhan. Khi d6 A c6 vecto phap tuyén la

n=(X;Y,)- Tinh o

2y,
Loi gidi
Gia sir A(a;0),B(0;b),a,b>0=>u=AB=(-a;b)=n=(b;a)=A:bx+ay-ab=0.
Laic6 OA+OB=a+b A diqua M(1;2):£+g:1(1)
a
Mit khac (1+ 2)2 =(\/5i+\/5ij2 S(a+b)(l+2](2)
Ja b a b
b
a=3 a=3 - X
T (1),(2) = (OA+0B),, =(1+2)2<:> 2 <:>{ =n=(63)=> -2 =1.
" 1,4_, |o=s 2y,
a b
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Cau4: Cho tam gidc ABC c6 A(2;0), B(0;3), C(-3;1). Duong thang d di qua B va song song vé6i

P 2 . . \
AC c6 vecto phap tuyén n=(a;b). Tinh 3—2 (Két qua 1am tron dén hang phan tram).
Loi gidi
21 2

Ta ¢6: U, = AC =(-51) = f, =(L8)= 35 =1 ~013.

Cau5: Trong mat phéng voi hé toa dd Oxy, cho tam gidc ABC c6 phuong trinh canh AB Ia
Xx—y—2=0, phuong trinh canh AC 13 x+2y—-5=0. Biét trong tdm cua tam giac 1a diém
G(3;2) va phuong trinh dudng thing BC c6 dang x+my +n=0. Tim m+n.

Loi giai
A 2 o | X—y=2=0 x=3
Toa d¢ diém A 1a nghiém cua hé & nén A(3;l)
X+2y-5=0 y=1

Goi B(b;b—2) va C(5—-2c;c) va G la trong tdm tam giac ABC nén b, ¢ 13 nghiém cta hé

{5‘2““3:9 {b:5:> B(5:3); C(L2)= BC =(-4;-1)

IS
c+b-2+1=6 c=2

Chon mot vecto phap tuyén cia dudng thing BC 1a ng. =(L —4) suy ra phuong trinh duong
thang BC 1a: 1(x—1)—4(y-2)=0<BC:x—-4y+7=0.

Vay m=—-4;n=7 nén m+n=3.

Ciu 6: Cho tam gidc ABC biét truc tam H (1;1) va phuong trinh canh AB:5x -2y +6 =0, phuong
trinh canh AC :4x+ 7y —21=0. Mot vecto phap tuyén clia canh BC la @ = (a;— 2) . Khi do
gia tri ciia a bang bao nhiéu?

Loi giai
Puong thaing BH vudng goc véi AC :4x+ 7y —21=0 nén c6 phuong trinh: 7Xx—4y+m=0
Duong thang BH diqua H(L1) nén 7.1-4.1+m=0=>m=-3=BH :7x-4y-3=0
5x—2y+6=0 |X7° (_5__19j

-19=B

Khi d6: B=BH m AB thitga d) B thoa h¢ =
7x—4y-3=0 y =

2

= A(0;3) khi AH =(1,-2)

5X—-2y+6=0 x=0
Toa do A thoa hé &

4x+7y—-21=0 y=3
Puong thang BC di qua B(—S; — %j vanhan AH = (1; —2) lam vecto phap tuyén.

Khido a=1.

HET-

GV. Phan Nhat Linh - & SDT: 0817 098 716




Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MO1

AL

Dang 2: Viét phudng trinh dudng thang

Phwong phap:
Phwong trinh tong quét ciia dwong thing:
e Puong thing d di qua diém M (XO; yo) va ¢ vecto phap tuyén n= (A; B) thi c6 phuong trinh
téng quat 1a:
A(x—x,)+B(y—y,)=0.
Phuong trinh tham sb ciia dwdong thing:
e Cho dudng thing A di qua diém A(X,;Y,)va c6 vecto chi phuong a=(a;b). Khi d6 diém
M (X; y) thudc duong thang A khi va chi khi ton tai sé thuc t sao cho AM =tu, hay:

X=X, +at
y:yo+bt

Hé trén dugc goi 12 phuong trinh tham sé ctua duong thang A (t1a tham sb).
Phwong trinh chinh tic ciia duong thing:
e Duong thang d di qua diém M (X,;y,) va c6 vecto chi phuong U= (a;b) véi a=0,b=0 co

X=X _ Y=Y
a b

phuong trinh chinh tic 1a:

BAI TAP TU LUAN

Bai tap 1: Trong mét phang toa d9, 1ap phuong trinh tong quat cua dudng thang A di qua diém A(2;1) va
nhan n=(3;4) 12 mt vecto phap tuyén.
Loi gidi
Puong thang A ¢6 phuong trinh la 3(x—2)+4(y—-1)=0 hay 3x+4y-10=0
Bai tip 2: Trong mit phang toa do, lap phuong trinh tham sé cua duong thang A di qua diém A(2;—3)
vanhan U = (3;4) Ia mot vecto chi phuong.
Loi gii
Vi duong thing A di qua diém A(2;-3) vanhan u(3;4) 12 mot vecto chi phuong nén c6 dang

X=2+3t

tham s6 1a {
y=-3-t

Bai tap 3: Trong mit phang toa do, 1ap phuong trinh tham sd ciia duong thing A di qua hai diém A(3; 0)

va B(0;2).

Loi giai

GV. Phan Nhat Linh - & SDT: 0817 098 716




Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

AL

x=3-3t

y=2t

Bai tap 4: Trong mit phing toa do, cho tam gidc c6 ba dinh A(=15),B(2;3),C(6;1). Lap phuong trinh
téng quét cia dudng cao ké tir A cua tam giac ABC .

Phuong trinh tham s ciia duong thang AB 1a {

Loi giai
Puong cao ké tir A cua tam giac ABC vudng goc véi BC nén co6 mot vecto phap tuyén la
BC =(4-2).

Duong cao ké tir A(=1;5) cta tam giac ABC c6 phuong trinh tong quét 1a 4(x+1)—2(y—5)=0
hay 4x—2y+14=0 <2x-y+7=0.
Bai tap 5: Trong mat phang toa do, lap phuong trinh tham sb cia duong thang A di qua diém A(2;—3)
vanhan n= (3;4) 1a mot vecto phap tuyén.
Loi giai
Vi n=(3;4)Ia vecto phap tuyén cia duong thing A nén vecto chi phuong cua duong thing A
la u=(4-3).
Phuong trinh tham sé cua duong thang A di qua diém A(Z; —3) Vaco U= (4; —3) la mot vécto

X=2+4t

hi phuong la A:
chip gla {y=—3—3t

Bai tap 6: Lap phuong trinh tham s6 ciia duong thang A di qua diém M (=1;2)va song song véi duong
thang d :3x—4y—-1=0.
Loi giai

Puong thing d c6 mot vecto phap tuyén n=(3;~4).

Vi duong thing A song song vai duong thing d nén d nhan n =(3;—4)1am vecto phap tuyén,

do d6 d c6 vecto chi phuong U= (4;3).

X=-1+4t

Phuong trinh tham sb cta dudng thang A 1a :
y=2+3t

Bai tip 7: Trong mit phing toa dd Oxy , cho duong thang A cit cac tia Ox,Oy lan luot tai cac diém A B
sao cho OA = 2,0B = 3. Viét phuong trinh tham sé ctia duong thang A
Loi giai
Vi A cit cac truc Ox,Oy 1an luot tai cac diém A, B sao cho OA =2,0B =3nén (A) di qua cac
diém A(2;0),B(0;3)= vec to chi phuong U= AB =(-2;3)
. , C[x=2-2t
Phuong trinh tham s6 cua duong thang A la 3
y =

Bai tap 8: Lap phuong trinh tham s6 cua duong thang A di qua diem M (-1;2) va vudng goc véi duong
thang d :3x—4y—-1=0.

- GV. Phan Nhat Linh - @ SDT: 0817 098 716




Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MO1

AL

Loi gidi
Puong thing d c6 mét vecto phap tuyén n=(3,~4).
Vi duong thing A vudng géc véi duong thing d nén A nhan u(3,~4)1am vecto chi phuong

X=-1+3t

Phuong trinh tham sb cta duong thing A 12 { oat
y=z-

Bai tip 9: Trong mit phang toa dd Oxy cho dudng thing A di qua diém M (-2;2)va cit céc tia Ox,Oy
1an luot tai cac diém A, B sao cho dién tich tam giac AOAB bang 1. Viét phuong trinh tong quat ciia dudng

thang A.
Loi giai

Gia sir A cét cac tia Ox,Oy lan luot tai A(a;O),B(O;b),a>O,b>0:>A:5+X:1
a

b
. ) -2 2
Vi A diqua M (—2;2):;+E:1(1)
Laico S,z :%OA.OB:%b:R: ab:Z:b:S(Z)

_ - a=-1
Thay (2) vao (1) ta duoc ?2+£:1<:>;2+a:1<:> az—a—Z:Oc{a , =a=2

a
Xy
:>b=l:>A'§+I=1<:> X+2y—-2=0.

Bai tap 10: Lap phuong trinh tham s6 va phuong trinh téng quat ciia duong thang di qua hai diém phan
biet A(X;Y;), B(X,;Y,)cho trudc.

Loi giai
Taco AB=(X—X;Y,~ )
Puong thing AB di qua A(X;;y,)Va B(X,;Y,)nén co vecto chi phuong AB = (X, —X;Y, ~ Vi),

do d6 ¢6 vecto phap tuyén n=(y, —y;;% X, ).

X:X1+(X2_X1)t

. (t1a tham sd)
Y=Y +(y2 - yl)t

Phuong trinh tham s6 dudng thang AB la {

Phuong trinh tong quéat duong thang AB 1a (y, — ¥, )(x—x ) +(x =%, )(y—y.)=0.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Trén mit phang toa d6 Oxy, cho hai diém A(-2;3) va B(4;-1). Phuong trinh nao sau day la
phuong trinh duong thang AB ?
X—4 Xx=1+3t
A. x+y-3=0. B. y=2x+1. C.—=—-. D. .
6 y=1-2t
Loi giai
Bén phuong trinh di cho trong bon phwong an déu 1a phuong trinh cua duong thang.

Thay lan luot toa do cia A, B VAo timg phuong an ta thay toa do cia cd A va B déu thoa
phuong an D.

Phuong trinh tham s cua dudng thang di qua hai diém A(2;-1) va B(2;5) la

X = 2t X=2+t x=1 X=2
A . B. . C. . D. .
y =—6t y=5+6t y =2+6t y =—1+6t
Loi gidi
Vecto chi phuong AB =(0;6).

X=2

Phuong trinh duong thing AB di qua A va c6 vecto chi phuong AB =(0;6) la {y 1+ 6t
=—1+

Trong mat phang toa do OXy, cho hai diém A(3;-1) va B(-6;2). Phuong trinh nao dudi day
khong phai 1a phuong trinh tham s6 cta duong thang AB ?
X=3+3t X=3+3t X =-3t X=-6-3t
A. : B. : C. : D. :
Loi giai
Céch 1: Thay toa do cac diém A, B lan luot vao cac phurong trinh trong cac phuong an trén thi
thiy phuong an B khong thoa man.
C4ch 2: Nhan thay rang cac phwong trinh & cac phuong an A, C, D thi vecto chi phuong ctia cac
duong thang d6 cung phuong, riéng chi ¢ phuong an B thi khong.
Phuong trinh tham s ctia duong thang qua M (L-2), N(4;3) la
X=4+t X=1+5t X=3+3t X=1+3t
: : B. : C. : D. :
y=3-2t y=-2-3t y=4+5t = ly=-2+5t
Loi giai
Puong thing c6 vécto chi phuong 1a MN = (3;5) vadiqua M (L—2) nén c6 phuong trinh tham
Lo | X=1+3t
so la .
y=-2+5t
Phuong trinh tham s cia duong thang di qua hai diém A(3;-1),B(-6;2) la
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Cau 6:

Cau7:

Cau 8:

Cau 9:

AL
X=-1+3t X=3+3t X=3+3t X=3+3t
A. ) B. ) C. ) D. .
y=2t - ly=-1-t y=—6-t y=-1+t

Loi giai
Tac AB=(-9;3)=u,, =(3;-1).

Xx=3+3t

Suy ra phuong trinh tham sb ctua duong thang AB 1a {y 1t

Trong mat phang toa do, cho hai diém A(3;0),B(0;2) vaduong thing d : x+y =0. Lap phuong

trinh tham sé cua duong thang A qua A va song song véi d .

A. . B. . C. . D. .
y=3-t y=3+t y=3-t y =3+t
Loi giai

Tacé A songsong voi d nén A:x+y+C=0(C=0).

A qua A(3,0),suyra3+0+C=0<C=-3

. [x=

Nhu vay A:Xx+Yy—3=0 nén A c6 phuong trinh tham so: { 3_t"
y=9-

X=5+t

. Phuong trinh téng quat cuia dudn
y=-9-2t g gq g

Cho duong thang d c6 phuong trinh tham s {

thang d la
A. 2x+y-1=0. B. 2x+y-1=0. C. x+2y+1=0. D. 2x+3y-1=0.
Loi giai
, X=5+t t=x-5
buong thang (d):{ {

< =>y=-9-2(x-5 2x+y-1=0.
y=-9-2t 7 ly=—9-2t 7 (x=5) &= 2xty

Trong mit phang Oxy cho diém M (L2). Goi A,B Ia hinh chiéu cia M [én Ox,Oy. Viét
phuong trinh duong thang AB .
A x+2y-1=0. B. 2x+y+2=0. C. 2x+y-2=0. D. x+y-3=0.
Loi giai
Ta c6 hinh chiéu cua diém M (L 2) 1&én Ox,Oy lan luot 1a A va B. Do dé phuong

trinh duong thing AB I %%:1@ 2x+y—-2=0.

Xx=3

, . —bt .
Trong mat phang toa do Oxy, cho duong thang d: { Lo at (t e R). Phuong trinh tong quét
+

cua duong thing d 1a
A. 4x-5y-7=0. B. 4x+5y-17=0. C. 4x-5y-17=0. D. 4x+5y+17=0.
Loi giai
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AL

t_3—x
X =3-5t 5

y=1+4t

Du&rngthéngd:{ (teR) < :>3_TX:yT_1<:>4x+5y—l7=O

Cau 10: Trong mat phang véi hé truc toa do Oxy , cho dudng thang d cat hai truc Ox va Oy lan luot tai
hai diém A(a;0) va B(0;b) (a=0;b0). Viét phuong trinh dudng thang d.

Ad XYoo, B.d:2-Y_1. c.d:*+Y -1 D.d:2+Y_1.
a b a b - a b b a

Loi giai

Phuong trinh doan chin cua duong thing d : Xy % =1.
a

Cau 11: Phuong trinh duong thang di qua hai diém A(0;4),B(-6;0) Ia:

A XY B. X+ -1 c. XY g D. X Y-
6 4 1" 6 4 6 =6 4
Lai giai
Phuong trinh duong thing di qua hai diém M (a;0),N(0;b) véi a,b=0 la >+ % -1,
a

Cau 12: Phuong trinh duong thang d di qua A(L-2) va vudng goc véi duong thang A:3x—2y+1=0
la:
A. 3x-2y-7=0. B. 2x+3y+4=0. C. x+3y+5=0. D. 2x+3y-3=0.
Lo giai

Do d L A=n,(2;3)

Ma duong thang d di qua A(L-2) nén ta c6 phuong trinh:
2(x—1)+3(y+2)=0<2x+3y+4=0.

Viy phuong trinh duong thang d : 2x+3y+4=0.

Cau 13: Cho duong thang d :8x—6y+7 =0. Néu dudng thang A di qua gdc toa do va vudng goc Vi
duong thang d thi A c6 phuong trinh 1a
A. 4x-3y=0. B. 4x+3y=0. C. 3x+4y=0. D. 3x-4y=0.
Loi gii
Vi A vubng goc véi duong thang d :8x—6y+7 =0 nén phuong trinh A:6x+8y+C =0
Ma A di qua gbc toa do néntaco: 6.0+8.0+C=0<C =0.

Vay phuong trinh A:6x+8y =0 hay A:3x+4y=0

Cau 14: Trong hé truc Oxy, duong thang d qua M (1;1) va song song v&i duong thang d': x+y-1=0

c6 phuong trinh la
A x+y-1=0. B. x—y=0. C. x+y-1=0. D. x+y-2=0.
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Cau 15:

Cau 16:

Cau 17:

Céau 18:

AL

Lo giai
Do duong thang d song song véi dudng thang d': x+y—1=0 nén duong thang d nhéan vec

to n= (1) 1am véc to phép tuyén.

Khi d6 duong thang d qua M (L1) va nhan vec to n=(11) lam véc to phap tuyén c6 phuong
trinhla x+y-2=0.

Viét phuong trinh tong quét cua duong thang di qua diém 1(—12) va vudng goc véi duong
thang c6 phuong trinh 2x—y+4=0.
A. x+2y=0. B. x+2y-3=0. C. x+2y+3=0. D. x-2y+5=0.
Loi giai
Ta c6 dudng thang vudng goc véi 2x—y+4=0 cb phuong trinh X+2y+m=0, ma duong

thang nay di qua diém 1(~12),suyra -1+22+m=0< m=-3.
Vay duong thang can tim c6 phuong trinh x+2y-3=0.
Trong mit phang véi hé toa do Oxy, cho ba diém A(2;0), B(0;3) va C(-3;-1). Buong thang
di qua diém B va song song voi AC c6 phuong trinh tham sb 1a:

X =5t X=5 X=t X=3+5t
A. . B. . C. . D. .

y=3+t y=1+3t y =3-5t y=t

Loi giai

Goi d 1a duong thang qua B va song song vai AC .

B(0:3) < d -
Tach . ——d :{ (teR)
U, = AC = (-5;-1) = -1.(5,1) y=3+t

Trong mat phang véi hé toa do Oxy, cho ba diém A(3;2), P(4;0) va Q(0;-2). Puong thang
di qua diém A va song song voi PQ c¢6 phuong trinh tham s la:
X=3+4t X=3-2t X=-1+2t X=-1+2t
. . B. . C. . D. .
y=2-2t y=2+t - oly=t y=-2+t
Lo giai

Goi d 1a duwong thing qua A va song song véi PQ.

] A(3;2)ed {x:3+2t
Ta co: - =d:
Uy =PQ=(-4,-2)=-2(2;1) y=2+t

X=-1+2t
y=t

(teR).

—==25M(-10)ed —>d:{

Viét phuong trinh tham s6 cua duong thang d di qua diém M (4;-7) va song song véi truc Ox
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

ALY
x=1+4t x=4 X=—7+t X=t
A. . B. . C. . D. .
{y:—Yt {y:—7+t {y:4 {y:—7
Loi giai
Ta co: UOX=(1;0)—>ud:(1;o)—>d:{);_ ; “—4>A(O;—7)ed:>d:{);_ .

buong thang d di qua diém M (12) va song song véi duong thang A:2x+3y-12=0 cb
phuong trinh tong quat 1a:

A. 2x+3y-8=0. B. 2x+3y+8=0. C. 4x+6y+1=0. D. 4x-3y—-8=0.
Loi giai
M(L2)ed M(L2)ed
Ta co: ( )e - ( )
df|A:2x+3y-12=0 |d:2x+3y+c=0(c#-12)

Khi dé: 21+3.2+c=0&c=-8 nén d:2x+3y—-8=0.

Phuong trinh tong quat cia duong thang d di qua O va song song Vvéi duong thang
A:6x—4x+1=0 la:

A. 3x-2y=0. B. 4x+6y=0. C. 3x+12y-1=0. D. 6x—4y-1=0.
Loi giai
i O(O;O)ed O(O;O)ed
Ta co: — —6.0-40+c=0<c=0.
df|A:6x—4x+1=0 |d:6x—4x+c=0(c#1)

Vay d:6x-4y=0<d:3x—-2y=0.

Viét phuong trinh duong thang A di qua diém A(4;-3) va song song véi duong thing

d: X=3-2t
ly=1+3t"

A. 3x+2y+6=0. B. 2x+3y+17=0. C. 3x+2y-6=0. D. 3x-2y+6=0.

Loi giai
A(4;,-3)ed
A= gy ed
Taco: Uy =(-2;3) -+ _ -
Alld u, =(-2;3)>n, =(3;2)

Khi d6: A:3(x—4)+2(y+3)=0< A:3x+2y-6=0.

Viét phuong trinh tong quat ciia duong thang d di qua diém M (-1;,0) va vudng géc véi duong

thang A : .
and {y:—Zt

A 2x+y+2=0. B.2x-y+2=0. C. x-2y+1=0. D. x+2y+1=0.
Loi giai
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A
M(-L0)ed
- M(-10)ed
Taco: 4U, =(L,-2) —< —d:1(x+1)-2(y-0)=0<d:x-2y+1=0.
Ny :(1;_2)
dLA
A . . 2 C A , ) . Xx=1-3t
Cau 23: Puongthang d diquadiém M (-2;1) vavudng géc véi duong thang A {y .kt c6 phuong
trinh tham s 1a:
{x:—2—3t {x:—2+5t {x:1—3t {x:1+5t
A. . B. . C. . D. :
y=1+5t —oly=1+3t y=2+5t y=2+3t
Loi giai
M(-2;1)ed
| (=21) M(-21)ed X =—2+5t
Ta co: yU, =(-3;5) —1 _ - —d: (teR).
d1A fy =(-3,5) > Uy =(5;3) y=1+3t

Cau 24:

Céau 25:

Cau 26:

Viét phuong trinh tham s6 cia duong thing d di qua diém A(—12) va song song véi duong
thang A:3x—13y+1=0.

{X=—1+13t {X=1+13t {X=—1—13t {X=1+3t
A . B. . C. . D. .
y=2+3t y=-2+3t y=2+3t y=2-13t
Loi giai
A(-1;2)ed
, Q( ) A(-L2)ed x=-1+13t
Ta co: 40, =(3;,-13) >+ _ - —d: (teR).
Ay =(3;-13) —> U, =(13;3) y=2+3t

dllA

Viét phuong trinh tong quéat ciia duong thang d di qua diém M (—2;-5) va song song véi duong

phan giac goc phan tu thir nhat.

A. x+y-3=0. B. x-y-3=0. C. x+y+3=0. D. 2x-y-1=0.
Lai giai
M(-2;-5)ed
(~2:-5)e M (-2-5)=0
Taco: 4(I):x—y=0(A)—> —-2—-(-5)+c=0=c=-3.
d:x—y+c=0(c+#0)

dl|A
Vay d:x—y-3=0.

Viét phuong trinh tong quat cua dudng thang d di qua diém M (3;—1) va vudng géc véi duong

phan giac goc phan tu thir hai.
A x+y—-4=0. B. x—-y-4=0. C.x+y+4=0. D. x-y+4=0.
Lai giai
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AL
M (3;—1)6 d M (3__1)
Ta co: (II):X+y=0(A):>{ N _
i d:x—-y+c=0

Khi do: 3—(-1)+c=0<c=—4—>d:x-y-4=0.

Céau 27: Trong mit phing Oxy, cho A la duong thing di qua diém A(3;—1) va ¢ vecto phap tuyén

fi =(—2;1). Phuong trinh tong quat cta duong thang Ala:
A. 2x+y+7=0. B. 2x+y-7=0. C.x+2y-1=0. D. 2x-y+7=0.
Loi gidi

Puong thing A c6 phuong trinh tong quat 1a:
—2(x-3)+1(y+1)=0< -2x+6+y+1=0<-2x+y+7=0.
Vay phuong trinh téng quét cia duong thang A 1a —2x+y+7=0.

Cau 28: Trong mit phang Oxy, cho cac diém A(2;—1); B(O;4). Viét phuong trinh téng quat ciia dudng
thang A di qua A va vudng goc véi AB ?
A. —2x+5y-9=0. B. -2x+5y+9=0. C.2x-y+4=0. D. 2x+3y—-1=0.
Loi giai
Tacod AB= (—2;5) 12 mot vecto phéap tuyén cua dudng thing A.
Phuong trinh tong quat ciia duong thang A 1a:
—2(x—2)+5(y+1)=0 < -2x+4+5y+5=0 < -2x+5y +9=0.
Cau 29: Phuong trinh tong quat ctia dudng thang di qua A(l; 1) va B (—3; 2) la
A. 4x—-y+14=0. B. -3x+2y+14=0. C. x+4y+5=0. D. x+4y—-5=0.
Loi giai
Taco AB=(—41). Tir do suy ra duong thing di qua A(L1) va B(-3;2) co vecto phap tuyén 1a
n=(L4).
Vay phuong trinh tong quét ciia dudng thang 1a: (x—1)+4(y—1)=0 hay x+4y—5=0.

Cau 30: Viét phuong trinh ciia dudng thang d di qua diém M (2;-3) va cdt hai truc toa do tai hai diém

A va B sao cho tam giac OAB vudng can.

A. y=—-x-1. B.y=—x-1vay=x-5.
C. y=x-5. D. y=2x—-7 va y=-2x+1.
Loi gidi

Dudng thing d di qua diém M (2;-3) va cit hai truc toa d tai hai diém A va B sao cho tam

gidc OAB vudng cin nén dudng thing d tao véi truc Ox goc 45°.
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Cau 31:

Cau 32:

Ciu 33:

Cau 34:

AV

. , k=1
Vay hé s0 goc k cua duong thang d thoa man |k|=tan45°=1= {k _

Véi k =1, khi d6 phuong trinh dudng thang d 1a y=1.(x-2)-3< y=x-5.
V6i k = -1, khi d6 phuong trinh dudng thing d la y=-1(x-2)-3< y=-x-1.

Viét phuong trinh cua dudng thing A di qua giao diém cua hai duong thing d:x+y=1,
d,:2x+y =0 va co hé s6 goc bang 3.

1 7 -1 5

A. y=3Xx+5. B. y=-3x-1. C.y=—X+—. D.y=—x+-—.

Ay y y 3 3 y 3 3
Loi giai

Toa d9 giao diém ciia hai duong thang d, va d, thoa man hé phuong trinh
X+y=1 X=-1
= .
2Xx+y=0 y=2
Dudng thing A di qua giao di€ém M (—1;2) cua hai dudng thang d,,d, va c6 hé s6 goc bang 3

c6 phuong trinh la y=3(x+1)+2<:> y=3X+5.

Cho duong thang d c6 phuong trinh tong quat 1a 4x +3y —24=0. Viét phuong trinh dudng
thang d dudi dang phuong trinh dudng thing theo doan chan.

A.§+X=1. B.§+X= . C.§+X=l. D.
4 3 3 4

d:4x+3y—24=0.
Duong thdng d cét truc hoanh tai diém A(6;0).

Duong thdng d cét truc tung tai diém B(0;8).
\ 2 . . 2.2 ) \ ) Xy
Puong thang d di qua hai diém A(6;0) va B(0;8)=d .E+§:1.

Goi d la dudng thang di qua hai diém A(2;0) va B(0;3). Duong thing d di qua diém nao
dudi day?
A. M(2;3). B. N(3;2). C. P(-3;4). D. Q(4;-3).

Loi gidi

Puéng thing d di qua hai diém A(2;0) va B(0;3)=d :g+§:1<:>3x+2y—6:0.

Dé thdy dudng thang d di qua diém Q(4;-3).

Viét phuong trinh tong quat ciia duong thang d ct truc hoanh tai diém c6 hoanh d6 bang 4 va
cét truc tung tai diém co tung do bang —3.
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y J
A.3x—4y+12=0. B.4x-3y-12=0. C.4x-3y+12=0. D.3x-4y-12=0.
Loi giai

Puong thang d cit truc hoanh tai diém A c6 hoanh do bang 4 = A(4 ; 0) .

Duong thang d cét truc tung tai diém B c6 tung do bang -3 = B(0; - 3).
Puéng thing d di qua hai diém A(4;0) va B(0;-3)=d :§+13=1@ 3x—4y-12=0.

Céu 35: Viét phuong trinh ctia dudng thang d di qua diém M (5;—7) va cit hai truc toa d¢ tai hai diém
A va B saocho M 1a trung diém cua AB.

A.§+¥:. B. XY c. XY p. ~_Y

. . . =1.
5 7 10 14 =10 14
Loi giai

Puong thang d cit tryc hoanh tai diém A(a; O) .

Puong thang d cit tryc tung tai diém B(0;b).

5_a+0
. \ -2 , 2 a=10
Tacdé M la trung diém cua AB < = .
_7_O+b b=-14
2
Puong thing d di qua hai diém A(10;0) va B(0;-14) = d :%—ﬁ:l.

Cau 36: Phuong trinh tong quat ciia duong thang A di qua M (0;1) va vuong goc voi d : 3x—2y+1=0

la
A. 2x+3y-1=0. B. 3x-2y+2=0. C.3x-2y+4=0. D.2x+3y—-3=0.
Loi gii
Puong thing d c6 mot vecto phap tuyén 1a n = (3;-2).
Do dudng thing A vudng gbc v6i d nén A c6 mot vecto phap tuyén la n, = (2;3).
Phuong trinh tong quét ctia duong thang A duoc xac dinh:
2(x—0)+3(y-1)=0<2x+3y—-3=0.
Cau 37: Cho tam giac ABC co A(2 ; 0) , B(0;3) ,C (—3;1). Phuong trinh tong quét duong thang d di qua
B va song song voi AC la

A. X+5y—-2=0. B. x+5y-15=0. C.5x-y+3=0. . D.2x+10y-5=0.
Loi giai

Taco AC = (—5;1) = duong thang d c6 mot vecto phap tuyén la n= (1;5) .

Phuong trinh tong quat ctia duong thang d duoc xac dinh:
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AL
1(x—0)+5(y—3)=0< x+5y—-15=0.
, . . ) X =-4+5t ,
Cau 38: Duong thang di qua M (2;0), song song voi duong thang A:{ B c6 phuong trinh tong
quat 1a
A. Xx+5y—-2=0. B. 5x-y-10=0. C. x+5y+1=0. D. 2x+10y-13=0.

Loi gidi
Duong thang A c6 mot vecto chi phuong 13 u = (5;,-1).
Goi d la duong thang di qua M (2;0)va song song v6i A. Khi d6 duong thing d c6 mot vecto
phap tuyén 1a n= (l; 5) .
Phuong trinh tong quét ciia dudng thang d duoc xac dinh:
1(x—2)+5(y-0)=0< x+5y-2=0.
Céu 39: Viét phuong trinh ctia duong thang d di qua diém M (6;-10) va vudng géc véi truc Oy .
A. y+10=0. B. x-6=0. C. x+y=-4. D. y-10=0.
Loi giai

Do duong thang d vudng goc truc Oy nén suy ra dudng thang d song song hodc tring vdi truc
Ox.

Ma truc OX c¢6 phuong trinh la: y=0.

Suy ra phuong trinh duong thang d c6 dang y+¢=0.

Ma duong thang d di qua diém M (6;-10) néntacoé —10+c=0<c=10.
Vay phuong trinh duong thang d : y+10=0.

Cau 40: Viét phuong trinh tham sb ctia duong thang d di qua diém M (—3;5) va song song voi duong
phan gidc ctia goc phan tu thir nhat.

X=-3+t X=-3+t X=3+t X=5-t
A. . B. . C. . D. .
y=5-t = |ly=5+t y=-5+t y=-3+t
Loi giai
Phuong trinh dudng phén gidc goc phan tu thir nhat c¢6 dang: X —y =0.
Puong thang nay c6 mot VIPT la n=(1-1) va nhan mot VTCP u = (11).
Puong thing d song song véi goc phan tu thi nhit nén d nhan u = (1,1) 1am VTCP.

X=-3+t
y=5+t
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AL

Céau 41: Trong mit phiang toa dd Oxy, cho tam giac ABC biét truc tim H (1;1) va phuong trinh canh
AB:5x -2y +6 =0, phuong trinh canh AC :4x+ 7y —21=0. Phuong trinh canh BC la:
A. 4x-2y+1=0. B. x-2y+14=0. C. x+2y-14=0. D. x-2y-14=0.
Loi giai

A \ A 1A . 5Xx -2y =-6 x=0
Toa dd cia A la nghiém cua hé phuong trinh

4x+7y:21c> y=3

Suyra A(0;3) = AH =(1-2).

Taco BH L AC=(BH):7x—4y+d =0.

Ma H(l;l)e(BH):>d =-3 suyra (BH):?X—4y—3=O va {B}=ABmBH.

X=-5
. o ., |ox—2y=-6
Toa dd ctia B 1a nghiém cta hé phuong trinh & 19.
7X—-4y =3 y=——
2
19
Suy ra B(—S,—Ej .

DPuong thfmg(BC) nhan AH = (1; —2) la VTPT va qua B(—S; —?j .

Suy ra phuong trinh duong thang (BC):(X+5)—2(y+?] =0 x-2y-14=0.

Cau 42: Cho hai dudng thang d, : x+y—-1=0,d,: X -3y +3=0. Phuong trinh dudng thang d ddi xtmg
v6i d; qua d, la:
A. Xx-7y+1=0. B. x+7y+1=0. C. 7x+y+1=0. D. 7x-y+1=0.
Loi giai

Goi | 14 giao diém ciia hai duong thang d,,d,. Toa d6 diém | 1a nghiém cta hé phuong trinh:

{Hy_l:o {X:O: 1(0:2).

=
Xx—3y+3=0 y=1
Ldy M(L0)ed,. Duong thdng A di qua M va vudng goc véi d, c6 phuong trinh:
3Xx+y-3=0.
Goi H 1a giao diém cua hai duong thang A,d,. Toa do diém H la nghiém cta hé phwong trinh
= 3
3x+y-3=0 "5
y = ° - H EE .
x-3y+3=0 6 55
5
. \ < R A , 7. . r \ + R ;) \ 1 12
Goi N 1a diém doi xing véi M qua d,. Khi d6 H 1a trung diém cia MN va N E’E .
\ \ 2 . . A — — (17
Phuong trinh duong thang d di qua | (0;1) coOmot VICP u; = IN = gg .

Khi d6 phuong trinh duong thing d di qua 1(0;1) c6 mot VIPT n, =(7;-1)co dang:
7(x-0)-(y-1)=0=7x-y+1=0
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Céu 43: Trong mit phang Oxy, dudng thing A di qua diém A(2;-3) va c6 mot vecto chi phuong la

U =(—4;2). Phuong trinh nao dudi day la phuong trinh tham s6 cta dudng thang A?
X=-4+2t X =3+ 4t X=2+2t X=2-2t
A. . B. . C. . D. .
y=2-3t y=2-2t y=-3+t y=-3+t
Loi gidi
Duodng thing A nhan U =(—4;2) 1a vecto chi phuong nén U= (=2;1) ciing 12 mot vecto chi
phuong cta dudng thing A.
X=2-2t

Vay phuong trinh tham sé cua duong thang A 1a { 34t
y=—o+

Ciu 44: Trong mat phang OXy, phuong trinh tham s ctia duong thang A di qua diém A(2;—5) va co
vecto phap tuyén i = (3;4) la
X=2+3t X=2+4t X=3+2t X=2+4t
A. : B. : C. . D. .
y=-5+4t y=-5-3t y=4-5t y=-5+3t
Loi giai

Puong thang A ¢ vecto phap tuyén i = (3; 4) nén nhan vecto U = (4; —3) lam vecto chi phuong.

X=2+4t

Vay phuong trinh tham s ciia duong thang A 1a { 5 3t
y=—o-

Céu 45: Trong mit phang OXy , cho tam gidc ABC . Biét M (1,2),N(-3;4),P(0;5) lan luot la trung diém
cia AB,BC,CA. Phuong trinh tham s ciia duong thang AB 1a

Xx=1-3t X=1+t X=1+3t Xx=1-t
A. . B. . C. . D. .

y=2+4t y=2+3t = ly=2+t y=2+3t

Loi gidi
A
M P
B
N C

Vi N,P lan luot 14 trung diém ciia BC,CA = NP // AB = NP =(3;1) la vecto chi phuong ciia
duong thang AB. Ma M (l; 2) thuéc AB nén phuong trinh tham sé ctia duong thang AB la:

Xx=1+3t
y=2+t"
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Cau 46: Phuong trinh tham s6 cuia duong thang di qua hai diém A(3; —l) va B(—6; 2) la
X=3+3t Xx=-1+3t X=3+3t X=3+3t
A. : B. . C. . D. .
- ly=-1-t y=2t y=-1+t y=—-6-t

Loi gisi
Puong thing AB di qua hai diém A(3;-1) va B(~6;2) nén nhan AB =(-9;3) lam véc to chi
phuong hay nhan U = (3;—1) 1am véc to chi phuong.

Xx=3+3t

Vay duong thing AB c6 phuong trinh tham s 1a { It
y=-1-

X=2-3t

Lat Phuong trinh tham s ciia dudng thang A di qua M (0;1) va
y=1+

Cau 47: Cho duong thing d :{
vuong goc voi d 1a
X=t X=1+t X =-3t X=2+t
A. . B. . C. . D. .
Loi giai
Puong thing d c6 mot vecto chi phuong 1a U = (-31).
Do dudng thing A vudng goc voi duong thang d nén A c6 mot vecto chi phuong 14 Q = (1; 3)

X=t

Phuong trinh tham s6 cua duong thiang A 14 : .
y=1+3t

Ciu 48: Trong mit phang Oxy, cho tam gidc ABC voi A(L1);B(2;3);C(-2;1). M,N 1an luot 14 trung
diém cia AB va AC . Phuong trinh tham s6 cta duong thang MN 1a
1

{x=1+2t X:E+2t C x:—%+2t D x:g—Zt
y=1+t y=§+t y=1-t y=2+t
Léi gidi

Taco: M (g;Zj; N (—%;1} = MN =(—2;—1). Goi | la trung diém cua MN = | (%,gj

Puong thang MN di qua | (%%j vanhin U=—MN = (2;1) lam vecto chi phuong.

x:1+2t

Phuong trinh tham s ciia duong thang MN 1a:
=—+t
y 2

Cau 49: Trong mit phing Oxy cho dudng thing d di qua A(2;1) c6 hé s6 goc k nguyén duong. Viét

phuong trinh duong théng d biét d tao vé6i hai truc toa dd6 mot tam giac c6 dién tich béng 0,5.

GV. Phan Nhat Linh - @ SDT: 0817 098 716




Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MO1

Cau 50:

Cau 51:

A.d:x+y-3=0. B.d:x-y-1=0. C.d:4x—-y-7=0. D.d:x-4y+2=0.
Loi giai

Duong thing d di qua A(2;1) c6 hé s6 géc k nguyén duongnén d 1y =k(x—2)+1

Hay d:kx—y—2k+1=0 vataco d nOx = B[%_l;oj;d MOy =C(0;—2k +1).

1 1|2k-1 (2k 1)’
S =—-0BOC==|—".|-2k+l| =>—~
AOBC 2 2 ‘ K ‘| + | 2|k|
2 1 .
. (2k-1) k ==(loai)
Ma S, =0,5 nén ” =0,5 .
2|k k =1 (nhan)

Vay phuong trinh duong thang 1a d : x—y—1=0.

Trong mit phang toa dd Oxy duong thang d di qua diém M (1;2) cat tia Ox,0y lan luot tai
A, B . Viét phuong trinh dudng thang d sao cho tam giac OAB c6 dién tich nho nhat?
A. X+2y+4=0. B. x+2y—-4=0. C. 2x+y+4=0. D. 2x+y-4=0.

Loi giai

Goi A(a;0),B(0;b) (a>0,b>0) lan luot 1a giao diém ctia dudong thang d véi cac tia Ox,Oy .

Phuong trinh dudng thang d la: Xy % =1viM(52)ed = 1 + % =1.
a a

1 1
Ta c6: OA=|a|=a, OB =|b|=b nén dién tich tam gidc OAB: Sg,;_ 5OAOB=ab.

Ap dung bét dang thang Cauchy, ta co: 1+g >2 12 = Eab 24 = 5,5 24.
a b ab 2
14_2—1
A 1 1 3 a b a:2
Déau "=" xayra < =
12 b
a b

Vay phuong trinh duong thang d 1a: g+%=1<:> 2X+y—-4=0.

Trong mit phang toa dd Oxy, cho tam giac ABC v&i A(l;— 2), duong cao CH :x—-y+1=0,
phan giac trong BN : 2x+ y +5=0. Khi d6 tam gidc ABC c6 dién tich bang
45 45 41 41

A B. —. C. —. D. —.
4 2 2 4

Loi giai
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~
Taco ABLCH:x-y+1=0 = AB:x+y+c=0, AB qua A(1;-2) =c=1.
Phuong trinh dudng thang AB:x+y+1=0.

X+y+1=0

Tacdé B=AB BN néntoad) B la nghi€ém cua hé
2X+y+5=0

= B(-4;3).

Goi | 1a hinh chiéu caa A 1én phan giac trong BN va A’ 1a diém ddi xing cua A qua BN (ta
¢6 | 1atrung diém cia AA" va A’ e BC)

Do Al LBN:2x+y+5=0= Al:x-2y+m=0, Al qua A(1;-2) = m=-5.
Suyra Al :x—-2y-5=0.

X—-2y—-5=0

Tacod | = Al "BN = Toa do diém | 1a nghiém ctia hé
2X+y+5=0

= 1(-1;-3).
Lai co | la trung diém coa AA = A'(-3;—4). Puong BC qua B(—4;3) nhan AB=(-1;7)

X+4:yT_B<::>7x+y+25:0.

lam VTCP c6 dang

, a2 . i | 7x+y+25=0 -13 -9
Taco C=BCNCH = Toad) diém C la nghiém cua h¢ =C .

X-y+1=0

71-2+25
Taco S, ugc =E.BC.d(A, BC)=1.15\/§-| |=£ (dvdt).
2 2 4 Ja9+1 4
. . [X=3+2t .
Cau 52: Cho duong thang d c6 phuong trinh tham so y=5-t Vecto chi phuong cuia duong thang d
la
A.u=(21). B. u=(L2). C. u=(35). D. u=(2;-1).
Loi giai
. ([ X=3+2t
Duong thang d c6 phuong trinh tham so y=5_t

Vecto chi phuong cua duong thing d 1a u= (2-1).
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Céau 53: Cho duong thang d c6 phwong trinh tong quat 2x+3y+3=0. Vecto chi phuong cua duong
thang d 1a
A. u=(23). B. u=(3;2). C. u=(2-3). D. u=(3-2).
Loi giai
Puong thing d c6 phuong trinh tdng quat 2x +3y +3=0 nén ¢ vecto phap tuyén n= (2;3)

MOt vecto chi phuong cta duong thing d 1a u= (3,-2).

Céu 54: Phuong trinh tham s6 cia dudng thing d di qua hai diém A(2;5);B(4;2) 1a
X=2+2t X=5+2t X=2+3t X=2+2t
. : B. C. .D. .
y=5+3t y=2+3t y=5+2t y=5-3t
Loi giai
Phuong trinh duong thang d di qua diém A(2;5) nhan AB = (2;-3) 1am vecto chi phuong nén
X=2+2t

¢6 phuong trinh tham s6 1a .
y=5-3t

Ciu 55: Cho diém A(2;3) , duong thang A :2x—3y+1=0. Viét phuong trinh tham s duong thang di

qua A va nhan vecto phép tuyén ciia A 1a vecto chi phuong.

x=2-3t X=2+3t X=2+2t X=3+2t
A. . B. . C. . D. .
y=3+2t y=3+2t y=3-3t y=2-3t

Loi giai
Puong thing A c¢6 mdt vecto phap tuyén 1a n= (2;— 3) .

Puong thang can tim di qua A nhan vecto n= (2 ;= 3) 12 mot vecto chi phuong c6 dang tham sé

L [x=2+2t
la: .
y=3-3t

Cau 56: Cho diém A(2;3), B( —1;1) . Viét phuong trinh duong thang AB ¢ dang tham sd.

X=2-3t X=2+3t X=2+3t X=3+2t
A. ) B. . C. . D. )
y=3+2t y=3-t - ly=3+2t y=2+3t

Loi giai
Tacod AB = (—3;—2) , Vécto u=-AB =(3;2).
Puong thing AB di qua A nhan véc to u= (3; 2) la mot véc to chi phuong.

X=2+3t

Phuong trinh duong thing AB & dang tham s 1a: .
y=3+2t

Ciu 57: Trong mit phang Oxy, cho diém A(-1;2) va dudng thang d : X+ 2y +3=0. Viét phuong trinh

tham sb ctia duong thang A di qua diém A va song song véi duong thing d .
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X=-1+2t X=-1+2t X=2-t X=-1+t

A. . B. . C. . D. .
y=2-t y=2+t y=-1+2t y=2+2t

Loi giai

Duong thing d : x+2y+3=0 c6 mot vecto phap tuyén fi =(1;2).

Vi A song song v6i d nén duong thing A c6 mét vecto chi phuong la U =(2;-1).

Duong thing A di qua diém A(-12) va c6 vecto chi phuong U =(2;-1) nén ¢ phuong trinh
X=-1+2t

tham s6 1a
y=2-t

Cau 58: Trong mat phéng v6i h¢ toa do Oxy, cho tam gidac ABC c6 tryc tam H (1;0) , chan duong cao
ha tir diém B 1a diém K(0;2) va trung diém canh AB la diém M (3;1). Viét phuong trinh
duong thang chira canh BC .
A. 3x-y-8=0. B. 3x-4y-14=0. C. x-2y-6=0. D. 3x+4y+2=0.
Loi giai
Puong cao BK di qua hai diém H,K nén c6 phuong trinh: 2x+y—-2=0.
Do AC LBK = AC:x-2y+m=0.
Ma KeAC=0-22+m=0=m=4= AC:x-2y+4=0.
Gia st A(2a—4;a)e AC va B(b;2-2b)e BK.

Vi M (3;1) la trung diém cia AB nén ta c6 hé phuong trinh:

= A(4;4),B(2;-2).

2a—4+b=23 2a+b=10 a=4
o =
a+2-2b=21 a-2b=0 b=2

Do dudng thang chita canh BC di qua diém B va nhéan vecto HA= (3;4) lam VTPT nén co
phuong trinh 3x+4y+2=0.

Ciu 59: Trong mit phang toa dd Oxy, cho hinh binh hanh ABCD c¢6 phuong trinh duong thang AB
1a 2x+y+7 =0, phuong trinh duong thang AD 1a x—4y—1=0 va giao diém cta hai duong

chéo AC,BD la I (1 2). Phuong trinh ctia dudng thang BC la

A. Xx—4y+3=0. B. x-4y+15=0. C. 2x+y-15=0. D. 2x+y+g=0.
Loi giai

A 4R . a1 . 2X+Yy+7=0 X=-3
Toa do diem A la nghi¢m cua h¢ phuong trinh: &

X—-4y-1=0

Vi ABCD l4 hinh binh hanh nén | 1a trung diém cta AC.
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1:—3+xC
, 2 Xe =9 _ .
Ta co: = . Va C(5;5.
1 _5
2=_ +yC yC_
2

DPuong thang BC song song v6i dudng thing AD nén phuong trinh dudng thang BC c6 dang:
X—4y+c=0 voi c = -1.

C(5;5) thudc dudng thang BC nén: 5-4.5+c=0<c=15.
Vay phuong trinh duong thing BC 1a: x—4y+15=0

Chu 60: Trong mit phang toa d OXy, cho hinh chit nhat ABCD ¢6 tam 1(6;2), diém M (1;5) nim trén
canh AB va trung diém E ciia canh CD thudc duong thang d : X+ y —5=0. Viét phuong trinh
duong thang chira canh AB biét hoanh d6 diém E 16n hon 6.
A. y—-5=0. B. x—-4y+19=0. C. y+5=0. D. x—4y-19=0.
Loi gidi
Goi N la diém dbi xtmg véi M qua | khidé: N(11;-1).
Gid sir toa do diém E(a;5-a)ed,a>6.

Tacé: IE=(a-6;3-a),NE=(a-11;6-a).

S a=6(I)
Do IE L NE= IE. E=O<:>(a—6)(a—11)+(3—a)(6—a):0<:>[a:7(n).

Véia=7=IE = (1; — 4). Khi d6 duong thang chtra canh AB di qua diém M (1;5) vanhén IE

lam VTPT nén c6 phuong trinh: x—4y+19=0.

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & médi cau, thi sinh chon diing hoic
sai.

X=1+3t

Caul: Cho haiduongthang A, :x—y+2=0 va A, :{ . Xét tinh dlng sai caa cac khang dinh

y=-2+t

Sau:

a) Buong thing A, c6 vecto phap tuyén n= (1,1)
U=

(£-2)

y=2+t.

b) Buong thang A, c6 vecto chi phuong 12
¢) Phuong trinh tham s6 ctia duong thang A, 1a {

d) Phuong trinh tong quét ca dudng thang A, 1a x-3y —-7=0
Lo gidi

a) Bang: Puong thing A, : x—y+2=0 ¢6 vecto phap tuyén n = (1,1)

X=1+3t

¢o vecto chi phuwong la U =(3;1
y=-2+t P 8 ( )
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c) bing: Ta cd G =(L1) 1a mt vecto chi phuong, lai 6 A, di qua diém A(0;2) nén phuong

trinh tham s ciia A, la: {X =t
y=2+t.
d) Bang: Tacé fi =(1;,-3)la mot vecto phap tuyén, lai c6 A, di qua diém M (1,—2) nén phuong
trinh tong
quéatcia A, la: 1(x-1)-3(y+2)=0 < x-3y-7=0.
Cau2: Trong mit phing toa d Oxy, cho hai diém A(-2;2),B(3;4). Xét tinh dlng sai cua cac khang
dinh sau:
a) Duong thing AB c6 vecto chi phuong 13 AB = (2;5)
b) Budng thang AB c6 vecto phép tuyén 1a fi =(2;-5)
¢) Phuong trinh tong quat cua duong thang AB 1a: 2x -5y +14=0
Xx=-1+2t

d) Phuong trinh tham s6 ciia duong thing di qua M (~11) va song song véi AB 1a { Lot
y=1+

Lo giai
a) Sai: Puong thang AB co vecto chi phuong 1a AB =(5;2)

b) Bang: Vi AB c6 vecto chi phuong la AB = (5;2) nén nhan n = (2;—5) la mot vecto phap

tuyén.
c) Bung: Phuong trinh tong quét clia duong thang AB di qua A(—2;2) va ¢6 vecto phap tuyén
A=(2-5) 1a&: 2(x+2)-5(y-2)=0<>2x-5y+14=0.

d) Sai: Puong thang nay song song véi dudng thang AB nén nhan E(S;Z) & mot vecto chi
phuong phuong trinh tham s6 cia duong thing di qua M (=1;1) va c6 vecto chi phuong E(S; 2)

. | x=-1+5t
la:
{y =1+2t

Cau3: Trong mit phang toa do Oxy, cho tam gidc DEF c6 D(L-1), E(21), F(3;5). Xét tinh ding
sai cua cac khang dinh sau:

a) Buong thang vudng géc véi duong thing EF nhan EF la mot vecto chi phuong
b) Phuong trinh duong cao kétr D la: x+y=0.

c) Goi | la trung diém cia DF . Toa do cua diem | 1a (2;2).
d) Buong trung tuyén ké tir E c¢6 phuong trinh 1a: x—2=0.
Loi giai
a) Sai: Puong cao ké tir D 1a duong thang vudng goc véi dudng thang EF nén nhan EF 13 mot
vecto phap tuyén.

b) Sai: Do do, duong cao ké tir D ¢6 phuong trinh [a: (x—1)+4y+1=0< x+4y+3=0.
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¢) bung: Goi | 1a trung diém cuia DF . Toa do cia diém 1 13 (2;2).
d) Blng: Duong trung tuyén ké tir E ¢ vecto chi phuong 1a El = (0;1) nén nhan n= (L0) la
mot vecto phap tuyén. Do d6, duong trung tuyén ké tir E c6 phuong trinh 1a: x—2=0.
Cho tam gidc ABC c6 phuong trinh cta dudng thang BC 1a 7x+5y —8 =0, phwong trinh cac
duong cao ké tir B,C lan luot 12 9x—3y —4=0,x+y—2=0. Xét tinh dlng sai cua cac khang
dinh sau:
a) biém B c6toa do la EZZ)

33
d) biém C c6 toa dd la (-13).
¢) Phuong trinh duong cao kétir A la 5x—-7y—-6=0

d) Phuong trinh dudng trung tuyén ké tir A 1a x—13y +4=0
Lo giai

>
I

7X+5y-8=0

a) bung: Toa do cua diém B 1a nghiém cua hé phuong trinh: =
9x-3y-4=0

<
Il
win win

Suy ra diém B c6 toa do 1a @gj

, N 4R . o . 7X+5y-8=0 x=-1
b) Bdng: Toa do cua diem C la nghiém cua hé phuong trinh: =

X+y-2=0 y=3.

Suy ra diém C c6toa do la (-13).

- \ 2 . . R 2 2 N A 5 - 5 \
¢) Sai: Buong thing AB di qua diém B 5,5 va nhan vecto chi phuong u, =(1-1) cua duong
cao ké tir C 1am vecto phap tuyén cé phwong trinh 1 (X +1) + 3( y-— 3) =0 x+3y-8=0

NP . o . Xx-y=0 X=2
Toa do¢ cua diém A la nghiém cua hé phuong trinh:

=
X+3y-8=0
Suy ra diém A c6toa do 1a (2;2).
Phuong trinh duong cao ké tir A(2;2) va nhéan vecto chi phuong U = (5;—7) cua duong thang
BC lam vecto phap tuyén Ia: 5(x—2)—7(y—2) =0<5x-7y+4=0.

Goi | latrung diém cua BC, ta c6 toa do cua diém | 1a (%1%) .Do db tach ﬁ{%%j

d) Sai: Buong trung tuyén ké tir A nhan fi = (1; —13) 1am vecto phap tuyén c6 phuong trinh la:

(x—2)-13(y-2)=0< x—13y+24=0.
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AV

Cau5:  Trong mit phang Oxy, cho tam gidc ABC c6 A(—4;-1), hai dudng cao BH va CK c6 phuong

trinh 1an ugt 14 2x—y+3=0 va 3x+ 2y —6 =0. Xét tinh dng sai cta cac khang dinh sau:
a) Phuong trinh dudng thang AB 13 2x—3y+5=0

b) Phuong trinh duong thing AC 1a x+2y—6=0
c) Toa d diém B cia tam gisc ABC la B(-11)
d) Phuong trinh dudng thang BC lax+y—1=0
Loi giai

a) Pung: Phuong trinh duong thing AB 1a2x—3y+5=0; CK c6 vecto phap tuyén n_, = (3;2)
Puong thaing AB vudng goc CK nén nhan HCK = (3;2) lam vecto chi phwong, vi thé AB ¢o
vecto phép tuyén n (2;-3). Mat khac AB di qua A(—4;—1) nén c6 phuong trinh:

2(x+4)-3(y+1)=0 < 2x-3y+5=0.
b) Sai: Phuong trinh duong thang AC lax+2y—-6=0
Puong thing AC vudng goc BH nén nhan n,, (2;-1) lam vécto chi phuong, vi thé AC ¢6
vecto phap tuyén F]AC = (1; 2). Mait khac AC di qua A(—4; —1) nén c6 phuong trinh:
I(x+4)+2(y+1)=0 < x+2y+6=0.
c) bung: Toa do diém B cla tam giac ABC la B(—l;l)

. e, . . . . . . |2x-3y+5=0 Xx=-1
Goi B lagiaodiém cua AB va BH néntoadd B langhiém ctua hé: &

2x—-y+3=0 y=1
Vay toa do diem B 1aB(-11).
d) Sai: Phuong trinh duong thang BC lax+y—-1=0

. ) » X+2y+6=0 X=6
Goi C la giao diém cua AC va CK . Xét hé: =

= C(6;-6).
3X+2y-6=0 y=-6

Puong thing BC ¢6 vécto chi phuong 1a BC = (7;-7) nén c6 vécto phap tuyén la n= (7;7).
Vay BC c6 phuong trinh: 7(X +1)+7(y—1) =0 x+y=0.

Cau 6: Chuyén dong cua vat thé M duoc thé hién trén mit phang toa d6 Oxy . Vat thé M khi hanh tir
diem A(3;5) va chuyén dong thang déu véi vecto vén toc la V = (2;1). Xét tinh dung sai cua cac

khang dinh sau:
a) Vecto chi phuong clia dudng thang biéu dién chuyén dong ciia vat thé 1a v =(1;2).
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Cau 7:

AL

b) Vat thé M chuyén dong trén dudng thing c6 mot duong thang c6 phuong trinh :
X—-2y-7=0

X=5+2t

c) Toa do ctia vat thé M tai thoi diém t(t > 0) tinh tir khi khoi hanh 1a { 3t
y=3+

d) Khi t =1 thi vat thé M chuyén dong duoc quang duong dai bang 24/5.
Loi giai
a) Pung: Vecto chi phuong cta duong thing biéu dién chuyén dong ctia vat thé 1a v =(2;1).
b) Dling: Vat thé chuyén dong trén duong thing c6 vecto chi phuong la V = (2;1) va di qua diém

A(3;5) co dang %2=%5<:>x—2y—7=0.

¢) Sai: Vat thé khéi hanh tir diém A(3; 5) va chuyén dong thang déu véi vecto van tdc 1a V = (2;1)
X=3+2t

nén vi tri cia vat thé tai thoi diém t, (t > 0) c6 toa do la: { e
y=o+

Xg =3+2.1=5

d) Sai: Goi B 1a vi tri ctia vat thé tai thoi diém t =1. Toa d6 cua diém B la:
Yp=5+1=6

Khi d6 quing dudng vat thé di duoc1a AB=+4+1=+/5.

Trong mit phang Oxy, cho tam gidc ABC c6 A(2;0), B(0;3) va C(-3;1). Xét tinh dung sai
cua cac khang dinh sau:
a) Phuong trinh ciia duong thang d di qua B va song song véi AC 1a x+5y-15=0.

3
. X=——+2t
b) Phuong trinh cia dudng trung truc doan thang BC 1a 2 voitelR.

y=2-3t
¢) Puong thang AB c6 phuong trinh 1d 3x+2y +6=0.
d) Puong cao tng véi dinh C cia tam giac ABC di qua diém M (2;3) .
Loi giai
a) bung: Ta co AC = (—5;1) nén dudng thiang d co6 mot vecto phap tuyén la n= (1; 5) .
Phuong trinh ctia duong thang d 1a l.(X - O) + 5.(y —3) =0 x+5y-15=0.
Vay phuong trinh tong quéat duong thang d 1a: x+5y-15=0

b) Dung: Pudng thang A 1a trung truc cua doan thang BC nhan CB= (3;2) lam vecto phép

tuyén nén vecto chi phuong ctia A 1a U = (2-3).
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’3’

. X=——+2t
Ma A di qua trung di€ém I[—S;ZJ cua BC nén A c6 phuong trinh la 2 voitelR.
y=2-3t

¢) Sai: Pudng thing AB ¢ véc to chi phuong la AB = (=2;3) nén AB ¢6 véc to phap tuyén 1a
n= (3; 2) va di qua diém A(Z;O) nén AB c¢6 phuong trinh la
3(x—2)+2(y—-0)=0<3x+2y-6=0.
d) Sai: Pudng cao tng v6i dinh C ciia tam giac ABC di quadiém C(-3;1) vanhan BA = (2,-3)
1am véc to phéap tuyén nén c6 phuong trinh 1a
2(x+3)-3(y-1)=0<=2x-3y+9=0.
Tir d6 dé thiy dudng thang nay khong di qua diém M (2;3).
PHAN lIl. Cau trac nghiém tra I&i ngan
Cau1: Phuong trinh dudng thang di qua diém M (5;-3) va cét hai tryc toa d0 tai hai diém A va Bsao
cho M 1a trung diém ctua AB c6 dang ax+by+c=0. Tinh gia tri ab.c
Loi gidi
Goi AeOx= A(x,;0);Be0y=B(0;y;)
xA+xB:2xM:j{xA:10

Tacdé M 1a trung diém AB :>{
YatYs =2Yy Yg =—6

Suy ra (AB):l+l:1<:> 3x—-5y-30=0.Nén a=3;b=-5;c=-30 suy ra ab.c=450.
10 6

Cau2: Puong thing d :§+% =1,v6i a=#0, b=0, di qua diém M (—1;6) va tao vai cac tia Ox, Oy
a

mot tam giac c6 dién tich bang 4. Tinh S =1000a+6b .

Loi gidi
, Xy . .2 . -1 6 .
Taco: d :=+==1diquadiem M (-16) = —+-=1(1).a>0;b>0.
a b a b
Puong thang d:1+%=1tao v6i céc tia Ox;Oy tam gidc c6 dién tich bang 4 = ab=8(2)
a
‘ 1.8, 108 (2081 (p-s X 5 b=-12
Tr (1);(2)=<a b Sia b 98 b e _2(nhan)hoac 3
ab=8 ab=8 ab=8 - a__E

Khi d6: 1000a + 6b = 2024
Cau3: Su chuyén dong cua mot tau thuy duoc thé hién trén mot mat phfmg toa d6 nhu sau: Tau khoi
hanh tir vi tri A(l; 2) chuyén dong thang déu véi van téc dugc biéu thi boi vecto V= (3; 4) Khi
tau thuy ¢ toa do (X; y) vi tri cua tau (trén mat phéng toa do) tai thoi diém sau khi khéi hanh 2
gio ? Tinh biéu thie S=100x + 200y
Loi gidi

n GV. Phan Nhat Linh - @ SDT: 0817 098 716

|




Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MO1

AL

“wa -/
1

Goi vi tri cua tau (trén mt phang toa d¢) tai thoi diém sau khi khéi hanh 2 gio1a B(x;y),(y > 0)
Khi d6: [v| =3 +4° =5 ; AB=(x-Ly-2)

Quang duong tau thiy chay dugc sau 2 gio la: 2.5=10.

Ta co: [AB| = (x-1)" +(y-2) =10 (x~1) +(y-2)° =10° (1)

— - x-1 y-2 3 1
AB va Vv cu huong nén —=——< X=-y—-— (2
va V cung phuong nén 3 2 1 y 5 (2)

Thay (2) Vao (1) ta co:

2 =10
(Ey—l—l] +(y—2)2:102<:>25y2—100y—1500:0<:> y L= X=T.
4~ 2 y =—6(loai)

Vay (x;y)=(7;10) nén S =100x+200y =2700.
Cau4: Hinh vé 1a cac duong thang biéu dién chuyén dong ctia hai nguoi. Nguoi thir nhat di bo xuat phat
tr A cach B khoang 20km, véi van téc 4 km/gio, biéu dién bang dudng thang (d). Ngudi thir

2 di xe dap xuat phat tir B v6i van toc 12km/gio, biéu dién bang dudng thang (d"). Hoi hai

ngudi gip nhau sau may gio?

B 2

Loi giai

GV. Phan Nhat Linh - & SDT: 0817 098 716




Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

AL

Dudng thang (d) di qua diém O(0;0),M (1,4) nén c6 phuong trinh la {X t (teR).

. . X=1+k
Dudng thang (d°) di qua diém B(0;20), P(1;8) nén c6 phuong trinh 1a {y—8 12k( eR).
1
. o o [t=1+k k=Z
Khi 2 nguoi gép nhau ta c6 h¢ S =>X=—.
=812k | 5 4
4

Thoi diém hai ngudi gip nhau sau g =1,25gi0.

Cau 5: Theo Google Maps, san bay Noi Bai c6 vi do 1a 21,2° Bic, kinh do 105,8°Péng, san bay Pa
Néng c6 vi do 1a 16,1° Bic, kinh do 108, 2° Pong. Mot may bay, bay tir Noi Bai dén san bay Da

Néng. Tai thoi diém t gid, tinh tir lac xuat phat, may bay & vi tri ¢6 vi do x° Bic, kinh do y°

x=212- @t
bong dugc tinh theo cong thure 40 . Hoi bay chuyén tir Ha Noi dén Pa Nang mat

y =105,8+—t

5
may gid? (Két qua lam tron dén chir s6 thap phan th hai sau dau phay)
Loi giai
16,1:21,2—%t 4

Thay x=16,1°, y =108,2°vao cong thuc trén ta co 9 =>t= 3

108, 2 :105,8+§t

. oy - ., 4 .
Vay chuyén bay tir Ha No1 dén Da Nang mat 3 ~1,34 gio.

Cau 6: Viéc quy doi nhiét do giita don vi °C (Anders Celsius, 1701-1744) va don vi °F (Daniel
Fahrenheit, 1686—1736) duoc xac dinh bai hai mbc sau:
Nude dong bang ¢ 0°C, 32°F ; nude s6i ¢ 100 °C, 212 °F.
Trong quy doi d6, néu a°C tuong tmg v6i b °F thi trén mit phing toa do Oxy, diém M (a;b)
thuoc dudng thang di qua A(0;32) va B(100;212). Hoéi 100°F tuong mg véi bao nhiéu °C?
(Két qua 1am tron dén chir s6 thap phén thir hai sau diu phay)
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Loi giai
Duong thing AB di qua A(0;32) va B(100;212) c6 vecto chi phuong 1a AB =(100;180) nén
duong thing AB c6 vecto phap tuyén 1a n= (9;-5).
Khi d6 phuong trinh duong thing AB 1a: 9x—5y+160 =0.
Khi d6 100 °F twong Gng véi ?’sio ~ 37,78°C.

HET
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y 7 4/
BAI @ VI TRi TUONG POI CUA HAI PUONG THZ\NG.

IY.Y Y LY THUYET CAN NHO

Vi tri twong déi gitra hai dwdrng thang
Trong mit phang véi hé toa dd Oxy, cho hai dudng thang d, :ax+by+c, =0 va d,:a,x+b,y+c,=0.

ax+by+c =0

Pé xét vi tri twong ddi ctia hai duong thiang nay ta xét s nghiém cta hé phuong trinh
a,x+b,y+c, =0

e Néu hé phuong trinh c6 duy nhat mot nghiém ta néi hai dudng thang trén cét nhau toa do giao diém
chinh 1a nghiém cta h¢ phuong trinh noi trén.
e Néu hé phuong trinh v6 nghiém ta néi hai dudng thang noéi trén song song voi nhau.

e Néu hé phuong trinh nghiém dting véi moi X € R thi hai duong thang trén tring nhau.

Tuy nhién dé thuan tién cho viéc xét nhanh vi tri twong d6i cta hai duong thang ta cht ¥ nhan xét sau:

Nhin xét: Néu ab,c, # 0 thi ta cé:

o Hai dudng thang d, va d, cat nhau khi va chi khi g %
a2 2
. \ 2 \ iy U - 1 C
e Hai duong thang d, va d, song song véi nhau khi va chi khi =4 =—= %=
a2 bZ CZ
_ : , _ _ c
e Hai duong thang d, va d, cat nhau khi va chi khi &4 % =2
a2 2 CZ

Goc giira hai dwong thang

Trong mit phang véi hé toa dd Oxy, cho hai dudng thang d, :ax+by+c, =0 va d,:ax+by+c,=0.
Khi d6 goc giira hai duong thang dugc tinh theo cong thirc:

n.n,
cos(d,;d,)= ‘ il I 2|a1a22+b1l:2| :
nz‘ \/31 +bl\/a2+b2 '

n

Khoang cach giira hai dworng thang

Trong mit phang voi hé toa do Oxy, cho dudng thing A:ax+by+c=0 va diém M(X,;Y,). Khi d6

khoang cach tir diém M, dén duong thang A dugc tinh theo cong thic:

~ |ax, +by, +¢|

WMid)=" oy
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BN/ PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Vi tri tuong déi cua hai dudng thang

Phwong phap: Trong mit phang véi hé toa dd Oxy, cho hai duong thang d,:ax+by+c =0 va
d,:a,x+b,y+c, =0. Dé xét vi tri trong dbi ciia hai duong thang niy ta xét sé nghiém cia hé phuong

c, =0
trinh {a1x+b1y+ !

.Néu a,b,c, #0 thi ta co:
ax+b,y+c,=0

e Hai dudng thing d, VA d, cit nhau khi va chi khi 2 » 2

a2 b2
. \ 2 N . coy e b1 C,
e Hai duong thang d, va d, song song véi nhau khi va chi khi = = ™ #—
aZ 2 CZ
L 2 s P SR - N R o
e Hai duong thang d, va d, cat nhau khi va chi khi —= = s
aZ 2 CZ

BAI TAP TU’ LUAN

Bai tap 1: Xét vi tri trong d6i cua cac cip dudng thing sau:
a) (Al):S\/Ex+«/§y—\/§:O va (Az):6x+2y—\/§=0.
b) (d,):x—3y+2=0va (d,):+/3x-3y+2=0.

) (m):x—2y+1=0va (m,):3x+y—-2=0.

d) (dl):g—%:Z va (d,):6x—2y-8=0

e) (d,):2x+y+15=0 va (d,):x-2y-3=0.
Loi gii

3\/§x+\/§y—\/§:0

6 vO s6 nghiém nén A, va A, tring nhau.
6Xx+2y—/6=0

a) Xét h¢ phuong trinh {

e o [x=By+2=0
b) Xét hé phuong trinh vO nghiém nén d,va d, song song.
J3x— 3y+2=0

o . X—-2y+1=0
c¢) Xét hé phuong trinh =
3X+y—-2=0

. Hé phuong trinh ¢6 nghiém duy nhét.

Vay myva m, cit nhau tai A(g,;}

- GV. Phan Nhat Linh - & SDT: 0817 098 716 I I
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A

Mit khac 6.3+ (—2).(—2)#0 nén hai duong thang khdng vudng géc.
e) Buong thang d, co vecto phap tuyén fi, = (2;1) va d, co vecto phap tuyén fi, = (1;— 2).

Tacé n.f,=2.1+1.(-2)=0nén d, va d, vudng goc v6i nhau.

. ‘. , , X=-3+4t X=2-2t
Bai tap 2: Xét vi tri tuong doi cua hai duong thang d, : vad,: .
y=2-6t y=-8+4t'
Léi gidi
X=-3+4 — x=2-2t —
Taco d,: =n=(32);d,: =n, =(2;1)
y=2-6t y=-8+4t'

Vi gi% nén hai duong thang d, va d, cat nhau.

Bai tap 3: Cho ba duong thang: d:2x+y-1=0,d,:x+2y+1=0, d,:mx—y—7=0.Ching minh ring
cac duong thang d,d, cat nhau va tim gié tri cia tham s m dé ba duong thang trén dong quy.
Loi giai
Ta co: {Zx ty-1=0 = {x =1 suy ra hai dudng thang d,d, cét nhau tai A(l; —1) .
x+2y+1=0 y=-1
Ba duong thang da cho dong quy khi va chi khi d, cling di qua diém A hay Ae d,
Suy ra: m.l—(—l)—? =0 m=6.
Bai tip 4: Cho hai duong thang A:(m+3)x+3y—2m+3=0, A':2x+2y+2-3m=0. Tim gi4 trj cla
tham s6 m dé:
a) Puong thing A cit duong thang A’
b) Puong thang A song song véi A’.
Loi giai

m+3 3

a) Puong thing A cit A’ khi va chi khi # e me 0.

b) Theo cdu dé A//A’ thi trude hét ta phai co m=0.

V6i m =0 khi d6 dé dang ta nhan thdy A=A’ nén khong ton tai m dé A//A’.
Bai tap 5: Cho 4 diém A(-3;1),B(-9;-3),C(-6;0),D(-2;4). Tim toa do giao diém cta hai dudng thang
AB va CD.

Loi giai

Taco AB=(-6;—4) nén vecto phap tuyén n,, =(2;-3) = (AB):2x -3y =-9

Tac6 CD =(4;4) nén vecto phap tuyén ne, =(L-1)=(CD):x—y=-6
2x-3y=-9 X=-9

=

X—y=-6 y=-3

GV. Phan Nhat Linh - @& SDT: 0817 098 716 _
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Bai tip 6: Tim tham s m dé dudng thing y = (m2 —3) X+3m+1 song song v4i duong thing y =x—5.

Loi giai

Pé duong thang y = (m2 —3) X+3m+1 song song véi dudng thang y = x—5 thi diéu kién 1a

m?-3=1 m=+2
= S m=2.
3m+1--5 m -2

Bai tip 7: Trong mit phing toa dd OXy, cho ba dudng thang lan lugt c6 phuong trinh (d,):3x -4y +15=0,
(d,):5x+2y-1=0 va (d,):mx—(2m-1)y+9m—13=0. Tim gié tri cia m d¢ ba dudng thang da cho

cung di qua mot diém.
Loi giai

{(dl):3x—4y+15:0
Ta co: y =

T o nd, = A(-13) e d
=A(-Lo)e
(d,):5x+2y-1=0 3~ ’

Khi do;: - m-6m+3+9m-13=0< m=5.

X=2+t

cat
y=6+2t

Bai tap 8: Tim gié trj cua tham s6 m d€ hai dudng thang (d,):4x+3my—m*=0 va (d,): {
nhau tai mét diém thudc truc tung.
Loi gii

= 0ynd,=A(0;2) ed,

, Xx=2+t=0 x=0
be Oymd2<:>{ {

y=6+2t y=2

m=0

¢36m—m2:0¢>[ .
m==6
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A

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho hai duong thang d, :a,x+by+c, =0 va d,:ax+b,y+c, =0, vdi a,b,.c, # 0. Hai duong

thang d, va d, tring nhau khi

U Ba-k & caLh p.&_2_ &
a‘2 b2 C2 a‘2 b2 C2 a'2 bZ aZ bl 2
Loi giai
e 2 . . .a boc .
Hai duong thang d, va d, trung nhau khi — N véi a,.b,.c, #0.
a2 2 CZ

Xét vi tri twong ddi ctia hai duong thang d,:x+y-4=0 va d,:-2x—-2y+6=0.

A. Trung nhau. B. Song song.
C. Vuong goc. D. Cit nhau nhung khong vudng goc.
Loi giai
Ta co i=i¢_—4 nén d, 7/ d,.
-2 -2 6

Xét vi tri twong ddi ctia hai duong thang d, :x-4=0 va d,:2x+y+6=0.

A. Trung nhau. B. Song song.
C. Vudng goc. D. Cit nhau nhung khong vudng goc.
Loi gidi

Ta c¢6 d,:x—4=0 c6 vecto phap tuyén nj=(1;0), d,:2x+y+6=0 cb vecto phap tuyén
n,=(2:1).

Suyra<2 1 nén d, va d, cit nhau nhung khong vudng goc.
nn,=12+01=2%0

Xét vi tri twong ddi cua hai dudng thang d, :x+5=0 va d,:y-7=0.

A. Trung nhau. B. Song song.
C. Vuodng goc. D. Cit nhau nhung khong vudng goc.
Loi gidi

Taco d,:x+5=0 co vecto phap tuyén nj =(1,0), d, : y—7=0 c6 vecto phap tuyén n—2 =(0;1)

Suy ra nj.nj=1.0+0.1=0 nén d; va d, vudng goc nhau.

Lt < 4] A o . \ 2 Xx=1+2t X=-1-4t'
Xét vi tri twong doi cua hai duong thang d, : vad,: .
y=-2-t y=3+2t
A. Trung nhau. B. Song song.
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ALY

C. Vuong goc. D. Cit nhau nhung khéng vudng goc.
Loi giai

, di qua A(1;—2) va c6 vecto chi phuong u = (2;-1).

X=1+2t
dl:{

X=-1-4t' —
d,: ¢6 vecto chi phuong u, =(—4;2).
y=3+2t

2 -1
Taco —=—(1
aco 2()

.9 , X=-1-4t'
Thay toa d diém A(1;—2) vao duong thang d, :

y=3+2t
-
1=-1-4t )

= >ted=Aed, (2).

—2=3+2t t'—_—5
2

Tu (1) va (2) suy ra d; va d, song song.

Cau 6:  Xét vi tri twong ddi cta hai duong thang d,: x+5=0 va d, :2x+y=0.

A. Trung nhau. B. Song song.
C. Vuong goc. D. Cit nhau nhung khong vudng goc.
Loi giai

d, : x+5=0 co vecto phap tuyén E:(l;O); d, :2x+y =0 co vecto phap tuyén E:(Z;l).
,1 0 L=
Ta ¢ E;«tI(l) van.n,=12+01=2+0(2)

Tir (1) va (2) suyra d, va d, cit nhau nhung khong vuéng géc.

X=22+2t

. Duong thang nao sau day don
y =55+ 5t & fhang v cong

Cau7: Cho hai dudong thang d,:2x+3y-19=0 va d, :{

qui v6i hai duong thang trén:
A. 2Xx+3y+19=0. B. 3x—-2y+4=0. C. x-y+4=0.. D. -5x+2y+3=0.
Loi giai
Toa d6 giao diém ctia hai duong thang d, va d, 1a nghiém cuia hé phuong trinh
2Xx+3y-19=0 2(22+2t)+3(55+5t)-19=0 (t=-10

X=22+2t SIx=22+2t & ix=2 = A(25).
y =55+5t y =55+5t y=>5

Thay toa d¢ diém A(2;5) vao cac dudng thang ta chon dp 4n 3x—2y +4=0.
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AL

Cau8: Tim gi4 tri thuc cta tham s6 m dé ba duong thang d,:2x—-y=0, d,:x+y+3=0 va

d; :mx—y+5=0 phan biét va ddng quy.
A. m=-5. B. m=-7. C. m=5. D. m=7.
Loi giai

. . 2x—y=0
Toa d6 giao diém cua hai duong thang d,,d, lé{ y o
X+y+3=0
Suyra d,,d, cit nhau tai A(—l; —2).
Ba duong thing d,:2x—y =0, d,:X+y+3=0 va d,:mx—y+5=0 phan biét va dong qui

< A(-L-2)ed, ©-m+2+5=0<m=7.

Cau9: Cho ba duong thang d,:3x—2y+5=0,d,:2x+4y—~7=0,d,:3x+4y—-1=0. Phuong trinh
duong thang d song song véi d, va dong qui vé6i hai duong thang d, va d, la:
A. 24x+32y-53=0.. B. 24x+32y+53=0. C. 24x-32y+53=0. D. 24x—-32y—-53=0..
Loi giai

Toa do giao diém ctia hai dudng thang d, va d, 1a nghiém ctia hé phwong trinh:

3
X=—=
3X-2y+5=0
y = 8—>dlmd2:A(—§;Ej.
2X+4y-7=0 _31 8 16
16
Aed Aed 9 31
Ta co: = =-——+—+¢=0
d|d,:3x+4y—-1=0 ~ |d:3x+4y+c=0(c#-1) 8 4

@Cz—%g (tm)

Vay d :3x+4y—%3:0<:>d3:24x+32y—53:0..

Cau 10: Cho baduong thang d, : x+3y—-1=0, d,:x-3y-5=0, d,:2x -y + 7 = 0. Phuong trinh duong
thang d vudng goc véi d, va dong qui voi hai duong thang d, va d, la:
A. Xx+2y+10=0.. B. 6x+12y-5=0.. C. 6x+12y+10=0.. D. 3x+6y—-5=0.
Loi giai

Toa d9 giao diém ctia hai dudng thang d, va d, 1a nghiém ctia hé phuong trinh:

2=>d,nd, = A(S;_Ej'

{x+3y—1=0 X
3

=
X-3y-5=0 y=
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

AV

Aed Aed 2 5
Ta co: = =>3+2|——|+c=0Cc=——.
dld;:2x—y+7=0 d:x+2y+c=0 3 3

Vay d:x+2y—g:0<:>d:3x+6y—5:0..

Xac dinh vi tri tvong dbi cua 2 dudng thing sau A :X—2y+1=0 va A,: -3x+6y—-1=0.
A. Song song. B. Trung nhau. C. Vuong goc nhau.  D. Cit nhau.

Loi giai
Céch 1: Giai hé phuong trinh thiy v6 nghiém nén hai duong thing song song

Puong thang A:3x—2y—7 =0 cat duong thang nao sau day?

A. d, :3x+2y=0. B. d,:3x-2y=0.
C.d:3x+2y-7=0. D. d,:6x-4y-14=0.
Loi giai

Puodng thang A:3x—2y—-7=0 va d, :3x+2y=0c6 g;«t% = A cat d,.

Hai duong thang d, :4x+3y-18=0; d, :3x+5y —19 =0 cét nhau tai diém c6 toa do:
A. (32). B. (-3;2). C. (3;-2). D. (3;,-2).
Loi giai
4x+3y-18=0 X=3
ta dugc
3X+5y-19=0
Phuong trinh nao sau day biéu dién dudng thang khong song song véi dudng thing
d:y=2x-1?
A. 2x-y+5=0. B. 2x—-y-5=0. C. -2x+y=0. D. 2x+y-5=0.
Loi giai

Gidi hé phuong trinh {

(d):y=2x—1<:> 2X—y—1=0 va duong thang 2x + y —5=0 khong song song vi %?E_Tl

. e . L. . . 5 X =3++/2t . X =2+3t"
X4c dinh vi tri tuong doi cua 2 duong thang: A, : va A,
y=1-+/3t y=1-+/2t'
A. Song song nhau. B. Cit nhau nhung khong vudng goc.
C. Vudng goc nhau. D. Trung nhau.
Loi giai

Pudng thang A, ¢6 vtcp Jl = (\/E,—\/é) ; A, cO vtep @ = (Jé,—ﬁ)
D@ thay uj , E khong cung phuong va uj@ =26 nén Ava A, cat nhau nhung khong vudng goc.

Cho 4 diem A(0;-2), B(-1; 0), C(0;-4), D(-2; 0). Tim toa do giao diém cta 2 duong
thang AB va CD?

A. (1,-4). B. [—;—j . C. (-2;2). D. Khéng c6 giao diém.
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A

Loi gigi
Dudng thing AB c6 vecto chi phuong 1a u,, = AB = (-1 2)
Puong thing CD ¢6 vecto chi phuong 1a u., =CD = (-2;4)

D& thiy u,, = (-L2)va Uep = (=2;4) cung phuong nén 2 duong thing ABva CD hofc song

song hoic tring nhau, do d6 chung khong c6 giao diém.

. X=2+t X=5-— .
Cau 17: Cho hai duong thang d, : va d,: g . Khang dinh nao sau day la dung?
y=-3+2t y=—7+3
A. d, songsong d,. B. d, va d,cét nhau tai M (1;-3).
C. d, trang véi d, . D. d, va d,cit nhau tai M (3;-1).
Loi giai
Taco: d,: =d 2x-y-7=0;d,: =d,:3x+y-8=0
y=-3+2t y=-7+3

=d,nd, =M (3;-1)

P . o di2x=y=7=0 X=3
Giao diém cua d; va d, 1a nghiém cua h¢ =

d,:3x+y-8=0 y=-1
Cau 18: Trong mat phéng voi hé toa d§ Oxy, cho hai diém A(—2;O); B(1;4) va duong théng

d {); i ;t_t . Tim toa d6 giao diém cta dudng thang AB va d .
A. (2;0). B. (-2;0). C. (0;2). D. (0;-2).

Loi giai
Pudng thing AB ¢6 vecto chi phuong u,, = AB =(3;4). Chon vecto phap tuyén n,, = (4;- 3)
Phuong trinh dudng thang AB 1a 4(X + 2) -3y=0<4x-3y+8=0

, X=-
Dub’ngthéngd:{ —>d:x-y+2=0
y=2-t

. 2 . 2 . . .. . |4x=-3y+8=0 X=2
Giao diém duong thang AB va d 1a nghiém cta hé

X-y+2=0 y=0
Cau 19: Trong mit phang véi hé toa do Oxy, viét phuong trinh dudng thang d di qua diém A(—Z;O) va

song song voi dudng thang d,:3x+2y=07?

A. d:3x+2y-6=0. B. d:3x+2y+6=0.
C.d:2x-3y+4=0. D.d:2x-3y—-4=0.
Loi giai

Puong thang d, ¢ vecto phap tuyén 1a n_dl' =(3;2)

Vi dudng thing d song song v6i duong thdng d, nén chon vecto phap tuyén n, = n—dl =(3;2)
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A

Phuong trinh duong thing d 1a 3(x+2)+2y=0< 3x+2y+6=0.

Céu 20: Trong mit phing vi hé toa dd Oxy , viét phuong trinh dudng thing d di qua diém A(3; - 4) va
vuodng goc voi duong thing A:— x+3y—-9=07?
A.d:3x+y-5=0. B.d:3x+y=0. C.d:x-3y-15=0. D.d:x-3y=0.
Loi giai
Puong thing A ¢6 vecto phap tuyén n, = (-1,3)= u, = (3;1)
Vi dudng thing d vudng goc voi duong thing A va chon vecto phép tuyén n, =u, = (3;1)

Phuong trinh duong thang d 1a 3(x—3)+(y+4)=0<3x+y-5=0.

Cau 21: Hai duong thang d, :mx+y=m+1 va d, : x+my =2 song song khi va chi khi:
A.m=2. B. m=41. C. m=1. D. m=-1.
Loi giai
Truong hep 1: m=0 thi (d,):y=1va (d,):x=2
D@ thy 2 dudng thang nay vudng goc voi nhau nén ta loai m=0.

Truwong hop 2: m=0 thi d1//d2<:>?=£¢mT+l.
m

Khi m=1 ta co: ]—'=]—'=
11
. -1 0
Khi m=-1tacé: —=—=—=d,//d,.
1 2

Cau 22: Cho 3 dudng thang d,:2x+y—1=0; d,:x+2y+1=0 va d,:mx—y—7=0. Dé ba duong
thang nay dong quy thi gia tri m thoa mén la

A. m=-6. B. m=6. C. m=-5. D. m=5.
Loi giai
. 2Xx+y-1=0 x=1 .
Giao diém cta d; va d, 1a nghiém cua hé y & nén d, cat d, tai A(l;—l)
X+2y+1=0 y=-1

Dé 3 duong thang d,, d,, d, dong quy thi d, phai di qua diém A hay Aed,
Suyra: m+1-7=0=>m=6.

Cau 23: Vi gid trindo ctia m thi hai duong thang Aimx+y—-19=0 va Az:(m—l)XJr(m +1)y—20=0

vuong goc voi nhau?

A.Véimoi m. B.m=2.
C. Khong c6 gia tr1 m théa man. D. m=+1.
Loi giai

Puong thang A :mx+y—19=0 cb vecto phap tuyén nj :(m;l)
Puong thang A,:(m-1)x+(m+1)y—20=0 c¢6 vtpt n, =(m-1;m+1)

Dé 2 dudng thing A, L A, thi n.n, =0 m(m-1)+1(m+1)=0< m? +1=0 (V6 nghiém)
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Cau 24:

Cau 25:

A

Vay khong c6 gia trt m thoa man.

Trong mat phang v&i hé toa d6 Oxy, cho tam giac ABC c6 phuong trinh cac dudng thang AB,
BC, CA lan lugt 1a 2x—y+2=0, 3x+2y+1=0, 3x+y+3=0. Xac dinh vi tri twong ddi
ctia duong cao ké tir dinh Ava dudng thing A:3x—y—2=0

A. Trung nhau. B. Song song.
C. Cit nhau nhung khong vudng goc. D. Vudng gbc vdi nhau.
Loi giai

Goi H 1a chan duong cao ké tir dinh A.

Vi AH vudng goc véi BC nén ta chon vecto phap tuyén ﬁ =Ug. = (2;— 3)
Phuong trinh duong cao AH c¢6 dang 2x—-3y+c=0

Puong thing A:3x—y—2=0 c6 vipt E:(B;—l)

_l —_— 2 ’
Ta c6 g * = va Ny,.Nn, =2.3+(-3)(-1)=9 suy ra 2 duong thang AH va A cat nhau nhung

khong vudng goéc véi nhau.

Trong mit phang vai hé toa d6 Oxy, cho tam giac ABC . Piém M (2;0) 1a trung diém AB.
Puong trung tuyén va dudng cao ké tr A lan luot c6 phuong trinh 7x—-2y—-3=0 va
6X— Yy —4=0. Phuong trinh dudng thang AC 1a

A. 3x—4y=0. B. 4x+3y=0.
C. 3x—-4y+5=0. D. 4x+3y-10=0.
Loi giai

Goi AN, AH lan luot 1a duong trung tuyén va duong cao ké tir A cuia tam gidc ABC

7x-2y-3=0 {x:l

:>A(1;2)
6x—-y—-4=0 y=2

Toa do diém A la nghiém cia h¢ {
Vi diém M (2;0) 1a trung diém AB = B(3;-2)
Puong thing BC vuéng goc véi AH . Chon vecto chi phuong Ny, =U,,, = (1;6)

Phuong trinh duong thang BC 1a (x—3)+6(y+2)=0< x+6y+9=0

. . » | Tx=2y-3=0 x=0 -3
Toa dd N la nghi¢ém cua hé = 3= N|0;—
X+6y+9=0 y=— 2

T N 1 trung diém BC = C(-3;-1)
Puodng thing AC ¢6 vecto chi phuong U, = AC = (-4;-3).
Chon vecto chi phuong N, =(3;-4)

Phuong trinh duong thing AC la 3(x+3)—4(y+1)=0<:>3x—4y+5:0.
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PHAN Il. Cau trac nghiém ding sai. Trong maéi y a), b), c¢), d)  moéi cau, thi sinh chon ding hoac
sai.
R . . L B X=2+5t X=T7+5t o
Caul: Trong mat phang toa do, cho hai duong thang A, : va A,: ,- Xét tinh
y=3-6t y=-3+6t

dung sai cta cac khang dinh sau:
a) Hai duong thdng A,,A, 1an lugt c6 vecto chi phuong T, =(5;-6), U, =(5;6).

b) Hai duong thing A,,A, song song v6i nhau.

¢) M (7;3) la giao diém hai duong thing A,,A, .

d) Mot duong thang d vudng véi A, va di qua M (ZL' 2) c6 phuong trinh 1a d :5x—6y+7=0.
Loi giai

a) bung: Hai duong théng ALA, lan luot c6 vecto chi phuong U, = (5; —6) , U, = (5;6) .

b) Sai: Vi U, =(5-6), U, =(5;6)= g # %6 nén hai vecto chi phuong ctia hai duong thang da

cho nay khong cing phuong. Vi vay hai duong thang A ,A, cat nhau.

. |2+5t=7+5t 5t-5t'=5 t=1 L. o o
¢) Sai: = = =M (7;—3) la giao diém cua hai duong
3—-6t=-3+6t' —6t —6t'=—6 t'=0

ALA, .

X=2+5t

; 6t:>A1:6x+5y—27=0 nén duong thang d vudng goc véi A, cb
y=3-

d) Dung: Al:{
phuong trinh d :5x —6y +¢=0. Vi d :5x—6y+c =0 di qua diém M (12) nén ta co:
51-6.2+c=0<=c=7=d:5x—-6y+7=0.

Cau2: Trong mat phing véi hé toa d OXy, cho hai diém A(4;0) va B(0;3). Xét tinh dung sai cia cac
khang dinh sau:
a) Do dai doan thing AB bing 52 .
b) Puong thing di qua hai diém A va B c6 phuong trinh 1a 3x+4y +12=0.
\ 2 A r re \ < . 8
¢) Buong thang A:mx+ 2y —5=0 vudng goc vdi duong thang AB khi m= 3

d) Piém M (a; b) nam trén tryc hoanh Ox sao cho MI L AB (diém M khong tring gdc toa do

O, | latrung diém cta AB). Khi d6 a+b? =%.

Loi giai

a) Sai: Ta co: AB =(—4;3)= AB=,/(-4)"+3 =5
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Cau 3:

Cau 4:

AL
b) Sai: Phuong trinh dudng thing AB 1a 2 ; % —13x+4y—12=0
¢) Sai: Puong thing AB c¢6 mot vecto phap tuyén n, = (3;4).

Pudng thing A:mx+2y—5=0 c6 mot vecto phap tuyén n, =(m;2).
. . . 8
Puong thang A:mx+ 2y —5=0 vudng goéc véi duong thaing AB<=>3-m+4-2=0m=——

d) Ding: Vi diém M (a;b) ndm trén truc hoanh Ox nén diém M c6 toa dd M (m;0). Vi | 1a

trung diém ciia AB = | [2;;) . Miit khic ta ¢6: MI = (2 - m;gj,ﬁ =(—4;3) nén:

7

1ghm—12 g :W.E’:o@—4(2—m)+g=o@4m=g@m=z:>a+b2=§.

>
Cho hai duong thang A, :2x+y+15=0 va A, :x—2y—3=0. Xét tinh dting sai cia cac khang
dinh sau:

a) Puong thang A, c6 vecto phap tuyén nj(Z ;1) .
b) Hai duong thang cét nhau tai diém | (2—57,2—51j .

¢) Hai duong thang A;; A, vudng goc.

d) Khoang céch tir diém A(2;-3) dén giao diém cuia hai duong thang A}, A, 13 5.
Loi gidi

a) Blng: Puong thing A, ¢ vecto phap tuyén ﬁ; = (2;1) .

(o 2
2X+Yy+15=0 T 5 ( 27 21)
=1 ;

b) Sai: Ta co: =
X—-2y-3=0 y= 21

¢) Ding: Pudng thang A, c6 vecto phap tuyén ni(Z;l) , duong thang A, c6 vecto phap tuyén

n,(1;-2)ma n.n, =2.1+1.(~2)=0=>n, L n, nén hai duong thing A, ;A, vuéng goc

2 2 2 a2
d) Sai: Ta co IA:\/(Z_,_Z_JJ +(_3+%j _ |37 +6 :\/1405.

25 5
, , X=1+t . ,
Trong mat phang toa d9 Oxy, cho duong thang d : 343t Xét tinh dung sai cia céc khang
y=-o+

dinh sau:

a) Puong thing d c6 mot vecto chi phuong 13 u =(2;6).
b) Puong thang d vudng goc voi duong thang A: x+3y-1=0.

¢) Puong thang d, :mx -3y +5=0 cat dudong thang d khi m#9.
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Chuong

6. HAM SO, DO THI VA ’'NG DUNG TOAN 10 — CHUO'NG TRINH MO1

PHAN IIL.

Cau 1:

Cau 3:

A

d) Khoang cach tir giao diém ciia duong thang d va duong thing A dén truc Oy bang % .
Loi gidi
a) Dng: d c6 mot vecto chi phuong 1a U = (L3)= 2U = (2;6) ciing la vecto chi phwong cia d

b) Pung: vecto phap tuyén ciia d,A 1an luot 1a: ng = (-3,1); Na = (1,3) ma Nena=0=d LA

¢) Pung: d, cit d@%i_—icmi&

X=1+t

& 3x-y-6=0.Goi M =dNA=toa dd diém M 1a nghiém cua hé
y=-3+3t

d) Sai: d:{

19

X=—
Xx+3y-1=0 —
oy N 10 :M(Q;—Sj nén d(M;Oy)=19.
3Xx-y—-6=0 -3 10 10
1o

phuong trinh: {
Cau trac nghiém tra I&i ngan

x=8+(m+1)t
y=10-t

Loi giai

Tim m dé hai duong thang A, : { va A, :mx+6y—76=0 song song vi nhau.
Hai duong thang A,,A, c6 cip vecto phap tuyén 7, = (1; m +1), n, = (m; 6) .
Diéu kién can dé A,,A, song song nhau la fi,fi, cing phuong

, m=2 (loai)
<le=(m+ljmem’ +m-6=0< :
m = -3 (thoa man)
Vay voi m=-3 thi A;,A, song song nhau.

Tim m dé ba dudng thang d, :2Xx+y—1=0, d,:x+2y+1=0 va d,:2mx—-3y—-7=0 dong
quy?

Loi giai

o [dyi2x+y—-1=0 x=1
Ta co: = =d,nd,=A(L-1)ed, ©2m+3-7=0=m=2.
d,:x+2y+1=0 y=-1

Vay véi m=2 thi ba duong thang trén dong quy.

Trén mit phang Oxy, cho hinh vuéng ABCD. Goi M 1a trung diém cua canh BC, N 1a diém
trén canh CD sao cho CN =2ND. Gia st M (%,%j va duong thang AN c6 phuong trinh
2x—y—3=0.Goi P(a;b) la giao diém ciia AN va BD. Gid tri 2a+b béng bao nhiéu?

Loi giai
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MO1

AL
A B
M
P
D
~ C

Ta chimg minh dwgc MP L AN nén P 1a hinh chiéu cia M trén AN .
Gén hé truc tog do Dxy . D(0;0),C(L:0), B(L:), A(0:L). Khi d6 M [1;%]; N @;oj .
Phuong trinh dudng thang BD: y = x. Phuong trinh dudng thang AN :3x+y =1.

Diém P(%;%j.Khi do W:(?;%);M=(%;—lj:W.M=O:> MP L AN (dpem).

, . 1
Phuong trinh duong thang MP qua M va vuong goc voi AN 1a X+ 2y —?3 =0.

2X—-y=3 5

5 X=—

Mat khac P 1a giao diém MP va AN néntoa d) P la nghi¢ém hé 5 13 < 2.
X+2y="—

2 y=2

T do: a:g, b=2=2a+b=7.

Cau4: Co hai con tau A B xuét phat tir hai bén, chuyén dong theo dudng thang ngoai bién. Trén man
hinh rada cta tram diéu khién (xem nhu mat ph'flng toa do Oxy véi don vi trén cac truc tinh béng
N , 5 e o X =333t
km) tai thoi diém t (gio), vi tri ctia tau A c¢o toa d§ dugc xac dinh bdi cong thuc 4.4 25t
y=-4+
con vi tri tau B co toa do la (4 + 25t;33t). Hai tau chuyén dong theo hai duong thang trén bién
1an lugt c6 vecto chi phuong 1a uj, uj Tich ui@ bang bao nhiéu?
Loi giai
Hai duong di (gia sir 1 hai duong thang d,,d, ) ciia hai tau c6 cip vecto chi phuong

U, = (-33,25),0, = (25,33) = u,u, =0.

Cau5: Trong mit phing toa dd Oxy, cho dudng thing A:X+Yy—2=0 va hai diém A(1;3), B(2;1).
Biét diém M (a;b),a>0 thudc duong thing A sao cho dién tich tam gidc MAB béng 4. Tich

ab bang bao nhiéu?

Loi giai
Taco M(a;b)e A= M(a;2-a) va AB=(1,-2)= AB=+/5.
Phuong trinh duong thing AB:2x+y—-5=0.
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MO1

2-3

N 1 1 ~la-

Theo gia thiét S, :4@§.A8.d(M,AB)=4@E.J§. NG =4
a =-5(loai)

ola-3=8< .Véia=11=hb=2-a=-9 nén ab=-99.

a=11

Cau 6: Trong mit phang v6i hé toa d Oxy, cho hinh chir nhat ABCD c6 dién tich bang 12 va tam |
1a giao diém ctia hai duong thang d,:x—y—-3=0, d,:x+y—6=0. Trung diém canh AD Ia
giao diém ctia d, va Ox . Biétdinh A c6 tung d6 am va gia st toa do A(a; b) .Khi d6 gia 2a+b?

bang bao nhiéu?

Loi giai
A B
1
D 7 C

Vi | 1a giao diém ciia hai duong thang d, :x—y—-3=0, d,:x+y—-6=0 nén I(g,gj

GoiM la trung diém canh AD. Do M 1a giao diém cua d, va Ox nén M (3;0).
Taco: AB=2.IM =32 vaco S,pep = ABAD=12=> AD =22 .
Vi hai diém | vaM déu thudc d, nén dudng thang IM chinh 1a d, .

AD qua M vavuong goc véi d, = AD: x+y—-3=0.Laico MA =42

a+b-3=0 a=2 a=4
Toadd A la nghiém cuia h¢: & hoac

\/(a—3)2+b2:\/§ {b=l {b:—l
Ma dinh A c6 tung d duong nén A(4;—1) nén 2a+b’ =9.

HET:
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

A

Dang 1: Géc va khoang cach
Phwong phap: Trong mit phing voi hé toa d0 Oxy, cho hai duong thing d,;ax+by+c =0 va
d,:a,x+b,y+c, =0. Khi d6 goc giita hai dudng thang dugc tinh theo cong thiic:

_ |aa,+hb)|
\/a1 +bl\/a +b?

Trong mit phang v6i hé toa dd Oxy, cho dudng thing A:ax+by+c=0 va diém M, (Xo; yo) . Khi d6

cos(d,;d,) =

khoang cach tir diém M, dén duong thing A duoc tinh theo cong thirc:

|ax, + by, + |

Ja? +b?

BAI TAP TU’ LUAN

d(M,:A)=

Bai tap 1: Cho hai dudng thang (d,),(d,) lan luot c6 véc to chi phuong u, =(1,2;2),u, =(0;1,0). Tinh
cos(d,,d,).

Loi gidi
[L0+2.1+20)

“RE s

Bai tip 2: Cho hai dudng thang d, :2x—4y—3=0 va d, :3x—y+17=0. Tinh s} do goc giira d, va d,.

Taco cos(dl,d )

Loi giai

23+(-4).(-1)) 10 2
Jo(cap Fe(c 10V2 2

Suy ra s6 do goc giita d, va d, 1a 45°.

Ta co cos(d,,d,)=

. X =15+12t
Bai tap 3: Cho duong thang d, :3x+4y+1=0 va d, :{y 145t Tinh cosin cta goc tao boi gitra hai
=1+
duong thang di cho.
Loi giai
d, :3x+4y+1=0—-n, =(3;4

° R 5w 33

Ta co: x=15+12t _ ——2>C0S@p = =—.

> — i, =(5;-12) V9+16./25+144 65

y=1+5t
X=9+at

Bai tap 4: Xac dinh tit ca cac gid tri ctia a dé goc tao boi dudng thang { (teR) va duong thang

y=7-2t
3x+4y—2=0 bang 45°.
Loi giai
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

A

Goi ¢ la goc giira hai duong thing di cho.

Xx=9+at

y=7-2t (teR) co6 vecto chi phuong 1a U =(a;-2).

DPuong thang {

Dudng thang 3x+4y—2=0 c¢6 vecto chi phuong 1a V =(4;-3).

|0.9] o1 |42+ 6|
-V V2 sJa?+4

Ta ¢6: cos¢ = |cos(U,V)| <> cos45°=

2
a=-
>

& 5Va’ +4 =2 |4a+6| < 25a° +100 =322 + 962+ 72 <> 7a’ +96a 28 =0 < :
a=-14

Bai tap 5: Biét rang c6 dang hai gid tri ctia tham s k dé duong thang d:y=Kkx tao voi dudng thang
A:y =X mot géc 60°. Tinh tong hai gia trj ctia k .

d:y=kx=n, =(k;-1
Tacé:{ y = M ( )—>1:c0860°:ﬁ@k2+1:2k2+4k+2

Ary=x=n, =(3-1) 2 Jk2 +1-/2
< k2 +4k+1= 0" 5k +k, =4,

Bai tip 6: Duong thang A di qua giao diém cia hai duong thang d, :2x+y—-3=0 va d,:x—2y+1=0
dong thoi tao véi duong thang d, : y—1=0 mot goc 45° co phuong trinh:
Loi giai

, [d,:2x+y-3=0 x=1
Ta co: = =d,nd,=A(L1)eA
d,:x—-2y+1=0 y=1

Khi d6: d,:y-1=0—n,=(0;1), goi i, =(a;b), ¢ =(A;d,).

L oso b o 2?4 b? = 2bE a=b=a=b=1=A:x+y-2=0
V2 w_,/32+b2_4/0+1 - a=-b=a=lb=-1=A:x-y=0
. . , X=2-t
Bai tap 7: Tim goc gifta hai dudng thing A, :x—2y+15=0 va A, : y—d+2t (teR).

Loi giai
Puong thing A, ¢6 vecto phap tuyén la n, =(1-2) nén c6 mot vecto chi phuong la u, =(2;1)
Puong thang A,c6 mot vecto chi phuong 1a @ = (—1; 2 ) .

Nhan xét: U,.U, =0=u, Lu, = A, LA, =(A,,A,)=90".
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl
X=2+t

Bai tip 8: Cho duong thang d, :10x+5y-1=0 va d, :{ . Tinh cosin cta goc tao bdi gitra hai

y=1-t
duong thang di cho.
Loi giai
d, :10x+5y-1=0—>n, =(2;1)

' {y_l t_>ﬁ2:(1;1) Ja+11+1 V10

5t
Bai tap 9: Puong thing A tao voi duong thang d : x+2y —6 =0 mot goc 45°. Tim hé s6 goc k cua dudng
thang A.
Loi giai
2 . a
buong thang d : x+2y-6=0= 1, =(1;2) va goi i, :(a;b)j k, :_B_

1 |a+2b|
Ta c6: — =€0545° =

V2 Jat+b?A5

PN s(a2 + bz) =2a’ +8ab + 8b?

) 5 a:—lb—>kA:1
< 3a°-8ab-3b° =0 3 3.

a=3b—->k,=-3

Bai tap 10: Trong mat phang v6i hé toa d6 OXy, c6 bao nhiéu dudng thang di qua diém A(Z;O) va tao
v6i truc hoanh mdt goc 45°7?
Loi giai
Cho duong thang d va mot diém A. Khi do:
C6 duy nhat mot duong thang di qua A song song hoic tring hodc vudng goc véi d.

C6 dung hai duong thang di qua A va tao v6i d mot goc 0° < o < 90°.

Bai tap 11: Tinh khoang cach tir diém A(l; l) dén duong thang 5x—12y-6=0

Loi giai
Khoang cach tir diém A(L1) dén duong thang A:5x-12y—6=0 la
51-12.1-6
5% +(-12)

Bai tap 12: Mot duong tron c6 tam |(3;-2) tiép xtic v6i dudng thang A:x—5y+1=0. Tinh ban kinh
duong tron do.

Loi giai
~ [3-5.(-2)+1] 14

Jee(sy V2

Goi ban kinh cua duong tron 1a R. Khido: R=d(1,A)

Bai tap 13: Tinh khoang cach tir giao diém ctia hai duong thing X —3y+4=0 va 2x+3y-1=0 dén dudng
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

7 ALY
thang A:3x+y+4=0.
Loi giai
X—3y+4=0 X=-1 -3+1+4
Ta co: i & :>A(—1;1):>d(A;A):| Bl |: 2 :
2x+3y—1=0  |y=1 Jo+1 10

Bai tap 14: Trong mit phing véi hé toa o OXy, cho tam gidc ABC c¢6 A(1;2), B(0;3) va C(4;0). Tinh

chiéu cao cua tam giac ké tur dinh A.

Loi gidi
A(L2 3+8-12
Tacs: |52 —h,—d(ABC)- 81
B(0;3), C(4;0) = BC:3x+4y—12=0 Jo+16 5
2 . . X=1+3t
Bai tip 15: Tinh khoang cach tir diém M (2;0) dén duong thang A: {y 2t at
=2+
Loi gidi
Puong thing A 1 S aiax_ays2-0md(M;a) B2,
SRANE 2y o4t Y J16+9

Bai tap 16: Tim tat ca cdc gid tri clia tham sé m dé khodng céch tir diém A(-12) dén dudng thing

A:mx+y-m+4=0 bing 24/5.

Loi giai
Khoang cachd (A;A) = |_m\72:m+4| =25 & M-8 =\BJm? +1 & 4m? +6m—-4 =0
m°+1
m=-2
o 1 .
m==
2

Bai tip 17: Cho duong thang d :21x—-11y —10=0. Trong cac diém M (23;,-3), N(0;4), P(-19;5) va
Q(L5) diém nao gan duong thang d nhéat?

Taco: f(xy)=[21x-11y-10|=

Vay duong thing gan diém Q(L5) nht.
Bai tap 18: Tinh khoang cach giira hai dudng thiang song song A :6X—=8y+3=0va A,:3x-4y—-6=0

Loi giai
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl
AL
_[2+3

A(2;0)e A
Tacé:{ (20)e4, =d(A;A,)=d(AA,)= _3
A, |Ir A, :6x—8y+3=0 100

N

Bai tap 19: Trong mit phing voi hé toa o Oy, cho hai diém A(L1), B(-2;4) va dudng thing c6 phuong

trinh A:mx—y+3=0. Tim tit ca cac gid tri cua tham s m dé A cach déu hai diém A, B.

Loi giai

15
Goi | 1a trung diém doan AB = ( 2,2]

AB =(~3;3) > i, = (L1)

Khi d6 A:mx—y+3=0 (fi, =(m;—1)) cich déu A B

lea M 5,30 [m=t

Slm 21| 2 2 = .
—_ =" m=-1
1 1 m=-1

Bai tap 10: Trén hé truc toa do Oxy, cho hinh vuéng ABCD va diém M thudc canh CD sao cho
MC =2DM, N(0;2019) la trung diém cita canh BC, K 1a giao diém ciia hai duong thing AM va BD.
Biét duong thang AM c6 phuong trinh x —10y + 2018 = 0. Tinh khoang cach tir gbc toa @ O dén duong
thang NK bang

Loi giai
A a B
N
K
D M C

Goi canh hinh vudng bang a. Do AABK ~ AMDK :@:%:l:%zl.
AB KB 3 B 4

Ta c6 m:ﬁ+wzﬁ+§ﬁc

NK = BK ~BN = >BD -~ BC = >(BA+ BC) -~ BC =S BA+ > BC
4 2 4 2 4 4

Tur d6 suy ra W.W%ﬁ.ﬁqu%ﬁﬁ:o: AM 1 NK .

Vi AM L NK nén NK c6 phuong trinh tong quat: 10x +y — 2019 =0.

_ |-2019]  2019y101

P2 101
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

A

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.
A < 1% e ey e a s 2 X=2+3t | X=-3+2t .
Caul: Trong mat phang Oxy, goc gitra hai duong thang A, : va A, bang
y=4-2t y=1+3t
A. 90°. B. 45°. C. 60°. D. 30°.
Loi giai
Hai duong thing A,,A, lan lugt ¢6 vecto chi phuong u, =(3;-2) va u, =(2;3).
Vi uu, =0 nén A, L A,.Suyra (A,A,)=90°
A . 1% e 2 . x=15+12t
Cau 2: Trong mat phang OXxy, cosin goc gifra hai duong thang A, :3x+4y+1=0 va A,: y =145t
=1+
bang
A2 B -2 c.2 D2
65 65 65 65

Loi giai
Vecto phap tuyén cta duong thing A la nj = (3; 4).

Vecto phap tuyén cua duong thing A, 1a n, = (5;-12).

:cos(Al,Az):‘cos(ﬁl,ﬁz) -

Cau 3: Trong mat phang Oxy, goi S 1a tdp hop tat ca cac gia tri cua tham sb m dé goc gitra hai duong
thang d : mx+(m—1)y+2:0 va A:Xx—y+2=0 bang 30°. Tich tit ca cic phan tir cta tap S
bang

A. 1. B. -=. C. D. -1.

ol

Loi gidi
Puong thing d nhan n, = (m;m—1) 1a 1 vécto phap tuyén.

Puong thing A nhan n, = (L-1) 1a 1 vécto phap tuyén.

ﬁl.nz‘ 3 m-1(m-1)|

e — .
‘”1‘-‘”2‘ 2 \/m2+(m—1)2\/§

<:>\/3(2m2 —2m+1) =42 < 6m’ —6m+1=0.

Ta co: COS(A,A,) = ‘cos(nl, nz) =

S
2 22m? —2m+1
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Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

Cau 4:

Cau 5:

Caiu 6:

A

Vi A'=3> 0= phuong trinh c6 2 nghiém phan biét va m.m, = % )

Trong mit phang Oxy phuong trinh duong thang A di qua M (1;0) va tao véi truc hoanh géc
30° 1a
1:2x+x/§y—2:0; A2:2x—\/§y—2:0.
:\/§x+y—\/§=0; AZ:\/§x—y—\/§=0.
l:x+x/§y—1:0; Az:x—\/§y—1:0.
1:3x+\/§y—3=0; A2:3x—\/§y—3=0.
Loi giai

> >

=

Sh® p
>

Vi duong thang A tao voi truc hoanh géc 30° nén hé sé goc cua duong thiang A 1a:

k=xtan30° =+

i

oL
J3
i

N

Vay c6 hai duong thing A XA+ \/éy -1=0; A, :x— \/§y —1=0 thoa mén yéu ciu bai toan.

(x—1)<:>\@y:x—1<:> x—\@y—lzo
Phuong trinh dudng thiang A la:
(x=1) <:>—\/§y: Xx-1 x+\/§y—1=0

Trong mit phing toa dd Oxy, cho diém A(L5) va duong thang d : x+2y—5=0. Viét phuong
trinh duong thing A qua A tao v6i d mot goc 45°

A. X+y—-6=0; 2x+y-7=0. B. x+3y-16=0; x—-3y+14=0.
C. 3x+2y-13=0; 3x-2y+7=0. D. 3x+y—-8=0; x-3y+14=0.
Loi gidi

Goi Fl(a;b) (a® +b? # 0) 1 vecto phap tuyén ciia duong thang A.

a=3b
=-3a’

|la+2b|
5(a2 +b2)

Taco: Cos45° = < 2(a+2b)’ =5(a” +b*) < 3a° —8ab—3b* =0 @{

Voi a=3b, chon a=3b=1tacod phuong trinh A la: 3x+y-8=0.
Voéi b=-3a,chon a=1b=-3 taco phuong trinh A la: x-3y+14=0.
Vay c6 hai duong thang 3x+y-8=0; x—3y+14 =0 thoa min yéu cau bai toan.

Trong mit phang Oxy, cho diém M (—2 ; 1) va duong thang A: x—3y +6 =0. Khoang céach tir
diém M dén duong thang A bang

A. @. B. 210. C. @. p. 2
= 10 5 J10
Loi giai
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AL

Cong thirc tinh khodng céch tir diem M (X, ; Y, ) dén duong thang A: Ax+By+C =0 1a

| A, + By, +C|
JA? + B

d(M,A)=

Véy khoang cach tir diém M (-2;1) dén duong thang A: x—3y+6=0 bing

[-2-3.1+6] _

d(M,A)= T 10.

Cau7: Trong mit phang Oxy, cho duong thing A:4x—-3y—2=0.DPiém M thudc Oy cb tung do
duong va cach A bang g Tung d6 cua diém M bang

A. 4. B. 1. C. 3. D. 2.
Loi giai

Tacoé M €Oy va co tung do duong nén toa do co dang M (0; m) (m>0).

3m+2=8

| -3m-— 2| - 10
3m+2=-8 m:T (loai).

4% + 32

m=2  (thoaman)
Theo gia thiét d (M, A) {

Vay tung d6 cta diém M thoéa man yéu cau dé bai bang 2.

Cau8: Trong mit phang Oxy, cho hai diém A(3;-1), B(0;3). Toa do diém M thudc truc OX sao cho
khoang cach tir diém M t6i duong thing AB bang 1 1a

A. (L0) va [%;OJ. B. (v/13;0). C. (40). D. (2;,0).
Loi gidi

Puong thing AB ¢6 mot vecto chi phuong 1a AB = (-3;4).

Suy ra dudng thing c6 mot vecto phép tuyén la n = (43).

Phuong trinh dudng thang AB : 4(X — 3) + 3(y +1) =0«<4x+3y-9=0.

Do M € Ox = M (x;0).

7 7
Khoéngcéch:d(M,AB):lcwzlc:{Arx 9=5 = 2:> (2 j
V4% + 3

4X-9=-5
x=1=M(10)

Cau9: Trong mit phang Oxy, cho duong thang d c6 phuong trinh X%Z = y;3 va hai diém

M (=2;3), N(4;-1). Duong thing A vuéng goéc d va khoang cach tir M dén A gp 2 lan
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khoang cach tir N dén A . Phuong trinh dudng thing A dang ax+by+c=0véi a,b vac la
céc s thuc duong. Tinh P=a.b.c.
A. 20. B. 10. C. 30. D. 40.

Loi giai

Vi A vuong goc d nén duong thing A c¢6 dang: x+4y+c=0.

|-2+4.3+¢| ) |4-4.1+c|

V17 V17

Theo gia thiét ta co: d(M , A): 2d(N, A) = <:>|C +10| = 2|C|
c=10

@l 10

C= (loaii)

Phuong trinh dudng thing Acén tim la: x+4y+10=0.
Tadugc a=1, b=4; c=10. Do d6 P=1.4.10=40.

Cau 10: Trong mit phang Oxy, cho ba diém A(l;l), B(3;2),C(1;3). Goc giita hai duong thang AB va
AC bing
A. 26°34'. B. 63°26'. C. 63°25'. D. 26°35'.
Loi giai

Ta co: AB = (2;1), AC = (0; 2) lan luot 1a vecto chi phuong cta hai duong théng AB,AC .

Jpeac|

Khi d6: cos(AB,AC)= ‘cos(ﬁ,rc)‘ - W -5

= (AB, AC) ~ 63°26"

Cau 11: Trong mit phang OXxy, cosin goc giita hai duong thang d :5x+y—-3=0 va d": il + % =1 bang

Az B.O. c.-2 .2
- 13 13 13

Loi giai
Puong thang d nhan n= (5;1) 1a 1 vecto phap tuyén; d’ nhan n = (5; —1) 1a 1 vecto phap tuyén

55+1(-1) 12
cos(d,d’) = ‘ =—,
= cos(d.d) J25+14/25+1 13

X=2+at

Cau 12: Trong mit phang Oxy, tim gia tri ctia tham sb a dé goc giita hai duong thang d, :{ 1_ ot
y=1-

va d,:3x+4y+12=0 bang 45°.
A. ae —14;3 . B. ae Z;lO . C.ae —lO;E . D. ae E;14 .
- 7 7 7 7

Loi giai

d, nhan n, = (2;a) 1a 1 vécto phép tuyén; d, nhan n, = (3;4) 1a 1 vécto phép tuyén.
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Cau 13:

Cau 14:

Cau 15:

A

& 25(4+a”)=2(6+4a)’.

N | lev4al V2 [e+4d
Ta co: COS(dl,dZ)_HH@ N <:>7—m

2
a=—
< 25a° +100=72+96a+32a*> < 7a* +96a-28=0 <= 7

a=-14
A z o 1a 2
Vay gid tri tham s6 a thoaman 1 a e {—14;7} .

C6 hai gia tri m, m, dé duong thang d : x+my —3=0 hop v6i duong thangd’: X+ y =0 mot
gbc 60°. Tong m, +m, béng:
A. -1 B. 1. C. 4. D. 4.

Loi giai

Goi fi,, f, lan luot 1a hai vecto phap tuyén cuia hai dwong thiang d:x+my—3=0 va

d:x+y=0
, N o1 |RA] 1
Taco (d,d")=60 @\cos(nd,nd,)‘:5<:>||ﬁd||ri:||=§
d|*|" 'd’
Cm+y 1

—<:>2|m+]4 L2Am+1 e m? +4m+1= O=m+m, —9=—4.

x/_\/l+m - a

Trong mit phing toa dd Oxy, cho tam giac ABC vudng can tai A cd phuong trinh duong thang
AB la 2x—y—-5=0 va diém M (1; 2) nam trén dudng thang BC . Phuong trinh dudng thang
BC la

A. Xx+y-3=0va 2x+y—-4=0. B. x+3y—-7=0va x-3y+5=0.
C.3x+2y—-7=0va 3x-2y+1=0. D. 3x+y-5=0va x-3y+5=0.
Loi gidi

Goi n= (a;b) (a® +b? #0) 1a mot vecto phéap tuyén ciia duong thang BC thi ta co ABC = 45°
1
nén suy ra cos( AB;BC)=—.
y ( ) 2
a=3b
b=-3a’

|2a bl 1
1/ a’ +b \/_

Véi a=3b, chon a=3b=1 tacod phuong trinh BC la: 3x+y—-5=0.

Suy ra 2(2a-b) = (a2+b2)c>3a2—8ab—3b2:0c{

Voéi b=-3a, chon a=1b=-3 ta c6 phuong trinh BC la: x—3y+5=0.

. . . X=1+2t
Trong mdt phang Oxy, cho diém M (3; — 2) va duong thang A: { ¢ Khoang céch tu

diém M dén duong thang A bang

A. ﬁ. B. 2./5. C.

5

IS

o5
G
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A

Loi giai
Duodng thang A di qua diém | (1;0) va c6 mét vécto chi phuong G =(2; -1).
Ta c6 fi=(1; 2) 1a mot vécto phap tuyén clia duong thang A.

Phuong trinh tong quét cla duong thang A 1a 1(x—1)+2(y—0)=0< x+2y-1=0.

-22-
Vay d(M,a)= 222242
+(2 V5
Cau 16: Trong mit phang Oxy, cho tam gidc ABC ¢ A(1;2) , B(—2;5), C(3;—4). Dién tich tam gidc
ABC bang:
A. 6. B. 642. C.12. D. 3.

Loi giai
Ta c6 AB= (—3;3) 13 mot vécto chi phuong ciia duong thang AB nén U = (1;1) la mot vécto
phap tuyén cta duong thing AB .

Phuong trinh tong quét ctia duong thang AB 14 l(X —1) +1( y-— 2) =0 x+y-3=0.

, 3-4-3 4 ‘ 2
Tacd: d(C,AB)=——=—==242 va AB=,/(-3) +3 =372.
- CACRCW LB COREEN

Viy dién tich tam gidc ABC bang: S5 = % AB.d(C,AB)= %.3&.2& =6.

Cau 17: Trong mit phang Oxy, cho hai diém A(2;2), B(5;1) va duong thang A:x—2y+8=0. Piém
C thudc duong thing A va C c6 hoanh d6 dwong sao cho dién tich tam giac ABC bang 17.
Toado cua C la
A. (12; 10). B. (10;12). C. (8; 8). D. (10; 8).
Loi giai
Puong thing AB c6 mot vecto chi phuong 1a AB = (3; —1)
Suy ra ¢6 mét vecto phap tuyén 1a n = (13).

Phuong trinh duong thang AB: 1(X - 2) +3(y - 2) =0 x+3y-8=0.

biém C e A = toa do diém C(2t-8;t).

Dién tich tam giac ABC bang 17 < %AB.d (C; AB) =17

t=10
1 —|5t—16|
—\V10.———=17 < |5t -16| =34 .
ST eRense), 1
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Cau 18:

Cau 19:

Cau 20:

A

Véi t=10=C(12;10); vdi t = —% = C(—E;—%j (loai).

Trong mit phang Oxy, cho hai diém A(2;2),B(5;1). Tim toa d6 diém C trén dudng thing
A:X—2y+8=0 sao cho dién tich tam giac ABC bang 17 .

A. C(12.10) v c[—7—56 -% B. C(~12,10).
C. C(1;4—1). D. C(—4;2).
510
Loi giai

Taco: AB =(3;-1). Phuong trinh dudng thing AB: x+3y—-8=0.

Do C € A nén C(20—8;C)

1 1 [5c—16| ¢=10

= Syeas == 0(C,AB).AB=17 & =, N10=17 = :

xcas = ( ) > \/]5 Cz_%
Vay C(12;10) va C[—7—6 —Ej

5 5
, . X=2+2t " 2
Trong mat phang Oxy, cho duong thang d : y=3+t va diém A(O;l). biém M c6 toa do
=3+

nguyén, M nam trén d va cach A(O;l) mot doan bang 5. Viét phuong trinh duong thang AM
?
A. 4x-3y+3=0. B.3x—-4y-4=0. C.3x-4y+4=0. D.3x-y+1=0.

Loi giai

Taco: M ed =M (2+2t;3+t) = AM = (2t +2; t+2).
Theo gid thiét ta c6: AM =5 < (2+2t)" +(t+2) =5 & 52 +12t-17=0 = | _17

Véi t=1=> M (4;4) suyra AM =(4;3).
Puong thaing AM c6 mét vecto phap tuyén 1a n= (3; - 4) .
Phuong trinh tong quét cia AM 1a: 3(X - 0) - 4(y —1) =0 ©3x-4y+4=0.

242

Vi t:_—17:> I\/I( j .(loai).
5 55

Vay duong thang AM ¢ phuong trinh tong quat 1a: 3x —4y +4=0.

Trong miat phang OXy, goc gitta hai duong thang A, :4x+2y-1=0 va A,:x+3y—-5=0 bang
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Cau 21:

Cau 22:

Cau 23:

AL

A. 30°. B. 45°. C. 90°. D. 60°.
Loi giai

Hai duong thdng A,,A, 1an lugt co vecto phap tuyén n, = (4,2) va n, = (13).

B ey B

Do do: cos(A,,A, )= ‘cos(nl, n,) = ‘j i‘ 2 (A, A,) = 45°.
nfln] 2
2 Y - \ 2 X=2+t \ 3
Trong mdt phang Oxy, goc giira hai duong thang A, : 4_2t va A,:X+Yy-3=0 bang
y=4a-
A. 18°25'. B. 71°34". C. .18°26' .. D. 71°35'.
Loi giai

A, nhan nt = (2;1) 1a 1 vecto phap tuyén; A, nhan nj = (1;1) 1a 1 vecto phap tuyén.

Do do6: cos(A;,A,) = ‘cos(nl, nz) =

=— = (A,A,)~18°26.

Trong mit phang Oxy, gid tri cia tham s6 m dé goc giita hai duong thing
d:(m+3)x—(m-1)y+m-3=0va d,:x+2y—-5m—7=0 bang 90° la
A. m=6. B. m=3. C.m=4. D. m=5.
Loi giai
Hai duong thang d,,d, 1an lugt c6 vecto phap tuyén ﬁ;=(m+3;—m+1),ﬁzz(l;2).

Pé (d,,d,)=90° thi n.n, =0<>1.(m+3)+2,(-m+1)=0< m=5.

Puong thang d:ax+by-3=0; voi a,beZ di qua diém M (1;1) va tao voi dudng thing
A:3x—y+7=0 mot goc 45°. Khi d6 a—b bang
A. 6. B. 4. C. 3. D. 1.

Loi giai

Puong thang d c6 vécto phap tuyén ne =(a;b) véi a,b e Z.

.- Na.n
Ta co (A,d):45°<:>‘cos(nA,nd) =C0s45° & ‘qA j‘ =£
nA.nd‘ 2
a=2b
3a b V2 —
o1 1 N2 s 13a-b|=+5+a%+b? <23 -3ab-20°=0 < 1 .
Jiova?+b? 2 | | a=-—b

2

Voi a=2b chon b=1,a=2 =d:2x+y-3=0.

Vi a:—%b chon b=-2;a=1 =>d:x-2y+1=0.
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Cau 24:

Cau 25:

Ciu 26:

AV

Cho dudng thing d :3x—2y +1=0 vadiém M (12). Viét phuong trinh duong thing A qua M

va tao voi d mot goe 45°.

A A 2X—=y=0; A, :5x+y-7=0. B. A :x-5y+9=0; A,:3x+y-5=0.
C. A :3x-2y+1=0; A,:5x+y-7=0. D. A :X=5y+9=0; A,:5x+y-7=0.
Loi giai

Puong thing A diqua M c6 dang A a(x—1)+b(y—2)=0, a’+b*#0
hay ax+by—-a-2b=0
Theo baira A tao véi d mot goc 45° nén:

08450 — |3a + (—2b)| - V2 [3a-2h|

JFE (22 a2 2 J13Afa? 412

a=>5b
< 4/26(a’ +b*) =2[3a - 2b| <> 5a* —24ab-5b’ =0 = {

5a=-b
Néu a=5b, chon a=5,b=1 suyra A:5x+y—-7=0
Néu 5a=-b,chon a=1b=-5 suyra A:x—5y+9=0.

Trong mit phang Oxy, cho diém M (4 ;—1) va duong thang A:2x+3y+8=0. Khoang cach
tir diém M dén duong thang A bang

A 118 B. 2413, C. Vi3, p, V13
13 13
Loi giai

Cong thirc tinh khoang cach tir diém M (Xo ; yo) dén duong thang A: Ax+By+C =0 Ia

|Ax, + By, +C]|
d(M,A)= .
( ) JVA? + B?
Vay khodng cach tir diém M (4 ; —1) dén duong thing A:2x+3y +8=0 bang
24+3.(-1)+8§
d(M,A)= =13.
22 +3

Trong mit phang Oxy, cho hai diém A(S; 3); B(—4; 2) va dudng thang A:x+my—2=0.Tim

tat ca céc gia tri cia tham sd m dé A cach déu hai diém A va B?
m=-5 m=-7 m=-7 m=7
A. . B. . C. . D. .

3+3m-2| |-4+2m-2|
J1+m? J1+m?

Ta co: d(A,A)zd(B,A)@ <:>|3m+1|=|2m—6|.
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A

3M+1=2m-6 m=-7
= = .
3m+1=6-2m m=1

Viay m=-7; m=1thi A cach déu hai diém A va B.

X=t
y=4+2t
d cit A, A, lan luot tai hai diém A, B sao cho G 1a trong tdm cta AABC véi diém C(-13)
G(0;3). Khodang céch tir diém M (1,—1) dén dudng thang d 1a

Céu 27: Trong mit phang Oxy, cho hai dudng thing A { va A, :X—y+2=0.Duong thang

A. 13, B 2 C. 13. D. 3.
5
Loi giai
Goi toa do diém Ae A, 1a A(t;4+2t) ; goi toa do diem B e A, 1a B(b;b+2).

Tacéd G latrong tm cua AABC

t+b—1_0
3 t+b=1 t=-1
o o = A(-12), B(2; 4).
4+2t+b+2+3_3 2t+b=0 b=2
3

Phuong trinh duong thang d di qua hai diém A, B 1a d:2x—3y+8=0.
2.1-3,(-1)+8|
(2)°+(-3)

Cau 28: Cho hai diém A(3;2), B(-4;1),C(0;3). Tim phuong trinh duong thang di qua A va cach déu
Bva C.
A. X+y—-5=0va 3x+7y—-23=0. B. x+y-5=0va 3x-7y+5=0.
C. x+2y—-7=0va 3x-7y+5=0. D.y-2=0,x-2y+1=0.
Loi gidi

=13.

Khoang cach tir diém M dén duong thang d 1a d (M ,d):‘

Goi vecto phap tuyén ctia duong thing A 13 n=(a; b).
Suy ra phuong trinh duong thang A di qua diém A c6 dang:

a(x—3)+b(y—-2)=0(a*+b?#0) <> ax+by-3a—2b=0.

Tact d(B,A)=d(C,A) = |[7a+b| _ |-3a+b| c{?a+b:—3a+b {azo

f— .
JaZ+b?  Ja?+b? 7a+b=3a-b b=-2a
Vay phuong trinh duong thang can tim 1a: y—2=0,x—2y+1=0.

Céau 29: Trong mit phing Oxy, cho hai diém A(l;l) va B(2;3) . C6 bao nhiéu duong thing A cach hai
diem A(11)va B(2;3) mot khoang lan lugt bang 2 va 4?
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AL

A. 4. B. 1. C. 3. D. 2.
Loi giai

Gia sir A:ax+by+c=0,(a’ +b” #0)theo gi thiét ta co:

la+b+c| )

JaZ+b’ la+b+c|=2ya”+b’ (1)
=

[2a+3b+cf_,  |2a+3b+c|=4ya’ +b (2)
Ja? +b?

:>2|a+b+c|=|2a+3b+c|<:>[

—
o o
@© >
=B
Il Il
AN

=C
4a+5b+3c=0"

a=0
Véi b=c thay vao (1) ta duge |a+2b|=2Va® +b’ < 3a° :4ab<:>{3a_4b .
Khi a=0, chon b=c =1 ta c6 phuong trinh A:y+1=0.
Khi 3a=4b, chon a=4,b=3,¢c=3 tacé phuong trinh A:4x+3y+3=0.

4a +5b

Véi 4a+5b+3c=0=>c=— thay vao (1) ta dugc

|a+ 2b| =6va’ + b’ < 35a* —4ba +32b* =0, (3) , xem (3) 1a phuong trinh bac hai 4n a ta c6
A'=-1116b* <0, Vb.

A' =0 < b =0 khi d6 phuong trinh (3) c6 nghiém a =0, khong thoa mén diéu kién.

Vay c¢6 hai phuong trinh dudng thang thoa man bai toan.

, X=2+t
Cau 30: Tim cosin goc gitta 2 duong thang A : 10x+5y-1=0va AZ:{ It
y=1-
NS B, Y10, c 310 p.2.
10 10 10 5
Loi giai
Vécto phap tuyén cta A,, A, lan lugt la n, =(2;1), n, =(L1).
e TR L0
cos(A,,A, )= cosin,n,||F—=== )
(882) deos(nn InlIn,| V10
Céu 31: Tim goc giita 2 duong thang A 2x—y-10=0va A,: x-3y+9=0.
A. 60°. B. 0°. C. 90°. D. 45°.

Loi giai

Vécto phap tuyén cia A,, A, lan lugt 1a nj =(2;-1), nj =(1,-3).

GV. Phan Nhat Linh - & SDT: 0817 098 716




Chwong 6. HAM SO, PO THI VA NG DUNG TOAN 10 - CHU'O'NG TRINH MOl

- 5 ALY
non |n1.n2| 2
cos(A,,A,) = cos(n,n, || —=2==—=(A,A,)=45°.
( ) Indin, [ 2 1
A \ P s \ 2 \ x=10-6t
Ciu 32: Tim goc gitta 2 duong thang A, :6X-5y+15=0va A, :
y=1+5t
A. 90°. B. 60°. C. 0°. D. 45°.

Loi gidi
Vecto phép tuyén ciia dudng thing A, 1a n, = (6;-5).
Vecto phép tuyén ciia dudng thing A, 1a n, = (5:6).
Taco n.n,=0=A, LA,.

Cau 33: C6 hai gia tri m, m, dé duong thang A:mx+y—3=0 hop véi dudng thang d : x+y =0 mot
gbc 60°. Tong m, +m, bang
A. -3.. B. 3.. C. 4. D. 4.
Loi giai

Vecto phap tuyén cta duong thing A 1a E = (m;l) .

Vecto phap tuyén ctua duong thang d 1a E = (1; 1) .

nA.nd‘

Na

Ta o6 (4,d) =60° < [cos(a, N || = cos60° =

N |~

nd‘

m+4 “l o omit= V2V 1 e m? +4m i 1=0 :>ml+m2=—§=—4..

@_
J2ym2 41 2

Cau 34: Cho hai duong thang d :3x—y =0 va d":mx+y-1=0.Tim m dé COS(d,d'):i.
J10
4 3
A. m=0. B.ng;mzo. g.m:z;m:o. D.m:i\/§.
Loi giai

Vécto phap tuyén cua duong thang d 1a n, =(3;-1).

Vécto phap tuyén ciia dudng thing d’ 1a n, = (m;1).

Ta c6 cos(d,d'):ic‘cos(ﬁd,ﬁdr) N ‘aﬁd'ﬁﬁd" _ 1
\/170 \/]-T) ‘ndHnd" \/ﬁro
=0
13m -1 1 - ) m
= = < PBm-L=vm°+1 < 8m°-6m=0 < 3.
im0 SRmA=Y 0
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Cau 35:

Cau 36:

A

3 N SR
Vay m=Z va m=0 théa man y€u cau bai toan.

Viét phuong trinh duong thang d di qua gdc toa do va tao voi duong thang A:x—2y—-3=0
mot goc 60°.

A.dy= (8+5\/_)Xvad y=(8 5J§)
y=(8+3V3)x va d,:y=(8-3V3)x.
(5+5I)xvad y = ( )
y =(18+5v3)x va d, :y =(18-5V3)x

Loi giai

cow
||

Puong thang d di qua gbc toa do co phuong trinh: y =ax hay ax—y =0 c6 vecto phap tuyén
la n, =(a;-1).

Theo gia thiét: d tao véi A mot goc 60° nén

cos(d,A) = cos60° < [2+2 :1 < 2la+2= (a2 +1)
\/a \/12 )
2 _16a_11- 0|2 78F5V3
a=8-53

Véi a=8+5y3 taduoc dudng thang can tim d, 1y = (8 + 5x/§) X
Véi a=8-543 ta duge dudng thang can tim d, :y = (8 — 5\/§)X

Viét phuong trinh duong thang d di qua A(—2;O) , tao voi duong thang A:x+3y—-3=0 mot
goc 45° (biét dudng thang d co hé s6 goc am).
A. 2x+y+4=0. B. x+2y+4=0. C. x-2y-2=0. D. 2x+y—-4=0.
Loi giai
Puong thang d di qua A(—2;O) c6 phuong trinh:
a(x+2)+by =0« ax+by+2a=0(a’+b’#0) c6 vecto phép tuyén la n, = (a;b).
Puong thang A:x+3y—-3=0 co vecto phap tuyén 1a nj = (1;3).

Theo gia thiét: d tao voi A mot goc 45° nén

. |a+3b| J2
cos(A,, A, ) = c0s45° < :7<:>\/§|a+3b|=1/10(a2+b2)

Ja? +b? 12 + 32

a=2b
c>5(a2+b2):(a+3b)2c>2a2—3ab—2b2=0c> L
2

Véi a=2b, chon b=1= a =2 ta dugc duong thing can tim d : 2x+y+4=0.
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. 1 : : .
Vi a:_Eb’ chon b=-2=a=1 ta dugc duong thang d:x—2y+2=0 (loai do h¢ s0 goc

duong).
Cau 37: Tinh tng tat ci cac gia tri cia tham s m dé cosin ciia goc tao boi hai duong thing
. 2
d:mx+2y+2=0va A:3x+2y+1=0 bang ——.
V13
A. 0. B. —ﬁ. C.ﬁ. D. -24.
5 5
Loi giai

Puong thing d :mx+2y+2=0 c6 mdt vecto phap tuyén n, = (m;2).
Puong thang A:3x+2y+1=0 c6 mot vecto phap tuyén nj = (3; 2) .

Goi a 14 goc giita hai duong thing d va A. Theo gia thiét co

24
3m+4 m=——
cosa = 2 = | | _2 & [3m+4|=2ym® +4 < 5m’ + 24m =0 < 5.
V13 Jym?*+4413 V13 m=0
A Py S Spgr £ M 24 24
Suy ra tong cac gia tri cua gia tri cia tham sO m bang S =0+ 5 :—E.

Cau 38: S0 gi tri nguyén clia tham s6 m dé sin ctia goc tao boi hai dudng thang A, :2x+3my —1=0 va
A,:3x—4y+7=0 bang g.

Al B. 2. C.3. D. 0.
Loi giai

Puong thang A, :2X+3my—-1=0 c6 mdt vecto phap tuyén ni = (2;3m) .
Puong thang A, :3x—4y+7=0 c6é mot vecto phap tuyén ﬁ; = (3;— 4) .

Goi a 14 goc giita hai dudng thang A, va A,.

. . 4 6-12m
Theo gia thict co: Sing = — < Co0Sa = 3 = u = 3 = |6—12m| =3v4+9m?
S5 5 J4a+9m?5 5
m=0
& 144m* —144m + 36 = 36 + 81m° < 63m* —144m =0 < 16 . Vi m nguyénnén m=0.
m==—
.

Co6 mot gia tri nguyén cua tham s6 m thda man yéu cau bai toan.

Céu 39: Pudng thing ax+by+c=0 (voi a®?+b?#0va (a,b)=1). Biét A di qua diém M (-2;0) va
x=-3+3t

tao v6i duong thang d :{ mot goc 45°. Tinh a° + b’
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AL

A.5. B. 5. C.1. D. 4.
Loi giai

Goi na =(L3) va na =(a;b) voi a® +b? =0 1an lugt 1 vecto phap tuyén cia duong thing d
va A.
[La+3b| V2 Ja+3b|

:—C) e B S
J104/a? +b? 2 \J10/a%+b?

©2,/5(a’ +b*) =2[a+3b| < 5(a’ +b°)=(a+3b)" < 2a’ +3ab—20° =0

cos(A,d)

Truong hop 1: b=0=a=0(L)

2 _a %:_—:a2+b2=5
Trwong hgp 2: b=0 taco 2F+35—2:0<:>
8 2 a’+b?=5
b
Vay a® +b* =5..

Cau 40: Duodng thang A di qua giao diém ciia hai duong thang d, :2x+y-3=0 va d,:x—2y+1=0
dong thoi tao véi d, 1y —1=0 mot goc 45°.

A. x+<1—\/§)y:0 hodac x—y-1=0. B. X+2y =0 hodac x—4y=0.
C. Xx—y=0 hoac x+y-2=0. D. 2x+1=0 hodc y+5=0.
Loi giai

Toa d9 giao diém ctia d, :2x+y—3=0 va d,:x—2y+1=0 la nghiém ctia hé¢ phuwong trinh

2x+y-3=0 [x=1
X+Yy o1 T s d nd, = ALL) A,
X-2y+1=0 y=1

Phuong trinh duong thang A di qua A(L1) nén a(x-1)+b(y-1)=0< ax+by—a—b=0 vdi
a’+b’=0.

Goi n, = (0;1) va n, = (a;b) 1an lugt 1 vec to phap tuyén ciia duong thang d,:y-1=0 va
duong thang A.

Vi géc giita d, va A bang 45° nén ta cé:

1 b

V2 Ja?+p? A0+

Cau 41: Trong mit phang Oxy cho AABC can dinh A. Canh bén AB va canh diy BC c6 phwong trinh
lan luot 14 Xx+2y—3=0 va 3x—y+5=0. Lap phuong trinh canh AC biét dudong thang AC
di qua diém M (L-3).

a=b=a=b=1=>A:x+y-2=0
a=-b=a=1lb=-1=A:x-y=0"

©a2+b2:2b2<:{

A. X+2y+5=0 hoac 2x+11y+31=0. B. x+2y+5=0.
C. 2x+11y+31=0. D. x+2y—-5=0 hodc 2x+11y—-31=0.
Loi giai
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AV

Goi n,. =(a;b) v6i a® +b* # 0 1a vecto phap tuyén ciia dudng thing AC .

Phuong trinh duong thing AC di qua M (1-3) nén a(x-1)+b(y+3)=0.
Tir phuong trinh dudng thing AB: x+2y—3=0 taco N, =(L2) 1a mot vecto phap tuyén.

Tir phuong trinh dudng thing BC: 3x—y+5=0 ta cd Ny, = (3;—1) 1a mdt vecto phap tuyén.

Vi AABC céan dinh A nén

S — |3a b| ) 2
‘cos( acii )‘cos( i ) m \/,<:>a +b*=5(3a—h)
b 1
a=— a==
& 44a% —30ab + 4b” =0 < 2(2a—b)(1la-2b) =0 < ;b _Chon b=1 thi & ?2
azﬁ a:ﬁ

. 1 . : . .
Voi a= > thi phuong trinh duong thang AC : x+2y+5=0 (Loai vi khi d6 AC song song v&i

AB).
. 2 . . . 2
Vo1 a= 1 thi phuong trinh duong thang AC :2x+11y+31=0.

Cau 42: Trong mit phangOxy cho AABC cin dinh A. Canh BC, duong cao ha tir dinh B c6 phuong
trinh 1an luot 14 Xx—y+1=0 va x+3y+5=0. Puong cao ha dinh C di qua M (3;0). Lap

phuong trinh canh AB
A. x-3y-1=0. B. x+3y-1=0. C.3x-y-1=0. D. 3x+y-1=0.
Loi giai

Goi BH :x+3y+5=0.Do B=BC nBH néntoadd B la nghiém ctuia h¢ phuong trinh

x+3y 0 X 2:> B(-2;-1) to phap tuyén n =1L-D,n —(1 3)
= —2;-1). Vecto phap tuyé =&-1, =(Lo).
X y 1 O 1 p p y BC BH

Goi CK 1a duong thang qua M (3;0) va vudng goc véi AB c6 vecto phap tuyén fi = (a;b).
Luc d6 ta c6 phuong trinh duong thing CK : a(x—3)+by =0 < ax+by—3a= O(a2 +b* % O)
Mit khac ABHC = ACKB = HBC = KCB.

Tur day ta c6: cosHBC =cosKCB < cos(BH,BC) = cos(CK, BC)

‘nBH'nBC _ ‘ﬁ'@‘ la—b| )
[ AT IR o o © e =0
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A

a=3b

<:>4(a2+b2):10(a2—2ab+b2)<:>3a2—10ab+3b2 =0 a:%b'

Voi a=3b thitachon a=3;b=1nén CK:3x+y—-9=0 (Nhan).
Vi a=%b thita chon a=1b=3 nén CK:x+3y—-3=0 (Loai).

Mait khac C = BC N CK nén tgoa dd C la nghi¢m cua h¢ phuong trinh

3X+y—-9=0 x=0
o = C(23).
X—y+1=0 y=1

Lai co6 AB L CK suy ra vecto chi phuong U, =ng, =(3,1).

Mat khac: B € AB nén ta c6 phuong trinh AB': X%z=yT+l<:> Xx—-3y—-1=0.

. ) , Xx=-1+3t
Cau 43: Khoang cach tir diém A(L2) deén dudng thang A: y =54t
L B2 e D. .
5 5 S >
Loi gidi

Puong thing A c6 phuong trinh tong quat 1a: 4(X +1) + 3(y - 5) =0<4x+3y-11=0.

Khos 1ch tir did A(l‘Z) dén duone thine d 14 d(AA) |4.1+3.2—11| 1
Oan CaC lem ) en n an a: , e mE
g g thang —

Ciu 44: Khoang cach gitta hai duong thang song song d: X+y—-3=0va A:x+y—2=0 1a

N

A. 9. B2 c. X2 D. 15.
5 2
Loi giai
e - A A |3_2|
Lay diém A(0;3)ed:x+y-3=0nén d(d;A)=d(AA)= =
17 +1°

SE

Cau 45: Cho tam giac ABC voi A(IL‘ 2), B(0;3) ,C (4;0) . Chiéu cao cua tam giac ABC g véi canh BC

c6 do dai la

AL B. 5. C.1. D.E.
5 5
Loi giai
Phuong trinh canh BC:§+%:1<:> BC:3x+4y-12=0.
N o ‘ 3.1+4.2-12 1
D¢ dai dudng cao Gmg v6i canh BC 1a AH =d (A, BC):—:E.
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7 7 ALY
Cau 46: Trong mat phang toa do Oxy cho ba diém A(3;—4), B(1; 5), C(3; 1). Dién tich AABC la
A. V26 . B. 25. C. 10. D. 5.

Loi giai
Tac6 AC =(0;5) = n = (L0) 1a vécto phap tuyén cia AC.

Phuong trinh duong thdng AC: X—3=0=>S, ;. = %d (B,AC)|AC|=5..

Cau47: Mot thtra ruong hinh chir nhat c¢6 hai canh ndm trén hai duong théng
d:x-3y+2=0;A:3x+y—2=0 vacé mot dinh la A(2;1) . Dién tich cta thtra rudng bang

A.@. B L C.@. D.5.
10 2 10
Loi giai

Thay toa 6 diém A vao d tadugc 2—3+2=0<1=0(v61y)nén A khong nam trén dudng
thang d .

Thay toa do diém A vao A ta dugc 3.2+1-2=0<5=0 (v 1y) nén A khong nam trén
dudng thang A.

Khoang cach tir dinh A(2;1) dén dudng thing d :x—3y+2=0 la

2-3+2] V10
d(Ad)= |2 |2 =0
1" +(-3)

Khoang céch tir dinh A(2;1) dén duong thang A:3x+y—-2=0 la

_[23+1-2] 510

d(AA) o 10

Dién tich thira rudng ban

J10 510
€790 10

1
10 2

Cau 48: Cho hai diém A(3;1); B(4,0) . Dudng thing nao sau day cach déu A va B?
A. —2x+2y-3=0. B. x—y—-3=0. C. x+y+3=0. D. 2x+2y+3=0.
Loi gidi
4 < A 5 N 7 1
Ta c6 trung diém cua AB 1a | EE .
\ M ’ A \ ~ 3 < A 7 1 \ A "D \ r 7
Puong thang cach déu A va B sé di qua diém | E,E va nhan AB = (1; —1) lam véc-to phap

tuyén c6 phuong trinh 13 1.(x—%j—1.(y—%)=0<:> Xx—y-3=0..
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AL

Ciu 49: Duong thang di qua diém A(L-3) va c6 khodng cach dén diém M (2;4) bang 1 c6 phuong

trinh:
A. 24x—-T7y—-21=0. B.24x+7y—-45=0. C.7x+24y—-45=0. D. 24x-7y—-45=0.

Loi gidi
Gia sir duong thang A di qua diém A(L-3) c6 hé s6 goc k. Khi d6 phuong trinh A ¢6 dang:

y+3=k(x-1) = kx—y-k-3=0.

Theo d2 ta ¢6 d(M,A)=|2k_:2—_k_3|=1<:>|k—7|=\/k2+1<:>(k—7)2=k2+1
+1
) ) 24
K -1k +49=k"+1e 1k =48 > k=—.

Vay phuong trinh duong thing A c6 dang: 24x—7y—45=0.

Cau 50: Phuong trinh cua duong thang d song song v6i d':3x+4y —1=0 va cach d’ mot doan bang
2 c6 dang
A. d:3x+4y—-9=0 hodc d:3x+4y+11=0. B. d:3x+4y+9=0 hodc d:3x+4y-11=0
C.d:3x+4y+3=0 hoac d:3x+4y—-17=0.D. d:3x+4y—-3=0 hoac d:3x+4y+17=0
Loi giai
Puong thang d song song voi d’ nén phuong trinh dudng thang d’ c6 dang 3x+4y+c=0.

Lay diém M (-L1)ed’, theo dé ta co:

c=9

2<:>|—3+4+c| |
c=-11

d(d,d")=d(M,d")= -

:2c>|c+1|:10<:{

Voic=9 taco d:3x+4y+9=0;véi c=-11taco d:3x+4y—-11=0.

Cau51: Trong mit phang véi hé toa d Oxy, cho hai duong thang d,:5x+3y-3=0 va
d, :5x + 3y + 7 =0 song song v&i nhau. Pudng thang vira song song va cach déu véi d,d, 1a
A. 5x+3y-2=0. B. 5x+3y+4=0. C.5x+3y+2=0. D.5+3y-4=0.

Loi giai

Giasir d 1a dudng thang vira song song va cach déu véi d,,d, . Khi 6 phuong trinh duong thang
d c6dang 5x+3y+m=0.
Lay A(0,1)ed,; B(-2,1)ed,. Vi d cach déu vé6i d,,d, nén trung diém |(-11) cua AB ndm
trén duong thang d suy ra 5.(—1) +31+m=0&m=2.

Vay phuong trinh duong thang d 1a 5x+3y+2=0.

Cau 52: Trong miat phiang véi hé toa do Oxy, lap phuong trinh duong thing d vudng goc véi
A:2x+y—1=0 vacich diém M (3;-2) mét khoang 13 /5.
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Cau 53:

Cau 54:

Cau 55:

AL

A.d :x-2y-12=0vad,:x-2y-2=0. B.d:x-2y-12=0vad,:x-2y+2=0.
C.d :x-2y+12=0vad,:x-2y-2=0. D.d:x-2y+12=0vad,:x-2y+2=0.
Loi giai

Vi duong thang d L A:2x+y—1=0 nén d c6 dang: x—2y+c=0.

c=-12
Vi d(M,d):x/§c>|7+c|:5c>L_ , +Vy diix-2y-12=0va d,:x-2y-2=0.

Trong mit phing Oxy, lap phwong trinh dudong thing d song song véi dudng thing

A:x+4y+2023=0 va cach déu hai diém B(-2;3),C(4;-1).

A.d:x+4y+3=0. B.d:x+4y-5=0. C.d:x+4y+5=0. D.d:x+4y-3=0.
Loi giai

Vi duong thang d // A: x+4y +2023=0 nén duong thang d c6 dang:

X+4y+c=0(c=2023).

|-2+4.3+¢| ~ |4-4.1+c|

V17 V17

Vay phuong trinh duong thang d 1a: x+4y-5=0.

Theo gia thiét: d(B;d)=d(C;d) <= < lc+10/=|c|<c=-5

Trong mat phing véi hé toa dd Oxy, viét phuong trinh dudng thang di qua A(—l; 2) va cach

B(3;5) mot khoang bang 3.

A A y+2=0va A,:24x-7y+37=0. B. A:y-2=0vaA,:24x+7y+37=0.

C.A:y—-2=0vaA,:24x-7y+37=0. D. A :y+2=0vaA,:24x+7y+37=0.
Loi giai

Goi phuong trinh duong thang A 1a ax+by +c¢=0. Diéu kién: a> +b*=0.

A(-1;2)eA=-a+2b+c=0<c=a-2b (1)

d(B;A)=3<[3a+5b+c|=3Va’+b® (2)

a=0
7a+24b=0

Thay (1) vao (2), ta co: d(B;A)=3c>|4a+3b|=3\/a2+b2c>7a2+24ab:0c{
Voi a=0:Chon b=1=c=-2=A:y-2=0.

Véi 7a+24b=0:Chon b=-7=a=24,c=37T=>A:24x-7y+37=0.

Vay A:y—-2=0va A,:24x-7y+37=0.

Trong mit phang Oxy, cho tam giac ABC co A(—l;l),B(Z;—4),C(4;4). Viét phuong trinh

duong phan giac trong cua goc A.
A. 4x-y+5=0. B. 4x—-y-5=0. C. x+4y+3=0. D. x+4y-3=0.
Loi giai
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A

=(3;-5) = Phuong trinh duong thang AB 1a 5x +3y +2=0;
AC =(5;3) = Phuong trinh duong thing AC 1a 3x -5y +8=0;
Goi M (x;y) la diém bét ki thuc dudng thang phan gidc clia goc A, ta co:

4x-y+5=0

d(M,AB):d(M,AC)<:>|5X+3y+2|:|3x—5y+8|@{X+4y_3=0-

Xét dudng thing A:4x—y+5=0.Tacd (4X; — Vg +5)(4%; — Yo +5)=17.17=289>0 nén B
va C nam cung phia so voi dudng thang A nén A la dudng phén gidc ngoai.

Vay phuong trinh dudng phan giac trong cua goc A la: x+4y—-3=0.

PHAN II. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon diing hoic

sai.

Cau 1:

Cho hai dudng thang d, : X — \/§y +5=0 va d,:x+y =0.Xét tinh dung sai clia cac khang dinh
sau:
a) (d,,Ox)=30°

b) (d,,Ox) = 45°

1-+/3
22

d) Puong thang vudng goc véi d, tao voi d, mot goc 15°

¢) cos(d,,d,)=

Loi giai

a) PBung: Ta co: dIIX—\/§y+5=0, Ox:y=0

1.0+ —\/§ .
Khi do: cos(d,,0x) = ‘ ( - )4 :§
\/12+(—\@) NRE
b) Bing: Tacé: d,:x+y=0,Ox:y=0
1.0+1.1] _Q
V2412402422 2

L (B) B

NG

d) Bing: Pudng thiang vudng goc voi d, c6 vecto phap tuyén 1a n= (\/5;1). Goi o 1a gbc tao

‘\/5.14-1.1‘ \/_—i-l
VB 42+ 12 Tz

Khi d6: cos(d,,0x) = = (d,,0x) =45

¢) Sai: COS dl,d

boi duong thang d6 véi d,. Khi do6 ta co: cosa = =15°.
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Cau 2:

Cau 3:

A

X=2+at

. Xeét
y=1-2t

Trong mit phang toa d0 Oxy cho hai duong thang: A 13x+4y+12=0,A, :{

tinh ding sai cua cac khing dinh sau:
a) Puong thing A, c6 mot vecto phap tuyén 1a n, = (3;4), A, c6 mdt vecto chi phuong 1a
u, =(a;-2)

b) cos(Al;Az):‘cos(n—l;E)

c) Voi a :g thi goc giira duong thing A, va A, bang 90°

: e : . . . 96
d) Tong cac gia tri a dé goc gitra duong thang A, va A, bang 45° 1a -

Loi gidi
a) Dling: Puong thing A, ¢6 mot vecto phap tuyén 1a n, = (3;4), A, c6 mét vecto chi phuong

1a u, = (a,-2)

b) Sai: cos(A;A,) = ‘Cos(ﬁl;n—z) véi nj,njlﬁn luot 1a 2 vecto phép tuyén ctia A, va A,

¢) Sai: Puong thing A, ¢6 mot vecto phap tuyén 1a n, = (3;4), dudng thang A, c6 mot vecto

phép tuyén 1a n, =(2;a)
r o~ \ M \ M 0 - T o 3
Goc gilra duong thang A, va A, bang 90" <n L n,<nn,=0&32+4a=0a= -5

d) Dling: Géc gitra duong thang A, va A, bang 45° < cos(A,;A, ) = cos45°

:%a [2+44 :%<:>2|4a+6|:5\/§.\/a2+4

@‘COS(E;E) 3+ 42427 + a2

2
N 4(16a2 +48a +36) - 50(a2 + 4) 14a% +192a-56 =0 | 2~ 7
a,=-14

Do do: a, +a, :—2

Trong mit phing toa d6 OXxy cho tam giac ABC véi ba canh c¢6 phuong trinh lan luot 1a:
AB:x—-2y+5=0, AC:3x—y=0, BC:2x+y=0.Xét tinh ding sai ctia cac khang dinh sau:
a) Puong thang AB khong vudng goc véi truc Ox

b) Tam gidc ABC vuong tai B

¢) Goc giita duong thang AB va AC bang 60°

d) Phuong trinh duong phan giac géc Bla x+3y-5=0

Loi giai
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A

a) Dung: Puong thing AB c¢6 mdt vecto phap tuyén n, = (L,-2)
Truc OX c6 1 vecto phap tuyén j =(0;1) nén n,.j=1.0+(-2).1=-2#0
Vay dudng thing AB khong vudng goc véi truc OX

b) Pung: Hai duong thing AB:x—2y+5=0,BC:2x+y=0 lan luot c6 vecto phap tuyén la
n = (L —2),nﬁ2 =(2;1). Taco n.n, =0 nén hai duong thing AB,BC vudng gbc nhau.

Hay tam giac ABC vuong tai B
¢) Sai: Puong thing AB c6 mdt vecto phap tuyén 1a n, = (1,-2), dudng thing AC 6 mot vecto
phap tuyén Ia n, = (3,-1)
n] s e
Iny|ng] \/12+(—2)2.\/32+(—1)2 2

Suy ra goc giita duong thang AB va AC bang 45°

Ta c6: cos(AB,AC):‘cos(ﬁl,ﬁs)

d) Dung: Tir 10i giai cau 2 va 3 ta thay tam gidc ABC vuodng tai B va c6 goc A bang 45°.
Do d6: tam giac ABC vudng can tai B
Buong phan giac goc B cling chinh la duong cao ha tir B .

X—2y+5=0

Toa d§ dinh B cua tam gidc ABC thda h¢
2Xx+y=0

x=-1
<:>{ = B(-12).
y=2

Phuong trinh dudng cao ha tr B la: x+3y-5=0.

, X=2-3t
Caud: Trong hé toa d6 Oxy, cho cic duong thing (dl):2x—3y+4:0;(d2):{ L amt’
y=1-

A:x+3y—3=0 vadiém A(—Z; 0) . Xét tinh dting sai ctia cac khang dinh sau:

a) Khi m :g thi goc gitta d, va d, bang 90°.

b) Cosin goc gitta d, va A bang I

V130

c) Puong thang di qua A(-2;0) va vudng goc véi d; c6 phuong trinh 1a 3x+2y +6=0.

d) Puong thang d di qua A(—Z; 0) va tao voi dudng thang A : x + 3y —3 mot goc 45° co phuong
trinh d :2x+y+5=0.
Loi giai

a) Sai:Goc giira d, va d, bang 90°suy ra d, vudng goc véi d,
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A

Khi d6: uy U, =0 3.(-3)+2.(-4m) =0 m= —% :
b) Pung: d, c6 vecto phap tuyén n, = (2;-3); A c6 vecto phép tuyén n, = (1,3)

‘nl.nA

— — 7
Cosin goc gitra d, va A la cos(d;A :‘cos n;n, ) =——-= .
osin goc giua U, va a ( ) ( 1 A) ‘nl‘. n, /—130

¢) bung: Puong thing a vudng goc véi d, suy ra c6 phuong trinh dang 3x+2y+C =0.

Duong thing a di qua A(-2;0) < 3.(-2)+20+C=0<C=6

Suy ra phuong trinh a: 3x+2y+6=0.

d) Sai: Puong thingd di qua A(-2;0) c6 phuong trinh:
a(x+2)+by =0 ax+by+2a=0(a’ +b’=0)

Theo gia thiét: d tao voi A mot goc 45°nén

|a+3b| J2

cos(A,,A,) =c0s45 < =% o J2la+30|=,/10(a2 +b?
(88) Ja? +2 N2 +3 2 | | ( )
a=2b
< 5(a’+b°)=(a+3b) < 2a’-3ab-2b" =0 i
a=-——
2

Véi a=2b, chon b=1= a =2 ta dugc duong thang can tim d : 2x+y+4=0.
Vi a=—%b,ch(_)n b=-2=a=1 tadugc duong thing d : x—2y+2=0.

Caus5: Trong h¢ toa do Oxy, cho cac duong théng A: 2x—y—-10=0va A,: x-3y+9=0, diém
M (=1 2). Xét tinh dung sai ctia cdc khang dinh sau:
a) Goc giira d, va d, bang 45°.

b) Duong thang d :3x—(m-1)y +1=0 vudng goc véi A, khi m=-5.
c) Puong thang di qua M (-1;2) va vudng géc véi A, c6 phuong trinh la x+2y+3=0.

d) Puong thang ( d) qua diém M (—l; 2) va tao véi truc Ox mot goc 60°cod phuong trinh 1a

\@x—y+\@—2=0.

Loi giai
a) Pung: Vecto phap tuyén cua A,, A, 1an luot 1a n, = (2;,-1), n, = (1,-3).

Inn,| _ V2

cos(Al,A2)=|cos(ﬁl,ﬁ2)|: Al _:73(APA2)=45O_

In [[n, |
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AL

b) Dung: Duong thang d :3x—(m-1)y+1=0 vudng gbc véi A, : 2x—y-10=0

Suyra 3.2+(—(m-1)).(-1)=0<m=-5.
¢) Sai: Puong thing a vudng goc Vi A, suy ra c6 phuong trinh dang x+2y+C =0.
adiqua M (—1;2) <:>1.(—1)+2.2+C =0« C =-3 suy ra phuong trinh a: Xx+2y—-3=0.

d) Sai: Gia st (d) c6 mot vecto phap tuyén n =(a;b),(a2 +b%# O) , truc Ox:y =0 c6 mot

vecto phép tuyén n= (0;1). Pudng thing (d) tao véi truc Ox mét géc 60° nén:

- 0 b 1, ., |a=+3b
cos(n;:n)=cos60’ & ———=—<=a " =3h" = )
os() Jai+b? 2 b=—/3b

V6i a=—/3b= (d) c6 mdt vecto phip tuyén n, =(+/3;-1) ma (d) di qua M (-12).
Suyra (d) c6 phuong trinh: v3(x+1)~(y—2)=0 3x—y++/3+2=0.
V6i a=+/30=> (d)cé mdt vecto phap tuyén n; =(3;1) ma (d) di qua M (-L2).
Suy ra (d) ¢6 phuong trinh: v/3(x+1)+(y—2)=0< 3x+y++3-2=0.
Cau6: Trong mit phang toa do Oxy, cho hai diém A(2;0), B(5-3) va dudng thing

x=1-2t .
d :{ a (teR). Goi C 1a diém thudc d sao cho tam gidc ABC cén tai A. Xét tinh ding
y =

sai cua cac khang dinh sau:
a) Goc giira duong thang d va Oy bang 45°.

526

b) Géc giita duong thang AB va dudng thang d 1& a véi cosa = —726 .

¢) Goc giita hai duong thang AB va d bang goc gitra hai dudng thang AC va d .
d) Goc gitra hai dudng thang AB va Ox bang goc gitra hai dudng thang AC va OX.
Loi giai
a) Pung: Ta c6 AB = (3:-3), ](0;1)
|AB. | 3.0-3.1 3 2

Tt cos(AB.0) =|eos(AB. 1) ~ = o T e

Suy ra (AB,QOy) =45°.
b) Sai: Ta ¢6 véc to chi phuong cua dudng thing AB va d 1an luot 13 Uns (L-1) va Ud (-2;3).

Goi goc giita duong thang AB va duong thang d 1a «
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A

Urets| [.(-2)-13 526

il 1]~ V23 2
c) bung: Goi C ed suyra C(1-2t;3t) (teR).
Taco AB=+18, AC =413t +4t+1.

Tam gidc ABC can tai 4 suy ra AB = AC o18 =13t + 4t +1

Ta co cosa = ‘COS(UAB,Ud) =

t=1
<132 +4t-17=0 < 17.

Véit=1taco Cl(—1;3).

V('yit:—E taco C, ﬂ;_5_1 .
13 13 13

Ta co A—C1 = (—3;3) , cung phuong AB = (3; —3) nén A B,C, thang hang, vay khong tao thanh
tam giac nén loai Cl(—l; 3).

Ta c6 AC, = (f—;;—f—;j, khic phuong AB = (3; -3) nén A,B,C, khong thang hang, vdy tao
thanh tam giacnén C =C, ﬂ o1 thoa man.
13" 13
Vay chi c6 mot diém C thdomanla C ﬂ,—ﬁ
13 13
Taco AC = (é' —ﬁ], chon u = EAC2 13 [é —Ej l](?;—l?) 1a véc to chi phuong cta
13 13 3 3113 13

duong thang AC .
Khi d6 goc giita hai duong thang AC va d duoc xac dinh:

cos(AC,d) = |cos(uus )| = ut 72173 5@

_\G\.\Gd‘ J134/338 13J_

d) Sai: Ta co: cos(AB,Ox)=‘cos(GAB(1;—1),?(1o )‘ ‘\UABHWw |11[110|_ 2.
Uas
cos(AC,Ox):‘cos( (7;-17), )‘ “HWW |712\/£.710|_7\/_'

Ta thay COS(AB,OX) * COS(AC,OX) nén goc giita hai duong thang AB va Ox khong bang goc

GV. Phan Nhat Linh - @& SDT: 0817 098 716 _

giita hai duong thang AC va OX.
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Cau7: Trong mit phing Oxy cho AABC la tam giac can tai dinh A. Pudng thing chira canh bén AB
va canh day BC c6 phuong trinh 1an luot 1a x+2y—3=0 va 3x—y+5=0. Duong thing AC
di qua diém M (1;— 3). Xét tinh dung sai cua cac khing dinh sau:

a) Puong thing BC ¢6 vecto phép tuyén la n,. = (1,3).

V2

b) cosABC =—.
10
¢) Duong thang AC c6 vecto phap tuyén la n,. =(a;b) voi a? +b? =5,
e 4 oa s 2 . . .. 24
d) Goc gitra hai duong thang AB va AC 1a o véi cosa = PTE
Loi giai
a) Sai: Tir phuong trinh duong thang BC : 3x—y+5=0, ta ¢6 @ = (3; —1) la mot vecto phap
tuyén.

b) Pung: Tir phuong trinh duong thing AB: x+2y—3=0,taco n,; = (4, 2) 1a mot vecto phap

tuyén.

Vi tam gidc AABC céan tai dinh A nén goc ABC la géc nhon.

2
10

Suy ra cos ABC =cos(AB;BC) = ‘cos(n—AB;@)

¢) Sai: Goi N, =(a;b) véi a® +b? =0 1a vecto phap tuyén ciia duong thing AC .
Puong thang AC diqua M (L—-3) nén co dang a(x—1)+b(y+3)=0.

Vi AABC can tai dinh A nén cos ABC =cos ACB

= ‘cos(@;@) :‘cos(@;n_m') = % = % —a’+b’= 5(3a—b)z
a’+

< 44a” —30ab +4b’ =0 < 2(2a-b)(11a-2b)=0 <

Voi a:g, chon b=2 thi a=1.
Suy ra phuong trinh duong thing AC : x+2y+5=0 (Loai vi khi d6 AC song song v&i AB).
Véi a=i—2, chon b=11thi a=2.

Suy ra phuong trinh duong thing AC :2x+11y +31=0.
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Cau 8:

q o AL
Vay duong thang AC c6 vecto phap tuyén 1a n,. =(2;11) va a* +b* =125.
, . —_— 24
d) Bung: Ta c6 cosa =cos(AB;AC) = ‘cos(nAB;nAC) =

Trong mit phing toa do Oxy, A=(L2), C=(3;-1); duong thing A:2x+y—8=0. Xét tinh
dung sai cua cc khang dinh sau:
a) Khodng cach tir diem A=(12) dén duong thing A:2x+y-8=01a 5.

b) Khoang cachtir A dén C 1a 4.

¢) Khoang céch tir gbc toa d6 O dén dudng thing AC 1a

7J13
13

d) Hinh binh hanh ABCD c6 dién tich bang 8; diém B thudc duong thang A:2x+y—8=0.
biét tung d6 cua diém Bnho hon 5 thi B=(16) D(3;-5).

Loi giai

a) Sai: Khoang c4ch tir diém A=(1;2) dén duong thing A:2x+y-8=0 la

o 21+2-8 45
Khi do: d(A(A))= = )
(Aa)=Fr= =%

b) Sai: Ta c6: AC =(2-3)= AC =/(2)" +(-3)° =13.

¢) bung: Puong thang AC ¢ vec to phap tuyén 1a n= (3; 2) do d6 duong thang AC c6 phuong
trinh tong quat 1a: 3(x—1)+2(y-2)=0<3x+2y-7=0

. 0+40-7| 7413
Khi @6: d(O;AB) = = .
16 0(0AB) = P T 1

d) bung: Do ABCD la hinh binh hanh va S,;., =8 suyra: S,,;. =4.

Taco: S, 5 =%d(B;AC).AC.

Do diém B thudc duong thang A:2x+y—8=0 suy ra B(b;8—2b)

[3b+2(8-20)-7| |-b+9|

Taco: d(B;AC) = NE NE

» 1[-b+9 = _|-b+9 ~b+9=8 _ b=l (TM)
Tu do: == N8="——=4|- =
U do: Syupc 5 \/E 3 5 <:'>| b+9| 8= —b+9:—8© b=17 (KTM)

Xp =X, + X —Xg =3

= D(3;—5).
yD:yA+yC_yB:_5

Suy ra B =(16).Tir d6 toa do clia diem D la {
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7 AL
Cau9: Trong mat phang vdi hé truc toa do Oxy, M (—2;1) va duong thang A:5x—-12y+9=0;

X=-2+t ,
: . Xét tinh dang sai cua céc khang dinh sau:
y=1+2t

a) Khoang cach tir diém M (—2;1) dén duong thang A:5x —12y+9=0 13 5.

b) Tinh tich khoang cach tir diém M va gbc toa d6 dén duong thing A:5x—12y+9=0 la % .

X=-2+t
y=1+2t

[P
N

¢) Khodng cach tir diém M (-2;1) dén duong thang d :{

d) Khoang cach tir gbc toa do dén dudng thang d nam trong khoang (3;5)

Léi giai

5.(-2)-12.1+9 |-13
52 +(-12)° 13

150120490 9 vhido d(M,A)d(0,4) =2

|52 +(~12)° 13 13

¢) Sai: Phuong trinh tong quat duong thang d 1a 2x—y+5=0

2.(-2)-1+5

221
2 +(-1)

d) Sai: Phuong trinh tong quat duong thang d 1a 2x—y+5=0

a) Sai: Taco d(M,A) = 1

b) Bung: d(0,A)
Khoang cach tir diém M (—2;1) dén duong thang d 1a

. . , 2.0-
Khoang cach tir goc toa do O(0;0) dén duong thang d la % =5¢ (3;5)
2°+(-1)

Céu 10: Trong mit phang toa dd Oxy cho dudng thang (Am) :3Xx—4y+m=0. Xét tinh dung sai cta cac
khang dinh sau:
a) Khi m=5 khoéang c4ch tir A(;3) dén (A,,) béng 4.

b) C6 hai gié tri tham sé m dé d(O;A,,)=5.
¢) Khoang céch tir B(2;1) dén (A, ) bang 1 khi va chi khi m=13.

d) Khoang cach giita dudng thang (A):3x—4y +12=0 va (A,,) bang 5 khi va chi khi m=-13
va m=37.
Loi giai
a) Sai: Khi m=5 phuong trinh (Am) :3Xx—4y+5=0
[31-43+5 4

Vay d(AA,) .
3+ (-4) S

3.0-4.0+m|
S5et—m—
3 +(-4)
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Cau 11:

AL

m+2=15 {m=13

|3.2—4.1+ m|
S = .
m+2=-15 m=-17

¢) Sai: Taco d(B;A,)=3
3 +(-4)

:3<:>|m+2|:15<:{

d) Bung: Ta c6 M (—4;0) e(A) thi

3.(-4)-4.0+m |m-12| {m—12:25 [m:37
= = :5<:> = .
3+ (ay 5 m-12=-25"|m=-13

Trong mit phang toa dd Oxy cho duong thang (A) 19X +12y — 60 =0. Xét tinh dung sai cia cac

d(aia,)=d(M;(a,))

khing dinh sau:
a) Cac diém thudc truc hoanh cach duong thang (A) mot khoang bang 4 ¢6 tong hoanh d6 14 24.

b) Céc diém thudc truc tung cach dudng thang (A) mot khoang bang 4 c6 tong hoanh do 1a 20.
¢) C6 mot diém thude dudng thang (A, ):X—Yy+2=0 c6 khodng cach dén (A)bang 5.
d) C6 hai diém thugc duong thang (A) céch déu tryc hoanh va truc tung.

Loi gidi

a) Dung: Gia str diém thudc truc hoanh 1a A(a;0) ta c6

o112
5a — 60 5a—60 =52 "5
Khi do: d(A;A)=4<:>u:4®|5a—60|:52<:> = >
\J52 +122 5a—-60=-52 a8
Vay ¢6 tong hoanh d6 1a %%:24.
b) Sai: Gia sir diém thudc tryc tung la B(O; b) ta co
o 28
L [12b - 60| 12b—60 =52 E)
Khi dé: d(B;A)=4 o —— =4<|12b-60[=52 < o .
\J52 +122 12b - 60 = -52 b—g
3
Vay c¢6 tong hoanh do 1a ?%:10.
¢) Sai: Gia st M (a;a+2) thudc (A,) taco
Khi do:
o101
S5a+12(a+2)—60 17a—36 =65 T 17
d(M;A)=5c>‘ (2+2) ‘:5<:>|17a—36|=65© s Y
\J52 +122 17a—-36=-65 4 29

17
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AL
VaycoZdlemthoamanlaM ﬁ@ ‘M —Q;i .
17 17 17 17
d) bung: Gia st N[ 60— 5aj A.
12
_ 60-5a _ 60
, 60 —5a 12 17
T d(N;Ox)=d(N;Oy) <= =Xy | < lal= = )
w0 d(N:00) = (N:09) <[y, = | <l = e

12 7

Vay ¢6 hai diém thugc dudng thang (A)l1a N 50.60 N —@;@ .
17 17 7 7

Céu 12: Trong mit phing véi hé toa do Oxy, cho ba diém diém A(-L1), B(-2;4), C(4;1). Xét tinh
dung sai ctia cac khang dinh sau:
a) Khodng cach tir diém C dén duong thang (d):3x—4y—-3=0 bang 5.
b) Khodng cach tir trong tim G clia tam gidc ABC dén dudng thang (d,):2x—y—3=0 béng
V3.
¢) Do dai dudong cao ha tir A cta tam giac ABC bang J5.

d) Véi duong thang A:mx—y+3=0. Tong cic gia tri ctia tham s6 m dé A cach déu hai diém

A, B 1a mé6t $b duong.

Loi giai
a) Sai: Taco d(C,d)= w =45.
3+ (-4)
_ Xp Xy + X 1
b) Sai: GQiG(XG;yG) la trong tam cua tam giac ABC :>G(1;2).
y _yA+yB+yC_2
L =2A B _JC
3

Khi d6 khoang cach tir trong tim G dén duong thang (d,):2x—y—3=0 la:

21-2-3 _
22+(—1)2 5

d(G.d)=

¢) bung: Do dai duong cao ha tir A cia tam giac ABC bang J5.
Ta c6 BC = (6;-3) suy ra vecto phap tuyén Ny = (3:6)

Phuong trinh duong thing BC di qua diém B(-2;4) co dang:
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Cau 13:

A

3(x+2)+6(y—4)=0<3x+6y—18=0 hay x+2y—6=0.

Khi d6 d6 dai duong cao ha tir A cta tam giac ABC bang khoang cach tir A dén dudng thing
-1+2.1-6
BC: d(A,BC)z%z«/g.
(1) +22

d) Sai: Véi duong thing A:mx—y+3=0. Tong cac gia trj ciia tham s6 m dé A cach déu hai

diém A, B 1a mot s duong.

15
Goi | 1a trung diém doan AB — ( 2’2]
AB =(-3;3) > iy, =(L1)

Khi d6: A:mx—y+3=0(fi, =(m;-1)) cach déu A B

<Sim -l 202 T

leA _M_3.3-0 {m=1
=

1 1 m=-1

Téng cac gi tri ciia tham sé mla: 1-1=0.

Trong mét phang Oxy c6 A(2;-3), B(—4;1) va dudng thing A:2x+3y —6=0. Xét tinh ding

sai cua cac khang dinh sau:

» , , Xx=2-3t . 12
a) Khoang céch tir diém A(Z;— 3) dén duong thang A: bang —.
y=1+4t 5
b) Khoang cach giita hai duong thing AB va A bang %

¢) Phuong trinh cac duong thang A qua A sao cho khoang cachtir B dén A bang 4 1a: y+3=0
hoac ax+by—-9=0.Khidéo a+b=15.
d) Binh C c6 hoanh d¢ duong, nam trén duong thang y = 2. Toa d diém C dé tam giac ABC
c6 dién tich 1a 17 (dvdt) laC (a;b) Khidé a+b=>5.

Loi giai
a) Pung: Puong thang A di qua diém 1(2;1) va ¢6 vecto chi phuong G(—3;4) nén A c6 vecto
phép tuyén n= (4;3).
Phuong trinh tong quét ctia duong thing A c6 dang 4(x—2)+3(y—-1)=0< 4x+3y-11=0.

e N ‘ [4.2+3.(-3)-11] |-12] 12
Khoang cach tir diém A(2;—3) dén duong thang A lad(A,A) = — = c =E
\4*+3

b) Ptng: Phuong trinh duong thang AB:2x+3y+5=0
c-c|  |5+6] 11 11413

Ja b N22i3x 13 13
¢) Sai: Goi i =(a;b), (a2 +b* > 0) 13 mot vecto phap tuyén cia dudng thiang A.

Do AB song song véi A= d(AB,A)=
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A

Khido A:a(x—2)+b(y+3)=0« ax+by—-2a+3b=0.
4o |Aarb—2a+3
Ja® +b?

& (-6a+4b)’ =16(a’ +b’) < a(20a-48h) =0 < [

Theo gia thiét: d(B;A)= =4 < |-6a+4b|=4va® +b?

a=0

20a—48b=0

Trwong hop 1: a=0 ta chon b =1ta c6 phuong trinh y+3=0.

Trwong hgp 2: 20a—-48b =0, chon a=12,b =5 ta c6 phuong trinh 12x +5y -9 =0.
Suyra a+b=17

d) Bung: Ta c6: C(x;2),x>0.

_|2x+32+5 |2x+11]

J27 £ 32 J13

Phuong trinh duong thing AB:2x+3y+5=0 va d(C,AB)

Khi do: AB = 213.

Ta co: S g =%.AB.d (C,AB) =17 =%.2J1_3.% =[2x+11 =17 {:14: C(32).

Cau 14: Trong mit phang toa d Oxy, cho ba duong thang d,:3x—4y+1=0, d,:—3x+4y+4=0,
d;:6x+8y—-1=0, va diém A(l; 2) . Xét tinh dung sai cua céc khéng dinh sau:

a) Khoang cach tir diém A dén duong thang d, bang g
b) C6 hai diém M cach déu ba duong thang trén.
¢) Phuong trinh duong thang d, tao véi 3 duong thang d,,d,,d, mot hinh binh hanh c6 dién
tich bang % la 6x+8y+19=0.
d) Goi N la diém thudc duong thang d,. Khi d6 gia tri nho nhat cta biéu thiac dudi day
P=d(N,d,)+2d(N,d,) bang 1.
Loi giai
3.1-42+1
a) Sai: d(A,dl)=%:ﬂ.
F4+(-4) O
b) Bing: Goi M (a;b), vi M cach déu 3 duong thang d,,d,,d, nén ta co:

|3a—4b+]4 _|—3a+4b+4| ~ |6a+8b—]4
5 B 5 10

d(M,d,)=d(M,d,)=d(M,d,) =

. [3a—4b+1 |-3a+4b+4|
Tu c = =

3a—4b:g:>6a:8b+3.
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. AL
. |-3a+4b+4) |ea+80-1 5 [16b+2] b= \
Mat khac: = > —="= . Vay c6 2 diém M can
10 10 10 bl
16
tim.

¢) Sai: d,//d, nén d,//d; dodé d, :6x+8y+c=0(c=-1).

Goi A=d, nd, = toadd diém A 1a nghiém cua hé:

1
x—4y+1l=0 |*° 1 1 3
= = A ——|.
6x+8y-1=0 y_i 12 16
16

Goi B=d, nd, = toa do diém B 1a nghiém cua hé:

3
-3X+4y+4=0 =2 3 7
= =B| —;——|.
6x+8y-1=0 7 4 16
16
Khi do AB=§.
24

Gia sir d, cat d,,d, 1an luot tai D,C khi d6 ABCD 14 hinh binh hanh va ¢6 S5, =% suy ra

1 5 ‘6.(—112j+8.1?é+c
AB.d(A,d4)=—:>—. -
2 24 10 2 19

d, :6x+8y—§:0

A 5
Vay 19
d, :6x+8y+E:O

d) Bing vi: Goi N(c;d) thudc duong thang d, nén ta c6 6¢+8d —1=0:>C=1_8d nén
‘3.1_680' —4d +4 ‘—3.1_68d+4d +4‘ L 3 .
P=d(N,d,)+2d(N,d,)= +2. ==||-8d +=|+2(8d +—
5 5 5 2 2
1 —8d+§+8d+Z +18d+Z zl—8d+§+8d+Z +0=1.
5 2 2|) 5 2| 5 2 2
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B i

8d +—=
2

Dau bang xay ra khi va chi khi

16

Vay minP=1< N §—7
416

PHAN IIl. Cau trac nghiém tra i ngan
Caul: Duong thfmg 12x +5y =60 tao voi hai truc toa d mot tam gidc. Téng do dai cac duong cao cua
tam giac d6. (Két qua lam tron dén chir s6 thap phan thi hai sau diu phéy)
Loi giai
Goi A, B lan luot 1a giao diém ctia dudng thang da cho véi Ox, Oy .

Ta ¢6 12X + 5y = 60 <:>§+%=O.Do do A(5;0), B(0:12).

12.0+5.0-60)

J122 4 52 13’

Tam giac OAB 1a tam giac vudéng tai O nén tong d6 dai cac duong cao la: OA+ OB + OH

=5+12+ 60 El~21,62
13 13

Goi H 14 hinh chiéu caa O 1én AB . Khi d6: OH = d(O AB)

Cau2: Mot tram vién thong S cé toa do (5;1) . M4t nguoi dang ngé)i trén chiéc xe khach chay trén doan
cao toc c6 dang mot duong thang A c6 phuong trinh 12x + 5y —20 = 0. Tinh khoang cach ngan
nhét giita nguoi d6 va tram vién thong S . Biét rang mdi don vi do dai twong tmg véi 1km. (Két
qua lam tron dén chir s6 thap phan tht hai sau dau phay)

Loi giai
Khoang cich ngin nhit giita ngudi d6 va tram vién thong S chinh 1a khoang cach tir S dén

duong thang A.

12.5+5.1-20

122 4+ 52

Cau3: Trong mit phang voi hé toa dd Oxy, cho duong thang A: X+ (m —1) y+m=0 (m la tham s

Ta co: d(S,A)= E~3,46(km)

bat ki) va diem A(5;1). Khoang cach 16n nhét tir diém A dén A bing bao nhiéu ? (Két qua lam
tron dén chir s6 thap phan thir hai sau déu phay)

Loi giai
X=-1

Puong thang A:x+(m—1)y+m:0<:>(y+1)m+x—y:OVm<:>{
Suy ra A ludn di qua diém ¢6 dinh H (-1-1).
Khi do, véimoi M e A, tacod d(A;A)= AM< AH .

Gi trj 16n nhét cia d (A;A)= AH khi M =H = maxd (A A)= AH =210 ~6,32.
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AL

Cau 4: Trong mit phing toa dd Oxy, goi d 1a dudng thiang di qua M (4;2) vacach diém A(L0) khoang

cach % . Biét rang phuong trinh duong thang d c6 dang x+by+c=0 véi b,c 1a hai so0
nguyén. Tinh b +c.

Loi giai
Taco: M(4;2)ed < 4+2b+c=0=c=-4-2b. (1)

l+c 3410

Khi do: d(A,d <10(1+c) =9(1+b?). (2)
(Ad)= Jiib? 10 (1+c) ( )
b =-3(nhan)
Thay ¢ =—4—2b vao phuong trinh (2) ta duoc: 31b” +120b+81=0 < ] 27 (I ) Suy
=——(loai

Suyrab=-3,c=2=b+c=-1..

Cau 5:  Trong mot khu vuc bang phang, ta 1y hai con dudng néng thén vudng goc voi nhau 1am hai truc
toa d0 va mdi don vi do dai trén truc twong Umg véi 1km. Vi hé truc vira chon, nguoi ta dat mot
tram vién thong tai vi tri c6 toa d6 M (5;10) . Viing phu séng ctia tram vién thong tbi da 1a 10
km. Mot xe khach di chuyén trén cao tdc c¢6 dang phuong trinh duong thang d :x—2y+5=0.
Xe khach bat dugc song tot nhat tai vi tri S (a; b) .Tinh a+b.

Loi giai

Vi tri bt song t6t nhat trén cao tdc dat dugc khi khoang cach giita xe khach va tram phat song 1a
nho nhat hay khoang cach gitta M tram phat song va duong thang d ngan nhat.

|1 5-2.10+ 5| /5

1P +2°
Gid su xe khach ¢ vitri S (2y —5; y)trén d 1a vi tri bit song tot nhét, ta co:

Tacod d(M d)

MS =245 < (2y -10)" +(y-10)' =20 = y =6
Vay xe khéch ¢ vi tri S(7;6) s& bat dugc song vién thong tot nhat= a+b =13.
Céu 6: Mot nguoi dang viét chuong trinh cho tro choi bong da ro bét. Goi A(-11),B(9;6),C(5;-3) la

ba vi tri trén man hinh. Tinh khoang cach tir diém A dén duong thang BC . (Két qua lam tron
dén chir sb thap phan thir hai sau du phay)

Loi giai
9.(-1)-4.1-57] 70

Jo +(-4)2 G

Cau7: Mot nguoi dang viét chuong trinh cho tro choi bong da 16 bot. Goi A(-1;1), B(9;6),C(5;-3) 1a

Ta c6: d(A;BC)= ~7,11

ba vi tri trén man hinh. Tinh cos ciia goc hop boi hai duong thang AB va AC (két qua lam tron
dén hang phan muoi).

Loi giai

Taco: AB =(10;5),AC =(6;-4),BC = (—4;-9)
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A

|1.2+(-2).3]
e

Cau 8: Ban Huyén dimg & dia diém A cach chan mot nha cao tdng & diém B va nhin 1én ndc C cua
nha cao tang. Gia st trong hé truc toa d6 Oxy . Piém A, B thudc duong thang co phuong trinh

Khi do: cos AB, AC

X+ \/§y +2=0, AC thudc dudng thang x — x/§y +4=0. Ban Huyén nhin néc C cua toa nha
v6i mot goc bang bao nhiéu so v6i phuong 1a duong thang AB .
Loi giai

Taco AB:x+J§y+2=0:>uj=(l;J§), AC:x—\/§y+4:O:>@:(1;—\/§)

1

Khi dé: cos(AB,AC) === (AB,AC)=60°.

Cau9: Trong mit phang toa do Oxy, cho diém M (1; —1) va hai duong thiang c6 phuong trinh
(d,):x—y-1=0,(d,):2x+y—5=0.Goi A la giao diém cua hai dudng thang trén. Biét ring
¢6 hai duong thang (d) di qua M cat hai duong thang trén 1an luot tai hai diém B,C sao cho
ABC la tam giac ¢c6 BC =3AB c6 dang: ax+y+b=0 va cx+y+d =0. Khi do gia tri cua
biéu thic T =a+b+c+d bang bao nhiéu?

Loi giai

Toa do A(2;1)

, 1 . 3
Goi a 1a gbéc gitra hai duong thang (d,) va (d,), cosa = — = Sina =—
. goc g g thang (d,) va (d,) NT NT
AB BC . 1
Xétt idc ABC ta co: =——=sinC=—
ét tam giac aco SrC - SnA n
Goi £ 1a goc giita hai duong thang (d) va (d,), suy ra: Sin,B:i:COS,B:i (1)
V10 V10
Gia sir (d) c6 vec to phap tuyén 1a n(a;b)
3 |2a+b| 3 ) ) a=b
Tu (1) taco: cosf = < = < a -8ab+b°=0<
2 P i b o a=Th

Véi a=b mot vec to phap tuyén ﬁ=(1;1):>d X+y=0
Véi a=7b mot vec to phap tuyén ﬁ(?;l):>d 1 7X+y—-6=0
Vay: T=1+0+7-6=2

Cau 10: Trong mit phing toa dd Oxy, cho hai dudng thang (d,):2x—y+5=0 va (d,):x+y—-3=0 cit
nhau tai | . Phuong trinh duong thang di qua M (-2;0) cét (d,).(d,) tai A va B sao cho tam
giac IAB cantai A c6 phuong trinh dang ax+by+2=0.Tinh T=a-5b.
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A

Loi giai

Pudng thang (d,),(d,) c6 véc to phap tuyén 1an luot 1a n = =(2;- 1) , =(11).
Goi (A) 1a duong thing can tim ¢6 véc to phap tuyén la n= (a;b).

Géc gifra 2 dudng thang (d,), (d,) va (A), (d,) xéc dinh béi:

cosd,d ‘n n_‘ |21 1]4
D i
os(and) nn,| a+b|  Ja+h

‘Hn‘ Ja? +b? 12+ 2 Jat+b?

Vi (A) cit (dl),(dz) tai A va B tao thanh tam giac 1AB céan tai A nén

la+b| 1
cos(d,,d,)=cos(A,d,) < = < J5la+b|=+a?+b?
(8,0, -cos(8,8,) 2T - o VBt -
a=-2b
<:>5(a+b)2:a2+b2<:>2a2+5ab+b2:0c> 1b'
a:__
2

Véi a=-2b: chon a=2= b=-1: phuong trinh duong thang la:

2(x+2)-y=0=2x-y+4=0 (L).
. 1 : . 2
Véi a= —Eb: chon a=1= b =-2: phuong trinh duong thang la:

(x+2)-2y=0<=x-2y+2=0 (T/m).
Dodo T =a—5b=1-5(-2)=11.

HET
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.
BAI @ DU'ONG TRON TRONG MAT PHANG TQA DO,

IY.Y Y LY THUYET CAN NHO

Phwong trinh dwong tron

M(z;y)

biém M (x;y) thudc dudng tron (C), tam 1(a;b), ban kinh R khi va chi khi: (x—a)2 +(y—b)2 = R?
Khi d6 ta goi phuong trinh trén 1a phuong trinh duong tron.

Phuong trinh X* + y* —2ax—2by+c=0 véi a®+b®>—c >0 ciing 1a phwong trinh duong tron tam | (a;b)

ban kinh R=+a’+b°-c.

Phwong trinh tié€p tuyén ciia dwong tron

)Y

Dang 1: Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, €(C)

e Buéc 1: Timtoado tam | cua (C).

e Buwéc 2: Tiép tuyén (D) la duong thang di qua M, va c6 vecto phap tuyén 1a M|

Dang 2: Viét phuong trinh tiép tuyén (D) véi (C) tai diém M, ¢ (C)
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A

e Buéc 1: Tim toa do tdm | vaban kinh R cua (C).

e Buéc 2: (D) 1a duong thang di qua M, nén c6 dang a(x—x0)+b(y—y0)=0

e Budc 3: (D) tiép xdc véi (C) <d (I ;(D)) =R (*) Gial phuong trinh (*) tim dwoc mbi lién h¢
gitta a va b. Chon a va b phu hop dé két luan.

Dang 3: Viét phuong trinh tiép tuyén (D) véi (C) biét (D) song song véi (D, ): Ax+By+C =0

e Buéc 1: Tim toa do tm | vaban kinh R cua (C).

e Bu6c2: (D)/ (D,): Ax+By+C =0 nén phuong trinh ¢6 dang Ax+By+C'=0 (C'#C)

e Budc3: (D) tiépxtcvei (C) <> d(I5(D))=R (*). Giai (*) tim dugc C" so voi diéu kién dé két
luan.

Dang 4: Viét phuong trinh tiép tuyén (D) véi (C) biét (D) vudng goc véi (D,): Ax+By+C =0

e Buéc 1: Tim toa do tdm | vaban kinh R cua (C).
e Buéc2: (D)L (D,): Ax+By+C =0nén phuong trinh c6 dang Bx— Ay +C' =0
e Budc3: (D) tiépxtcvai (C) <> d(I;(D))=R (*). Giai (*) tim dugc C' so voi diéu kién dé két
luan.
Vi tri twong doéi ciia dwong tron
Véi dwdng thing: Cho duong thing (D): Ax+ By +C =0 va duong tron (C):(x—a)’ +(y—b)’ =

c6 tdm 1(a;b). Khi do ta co cac nhan xét sau:

N(C)= <d(1;(D))<R
(

(D) (D
. (D)ﬁ(C)={ } d(15(D))=R
(D)
Véi dudng tron: Cho duong tron (C,) c6 tam |, ban kinh R, va duong tron (C,) c6 tdm 1, ban kinh

R,.Giasu R >R,. Taco:

e Hai duong tron tiép xic < L1, =|R £ R,|

e Hai duong tron citnhau R, —R, < I,I, <R +R,
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A

IR Y /S PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Xac dinh cac yéu té cua dudng tron

Phwong phap: Ta thuc hién trong céc cach sau:

Cach 1: Pua phuong trinh vé dang (C): X* + y? —2ax—2by +c=0 (1)

Xét dau biéu thic P =a?+b*—c

e Néu P>0 thi (1) 1a phuong trinh duong tron (C) c6 tam I (a;b) va ban kinh R=+a’*+b’-c
e Néu P <0 thi (1) khong phai la phuong trinh dudng tron.

Céch 2: Pua phuong trinh vé dang: (X — a)2 +(y - b)2 =P (2) .

e Néu P>0 thi (2) 1a phuong trinh duong tron c6 tam | (a;b) va ban kinh R =P
e Néu P <0 thi (2) khong phai 1a phuong trinh duong tron.

BAI TAP TU’ LUAN

Bai tap 1: Trong cac phuong trinh sau, phuong trinh nao la phuong trinh duong tron? Tim tdm va ban kinh
néu co.

a) X+ Y2 +2x—4y+9=0 b) X’ +y* —6x+4y+13=0
c) 2x* +2y* —6x—-4y—-1=0 d) 2x* +y* +2x-3y+9=0
Loi gidi

a) Phuong trinh a) ¢6 dang x° +y* —2ax—2by+c=0 véi a=-1;, b=2; c=9
Taco a®>+b°-c=1+4-9<0

Vay phuong trinh a) khong phai la phuong trinh duong tron.

b) Taco: a®>+b*-c=9+4-13=0

Suy ra phuong trinh b) khong phai la phuwong trinh dwong tron.

2
¢) Ta co: ¢) <:>x2+y2—3x—2y—%:03P:a2+b2—c:(§j +12—£—%]:E>0

Vay phuong trinh ¢) 1a phuong trinh duong tron tam | (g;lj ban kinh R = %

d) Phuong trinh d) khong phai 13 phuong trinh duong tron vi hé s6 cua x* va y* khac nhau
Bai tip 2: Cho phuong trinh X*+y? -2mx—4(m-2)y+6-m=0 (1)
a) Tim diéu kién ciia tham sé6 m d¢ (1) 1a phuong trinh duong tron.

b) Néu (1) 1a phuong trinh duong tron hdy tim toa do tam va ban kinh theo m

|
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A

Loi giai
a) Phuong trinh (1) 1a phuong trinh duong tron khi va chi khi a® +b? —¢ >0
Véi a=m;b=2(m-2);c=6-m

Hay m? o ) m>2
y m*+4(m-2)"-6+m>0<5m*-15m+10>0 < o1
<

b) Véi diéu kién trén thi duong tron ¢6 tam | (m;2(m—2)) va ban kinh: R = J5m2 —15m +10
Bai tip 3: Cho phuong trinh duong cong (C,,): X* + y* +(m+2)x—(m+4)y+m+1=0 (2)

a) Ching minh rang (2) 1a phuong trinh mt duong tron

b) Tim tap hop tdm cac duong tron khi m thay doi

c) Ching minh rang khi m thay d6i ho cac duong tron (C,,) luén di qua hai diém c6 dinh.

Loi giai
2 2 2
m+2) +4
a) Taco a2+b2—c=(—m+2j +(m+4} —m—1:¢>0
2 2 2
Suy ra (2) la phuong trinh dwong tron véi moi m
. m+2
=
b) Buong tron c6 tam | : 2 suyra x, +y, —1=0
m+ 4
T2

Vay tap hop tim cac dudng tron 1a duong thang A:x+y—-1=0
c) Goi M (X,;Y,) 1a diém c6 dinh ma ho (C,,) luén di qua.
Khi d6 ta co: X3+ Y5 +(m+2)x, —(m+4)y, +m+1=0, Vm

S (X = Yo —1)m+ X2+ Y, +2% — 4y, +1=0, Vm

Xo— Y, +1=0 X, ==1 _ [X=1
S, & hoac
X; + Yo +2%, -4y, +1=0 Y, =0 Yo =2

Vay c6 hai diém co dinhmaho (C,, ) ludn di qua véi moi m1a M, (-1,0) va M, (1;2)
Bai tip 4: Tim tam va bén kinh cia dudng tron (C):(x+2)" +(y-4) =7.
Loi gidi

2

Ta viét phuong trinh ciia (C) & dang (X - (—2))2 +(y- 4)2 = (ﬁ) :

- GV. Phan Nhat Linh - & SDT: 0817 098 716




Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

A

Puong tron (C) co tam 1(~2;4) va bankinh R=+/7.
Bai tap 5: Tim diéu kién dé x* + y* —ax—by + ¢ = 0(1) 1a phuong trinh cta duong tron
Loi giai

2 , . a aY , b bY aZ b’
Taco: x“+y —ax—-by+c=0<x —2.5.x+ 5 +y -2=—y+|=| ———-——+¢c=0

2 2 4 4
a) b)Y a? b’
Six—=|+ly-—=| ==—+—-c
2 2 4 4
2 2

Vay diéu kién dé (1) 1a phuong trinh duong tron: % #o-c>0ea’ b - de>0

Bai tip 6: Cho duong cong (C,): x*+y? —8x+10y+m=0. V¢i gid tri nao cia m thi (C,) la duong
tron ¢6 ban kinh bang 7 ?

Loi giai
Taco: R=+/4°+5-m=7< m=-8.

Bai tdp 7: Cho phuong trinh X* +y® —2mx—4(m-2)y+6-m=0 (1). Tim diéu kién cuia m dé (1) la
phuong trinh cta duong tron.
Léi giai
Dé x*+y*—2mx—4(m-2)y+6-m=0 (1) la phuong trinh ciia duong tron khi va chi khi
m<1

2 2 2
2(m=2)| —(6- 0 5m® -15 10>0 )
(m) +[ (m )] (6-m)>0<>5m m+10 > C{m>2

Bai tap 8: Tim ban kinh ctia duong tron x> + y* —10y —24=0
Loi giai

buong tron x* + y* —10y —24=0 c6 tam 1(0;5), ban kinh R = \/02 +5°—(-24) =7.

Bai tip 9: Tim toa do tm | vaban kinh R cua dudng tron (C): x* +y* —2x+4y+1=0.
Loi gidi
Puong tron (C) c6 tam 1(L-2), ban kinh R = /12 +(-2)° ~1=2.

Bai tap 10: Tim tat ca cac gia tri cua tham s6 m dé phuong trinh X* + y> —2(m+2)x+4my +19m -6 =0

la phuong trinh duong tron.
Loi giai

Taco X’ +y*—2(m+2)x+4my+19m-6=0 (1) = a=m+2;b=-2m;c=19m—6.
Phuong trinh (1) 1a phuong trinh duong tron < a®+b*—c >0

<5m? —15m+10>0< m<1 hoic m> 2.
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A

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.
Cau 1: Tam cia duong tron duong kinh AB véi A(1-3);B(-5;7) la diém nao sau day?
A. (-2;2). B. (2;2). C. (3-1). D. (31).
Loi giai
Ta c6 dudng tron duong kinh AB ¢6 tAm 1 trung diém | ctua AB.

x =17°_ 5
==
2
1(-2;2).
-3+ - ( )

=2

Suy ra
Y 7

Yy = 2

Cau2: Cho duong cong (Cm) X2+ y* —8X+10y+m=0. Vi gia tri ndo ctia m thi (Cm) 1a duong tron

¢6 ban kinh bang 7?
A. m=-8. B. m=4. C.m=-4. D. m=8.
Loi giai

Ta c6 ban kinh cua duong tron 1a R =/4° +(—5)2 -m=7<4l-m=49< m=-8.

Cau 3: Phuong trinh nao sau day la phuong trinh duong tron?

A. 4x* +y* -10x -6y -2=0. B. X’ +y°—4x+6y-12=0.
C. X’ +2y*—4x-8y+1=0. D. x* +y*—2x-8y+20=0.
Loi giai

Loai dap an A va C vi hé s6 trude x? va y® khong bang nhau.
XétdapanBtaco a®+b*—c=2%+ (—3)2 +12 =25> 0 1a phuong trinh dudng tron.

Xét dap an D ta co a® +b* —c=1% + 4° — 20 = -3 < 0 khong la phuong trinh duong tron.

Cau4: Cho duong tron (C) c6 phuong trinh 3x? +3y® —6x+12y —12=0. Biét (C) c6 tam I(a;b)
vabankinh R. Tinh a+b+R.

A. 57 +3. B. +/57 -3. C. 4. D. 2.
Loi giai

Taco: 3x° +3y* —6x+12y -12=0 <= x* + y* —2x+4y—-4=0.

a=1
Taco: db=-2 =>R=+a’+b2—c=1+4+4=3.
c=-4

Vay a+b+R=1-2+3=2.
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Cau 5:  Phuong trinh nao sau day la phuong trinh cua duong tron?
A. 2X° +y*—6x-6y—-8=0. B. xX*+2y* —4x-8y-12=0.
C. x*+y*-2x-8y+18=0. D. 2x* +2y* —4x+6y-12=0.
Loi giai
x* +y? —2ax—2by + ¢ = 0 1a phwong trinh ctia mot duong tron khi va chi khi a> +b*—c>0.
Ta thay phuong trinh trong phuong 4n A va B ¢6 hé sé cua x?, y? khong bang nhau nén diy
khbng phai 1a phuong trinh duong tron.
Véi phuong 4n C ¢6 a® +b* —¢ =1+16-18 < 0 nén day khong phai 1a phwong trinh duong tron.
Vay ta chon dap an D.
Céau 6: Phuong trinh nao sau day la phuong trinh cua mot duong tron?
A x> +y>—4xy+2x+8y-3=0. B. x*+2y*—4x+5y-1=0.
C. xX*+y*—14x+2y+2018=0. D. x*+y*—4x+5y+2=0.
Loi giai
Phuong an A: ¢6 tich xy nén khéng phai la phuong trinh duong tron.
Phuong 4n B: c6 hé s6 bac hai khong bang nhau nén khong phai 14 phuong trinh duong tron.
Phuong 4n C: ta c6 X? + y? —14x+ 2y + 2018 =0 < (x—7) +(y +1)° +1968 = 0 khdng ton tai
X, ¥ nén ciing khong phai phuong trinh duong tron.
Cau7: Duongtron x> +y? -5y =0 c6 ban kinh bang bao nhiéu?
A. 5. B. 25. C.2—25. D. 2,5.
Loi giai
5y (5Y
Taco x* + (y - Ej = (Ej suy ra ban kinh cua duong tronla R=2,5.
Cau8: DPuongtron x* +y? —2x+10y+1=0 c6 tdm la diém nao dudi day?
A. (15). B. (-15). C. (-5). D. (-1-5).
Loi gidi
buong tron X* +y* —2x+10y +1=0 c6 tam Ia (1;,-5).
Cau9: Tim m dé (C,): x*+y* +4mx—2my +2m+3=0 la phuong trinh dudng tron?

A.m<—§hoéc m>1.B.m<—g. C. m>1. D.—§<m<1.
Loi giai
(Cm) 1a phuong trinh dudng tron khi va chi khi a®> +b*—¢c>0< (—2m)2 +m? —(2m + 3) >0

<:>5m2—2m—3>0<:>m<—§vm>1.
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Céau 10: Tim tat ca gia tri ciia tham s6 m dé phuong trinh x* + y? —2mx + 4y +5m =0 la phuong trinh

duong tron.

m<1 m<1
A.l<m<4, B.1<m<4. C. . D. .
m=>4 m>4

Loi gidi
Phuong trinh X* + y* — 2mx + 4y +5m = 0 13 phuong trinh dudng tron

2 2 2 2 2 m<1
ca’+b’-c>0em’ +(-2) -5m>0<m’-5m+4>0< 4
>

Céu 11: Trong mit phang voi hé truc Oxy cho dudng tron(C):(x + 5)2 +(y- 4)2 =16. Pudng tron (C)
c6 toa do tam | va ban kinh R bang
A.1(5-4);R=16.  B.1(-54);R=16. C.I(-54);R=4. D. 1(5-4);R=4.
Loi gidi

Pudng tron (C):(x+5)° +(y —4)° =16 c6 toa do tam 1(-5;4) va ban kinh R =16 = 4.

Cau 12: Phuong trinh nao sau day 1a duong tron?

A, 2x* +y* —6x-8y+1=0. B. X’ +y*+6x+16=0.
C. xX*+y*—-2x-8y+20=0. D. x* +y*—4x+6y-12=0.
Loi giai

Phuong trinh dudng tron c6 dang x? +y? +2ax+2by +c=0 vé6i a,b,c théa min didu kién
a’+b*>c.

Xét phuong 4n A, ta thdy khong thoa méan dang ciia phuong trinh dudng tron.

Xét phuong an B, ta thdy a’ +b? = (—3)2 =9<16 nén x*+y>+6x+16=0 khong la phuong
trinh duong tron.

Xét phuong 4n C, ta thly a®+b?=1+4%=17<20 nén x*+y?—2x-8y+20=0 khong la
phuong trinh duong tron.

Xét phuong an D, ta thiy a® +b? =22 +(-3)" =13> ~12, thoa man diéu kién.
Vay x> +Yy° —4x+6y-12=0 c6 a’ +b* =2+ (—3)2 =13 > 12 1a phuong trinh duong tron.

Cau 13: Cho phuong trinh X* + y? + 2ax+2by + ¢ =0,(a,b,c € R) 1a phuong trinh duong tron. Khi d6
a,b,c thoa man diéu kién nao sau day?
A.a’-b°<c. B. a*+b’>c. C.a’-b’>c. . D. a’+b’<c.
Loi giai

Diéu kién dé x? + y? + 2ax + 2by + ¢ = 0 1a phuong trinh dudng tron 1a a +b? >c.

Céiu 14: Cho dudng tron (C):x*+y? —6x+4y—12=0. Dudng tron (C) c6 tm | va ban kinh R lan

Iuot 1a
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Cau 15:

Cau 16:

Cau 17:

AL

A.1(3-2),R=5.  B.I(-32),R=5. C.I(-64),R=5. . D.I(6;-4),R=5.

Loi gidi
Phuong trinh x? + y? —6x+4y —12=0 ¢ tim 1(3;-2) va ban kinh R = /32 +(-2)° +12 =5.

Trong mit phing toa o OXxy, cho dudng tron (C):x*+y? —2x+6y—1=0. Tam ctia (C) co
toa do la
A. (-2;6). B. (-1;3). C. (2;-6). D. (1;-3).

Loi giai

Phuong trinh duong tron (C):x* + y* —2ax—2by +c =0 (v6i a* +b*-c>0)

—-2a=-2 a=1
Taco {-2b=6 =<b=-3
c=-1 c=-1

Ta co: a® +b? —c =12 +(-3)° +1=11> 0 nén ddy la phuong trinh duong tron,

Vay tam duong tron (C) c6 toa do 1a (1;-3).

Trong mit phang toa do Oxy hdy tim tAm | va ban kinh R cta duong tron c6 phuong trinh

(C):x*+y?—2x+6y-8=0

A. 1(-1;,-3),R=2v/2.B. 1(1;-3),R=3v2. C. 1(1;-3),R=+2. D.I(L3),R=+2.
Loi giai

Phuong trinh dudng tron (C) c6 dang: x* + y? —2ax—2by +c =0 (v6i a* +b*-c>0)

cO tim I(a;b) va ban kinh R=+a’+b’—c.

—2a=-2 a=1
Theo dé bai, ta c6: {—2b=6 << {b=-3 (théa min a’+b?—-c>0).
c=-8 c=-8

Puong tron (C) ¢6 tam 1(1;-3) va ban kinh R = /12 +(-3)° +8 =3/2.

Trong mit phang toa do OXxy, c6 bao nhiéu gia tri nguyén duong ctia tham s6 m dé phuong trinh
X* +y?—2x—-4y+m=0 la phuong trinh ctia mot duong tron.
A. 3. B. 5. C. 4. D. v6 s.
Loi gidi
—2a=-2 a=1
Phuong trinh: X* + y* —2x—4y+m=0 c6 {-2b=-4 < {b=2.
c=m c=m
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Phuong trinh di cho 1 phuong trinh duong tron< a? +b* —¢>0<1+4-m>0< m<5, két

hop m 1a gié tri nguyén duong suy ra m e {1,2;3;4} .

Vay c6 4 gia tri cia tham sé m théa min yéu ciu bai toan.
Cau 18: Trong mit phing toa do Oxy, hdy tim tt ca cac gia tri ciia tham sé m dé phuong trinh sau day
x> +y*+2(m+1)x—2my +2m* -3m+16 =0 la phuong trinh cua mot dudng tron.
A. m>3. B. m<3. C. m<3. D. m>3.
Loi giai
Phuong trinh duong tron (C) c6 dang: x* +y® —2ax—2by+c=0 (v6i a®+b*—c>0)
—2a=2(m+1) a=-m-1
Theo dé bai, ta c6: {—2b=-2m <ib=m
c=2m’-3m+16 |c=2m’-3m+16
Phuong trinh X° + y* + 2(m +1)X— 2my +2m? —=3m+16=0 la phuong trinh ctia mot duong
tron < a’ +b2—c>0©(—m—1)2+m2—(2m2—3m+16)>0c>5m—15>0© m> 3.

Vay m> 3 théa man yéu ciu bai toan.
Cau 19: Phuong trinh nao sau day khong phai 1a phuong trinh duong tron?

A. x*+y*-100y +1=0. B. X’ +y*-y=0.
C.xX*+y*-2=0. D. X*+y*-x+y+4=0.
Loi giai

Xét dap an Ataco a® +b* —c¢ =0 +50° —1=2499 > 0 la phuong trinh duong tron.

2
XétdapanBtacod a®+b* —c=0"+ (%) -0= % >0 1a phuong trinh duong tron.

Xét dap an C taco @’ +b® —c=0°+0° +2=2>0 la phuong trinh dudng tron.

2 2
XétdapanDtaco a’ +b*—c= (%J + (_?1] -4= —% < 0 khong la phuong trinh duong tron.

Ciau 20: Tim tit ca gid tri ctia tham s6 m dé phuong trinh x* + y® + 2mx —10y + 4m =0 1a phuong trinh
duong tron va ¢ ban kinh nho nhét.
A.ng. B. m=1. C. m=-2. D.m=2.
Loi giai
Phuong trinh X* + y? + 2mx —10y + 4m = 0 13 phuong trinh dudng tron

<:>a2+b2—c>0<:>(—m)2+52—4m>0<:>m2—4m+25>0<:>meR.

Ban kinh R =+a’ +b? —c¢ =Vm? —4m + 25 = ym? —4m + 4+ 21 = \/(m - 2)° + 21 > V/21.

Ban kinh nho nhit1a R=+/21 khi m—2=0<m=2.
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PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac

sai.

Cau 1:

Trong mit phang Oxy, duong tron (C):X* +y? +4x+6y—12=0. Xét tinh dung sai cla cac
khing dinh sau:
a) Puong tron (C) co tam 1(2;3).

b) Buong tron (C) c6 ban kinh R =5.

¢) Buong tron (C):(x+ 2)2 +(y+3)2 =25.

d) biéem M (2;-6)1a mot diém thudc dudng tron (C)
Loi giai

a) Sai: Buong tron (C)c() tam | (—2;—3) )

b) Déing: Bén kinh R = (~2)’ +(-3)’ +12 =5

¢) Pang: (C):(x+2)" +(y+3) =25

d) Diing: Ta 6 IM = /(2+2)’ +(~6+3)° =5=R=M ¢(C)

Cho dudng tron (C) :x% +y® =2y —8=0. Xét tinh diing sai ctia cdc khang dinh sau:
a) TAm cta duong tron (C) la diém 1(0;1).

b) Diém A(l; O) nam trén dudng tron.
¢) Tam duong tron (C) cach truc Oy mot khoang bang 2.
d) Khi duong thdng A: X +my —2=0 cit duong tron (C) theo ddy cung c6 do dai bang 6 thi gia
tri m=2.
Loi giai
a) bung: (C) :X* +y? -2y —8=0 nén tam cua (C)lé | (0;1) .
b) Sai: Xét diém A(L0) thi VT = -7 con VP=0. VT = VP.
¢) Sai: Truc 0y c¢6 phuong trinh X =0. Khodng cach tir tam duodng tron (C) dén truc Oy 1a 1.
d) Bing: (C) ¢ tam 1(0;1), ban kinh R =3

Do A cit (C) theo ddy cung c6 d6 dai bang dudng kinh cia (C) nén A di quatdm | ctia dudng
tron (C) Suyra: 0+ml-2=0&m=2.
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Cau3: Cho phuong trinh dwong cong (C,): x*+y?+(m+2)x—(m+4)y+m+1=0 (2). Xét tinh

dlng sai caa cac khang dinh sau:

a) (2) 1a phuong trinh mot dudng tron véi moi gia tri cua m.

b) Tap hop tdm cac dudng tron khi m thay doi lubn nam trén duong thing c6 phuong trinh
A:X+y-1=0

m? +2m+4

¢) Ban kinh cua duong tron R = 5

d) Khi m thay doi ho cac dudng tron (C,,) ludn di qua hai diém cb dinh.

Loi giai
2 2 2
m+2) +4
a) bung: Taco a2+b2—c=(—m+2j +(m+4j —m—1=Q>O
2 2 2
Suy ra (2) la phuong trinh duong tron véi moi m
. m+2
=-
b) Bung: Buong tron c6 tam | : 2 suyra x, +y, —1=0
m+4
T2

Vay tap hop tdm cac duong tron 1a duong thang A:x+y—1=0

m? +2m+8

c) Sai: Ban kinh duong tron R = 5

d) Bng: Goi M (X,;Y,) 1a diém co dinh ma ho (C,)) ludn di qua.
Khi d6 ta co: X3+ Y5 +(m+2)x, —(m+4)y, +m+1=0, Vm
S (X = Yo —1)m+x2 + Y, +2% — 4y, +1=0, Vm
Xo— Yo, +1=0 X, =-1 _ [%=1
SN, L, = hoac
Xy + Yo + 2% —4y,+1=0 Yo =0 Yo =2

Vay c6 hai diém co dinhmaho (C,,) ludn di qua véi moimla M, (-10) va M, (12)
Cau4: Cho duong cong (C) X2+ y? +2mx —10y + 4m = 0. X¢ét tinh dung sai cta cac khang dinh sau:
a) Khi m=0 thi (C) la phuong trinh duong tron.

. . . m< -2
b) Tat ca gia tri ciia tham s6 m dé phuong trinh (C) la phuong trinh dudng tron la { 5
m >

¢) C6 1 gia tri nguyén duong cia m dé (C) 13 mot phuong trinh dudng tron cd ban kinh bang

5cm
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d) Khi m=2 thi (C) 1a phuong trinh dudng tron va co ban kinh nhé nhat.

Loi giai
a) bung: Khi m = 0 thi phuong trinh (C) 1a:x* + y* =10y =0
& X +(y-5)-25=0c x*+(y-5)" =25
Khi d6 (C) la phuong trinh dudng tron c6 tdm (0;5) , ban kinh R=5.
b) Sai: Ta c6: a=-m; b=5;c=4m. (C) la phuong trinh duong tron < a*+b*-c >0

& (-m)° +5° -4m>0 < m?—4m+25>0 © meR.
¢) Bing: Ta c6: a=-m; b=>5;c=4m. (C) la phuong trinh dudng tron <> a’+b*-c >0

& (-m) +5 -4m>0 < m? -4m+25>0 & meR

. m=4 .
Bainkinhbéng50m:>\/m2—4m+25=5<:>{ Omél meN =m=4.
m=

d) Pung: Phuong trinh x* + y? + 2mx =10y + 4m = 0 13 phuong trinh dudng tron
sa?+b’—c>0 < (-m) +5 —4m>0 = m? —4m+25>0 & meR.
Bén kinh R =+/a? +b? —c =m? —4m+ 25 =\m? —4m + 4+ 21 = [(m - 2)* + 21> J21.

Ban kinh nho nhat 1a R=+/21 khi m-2=0<m=2.
Cau5:  Trong mat phing véi hé truc toa dd Oxy , cho cac diem A(-2;1), B(3;-2) va C(L-1). Xét tinh

dung sai ciia cac khang dinh sau:
a) Néu duong tron co tam 1a diém A va c6 ban kinh R =2 thi duong tron cé phuong trinh 1a
(x—2)2 +(y+1)2 =2.

b) Néu duong tron c6 tdm 1a diém B va c6 ban kinh R =3 thi dudng tron c6 phuong trinh 13
(x+3)2 +(y—2)2 =9.

¢) Néu duong tron co tam 1a diém C va c6 ban kinh bang do dai doan AB thi duong tron co
phuong trinh 1a (x ~1)° +(y +1)" =34.

d) Néu duong tron c6 tam 1a diém B va duong tron di qua diém C thi dudng tron c6 phuong
trinh 13 (x—3)2 +(y+ 2)2 =5.

Loi giai

a) Sai: Néu duong tron c6 tam 1a diém A va c6 ban kinh R =2 thi duong tron c¢6 phuong trinh
1 (x+2)" +(y-1) =2 = (x+2)" +(y-1)° = 4.

b) Sai: Néu dudng tron c¢6 tam 1a diém B va c6 ban kinh R =3 thi dudng tron c6 phuong trinh

1a (x—?,)2 +(y+2)2 =9.
GV. Phan Nhat Linh - & SDT: 0817 098 716




Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

A

¢) Pling: Ta c6 AB =(3+2)" +(-2-1)° =34

Néu duong tron c6 tam 1a diém C va c6 ban kinh R = AB =+/34 thi dudng tron c6 phuong trinh
1a (x-1)" +(y+1)° =34. Do do, ¢) ding

d) Ping: Ta ¢é BC =/(1-3)° +(~1+2)’ =+5.

Puodng tron c6 tam 1a diém B va duong tron di qua diém C thi duong tron c6 ban kinh
R=BC=+5.

Néu dudng tron c6 tam 1a diém B va c6 ban kinh R=+/5 thi dudng tron c6 phuong trinh 1a

(x=3)° +(y+2)" =5.

Cau 6:  Trong mit phang voi hé truc toa dd Oxy, cho cac diem M (L-2), N(=3;2) va P(5;0). Xét tinh

dung sai ctia cac khang dinh sau:
a) Néu duong tron c6 tam 1a diém M va c6 dudng kinh bang 2 thi duong tron ¢ phuong trinh

la (x=1)"+(y+2)" =4.

b) Néu duong tron c6 tim 1a diém N va co dudng kinh bang 6 thi dudng tron c6 phuong trinh

1a (x+3)2+(y—2)2 =9.

¢) Néu duong tron c6 tim 1 diém P va co dudng kinh bang d6 dai doan MN thi duong tron cé

phuong trinh 1a (x—5)° +y* =8.

d) Néu duong tron c6 duong kinh 1a doan NP thi duong tron co6 phwong trinh I3
(x-1)"+(y-1)" =17.

Loi gidi
e NI 2
a) Sai: Ban kinh duong tron la R = 2 =1.

Puong tron ¢6 tim 1a diém M va c6 ban kinh R=1 thi duong tron co6 phuong trinh 13
(x—l)2 +(y+2)2 =1.

b) Bung: Ban kinh duong tron 1a R = g =3

Puong tron ¢6 tim 1a diém N va c6 ban kinh bang R =3 thi dudong tron c6 phuong trinh 1a

(x+3)2+(y—2)2:9.

¢) Pling: Ta c6 MN =(-3—1)° +(2+2)° =442.

Puong tron ¢6 duong kinh bang do dai doan MN nén ban kinh duong tron 1a
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PHAN III.
Cau l:

Cau 2:

AL
:%:#:2\5.

R

Puodng tron ¢6 tim 1a diém P va co ban kinh R= 242 thi dudng tron c¢6 phuong trinh 1a
(x—5)2 +y*=8.

d) Ding: Goi | 14 trung diém ctia doan thang NP nén 1 (L1).

Tacd NP =/(5+3)° +(0—2) =/68.
Pudng tron c6 duong kinh 13 doan NP nén ¢ tm 1a diém | va c6 ban kinh

Puong tron c6 tam | (1; 1) va ban kinh R=+/17 thi dudng tron c6 phuong trinh 1a
2 2
(x=1)" +(y-1)" =17.
Cau trac nghiém tra I&i ngan
Chuyén dong ctia mot vét thé trong khoang thoi gian 180 phut dugc thé hién trong mit phang toa
d9. Theo do, tai thoi diém t(0<t<180) vat thé & vi tri c6 toa do (2+sint% 4+ cost®). Gid su
quy dao chuyén dong ctia vét thé 1a mot dudng tron c6 tam | (@;b). Tinh tong a+b
Loi giai
Quy dao chuyén d¢ cuia vét thé 1a cc diém M (x;y) thoa man

{x: 2 +sint°

—2)* +(y-4)* =1.
y=4+cost°<:>(x J+y=4)

Vay quy dao chuyén do cua vat thé 1a duong tron (C): (x—2)"+(y—4)° =1 ¢6 tam 1(2;4),

a=2
ban kinh R=1 suyra{ nén a+b=06.

C6 bao nhiéu gid tri nguyén cua tham s6 me[-10;10] d¢ phuong trinh sau déy
X2+ y? - 2(m + 2)X +4my +19m -6 =0 la mot phuong trinh duong tron.
Loi gidi
Phuong trinh da cho 1a phuong trinh duong tron khi va chi khi
(m+ 2)2 +(-2m)” = (19m—6) > 0 < 5m? —15m +10 > 0 < m € (—o0;1) U (2;+0)
Véim e[-10;10] thi c6 11+8=19 gi4 tri nguyén cua tham s6 m.
Cho duong tron (C): x* +y* —4x+4y—4=0 vadiém M (1;0). Day cung cua (C) di qua diém
M c6 do dai ngén nhat bang bao nhiéu? (Két qua lam tron dén chit s6 thap phan thi hai sau du

phay)
Loi gidi
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A

Taco (C):x*+y? —4x+4y—4=0 < (C):(x-2)" +(y+2)" =12 nén ¢6 tam 1(2;-2), ban
kinh R = 2+/3.

Vi IM =/5<2{/3=R.
Goi d 1a dudng thang di qua M cit duong tron (C) tai cac diém 4, B.

Goi J 14 trung diém cia AB.

Taco: AB=2AJ =2JR? — 132> 2/R*— IM? =2412—5 = 2./7 ~ 5,29

Céu 4: Hinh v& bén dudi md phong mot tram thu phat song dién thoai di dong dat ¢ vi tri 1 ¢ toa do
(=2;1) trong mat phing toa do (don vi trén hai truc 1 km). Tinh theo dudng chim bay, xac dinh
khoang cach ngan nhat dé mot nguai ¢ vi tri ¢ toa do (—3;4) di chuyén duoc toi viing phi song

theo don vi ki-16-mét (lam tron két qua dén hang phan trim). Biét rang tram thu phat song d6
dugc thiét ké véi ban kinh phii song 3km.

Tram
phét séng

o
b

Duong tron mau den mo ta ranh gidi bén ngoai cua ving phu séng c6 tdm | (—2;1) va ban kinh
phii s6ng 3km nén phuong trinh duong tron do 1a: (x+2)° +(y-1)" =9.

Gia st vi tri dang ciia ngudi do 1a B(-3;4).

Goi A (nhu trén hinh v&) 1a giao diém thtr nhat cua duong tron tam | va Bl

Khoang cach ngén nhat dé ngudi d6 di chuyén duoc tir vi tri B(-3;4) t6i viing phu song la BA

Taco: 1B =(-3+2)° +(4-1)" =10 suy ra AB = IB—IA=+10 -3 ~ 0,16 (km)
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Cau5: Mot ndng trai tudi nude theo phuong phép voi phun xoay vong trung tim nhu Hinh 3. Cho biét
tdm mot voi phun duoc dat tai toa do (12;—9) va voi c6 thé phun xa tdi da 36 m. Phuong trinh
duong tron biéu dién tap hop cac diém xa nhat ma voi nudc c6 thé phun téi c6 dang
(x—12)" +(y+9)° = R%. Khi do gia tri cua R 12 bao nhiéu.

Loi gidi
Téap hop céc diém xa nhat ma voi nuéc c6 thé phun téi 1a dudng tron c6 tam 1(12;-9) va ban

kinh R =36 nén co phuong trinh: (X —12)2 +(y+ 9)2 =36

Ciu 6: MOt cai cong hinh ban nguyét rong 6,8 m va cao 3,4 m. Mit dudong dudi cong duoc chia thanh
hai lan cho xe ra vao. Biét ring phuong trinh md phong céi cong la duong tron c6 tam 1 (a;b),
ban kinh R. Tinh a+b+R

Loi giai
Chon h¢ toa do sao cho tam cua cai céng hinh ban nguyét co6 toa do (0; 0) va dinh cua céng co
toa d M (0;3,4) .Ta c6 phuong trinh mo phéong ctia cong 1a duong tron nhan O(O;O) lam tdm
vabankinhla R=OM =34=a+b+R=3/4.

HET-

GV. Phan Nhat Linh - & SDT: 0817 098 716




Chuong 7. PHUONG PHAP TOA DO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

AL

Dang 2: Viét phucng trinh dudng tron

Phwong phap: Ta thyc hién trong céc céach sau:

Cach 1:

e Timtoaddtam I (a;b) cua duong tron (C).

e Timban kinh R cta duong tron (C).

e Viét phuong trinh cta duong tron (C) theo dang (x - a)2 +(y- b)2 =R?.
Cach 2:

e Gia su phuong trinh cua dudng tron (C) 12 x* + y* —2ax—2by +c =0

Hoic dang x* + y* + 2ax+2by +¢c=0 .

e Turdiéu kién cua dé bai thiét 1ap hé phuong trinh véi baanla a, b, c.

e Giaihé¢ détim a, b, cntir d6 tim dugc phuong trinh cta duong tron (C) .
Cha y:

e Choduongtron (C) cotam | va bankinh R, diém Ae(C) < IA=R.

e (C) tiép xtc voi duong thang A tai A < 1A=d(1,A)=R.

e (C) tiép xtc véi hai duong thang A, va A, < d(1,A,)=d(1,4,)=R.

2
e (C) citduong thang A, theo day cung c6 do dai a < [d(1,A,)] + % _R?.

BAI TAP TU LUAN

Bai tap 1: Viét phuong trinh dudng tron trong mdi trudng hop sau:
a) C6 tam I (1,-5) va di qua O(0;0).
b) Nhan AB lam dwong kinh véi A(L1), B(7;5).
¢) Di qua ba diém: M (-2;4), N(5;5), P(6;-2)
Loi giai
a) Pudng tron cin tim c6 ban kinh 12 Ol =+/12 + 52 =+/26 nén ¢6 phuong trinh 14:

(x—l)2+(y+5)2 =26

b) Goi | 1a trung diém cua doan AB suy ra 1(4;3) nén Al :\/(4—1)2+(3—1)2 =13

Duong tron can tim co dwong kinh 12 AB suy ra nd nhan 1(4;3) Iam tam va ban kinh
R = Al =+/13 nén c6 phuong trinh 1a (X —4)2 +(y —3)2 =13
¢) Goi phuong trinh duong tron (C) c6 dang la: x* + y* —2ax—2by +c=0 .

Do dudng tron di qua ba diém M, N, P nén ta c6 hé phwong trinh:
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44+16+4a—-8b+c=0 a=2
25+25-10a-10b+c=0<<b=1
36+4-12a+4b+c=0 c=-20

Vay phuong trinh dudng tron can tim 1a: x* + y? —4x—-2y-20=0.

Bai tap 2: Viét phuong trinh dudng tron (C) trong céc trudng hop sau:

a) (C)cotam I(-12) vatiép xtc véi duong thing A:x—2y+7=0
b) (C) di qua A(2;-1) vatiép xtc véi hai truc toa do Ox va Oy

c) (C) cb tm ndm trén duong thang d:x—6y—10=0 va tiép xuc véi hai duong thang co
phuong trinh d, :3x+4y+5=0va d, :4x-3y-5=0
Loi giai

a) Ban kinh duong tron (C) chinh 1a khoang cach tir | t6i duong thang A nén:

SN

Vay phuong trinh duong tron (C) la: (x +1)2 +(y- 2)2 =—

o1

b) Vi diém A nam & goc phan tu tht tu va duong tron tiép xuc véi hai truc toa do nén tdm caa
duong tron ¢ dang 1(R;—R) trong d6 R 1a ban kinh duong tron (C).

R=1

Ta co: RZ:IA2@RZ:(2—R)2+(—1+R)2<:>R2—6R+5:0<:{R_5

Vay c6 hai duong tron thoa man dau bai 1a: (x—1)° +(y+1)" =1 va (x—5)" +(y +5)° =25
¢) Vi duong tron can tim ¢6 tam K ndm trén duong thang d nén goi K (6a+10;a)

Mt khac duong tron tiép xtc vai d,, d, nén khoang céch tir tim I dén hai duong thang nay bang
nhau va bang ban kinh R suy ra:
[3(6a+10)+4a+5| |4((6a+10)3a-5| a=0
= < [22a+35=|21a+35/ < 70

5 5 a—_
43

Voi a=0 thi K(10;0) va R=7 suyra (C):(x—10)" +y* =49

2 2 2
Véi a=—"2 th K(E;—Y—Oj vaR=—"_ suy ra (C):(x—gj +(y+7—0] :(lj
43 43 43 43 43 43 43

Vay c6 hai duong tron thoa man c¢6 phuong trinh 1a
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, 2 = A
(C):(x~10) +y? =49 va (C):(x—gj +(y+70] :(l]

43 43 43

Bai tap 3: Trong mit phang toa do Oxy, cho hai diém A(8;0) va B(0;6).
a) Viét phuong trinh dwdng tron ngoai tiép tam giac OAB
b) Viét phuong trinh dudng tron ndi tiép tam gidc OAB
Loi giai

a) Ta c6 tam giac OAB vudng & O néntam | cua duong tron ngoai tiép tam giac 1a trung diém

cua canh huyén AB suy ra 1(4;3) vaban kinh R=1A= \/(8— 4Y' +(0-3)" =5
Vay phuong trinh duong tron ngoai tiép tam giac OAB la: (x — 4)2 +(y- 3)2 =25

b) Tacé OA=8; OB =6; AB =+/8% +6° =10

OAOB

Mat khac EOA.OB = pr (vi cung bang dién tich tam giac ABC)suyrar=————— =
2 OA+0OB + AB

D& thay duong tron can tim 6 tm thudc goc phan tu thir nhat va tiép xdc véi hai truc toa d6 nén
tam cua duong tron co toa do la (2;2)

Vay phuong trinh duong tron noi tiép tam giac OAB 1a: (x — 2)2 +(y- 2)2 =4,

Bai tap 4: Trong mit phang toa do Oxy, cho hai dudng thang d, 13X+ y=0.vad,: J3x— y=0. Goi

(C) 1a dwong tron tiép xdc voi d, tai A, cat d, tai hai diém B,C sao cho tam gidc ABC vudng tai B. Viét

phuong trinh ctia (C), biét tam giac ABC c6 dién tich bang ? va diém A c6 hoanh d6 duong.

Léi giai

Vi Aed, = A(a;—x/éa), a>0;, B,Ced,= B(b;\/§b), C(c;\/éc)

Suy ra @(b—a;\@(am)), E(C—a;ﬁ(c+a))
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AV

Tam gidc ABC vuong tai B do d6 AC 1a duong kinh cua duong tron (C)

Dodo AC Ld, = ACu, =0 -1.(c-a)+V3+3(a+c)=0<2a+c=0 (1)

AB Ld,= ABu,=0<1.(b-a)+3(a+b)=0<2b+a=0 (2)

24/3a
Mit khac S, :%d(A;d )BC:1 ‘ ‘\/ ) +3(c-b)’ ? < 2alc-b|=

V3

Tir (1),(2) suy ra 2(c—b)=-3a thé vao (3) ta duoc a|—3a|=1<:>a=?

Dodo b= o 23 [i,—lJ,C[—i—ZJ
6 3 3 3

J3 AC

Suy ra(C) nhan I[—? —g] 1a trung diém AC lam tdm va ban kinh la R—7=1

\/§ 2

2
Vay phuong trinh duong tron can tim 1a (C):L)H?J +(x+gj =1.

Bai tap 5: Trong mét phang OXy, Viét phuong trinh duong tron di qua ba diém A(1;2),B(5;2),C(L-3)
Loi giai
Phuong trinh duong tron ¢ dang x* + y* —2ax — 2by + ¢ = 0. Budng tron nay qua A, B,C nén
1+4-2a—4b+c=0 a=31
25+4-10a-4b+c =0 b=—".

1+9-2a+6b+c=0
c=-1

Vay phuong trinh duong tron can tim 12 x* + y> —6x+y—1=0.
Bai tap 6: Cho hai diém A(5;-1),B(-3;7). Viét phuong trinh dudng tron c6 duong kinh AB .
Loi giai

Tam | cia duong tron 1a trung diém AB nén 1(1;3).

Ban kinh R :%AB :%\/(—3—5)2 +(7+1)" =442

Vay phuong trinh duong tron 13 (x—1)° +(y-3)" =32 & x* + y? —2x -6y - 22=0
Bai tap 7: Viét phuong trinh duong tron (C) tam 1(—4;3) va tiép xdc véi truc tung .
Léi giai

Duong tron (C) tiép xdc véi y'Oy vacotam 1(—4;3) nén: a=-4,b=3 R=|a|=
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Do d6 (C) c¢6 phuong trinh (X + 4)2 +(y—3)2 =16.
Bai tap 8: Viét phuong trinh duong tron (C) di qua hai diem A(1;3), B(3;1) va c6 tdm ndm trén duong
thang d:2x—y+7=0.
Loi gii
Do I(a;b) la tam cua duong tron (C) nén Al2=BI? = (a—1)" +(b-3)" =(a-3)" +(b-1)’

Khido a=b(1) ma I (a;b)ed:2x—y+7=0nén 2a—b+7=0 (2).
Thay (1) vao (2) tacé: a=-7=b=-7=R*=Al*=164.
Vay phuong trinh duong tron (C):(x+7)° +(y+7)" =164.

Bai tap 9: Trong mat phang toa do, cho dudng tron (C) co6 tam | (—1;2) va tiép xuc v6i duong thing
A:X—-2y+7=0.Tinh dién tich hinh tron twong tmg véi dudng tron (C) da cho.
Loi giai
. -1-22+7
Vi dudng tron (C) tiép xtc voi A nén R = d(I;A) = Q zi.
J2+22 <5

Dién tich hinh tron: S = z.R? = gﬂ'.
Bai tap 10: Trong mit phang toa dd Oxy, cho duong tron cé phuong trinh (Cl) - X? +y® =4 va cac duong
thangd :x—y—4=0, A:3x+y+8=0. Lap phuong trinh duong tron (C) c6 tAm nam trén A, tiép xuc
véi d vacat (C,) tai hai diém phan biét A, B sao cho AB vudng goc véi d . Goi | (a;b) 1a tim duong
tron (C). Tinh a+b.

Loi giai

Goi 1, 1,(0;0) 1an luot 1a tAm cac dudng tron (C).(C,)).

Vi (C) va (C,) cétnhautai A, B nén AB L 1,1 ma ABLd dodd I,I songsong d.

Suy ra phuong trinh ciia duong thang 1,1 :x—y=0.

Mit khactalaico | e A:3x+y+8=0 nén | (—2;—2).

Vay a+b=-4.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Duong tron tam |(3;-7), ban kinh R =3 ¢6 phuong trinh 12

A. (x—3)2+(y+7

),
3. B. (x+3)" +(y-7) =9.
9. =9

D. (x+3)2+(y+7) =

Loi giai

)2
C. (x—3)2+(y+7)2
Pudng tron tam |(3;~7), ban kinh R =3 ¢6 phuong trinh 1a (x-3)" +(y +7)" =9.

Trong mit phang toa & Oxy, cho A(—l; 4) , B (5; —2) . Phuong trinh duong tron duong kinh AB

la

Loi giai
Duong tron duong kinh AB c6 tam | (2;1) 1a trung diém ctia AB, ban kinh R= 1A= 3J2.
Do d6 phuong trinh dudng tron dudng kinh AB 1a (x—2)° +(y-1)" =18.

Puong tron tam | (3; —7) di qua A(—3; —1) c6 phuong trinh 1a

A (x=3) +(y+7) =+72. B. (x=3)" +(y+7) =72.
C. (x+3)" +(y-7) =72. D. (x+3)" +(y+7) =+72.
Loi giai

Puong tron tam 1(3;-7), di qua A(-3;—-1) nén c6 ban kinh R= 1A= 62 .
Do d6 phuong trinh dudng tron tm 1(3;-7), di qua A(=3;—-1) 1a (x— 3)2 (y+ 7)2 =72.

Trong mit phang Oxy, cho duong tron (Cl): X2 +y?—2x—4y—-5=0 va diém A(3;4). Viét

phuong trinh dudng tron (C) c6 tam 1a tdm ctia dudng tron (Cl) va di qua diém A

A. (x-1)"+(y-2)" =10. B. (x-1)"+(y-2)" =8.
C. (x+1)" +(y+2)" =8. D. (x+1)" +(y+2)" =10.
Loi gidi

Duong tron (Cl): X* +y?—2x—-4y—-5=0 c6 tam | (1;2) , suy ra tam cua dudng tron (C) la
1(1;2).

Puong tron (C) di qua diém A(3;4) nén ban kinh duong tron (C) la R=1A= 2J2.
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Cau 5:

Caiu 6:

Cau 7:

Cau 8:

AL

Phuong trinh dudng tron (C) can tim 1a: (X —1)2 +(y- 2)2 =8.

Puong tron di qua 3 diém AL 7) , B(—2; 6) , C (5;—1) c6 phuong trinh 1a

A, X*+y*—2x—-4y-20=0. B. X’ +y*+2x+4y—-20=0.
C. X’ +y*—2x+4y-20=0. D. x*+y*+2x-4y-20=0.
Loi giai

Thay toa d6 diém A vao phuong 4n A ta dugc 0=0 (ludn dung)
Thay toa d6 diém B vao phuong 4n A, ta duoc 0=0 (ludn dung)
Thay toa do diém C vao phuong é4n A, ta dugc 0 =0 (ludn dung)

Trong mit phang Oxy cho dudng thang A: x— 2y +3=0. Viét phuong trinh dudng tron c6 tim
| (3;— 2) va tiép xac vol A.

A. (x+3) +(y-2)"=20. B. (x—3)" +(y+2)° =20.
C. (x+3)° +(y-2)" =10. D. (x+3) +(y-2)" =10.
Loi gidi

Do dudng tron can tim tiép xtc v6i dudng thing A nén ban kinh dudng tron 1a

R:d(|,A):w:2
1" +(-2)

V5.

2

Vay phuong trinh duong tron can tim 1a: (X - 3)2 + ( y+ 2)2 =20.

Viét phuong trinh dudng tron c6 tim A(2 ;= 5) va tiép xuc voi duong thang d :3x -4y —-1=0

A. (x-2) +(y+5)" =25. B. (x+2)° +(y-5)°=25.
C. (x=2)" +(y+5)" =5. D. (x+2)" +(y-5)" =5.
Loi giai

Dudng tron ¢6 tim A(2; —5) va tiép xtic v6i dudng thang d :3x—4y-1=0
[32-4(-5)-1 25
JE(-4) 8

Vay phuong trinh duong tron can tim 1a: (x— 2)2 +(y+ 5)2 =25.

= R=d(A,d) 5.

Cho tam gidc MNP biét M(-6;3) va N,P la cic diém lan luot thudc céc duong thing
AiXx=y+9=0, A,:2x+y+1=0.Goi Q(2;-1) la diém théa NQ = 3NP . Phuong trinh nao

dudi day 1a phuong trinh dudng tron ngoai tiép tam gidc MNP ?

A. (x+4)2+(y—3)2:4. B. (x+4)2+[y—1—31j2:%.
C. (x—4)2+(y+3)2:2. D. (x+6)2+(y—3)2:g.
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AL

Loi giai

NeA :x-y+9=0=N(Xy;Xy+9) ; PeA,:2x+y+1=0= P(x,;—2x, -1).

- 2—X%Xy =3(X, — X 2%, —3X, =2 Xy =—4
Ma NQ:BNP:{ v =305 %) @{ N @{N
X

-1-y, =3(Ys — Yy ) 2X, + 6%, =—20

Vi Xy =—4=y, =5=N(-4;5); X, =—2=y, =3= P(-2;3).
MN=(2;2) . __ L

Tacod: ¢ . = MN.NP=0 = MN L NP hay AMNP vudng tai N .
NP =(2;-2)

Goi E 1a trung diém MP = E(-4;3).

Suy ra, duong tron ngoai tiép tam giac MNP ¢6 tim E (—4;3) va ban kinh R = % =2.

Vay phuong trinh duong tron ngoai tiép tam giac MNP : (X + 4)2 +(y- 3)2 =4,

Cau9: Trong mit phang toa o Oxy cho duong tron (C) ¢6 phuong trinh x* +(y —3)2 =1 va diém
M (L3) thudc dudng tron (C). Viét phuong trinh tiép tuyén ciia duong tron (C) tai diém
M (13).
A. x+3y-10=0. B. x+1=0. C. y-3=0. D. x-1=0.
Loi giai

Duong tron (C) c6 tim 1a 1(0;3).
Tiép tuyén cia duong tron (C) tai diém M (1,3)co vecto phap tuyén IM =(L0) nén ta co
phuong trinh 1(X—l)+0(y—3) =0 x-1=0.

Cau 10: Trong mit phing toa & Oxy, cho hai diém A(0;2), B(O;—gj . Dudng tron (T) diqua A va

cit hai duong thang d :x—y—-1=0, A:2x+Yy+2=0 lanluottai M va N . Biét AM song song
v6i BN va O,M,N thang hang. Phuong trinh dudng tron (T) la

A X2 +y*+2x-y-1=0. B. X’ +y +x-y+2=0.
C. X +y +x+y-2=0. D. x¥*+y*-x-y-2=0.
Loi giai

ViMed, NeA = M(t;t-1), N(s;-25-2).
Néut=0 = M(0;-1) = AM €Oy (loai).

Néu t #0 ta coé: Do AM song song voi BN va O,M,N théng hang nén co:
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Cau 11:

Cau 12:

y S S
s —-2-2s
I ~= _ M (2:1
OM = kON t -1+t 3st=s— 2t 5 |1=2 (2:1)
T IBN —§—25 < 15st—15s—6t:t:_§S:> s——ﬂ - N 4.2
AM =1BN s s : =
t -3+t

Gid sir dudmg tron (T) c6 dang x* +y* —2ax—2by +¢=0(a*+b* —¢ >0).

Vi dudng tron (T) qua ba diém A,M,N nén c6 hé:

1
a=—
4-db+c=0 f
5-4a-2b+c=0 < b:E (thoa man diéu kién).
ﬂ+§a+ﬂb+c:0 c=-2
5 5

Vay phuong trinh dudng tron (T) 1a x* +y* —x-y—-2=0.

Trong mat ph:fmg v6i he toa do Oxy, cho hinh vudéng ABCD c6 A(3; 2) va phuong trinh canh
BD :3x+4y—7 =0. Khi 6 dudng tron ni tiép hinh vuéng ABCD cé phuong trinh la:

e eyl
SR T N

Loi giai
Goi | 1a tdm hinh vuéong ABCD.

Puong thing AC qua A(3;2) va vuong goc voi BD:3x+4y—-7=0 coé phuong trinh la
AC:4x-3y-6=0.

3+4.2-7
Vi | = AC nBD nén I(ggj nén ta co: IA:d(A,BD):M:Z.
55 N3+ 47
A 2
Dodé R=—=-"—=4/2.
V2 2

Vay duong tron ndi tiép hinh vuéng ABCD c6 tim | (g,%j ,ban kinh R = V2 co phuong trinh

2 2
la (x—gj +(y—gj =2.
5 5

Trong mit phing toa ¢ Oxy cho duong tron (C) c6 phuong trinh x* +y? +6x—4y—4=0.
Viét phuong trinh tiép tuyén ctia duong tron (C) biét tiép tuyén vudng goc voi duong thing
A:Xx—4y+2022=0.
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Cau 13:

Cau 14:

-/
A. 4X+y+27=0; 4x-y—-7=0. B. x-4y+27=0; x—4y—-7=0.
C.4x+y+27=0; 4x+y-7=0. D. 4x+y—-27=0; 4x+y—-7=0.
Loi giai

Puong tron (C) co tam 13 1(=3;2) va c6 ban kinh R =+/17 .

Puong thang d L A=d:4x+y+c=0 .

N c=-7

Phuong trinh tiép tuyén d 1a 4x+y+27=0; 4x+y—-7=0.

Puong thang d 1a tiép tuyén cta (C)Qd(hd):R@w:\/ﬁ <::>[C=27 .

Trong h¢ truc toa o Oxy, cho dudng tron (C) c6 phuong trinh X* + y* —4x+8y —5=0. Viét
phuong trinh tiép tuyén véi (C) song song v&i voi duong thang 3x —4y +5=0.
.[Sx—4y—3:0. B [4x+3y—25:0. C. {4x+3y+25:0. D[Bx—4y+3:0'
3x—-4y+47=0 4x+3y+29=0 4x+3y—-29=0 T |3x—-4y-47=0
Loi giai

Puong tron (C):x2+y2—4x+8y—5:0 cO tam |(2;—4) va ban kinh R = 22+(—4)2+5 =5

Phuong trinh tiép tuyén d song song v6i 3x —4y +5=0 c6 dang 3x—4y+¢c=0 (C # 5) .

- \3.2 —4.(-4)+ c\ s

Do (d) tiép xtic v6i dudng tron nén: d(1,d)=R
3+ (-4)"

c=3
Sle+22=25 < .
c=-47
Vay phuong trinh duong thang d : 3x -4y +3=0 va 3x—4y-47=0.
Trong hé truc toa d¢ Oxy, cho duong tron (C) ¢ tAm nam trén duong théng d:x—6y-10=0
va tiép xtic v6i hai duong thang c6 phuong trinh d, :3x+4y +5=0 va d, :4x -3y -5=0 (Biét

tung do cuia tim 14 s6 khong am). Viét phuong trinh duong tron (C) .

10Y 707 (7Y 2
A (C):| x—= — == B. (C):(x~10 =49.
I R (- AR YET
C. (C):(x-10)" +y* = 25. D. (C):x*+(y~10)" =49.
Loi gidi

Vi dudng tron (C) ¢6 tim | nam trén duong thang d :x—6y—10=0 nén goi | (6a+10;a) ,
voi a>0.
Mit khac duong tron tiép xtc véi d, d, nén khoang cach tir tim | dén hai dudong thang nay

bang nhau va bang ban kinh R suy ra
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ALY

[3(6a+10)+4a+5 [4(6a+10)-3a-5 a=0 (loai)
= & [22a+35/=|21a+35|<|  _70 .
S 5 a=4—3(nhan)

3(6a+10)+4a+5
V6i a=0 thi 1(10;0) va g 6ar10)rdars

Vay dudng tron (C) c6 phuong trinh 1a: (x—10)° + y? = 49.

Cau 15: Phuong trinh tiép tuyén cua duong tron (C) ' X% +y? —2x—2y =0 biét tiép tuyén vudng goc
duong thang A:x+y-1=0 la

A. X+y—-2=0,x+y+2=0. B. x-y+2=0, x-y—-2=0.
C.x—-y+4=0, x—-y—-4=0. D. Xx+y+4=0,x+y-4=0.
Loi giai

Puong tron (C):x* +y* —2x—2y =0 ¢6 thm | (L1),r =2

Do tiép tuyén vudng goc duong thang A:x+y—1=0 nén tiép tuyén c6 dang d : x—y+c=0

, . 1-1 =2
Puong thang d ticp xtc voi duong tron (C) khi: d(1,d)=r < ﬂzﬁ@ {C .

J2 c=-2
Vay phuong trinh tiép tuyén 1a x—y+2=0, x—y—-2=0.

Cau 16: Viét phuong trinh duong tron (C) c6 tim nam trén tryc hoanh dong thoi di qua hai diém

A(2;-5) va B(4;3).

A. X +y*+2x-33=0. B. x> +y*-2x+33=0.
C. x*+y*+2y-33=0. D. X +y* -2y +33=0.
Loi giai

(C) c6 tm | nadm trén truc hoanh =1(a;0)=(C):x*+y*—2ax+c=0
(C) diqua A(2;-5) < 4+25-4a+c=0< —4a+c=-29.
(C) di qua B(4;3) <=16+9-8a+c=0«< -8a+c=-25.

—4a+c=-29 a=-1
Ta c¢6 hé phuong trinh: =

—8a+c=-25 c=-33"

Vay phuong trinh dudng tron (C): x* +y* +2x—33=0.

Céau 17: Cho tam giac ABC c¢6 M la trung diém BC, biét A(l;gj, M (%;3] va B,C la cac diém lan

luot thudc cac duong thang d :4x—2y+1=0, d":x—2y—2=0. Phuong trinh ndo dudi day la

phuong trinh duong tron ngoai tiép tam giac ABC ?
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2”
15 2 5 5
A X2+ Yy —Tx—6y+—=0. B. (x=3) +|y-=| ==.
- S
2
C. x2+y2—6x—5y+471=0. D. (x—g] +(y—3)2:%.

Loi giai

Diém Bed:4x-2y+1=0= B(XB;4XBZ+1J ; Ced':X—2y—2=0:>C(xC;—XCZ_2j,

, Xy + X~ =2X Xg +X. =7 X, =2
Vi M 14 trung diém BC :{ Boe @{ 5o e @{ .

Ye + Yo =2Yy 4xg + X, =13

Voi x; =2= yB:g: B(Z;%j ; X =5= yczgjc(&gj_

Goi (C) :x% +y? —2ax—2by +¢ =0 la dudng tron ngoai tiép tam giac ABC .

—2a—3b+c:—E a-3
X2 +y2 —2ax, —2by, +c=0 -
Ta ¢6 hé phuong trinh: { X3 + y; — 2ax, —2by, +c =0 < —4a—9b+C:—%T7 = b:g
X2 +yZ—2ax. —2by. +¢c=0
© ‘ ‘ —10a—3b+c:—% c:%l

. 41
Vay phuong trinh dudng tron (C) ngoai tiep tam gidc ABC: x* + y? —6x -5y + i 0.

Chu 18: Viét phuong trinh dudng tron di qua 3 diem A(-L1), B(3;1), C(13).

A X +y?-2x-2y-2=0. B. X’ +y?+2x-2y=0.
C. X" +y*—2x-2y+2=0. D. xX* +y*+2x+2y—-2=0.
Loi giai

Goi phuong trinh dudng tron can tim c6 dang (C) X2 +y*—2ax—2by+c=0, (@°+b*-c>0).
Vi (C) di qua 3 diém A;B;C nén ta c6 hé phuong trinh:

1+1+2a—-2b+c=0 2a—2b+c=-2 a=1
9+1-6a-2b+c=0<7-6a-2b+c=-10<=<b=1 (tm).
1+9-2a-6b+c=0 -2a-6b+c=-10 c=-2

Véy phuong trinh duong tron can tim 1a: (C):x* +y? —2x—2y-2=0.

Cau 19: Trong mat phang v6i hé toa d6 Oxy cho tam giac ABC ndi tiép trong duong tron
(C):x*+y? =25, diém K(2;1) thuoc duong thing AC . Hai dudng cao BM va CN , phuong
trinh duong thaing MN: 4x—3y+10=0 va diém A c6 hoanh d6 am. Phuong trinh dudng tron

tam O tiép xuc véi duong thang AC la
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Cau 20:

Cau 21:

AL
\/E 2 2

10 5
A, X2 +yi="—, B. X*+y> =", C. X°+y*=""2_  D.x*+y>==.
y > y > y D y >

buong tron (C) c6 tim O(0;0).
T giac BCMN noi tiép nén ACB = MNA.

Gia sir d 1a tiép tuyén ctia duong tron (C) tai A,tacé ACB=A dodé A =MNA, ma hai géc
lai ¢ vi tri so le trong nén d song song MN suy ra OA L MN .

Phuong trinh duong thing OA di qua O(0;0) vudng géc véi MN la: 3x+4y =0.
A la giao diém cua OAva (C) nén toa do A la nghiém ctia hé phuong trinh:

Xx=4

2 2 _ {=_3
{x +y 25<:> y

= A(—4;3) ( Acb hoanh d6 am).
3x+4y=0 {x=—4

y=3

Phuong trinh dudng thang AC di qua A(—4;3) , K (2 ;1) la x+3y-5=0.

Puong tron tim O tiép xtic v6i duong thang AC nén ban kinh bang: R = suy ra phuong

Jio
2

trinh 1a: x*+y® =

N | ol

Trong mit phing toa dd OXy cho duong tron (C) cé phuong trinh X* + y* —4x+ 2y =0 vadiém
M (1; 1) thudc dudng tron (C ) . Viét phuong trinh tiép tuyén cua duong tron (C) tai diém M (1; 1)
A. x+y-1=0. B. x+2y+1=0. C. x-2y-1=0. D. x-2y+1=0.

Loi giai

buong tron (C) co tim 1a 1(2;-1).

Tiép tuyén ciia duong tron (C) tai diém M (L1) c6 vecto phép tuyén IM =(~12) nén ta co
phuong trinh —1(X—1)+ 2(y—1) =0 x-2y+1=0.

Trong mit phing toa do Oxy cho dwong tron (C) co phuong trinh (x—2)° +y? =4. Viét
phuong trinh tiép tuyén cua dudng tron (C) biét tiép tuyén c6 hé sb goc1a 2.
A. 2x—y+2\/§—4:0.
B. 2x—-y+2/5+4=0; 2x—y+2/56-4=0.
C. 2x-y+245-4=0; 2x—y-2/5-4=0.
D. 2x—y+23/56-4=0; 2x+y+2J5-4=0.
Loi giai
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AL

buong tron (C) c6 tim 1a 1(2;0) va c6 ban kinh R=2.
Puong thang d c6 hé sb goc bang 2c¢d dang y=2x+b < 2x—y+b=0.

d 1a tiép tuyén cua (C)@d(l,d)zR@ﬂ:2 N b=2V5-4 .
22 + (1)’ b=-25-4

Phuong trinh tiép tuyén d 1a 2x—y+2/56-4=0; 2x—y—2J5-4=0.

Cau 22: Trong hé truc toa &6 Oxy , cho dudng tron (C) ¢6 phuong trinh (C):(x—1)" +(y +2)" =8.Viét

phuong trinh tiép tuyén cta duong tron. Biét tiép tuyén qua diém N (5; —2) .

A. A:x-5=0. B. A:Xx+y—-3=0 hodc A:x—-y-7=0.
C. A:Xx—5=0 hodc A:x+y-3=0. D. A:y+2=0 hodc A:x—-y-7=0.
Loi giai

Puong tron (C):(x—1)° +(y+2)° =8 c6 tim |(L—2) va ban kinh R =+/8 =22

Phuong trinh dudng thing di qua diém M (5;—2) c6 dang: (d):ax+by—-5a+2b=0 voi

a’+b?>0.

bé (d) 1a tiép tuyén dudng tron (C) khi va chi khi: d(1,d =R@|a_2b_5a+2b|=2\/2
a +

a=>b
& |-4a) = 2V2a? +b? < 16a” =8a’ +8b’ <:>a2:b2<:{ .
Véi a=b, chon a=Db=1 ta dugc phuong trinh tiép tuyén: (d):x+y-3=0.

Véi a=-b, chon a=1=b=-1 ta dugc phuong trinh tiép tuyén: (d):x—y—-7=0

Cau 23: Trong hé truc toa do Oxy, phuong trinh duong tron (C) cotam | co toa do nguyén nam trén

duong thang 3x+2y =0, qua diém A(2;—5) va tiép xuc vdi tryc tung c6 phuong trinh 1a:

A (x+2)" +(y-3) =4. B. (x+4)" +(y—6) =5.
C. (x-4) +(y+6)’ =5. D. (x-2)" +(y+3) =4.
Loi giai

Do tdm | nam trén dudng thang 3x + 2y =0 nén toa d6 diém | (2t;—3t) .

Dudng tron (C) qua diém A(2;-5) tiép xtic véi truc tung nén ta co:

IA=d(1,0y) & (2t —2) + (-3t +5)" =|2t| <13t 36t +29 = 4t> < 9t* ~38t+29 =0

t=1
=
-2
9
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Cau 24:

Cau 25:

Cau 26:

AL

Do tam | c6 toa d0 nguyén nén chon t=1= | :(2;—3) . Khi d6 ban kinh R=2.
Vay duong tron (C):(x—2)" +(y+3) =4.

Viét phuong trinh tiép tuyén ciia dudng tron (C):x* +y* —2x—2y =0 biét tiép tuyén c6 hé s

goc k=1
A X+y-2=0,x+y+2=0. B. x-y+2=0, x-y-2=0.
C.x-y+4=0, x-y—-4=0. D. x+y+4=0,x+y—-4=0.

Loi giai
buong tron (C):x* +y? —2x-2y =0 c¢6 tam 1(L1),r = J2.
Do tiép tuyén ¢ hé s goc k=1= u= (1;1) —n= (1;—1)

Vay tiép tuyén c6 dang d : x—y+c=0.

Diéukiéntiépxﬁc d(l;d):rawzﬁc{czz

J2 c=-2"
Vay phuong trinh tiép tuyén1a x—y+2=0, x—y—2=0.

Viét phuong trinh dudng tron (C) di qua hai diém A(2;0)va B(0;1) va c6 tim nam trén duong
thang A: X+y+1=0

2 2 2 2
A. (x—lj +(y+zj :8—5. B. [x+lj +(y—zj :@.
6 6 18 6 6 6

( 1)2 ( 7)2 85 ( 1)2 ( 7)2 170

C.\X+=| +|y—=| =—. D.(X—=| +|y+=| =—.

6 6) 18 6 6 6
Loi giai

X=t

y=t 1.Dotélm | ciia (C) ndm trén A nén |(t;—-1-t)

Ta c6 phuong trinh tham sé cua A: {

Taco IA=IB=(2-t)" +(1+t)" =(=t) +(2+t)° @t=%,suyra |(%;_Zj

6
V170

Bén kinh cua duong tron khi d6 la: 1A= <

e 1Y 7V 85
Phuong trinh duong tron can tim c6 dang: | X—= | +| Y+—= | =—.
6 6 18
Trong mit phang v4i hé toa dd Oxy cho tam giac ABC c6 BC =2AB, phuong trinh dudng
trung tuyén BM la x+y—2=0.Biét ABC =120° va A(3;1). Phuong trinh duong tron tam B
diqua A la
A Xt +(y-2) =2, (x=2)"+(y-2) =2,

B. (x
C.xX*+y*=2. D. (x-2) +y*=2.
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Loi giai
bat AB =x= BC =2x (X > 0). Ap dung dinh li Cosin vao tam giac ABC ta c6
AC? = AB? + BC? - 2.AB.BC.c0s ABC = 7x* = AC = x+/7 .
Ap dung cong thire tinh duong trung tuyén vao tam giac ABC ta dugc

_ AB*+BC? AC? 3%’

BM? .
2 4 4

2 2
Trong tam gidgc ABM c6 AB? = x?, BM? =3%, AMZ:%: AM? = AB? + BM?

= AABM vuong tai B = AB L BM .
Phuong trinh duong thang AB di qua A vudng goc véi BM 1a x—y—-2=0.

B 1a giao diém ciia AB va BM nén toa d6 1a nghiém ctia hé phuong trinh:

X+y—-2=0 X=2
= =B(2;0).
X-y-2=0 y=0

Duong tron tam B di qua A c6 ban kinh AB = V2 suy ra phuong trinh la (X - 2)2 +y'=2.
Cau 27: Trong mit phing toa do Oxy cho duong tron (C) cé phuong trinh (X — 2)2 +(y+ 1)2 = 4. Viét

phuong trinh tiép tuyén cta duong tron (C) tai diém M (2;1) .

A. 2x+y—-2=0. B. y+1=0. C. 2x-y-3=0. D. y-1=0.

Loi giai

Vi (2-2)° +(1+1)° = 4nén diém M (2;1) thude duong tron (C).

Puong tron (C) co tim 1a 1(2;-1).

Tiép tuyén ctia dudng tron (C) tai diém M (2;1) c6 vecto phap tuyén IM =(0; 2) nén ta co

phuong trinh O(X - 2) + 2(y —1) =0 y-1=0.
Céu 28: Trong mit phing toa dd Oxy cho duong tron (C) c6 phuong trinh x* + y> —2x+4y—-11=0.

Viét phuong trinh tiép tuyén cua duong tron (C) biét tiép tuyén song song v&i dudng thing

A:3x—-4y-31=0.

A. 3x+4y-9=0. B. 3x-4y-31=0va 3x-4y-9=0
C. 3x-4y+9=0. D. 3x-4y+9=0 va 3x—4y-31=0.
Loi giai

buong tron (C) c6 thm 1a 1(1L,—2) va c6 ban kinh R=4.

Dudng thang d //A=d:3x—4y+c=0(c=-31).
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_9(TM

d 14 tidp tuvén i (C)esd(1.d) =R 3181 4 o] (™)
p tuy (C)ed(1,d)

3+ () c=-31(L)

Phuong trinh tiép tuyén d 1a 3x—4y+9=0.

Cau 29: Trong hé truc toa dd OXy, cho dudng tron (C) c6 phuong trinh (C): x* + y* —4x+8y -5=0.

Phuong trinh tiép tuyén cta (C) biét tiép tuyén vudng goc v6i dudng thang 3x—4y+5=0 la

A. 4x+3y+29=0;4x+3y—-21=0. B. 4x+3y—-25=0;4x+3y+29=0.
[3x+4y+15:0 b {3x+4y+15:0
3X+4y-35=0 3x+4y-35=0
Loi giai

Puong tron (C) X>+Yy*—4x+8y—-5=0 cotam | (2;—4) vabankinh R=./2° + (—4)2 +5=5
Phuong trinh tiép tuyén d vudng goéc véi 3x—4y+5=0 c6 dang 4x+3y+c=0.
Puong thang d tiép xtc v6i dudng tron khi va chi khi:

c=-21
=5 <:>|c—4|:25<:{

- ‘4.2+3.(—4)+C‘ .
c=29

3+ (-4)

d(1,d)=R

Vay phuong trinh duong thang d : 4x+3y+29=0; 4x+3y—-21=0.

Cau 30: Trong hé truc toa do OXy, cho duong tron (C) c6 phuong trinh (C):x* +y* +4x—4y-1=0.
Phuong trinh tiép tuyén ctia dudng tron (C) di qua diem M (0;-1) 1a

A. y-1=0;-12x+5y+5=0. B. y+1=0;-12x+5y+5=0.
C. y-1=0;12x+5y+5=0. D. y+1=0;12x+5y+5=0.
Loi giai

Puong tron (C) X>+ Yy +4x -4y -1=0 c6 tam | (—2;2) va ban kinh R = (—2)2 +2°4+1=3
Phuong trinh duong thang di qua diém M (0;-1) c6 dang: d :ax+by+b=0 véi a’ +b’ > 0.

, . . —2a+2b+b
Puong thang d 1a tiép tuyén dudng tron (C) khi va chikhi: d(1,d)=R < g =3

Ja® +b?
a=0
< |-2a+3b|=3va’ +b* < 4a® —12ab +9b* =9a” + 9’ < 5a° +12ab =0 < 12b.
a=-—
5

Véi a=0, chon b =1 ta dugc phwong trinh tiép tuyén: d : y+1=0.

12 . .
Véi a= _Eb ,chon b=5=a=-12 ta dugc phuong trinh tiép tuyén: d : -12x+5y+5=0.
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Cau 31: Phuong trinh tiép tuyén cua duong tron (C) . X +y? —4x+2y—4=0 song song duong thing
A:3x+4y-17=0 la
A. 3x+4y-13=0. B. 3x+4y+13=0. C.4x-3y+13=0. D. 4x-3y-13=0.
Loi giai

Puong tron (C): x> + y* —4x+2y-4=0 ¢6 tdm 1(2;-1),r =3
Do tiép tuyén song song dudng thing A :3x+4y—17 =0 nén tiép tuyén c6 dang
d:3x+4y+c=0(c=-17)

Duong thang d tiép xtc véi dudng tron (C) khi va chi khi:

d(l,d)=r

3.2+4.(-1)+¢| [c =13
= =3 .
5 c=-17

So v6i diéu kién ¢ =—17 loai.
Vay phuong trinh tiép tuyén can tim 13 3x+4y +13=0.

Céiu 32: Cho duong tron (C) c6 thm 1(1;1), (C) cat duong thang A:3x+4y+13=0 theo mot ddy cung

c¢6 d6 dai bang 8. Phuong trinh ctia dudng tron (C) la

A. X +y*—2x+2y-30=0. B. X’ +y*—-2x-2y+30=0.
C. X*+y*—2x-2y-30=0. D. x* +y*+2x+2y-30=0.
Loi giai

Goi giao diém cua duong thang A va (C) 1a A va B, H 13 hinh chiéu cua | xubng AB.

g B4l
3+ 4 '

Ap dung dinh 1y Pytago cho tam giac vuéng AHB ta co:

Khido d(1;A)

Al?=AH?’+1IH?> ©R*=4"+4"=32,
Do d6 phuong trinh cua (C) 13 (x-1)° +(y-1)" =32 < x* + y* - 2x—2y 30 =0.
Céu 33: Trong mit phang toa do Oxy, cho tam gidc ABC c¢6 A(L3), B(-1-1), C(L1). Pudng tron

ngoai tiép tam giac ABC c6 tam | (a;b). Tinh a-b.

A. 4. B. 4. C.2. D. 0.
Loi giai

Vi | (a;b) 1a tim dudng tron ngoai tiép tam giac ABC nén IA= 1B =IC =R.

{m\2 _ IB? - (1-a)°" +(3-b)’ =(-1-a)’ +(-1-b)’
IA*=IC*  |(1-a)’+(3-b) =(1-a)" +(1-b)’
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ar2b=2 Ja="2_ | 22) viya-b=-4
= -2;2). ~b=—4.
o2 Tlpog (22 VY

Céiu 34: Cho duong thang d:x -3y +5=0, Viét phuong trinh duong tron (C) c6 tim ndm trén duong

thing A:2x+y =0 va tiép xtc voi d tai diem A(1;2)

A. (x—3) +(y +6) =160, B. (x+3)2+(y—6)2:%.
C. (x=5)" +(y+10)" =160. D. (x-5) +(y+10)" =16.
Léi gidi

Puong thing d ¢6 mot vecto chi phuong 1a u, = (3:1).

Do thm | cuia dudng tron (C) nam trén dudng thang A nén toa d | (t;—2t).

Do dudng tron (C) tiép xtc v6i d tai diém A(1;2) néntaco IA Lu, va R=IA.

Tir IA Lu, < 1AU, =0 3.(1-t)+1(2+2t)=0 <t =5, suy ra 1(5;-10), R=1A=410.
Vay phuong trinh duong tron can tim 1a: (x— 5)2 +(y+ 10)2 =160.

Cau 35: Trong mit phang toa &0 Oxy cho dudng tron (C) tam | ban kinh R. T diém C ndm ngoai
duong tron ké 2 tiép tuyén CM,CN sao cho M va N 1 céc tiép diém. Puong thang IC cat
(C) tai K va H sao cho CK <CH . Biét khoang cach tir K dén CM bing +17 va MN c6
phuong trinh x—4y+3=0 va H,K lan lugt thuoc cac duong thing 5x+y-1=0,
2x—y—7=0.Biét K c6 tung d6 4m. Phuong trinh dudng tron (C) la

A. X*+y*+2x-18y-71=0. B. X’ +y’-2x+18y-71=0.
C. X’ +y*+2x-18y +71=0. D. x* +y*—2x-18y-71=0.
Loi giai
M
/7 ,
H\_X K |
N

1
Vi KMC = KMN :ESd MN , suy ra MK 1a phan giac trong CMN .

Lai ¢6 CK 1a phan giac trong MCN . Tir d6 ta c6 K 1a tim duong tron ndi tiép ACMN
= d(K,CM)=d(K,MN)=+17.

Goi K(a,2a—7) (voi 2a—7 <0) thudc duong thiang 2x—y—7=0.
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Cau 36:

, AL
Vid(K,MN)zx/l_7<:>‘a 4(3611_77) 3‘zx/ﬁ S a=§(|oa‘fi) = K(2,-3).

Do CK LMN = CK:4x+y+m=0.
Vi K(2;-3) € CK = m=-5 nén phuong trinh dudng thing CK :4x+y-5=0.

4x+y—-5=0

= H(-4;21).
5X+y-1=0

Toa do diém H 13 nghiém hé phuong trinh {

Do | 14 trung diém HK = | (—1;9); Duong tron (C) c6 tam | ban kinh R =IK =+/153.
Vay phuong trinh duong tron 1a: (x+1)" +(y -9)" =153 < x* + y + 2x ~18y - 71=0.

17_29)
5

Cho hinh chit nhat ABCD, qua B ké duong thang vudng goc voi AC tai H. Goi E(E,—

= [%;EJ;G (1;5) lan luot 1a trung diém cac doan théng CH,BH, AD . Buong tron ngoai tiép

tam gidc ABE c6 tam | (a;b). Tinh a+b.

A. 0. B. 4. C.6. D. 9.
Loi gidi
D C
H
‘i F
A M B

Xét tam giac AHBC ¢6 E 1a trung diém ctia HC, F 1a trung diém ctia HB = EF 1a duong trung
binh cua tam giac AHBC = EF //BC = EF L AB.

Xét AABE :EF L AB,BH L AE = F la tryc tdm cia tam gidc.
Goi | 1a tim duong tron ngoai tiép tam gidc ABE ,

Ta thdy ngay EF la dudng trung binh ctia tam giac AHBC
:ﬁ:%ﬁ:%ﬁ:ﬁ = A(L)

Duong thang AE di qua diém A(L1);0 = AE = (E;ﬁj = E(1;2) =n=(2-1)

= AE:-2x+y+1=0
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Duong thing AB qua A(L1) va vudng géc véi AG nén nhan AG = (0;4) 1a vecto phap tuyén
=AB:y-1=0

Puong thing BH qua F (g%j va vudng goc voi AE nén nhan AE = %(1; 2) la vecto phap
tuyén = BH : x+2y-7=0

X+2y-7=0

1o :»{XZS:» B(5:1).

B=BH n AB = toadd B la nghiém cta hé phuong trinh { 1
y =

Vay dudng tron ngoai tiép tam giac ABE 1a dudng tron (C) di qua ba diém A, B,E c6 dang la

x* +y?—2ax—2by+c=0; a®+b*-c>0

—2a-2b+c=-2
Vi AB,Ee(C)={-10a-2b+c=-26 <a=3b=3c=10

Pudng tron ngoai tiép tam giac ABE c6 tam | (3;3). Khido a+b=6.

Cau37: Trong mat phang toa dd Oxy, cho duong tron tim | ¢6 phuong trinh
(C) : (X— 2)2 +(y—1)2 =10. Goi A la mét tiép tuyén ctia (C) . Khang dinh nao sau day la diing?
A.d(1,A)=5. B. d(I1,A)=+10.  C.d(I,A)=10. D. d(1,A)=+5.

Loi giai
Puong tron (C) co tam 1(2;1), ban kinh R =+/10 .

Vi A la tiép tuyén cua duong tron (C) nén d(1,A)=R= J10.

Cau 38: Cho duong tron (C):(x+3)" +(y—2)° =8. Phuong trinh tiép tuyén ciia (C) tai diém M (~1;4)
Ia
A. X+y+1=0. B. 2x-2y-10=0. C. x-2y-9=0. D. x+y-3=0.
Loi gidi

Pudng tron (C) c6 tam 1(-3;2).
Tiép tuyén cta duong tron (C) tai diém M (=1;4) vuéng goc véi IM do d6 nhan IM =(2;2)
lam vecto phap tuyén.
Véy phuong trinh tiép tuyén can tim 1a: 2(x+1)+2(y—4)=0< x+y-3=0.
Cau 39: Trong mit phing toa dd OXy, phuwong trinh nao dudi day 1a phwong trinh tiép tuyén ciia duong

tron (C):(x+5)" +(y—-1)" =20 tai diém K(-1;-1)?
A. y=2x+1. B. y=—x-4. C. y=2x+11. D. y=5x+4.
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Loi gidi
buong tron (C) c6 tam 1(-5;1).
Tiép tuyén ctia duong tron (C) tai diém K (-1;—1) vudng géc v6i IK do d6 nhan IK =(4;- 2)
1am vecto phap tuyén.

Véy phuong trinh tiép tuyén can tim 1a: 4(x+1)-2(y+1)=0<4x—2y+2=0< y=2x+1.

Cau 40: Cho duong tron (C):(x-1)" +(y—2)"=25. Phuong trinh tiép tuyén d cia (C) tai diém
M(-2;-2) la
A. -3x-4y+14=0. B.-3x-4y+11=0. C.3x+4y+14=0. D.3x+4y+15=0.
Loi giai

Pudng tron (C) ¢6 tam 1(1;2).

Tiép tuyén cta dudng tron (C) tai diém M (—2;— 2) vuong goc véi IM do d6 nhén MI = (3; 4)
1am vecto phap tuyén.

Véy phuong trinh tiép tuyén d 1a: 3(x+2)+4(y+2)=0<3x+4y+14=0.

Cau 41: Viét phuong trinh tiép tuyén ciia duong tron (C):x*+(y - 2)2 =25 biét tiép tuyén song song
v6i duong thang d :4x—3y +31=0.
A. 4x-3y+2=0. B. 4x-3y+31=0. C.3x+4y+17=0. D. 4x-3y-19=0.
Loi gidi
Pudng tron (C):x? +(y—2)" =25 c6 tam 1(0;2) va ban kinh R=5.
Puong thang A song song voi dudng thang d : 4x -3y +31=0
=> A ¢6 phuong trinh dang 4x-3y+c¢=0 (ceR,c=31).

40-3.2+¢|
Reo—22_1=5

Duong thing A 1a tiép tuyén cia duong tron (C)<d(1,A)=
4% +(-3)

2

c=31
c=-19°

@@:5<:>|c—6|=25<:>[

¢ = 31 khong théa méan diéu kién ¢ = 31.
¢ =-19 théa man diéu kién ¢ # 31 khi d6 duong thang A c6 phuong trinh 1a 4x—3y —19=0.

Vay phuong trinh tiép tuyén cua duong tron (C) song song voi duong thing d 1a

4x-3y-19=0.

Céau 42: Viét phuong trinh tiép tuyén cta dudng tron (C):x* +y® =16 biét tiép tuyén vudng goc véi

duong thang d :x+y=0.
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A.x—y+3\/§:0,x—y—4\/§:0. B.x+y+4\/§:0,x+y—4\/§:0.
C. X+y+4J2=0,x+y-3/2=0. D. X—y+4/2=0,x-y-442=0.

Loi gidi
Puong tron (C):x* + y* =16 c6 tam O(0;0) ban kinh R=4.

Puong thing A vudng goc véi dudng thing d:x+y=0 = A c6 phuong trinh dang
x—y+c=0 (ceR).

|0-0+¢|
e g4

Duong thing A la tiép tuyén cua dudng tron (C)<d(0,A)=R
1" +(-1)

2
<:>|C|=4\/§ o c=1442.

Véi c =442 duong thang A c6 phuong trinh 13 x—y + 42 =0.

Véi ¢ =—-44/2 duong thing A c6 phuong trinh 1a Xx—y—4+/2 =0.

Vay duong tron (C) c6 hai tiép tuyén vudng goc voi duong thang d 1a x-— y+4x/§ =0,
X—y-— 42 =0.

Céu 43: Tiép tuyén cua dudng tron (C):x* +y* —2x =0 di qua diém M (1) 1a
A. y-1=0. B. x-1=0. C. 2x-y-1=0. D. x+y-1=0.
Loi giai

(C):x*+y*—2x=0= dudng tron (C) c6 tam 1(1;0) ban kinh R=1.

IM =(0;1) = IM =1=R = M ¢(C).

Duodng thang A 1a tiép tuyén ciia dudng tron (C) di qua diém M .

Do M &(C) nén A nhan IM =(0;1) 1am vecto phap tuyén.

Phuong trinh duong thang A la: 0.(x—-1)+1.(y-1)=0 < y-1=0.

Vay tiép tuyén ctia duong tron (C):x* + y* —2x =0 di qua diem M (L1) la y-1=0.

Céu 44: Viét phuong trinh tiép tuyén cia duong tron (C) X2+ y2 —6x+ 2y =0 biét tiép tuyén song song
v6i duong thang X +3y +10=0
A. x+3y-5=0. B. 3x-y=0. C. x+3y-10=0. D. x+3y+10=0.
Loi giai

Puong tron (C):x* + y* —6x+2y =0 c6 tam 1(3;—1), ban kinh R=410.

Puong thang A song song voi dudng thang d : X+ 3y +10 =0 nén duong thang A c6 phuong
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, . . 3+3.(-1)+c
Puong thang A 1a tiép tuyén cua duong tron (C) < d(l,A)=R <o —F—=—=+10

& |c|=10<c=+10.

¢ =10 khong théa man diéu kién ¢ =10.

¢ =—10 thoa man diéu kién ¢ #10 = phuong trinh duong thang A 1a x+3y—-10=0.

Vay duong tron (C) c6 mot tiép tuyén song song v4i dudng thing x+3y+10=0 1a
Xx+3y—-10=0.

Céu 45: Trong mit phang Oxy, cho (C): x*+y*—2x—2y—-2=0va M(3;5). Lap phuong trinh tiép
tuyén cua (C) diqua diém M .

A. A 1-3Xx-4y+11=0va A,:y=3. B. A :3x+4y-11=0va A,:y=-3.
C. A :3x+4y+11=0va A, : x=-3. D. A :3x-4y+11=0va A,: x=3.
Loi giai

Taco (C)co tam I(L1) va ban kinh R=2.

Taco IM = \/(3—1)2 +(5—1)2 = @ = 2\/5 >R.Dodoé qua M co6 hai tiép tuyén dén (C)
Cich 1: Goi A 1a duong thang di qua M va tiép xtic v6i (C)
Goi n= (a; b) £0 1a vecto phap tuyén ciia duong thang A.

A:a(x—3)+b(y-5)=0<«<ax+by-3a-5b=0.

A 1a tiép tuyén ctia (C)<:>d(I;A)=R<:> |a+b_3a_5b| =2

Ja? +b?

b=0
©|-2a-4b[=2va’ +b’ <3 +4ab=0<|  4a
3

Véi b=0 chon a=1=>n=(10)= A, :1(x-3)+0(y-5)=0< x=3.
e 4a -

Véi b:—? chon a=3=b=-4=n=(3-4)=A,:3x—-4y+11=0.

Cich 2: Goi A 13 duong thang di qua M va tiép xtc véi (C)

Truong hep 1: A ¢6 hé s6 géc k c6 phuong trinh y=k(x—3)+5< kx—y+5-3k=0.

R<:>|k—1+5—3k| 3

A tiép xtic véi (C) < d(1,A)= =2 k==,
iep xtc véi (C) < d(1,A) - ek=7
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Cau 46:

AL

Vay tiép tuyén Al:y=%(x—3)+5<:>3x—4y+11=0.

Trudng hop 2: A, :x=3 diqua M(3;5)

_ [1-3
1°+0

Ta co d(I,Az) =2=R.Dod6 A,:x=3 diqua M vala tip tuyén cia (C)

Vay c6 hai tiép tuyén thoa mén yéu cau bai toan A, :3x—4y+11=0va A,: x=3.

Trong mat phang (OXy), cho (C):(x— 2)2 +(y —1)2 =5. Goi phuong trinh tiép tuyén ctia (C)
cit Ox; Oy lan luot tai A; B sao cho OA=20B la ax+ by—-9=0, voi a;b la cac $b nguyén
duong va udc chung 16n nhat cia a;b 1a 1. Tinh a+2b.

A.5. B. 3. C. 2. D.1
Loi giai

Pudng tron (C) 6 tam 1(2;1), bankinh R =+/5
Tiép tuyén cat Ox; Oy lan lugt tai A; B sao cho OA=20B

, , , OB 1
Tiép tuyén cO hé s0 gbc K =+—=+=.
p tuy C g OA 5

1 . . 1
Trwong hop 1: Voi k = > = Phuong trinh tiép tuyén c6 dang A:y = > X+n

5
o |2n| =3
A 1a tiép tuyén cia (C) < d(1,A)=R N e N =
J5 G5
2
1 5
y==X+—
Suy ra phuong trinh tiép tuyén can tim 1a c
=—X——
y 2 2

1 . . 1
Trwong hop 2: Voi k = -3 = Phuong trinh tiép tuyén c6 dang d :y = —EX +m

9
m=—
. . 4-2m
d 1a tiep tuyén cia (C)<d(1,d)=R <:>ng§<:> 2 .
J5 1
m=——
2
1 9
\ - A A A \ y 2X+2 X+2y-9=0
Suy ra phuong trinh ti€p tuyén can tim la
1 1 X+2y+1=0
y=--X-7
2 2

Vay a=Lb=2=a+2b=5.
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Cau 47:

Cau 48:

v 2 A

Trong mat phang (Oxy), cho dudng tron (C):(x—1)" +(y+1)" =10. C6 thé l4p duoc bao nhiéu
phuong trinh tiép tuyén cua dudng tron (C) biét tiép tuyén tao v6i A:2x+y—4=0 mot goc
bang 45°.
A. 4.

B. 3. C. 2.

Loi giai

D. 1.

Pudng tron (C) 6 tam 1(L~1) va ban kinh R=+10.

Goi tiép diém M (X,; Y, )., khi d6 phuong trinh tiép tuyén c6 dang:

d:(x=1)(% —1)+(y+1)(Yo +1) =10 <= (X, —1) X+ (Yo +1)y =X, + ¥, —8=0 (1)
Vi M (X ¥,) €(C) e (% ~1)" +(y, +1)° =10 (2)

Puong thang d tao vi A mot goc bang 45° khi va chi khi

2(x,—1)+1. 1 =6-2 3
C0s45° = ‘ (611 (% * )‘ <:>|2x0+y0—1|:5<:{y0 %o (3)
VAT (% =) +(y, +1) Yo =4~ 2% (4)
(%, =2
. . Yo=2 Ml(z’z)
Giai hé phuong trinh tao boi (2),(3) ta dugc: =
{xo =4 M, (4;-2)
| (Yo = —2
_{XO =0
— 4 [M,(0:-4
Giai hé phuong trinh tao boi (2),(4) ta duoc: Yo = +(0-4)
{xo =-2 |M,(-2,0)
(Yo =

Vay c6 bén tiép tuyén d,, d,, d,, d, téi (C) thoa man diéu kién dé bai.

Trong mit phing toa do, cho hai dudng tron (C,): (x+2)* +y? =1 va (C,):(x— 2)2 +y?=16.
Biét duong thang d :ax+by —10=0 1a mot tiép tuyén chung cta hai duong tron (C,) va (C,).

Tinh S =a%+b?.

A. S=12. B. S=16. C. §$=20.

Loi giai

D. S=24
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rF

Cach 1: Goi R, R, lan luot 1a ban kinh dudng tron (C,)va (C,). Taco 1(-2;0) va J(2;0)
lan luogt 13 tim dudng tron d6. Vi 1J =4 <1+4 =R, + R, nén hai duong tron da cho cat nhau, do
d6 chang chi c6 hai tiép tuyén chung ngoai. Goi S 14 giao diém cta 1J va tiép tuyén chung

ngoai CD cua hai dudng tron.

Ta co ﬂ=£=£,suyra 4§—§=6hay 30S =401 —0J . Do d6 S —E;O .
S I 4 3

Gia sir tiép tuyén CD c6 vecto phap tuyén n=(u;v). Phuong trinh duong thang CD Ia

u(x+%)+vy:0. Suy ra

4
—Uu
1=R1=d(I,CD)=3—<:>£u=iv.
uz+v? 3
, , b -
Két hop gia thiét taco > =—=—~" hay a=-3 vd b=+v. Tirdd b=+7.
u v 10u
3

Trong tt ca cac truong hop ta déu co S =a’ +b? =16.

. —2a—-10|
Cach 2: (d) tiep xuc véi (C,) nén |—:1© va®+b® =[2a+10 (1)
va*+b’

2a-10]

JaZ+b?

Tu (1) va (2) suy ra |2a—10| =4|2a +10| @{

(d) tiép xtic v6i (C,) nén 4 & 4ya’ +b? =|2a-10] (2)

2a-10=8a+40 a:—E
= 3
2a—-10=-8a-40
a=-3

Véi a=-3 thitacod va2+b? =4« a?+b?=16. Luc nay b=+/7 (Nhan)
Vi a=—§ thi ta c6 va’ + b’ =2—;<:>a2+b2 =%.Lﬁcnéy b? =—% (Loai)

Vay a’ +b* =16.
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AL

Cau 49: Mot cira hang an nhanh dat ¢ vi tri | trong mat phéng toa do (don vi trén hai truc 1a 1 km). Vung

ship d6 4n cua cira hang duoc mé ta boi (X —1)2 +(y —l)2 <100. Pia diém nao sau day thudc
vung ship dd cua cira hang?
A. M(7;10). B. N(-4;-8). C. P(9;-6). D. Q(-7;5).
Loi giai
Ta co vi tri dat ctra hang 1a 1(1;1), ban kinh ving ship hang 1a R=10.

Dé nam trong ving dugc ship hang thi khoang cach tir cira hang dén dia diém d6 phai nho hon
hodc bang R . Ta xét:

IM = (7-1)° +(10-1)° =117 > R.

IN = (~-4-1)" +(~-8-1)" =106 > R.

IP=(9-1)° +(-6-1) =113>R.

1Q = /(-7 -1) +(5-1)° =vBO <R.
Vay Q thudc ving ship d6 cta cira hang.

Cau 50: Cho duong tron (C): X* +y? —8x+2y—-8=0 va A(-L0) Goi T,,T, la céc tiép diém ciia cac
tiép tuyén ké tir A dén (C). Phuong trinh dudng thng T,T, 1a
A. 5x—-y+4=0. B. 5x-y—-4=0. C.10x-2y-17=0. D.10x-2y+1=0.

Loi giai

buong tron (C) c6 tim 1(4;-1), bankinh R=5=IT, =IT,.

Tacd 1A=(~1-4) +(0+1) =/26.
Xét AIT,A vuong tai T, c6 AT, =[IA7 — IT? =/26— 25 =1= AT,.

Puong tron (C,) tdm A, ban kinh r = AT, = AT, =1 c6 phuong trinh la:
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Cau 51:

Cau 52:

AL

(x+l)2+y2:1<:>x2+y2+2x:0.
Do {T,,T,} =(C)(C,) nén phuong trinh duong thang T,T, 1a
(X*+y*—8x+2y—8)—(X’+y*+2x)=0 < -10x+2y -8=0 < 5x—y+4=0.

Cho dudng tron (C):x* +y* —4x—2y =0. Tir diém A(3;-2) c6 thé ké dén (C) hai tiép tuyén
phan biét c6 phuong trinh Ia

A.2X+y—-8=0va x-2y+1=0. B.a*+b*#02x+y+8=0va x—2y—-1=0
C.2x-y+8=0va x+2y-1=0. D. 2x—y—-8=0 va x+2y+1=0.
Loi giai

Puong tron (C) ¢6 tam 1(2;1), ban kinh R=+/5.
Goi n= (a; b) (didu kién a® +b? = 0) 1a vecto phap tuyén cia tiép tuyén cia (C) qua A.
Phuong trinh tiép tuyén A c6 dang a(x-3)+b(y+2)=0.

|-a+3b|
Ja? +b?
2a=Db

a=-2b

Taco d(1;A) =R =5 < 5(a’+b*)=(a-3b)" < 4a’ +6ab—4b” =0

<:>(2a—b)(a+2b)=0©{

Truong hop 1: V6i 2a=Db, do 2’ +b”#0 nénchon a=1=b=2.

Phuong trinh tiép tuyén A 1a 1.(x—3)+2.(y+2)=0 < x+2y+1=0.

Trwong hop 2: Véi a=-2b, do nénchon b=1=a=-2.

Phuong trinh tiép tuyén A 1a —2.(X—3) +1.(y+ 2) =0 2x-y-8=0.

Cho dudng tron (C):(x—1)" +(y+3)" =10 va duong thing A:x+y+1=0 biét duong thing
A cét (C) tai hai diém phan bi¢t A,B. Do dai doan théng AB béng

A.% B. /38. C.g. D.@.

Loi giai

Pudng tron (C) ¢6 tam 1(1-3) va ban kinh R = IA=+/10.

, . o . |1—3+1| 1
Goi H 1a trung diém day cung AB nén IH =d(I;A)= 1 =—2.
_l’_
1 38

Tam giac AIH vuong tai H nén AH =+/IA* —IH? = 10——27

N
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AL

Do dai doan thing AB =2AH =+/38.
Céau 53: Viét phuong trinh tiép tuyén cta dudng tron (C): X* + y* + 4x—2y —8 =0, biét tiép tuyén vudng
goc voi duong thiang d : 2x—3y +2022=0.
A. 3x+2y—-17=0 hoac 3x+2y—-9=0. B. 3x+2y+17=0 hodc 3x+2y+9=0.
C. 3x+2y+17=0 hodc 3x+2y—-9=0. D. 3x+2y—-17=0 hoac 3x+2y+9=0.
Loi giai
buong tron (C) c6 tam | (—2;1), R=413 va tiép tuyén c6 dang A:3x+2y+c=0.

c=17

Ta ¢6 R=d[I;A]©M=x/E©[

V13

Vay phuong trinh tiép tuyén 1a 3x+2y +17 =0 hodc 3x+2y—-9=0.

Cau 54: Trong mit phang toa do Oxy, cho dudng tron (C):(x=3)*+(y—4)" =25 va dudng thang

d:4x-3y-1=0.Duong thing A vudng géc véi d va tiép xtic véi duong tron (C) c6 phuong

trinh 1a
A. 3x+4y=0,3x+4y+50=0. B. 3x-4y=0,3x—-4y+50=0.
C. 4x-3y=0,4x-3y+50=0. D. 3x+4y=0,3x+4y-50=0.

Loi giai
Puong thang A vudng goc voi d :4x—3y—1=0nén A ¢ phuong trinh dang: 3x+4y+¢ =0
Puong tron (C): (x—3)*+(y—4)* =25 c6 tdm 1(3;4) va ban kinh R =5.

. . 33+44+c
Puong thang A tiép xtc vai duong tron (C) < d ( | ;A) =R & % =5
3 +4

c=0
& |25+c|=25 <
c=-50
Vay duong thang A c¢6 dang: 3x+4y =0 hodc 3x+4y—-50=0.

Cau 55: Trong mit phang Oxy, cho (C) X2+ y?—-2x-2y—-2=0va M (3;5) . Phuong trinh tiép tuyén
cua (C) di qua diém M la

A. A1 -3Xx—-4y+11=0va A,:y=3. B. A :3x+4y-11=0va A,:y=-3.
C. A :3x+4y+11=0va A, : x=-3. D. A, :3x—-4y+11=0va A, : x=3.
Loi giai

Tacé (C)co tam I(L1) vabankinh R=2.
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PHAN ILI.
sai.

Cau 1:

AL

Tacd IM = /(3-1)° +(5-1)° =20 =25 >R. Do d6 qua M ¢4 hai tiép tuyén dén (C).

Cich 1: Goi A 1a duong thang di qua M va tiép xtc véi (C)
Goi n= (a;b) = 0 1a vecto phap tuyén ctia dudng thing A.
A:a(x—3)+b(y-5)=0<«< ax+by—-3a-5b=0.

|a+b—3a-5b
= =2
Ja? +b?

b=0
& |-2a—4b|=2Va% +b* < 3b?+4ab=0< 4a

A 1a tiép tuyén cua (C)e d(I;A)z R

3

Véi b=0 chon a=1=>n=(10)= A, :1(x-3)+0(y-5)=0< x=3.
Vi b:—4?a chon a:3:>b:—4:>ﬁ:(3;—4):>A2 :3x—4y+11=0.

Cich 2: Goi A 13 duong thang di qua M va tiép xtc véi (C)
THI1: A c6 hé s6 goc k c6 phuong trinh y=k(x—3)+5< kx—y+5-3k=0.

R@wzz 3‘

A tidp xitc v6i (C) <> d(1:A) = 3
iep xtic voi (C) < d(1;A) = ek=7

Vay tiép tuyén Al:y:%(x—3)+5<:>3x—4y+11:0.

TH2: A,:x=3 diqua M (3;5)

_ -3

Taco d(1;A,) \/m

=2=R.Dod6 A,:x=3 diqua M vala tiép tuyén cta (C).

Vay c6 hai tiép tuyén thoa man yéu cau bai toan A :3x—-4y+11=0va A,:x=3.
Cau trac nghiém dung sai. Trong méi y a), b), c), d) & méi cau, thi sinh chon ding hoic
Trong mat phang voi hé toa do Oxy, cho ba diem A(0;4), B(2;4), C(2;0). Xét tinh ding sai

clia cac khang dinh sau:
a) Pudng tron ngoai tiép tam giac ABC c6 phuong trinh tong quat 1a: (C) X2+ y?—2x—4y=0

b) Puodng tron ngoai tiép tam giac ABC ¢6 tam | (1; 2)

¢) Puong tron ngoai tiép tam giac ABC ¢ ban kinh R = J5
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AV

d) Pudng tron ngoai tiép tam gidc ABC c6 phuong trinh (C): (X —1)2 +(y- 2)2 =57

Loi giai
Gia sir phwong trinh dudng tron di qua 3 diém A, B,C c6 dang (C) X2 +y?+2ax+2by+c=0

Thay toa do 3 diém A(0;4), B(2;4), C(2;0) ta duoc:

8b+c=-16 a=-1
4a+8b+c=-20<b=-2=(C):x*+y’—2x-4y=0.
dJa+c=-4 c=0

Suyra (C) 6 tam | (1;2) va bankinh R=+/5.

a) Plng: Puong tron ngoai tiép tam giac ABC c¢6 phuong trinh tong quat 1a:
(C):x*+y*—2x—-4y=0

b) Diing: Dudng tron ngoai tiép tam giac ABC c6 tim 1(12).

¢) bling: Puong tron ngoai tiép tam giac ABC c¢6 ban kinh R = J5.

d) Sai: Vi Duong tron ngoai tiép tam giac ABC c6 phuong trinh chinh tac 1a:
(C):(x—l)2 +(y-2)" =5

Cau2: Trong hé truc toa dd Oxy, cho diém 1(1;1) va dudng thang (d):3x+4y—2=0. Xét tinh ding
sai cua cac khing dinh sau:
a) Khoang cach tir diém 1(L1) dén dudng thang (d):3x+4y—2=0 bang 1
b) Duong tron tim | (L1) va tiép xtc v6i dudng thang (d):3x+4y—2=0 c6 phuong trinh
chinh tc 1a (x—1)° +(y -1)" =1.
c) Duong tron tam 1(1;1) va tiép xtc v6i dudng thang (d):3x+4y—2=0 c6 phuong trinh tong
quatla x> +y® —2x-2y+1=0
d) Duong thang di qua diém 1(L1) va vudng géc véi duong thang (d):3x+4y-2=0 co
phuong trinh tong quat 1a 3x+4y —7=0
Loi giai
a) Pung: Khoang cach tir diém | (1;1) dén duong thing (d ) :3x+4y—2=0 bang 1
3.1+4.1-2
Vi d(l,d):ﬁ:l
b) Diing: Dudng tron tam | (L1) va tiép xtic véi dudng thang (d):3x+4y—2=0 c6 phuong
trinh chinh tic 1a (x—1)° +(y-1)° =1,

Vi R =d(|,d)=w=1 nén phuong trinh chinh tic 1a (x—1)° +(y-1)" =1.

N3+ 4
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Cau 3:

Cau 4:

AL

c) Ding: Puong tron tam | (L1) va tiép xtic v6i dudng thang (d):3x+4y—2=0 c6 phuong
trinh tong quat 1a x* + y* —2x -2y +1=0

[31+41-2
d) Sai: Phuong trinh tong quat duong thing qua | (11) c6 vecto phap tuyén n = (-4;3)1a
(d"):—4x+3y+1=0

Vi R=d(|,d) =1 nén phuong trinh chinh tic 1a x> + y* —2x—-2y+1=0

Trong hé tryc toa do Oxy, cho duong tron (C) tam 1(12) va cit duong thing
A:3x+4y—6=0 tai hai diém A B saocho AB = 4. Xét tinh dung sai ctia cac khang dinh sau:
a) Khoang cach tir tam | dén duong thang A bang 2.

b) Ban kinh duong tron bing /5.

¢) Phuong trinh duong tron (C) X2+ Yy —2x—-4y=0.

d) biém M (3;1)nam trong duong tron (C).

Loi giai
A H B
A
I
M
o . ) |3+8-6|
a) Sai: Ké IH L A thitaco IH :d(I,A = =1.

) [32 +42

b) Pang: IH L AB = H 1a trung diém ABva AH =2

Khidotaco R=1A=~IH2+ AH? =4/12+ 22 =+5.

¢) bung: Phuong trinh duong tron (C) tm 1(1;2), ban kinh R = J5 1a

(C):(x=1)" +(y—2)° =5 hay (C):x* +y*—2x—4y =0.

d) Sai: Tac6 IM =(2;,-1) = IM =J22 +(-1)° =/5=R suyra M €(C).

Trong hé truc toa dd Oxy, cho dudng tron (C) tam | (1; 2) va cat duong théng
A:3x+4y—6=0 tai hai diém A, B sao cho S, = 4. Xét tinh dung sai ctia cac khang dinh sau:
a) Khoang cach tir tam | dén duong thang A bang 1.

b) Ban kinh duong tron (C)nhé hon 4.

¢) Phuong trinh duong tron (C) X2+ y?—2x—-4y+12=0.

d) Diém O ndm trén dudng tron (C).

Loi giai
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A /1:\ B

A

a) bung: Goi H 1a trung diém cua doan thing AB = IH L AB
_|3+8—6| B
N3+ 4
b) Sai: IH L AB=S,,, :%AB.IH @4:%AB.1© AB=8 = AH =4va

R=vAH?+IH?=J17 = R>4.

¢) Sai: Phuong trinh duong tron (C) tam 1(12), ban kinh R =17 1a

Tacd IH =d(|‘A) 1.

(C):(x=2)" +(y—2)" =17 hay (C):x*+y*—2x—4y-12=0.

d) Sai: Taco 10 =(-14-2) = 10 = w/(—l)2 + (—2)2 =5 <R =417 suyra O nim trong (C).
Cau5:  Trong mit phing toa do OXy, cho hai diém A(L—4),B(-2;0) va duong thang d :2x—4y +1=0

. Xét tinh ding sai ctia cac khang dinh sau:

a) Piém A B cach déu dudng thing d .

b) Toa do tAm ctia dudng tron di qua hai diém A, B va c6 tim thudc duong thang d 1a | (1;%) .

¢) Phuong trinh duong tron (C) di qua 4, B va c6 tam thudc duong thang d 1a
4x* +4y® —60x —32y -136 =0

. . . 17 -17
d) Gia tri nhé nhat cia OM véi M 1a diém chuyén dong trén duong tron la %

Loi giai

_[21-4(-4+1 195
J22 + (-4 10

a) Sai: Khodng céch tir diém A dén duong thang d 1a d(A.d)

. . . 2.(-2)-4.0+
Khoang cach tir diém B deén duong thang d 1a d(B,d)= 2(2) L = 35
22 + (—4)? 10

Viy hai diém A, B khéng cach déu dudng thang d .

b) Sai: Dudng tron ¢6 tam thudc duong thang d : 2x —4y +1=0 nén goi I 1 tim duong tron thi

(2a-L)

Mait khac duong tron di qua A B nén
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Cau 6:

AL
IA= |B@W=\E\@\/[1—2a+%j2+(—4—a)2 =\/(—2—2a+%j2+(0—a)2 ca=4

Vay dudng tron di qua A, B va c6 tAm thudc dudng thing d co toa do tAm 13 | (%;4]

2
¢) Ping: R = 1B =8| = \/(_Z_E] +(0-4)" = 517
2 2
Phuong trinh duong tron di qua A, B va c6 tam thudc duong théng dla

2 2
(x—%j +(y—4)2 :(#J < 4x2 +4y* —60x—32y—-136=0

Ay
M

K

=y

0
G

d) Pung: Goi G,K lan luot 14 giao diém cia dudng thang 10 va duong tron.

Véi ba diém 1,0,M ta co
IM—I0O<OM <IM+10=IG-10<OM < IK + 10 = OG <OM < OK

5J17 17 517 -17

Trong do OG = IG—IOzT——_

2 2
Vay OM dat gia tri nho nhét 1a WT_N khi M trung G.

Trong mit phing Oxy, cho duong tron (C):(x+ 2)2 +(y —1)2 =9 va hai diém
A(—4;3),B(2;-1). Xét tinh dung sai ciia cac khang dinh sau:

a) BPiém A nam trén duong tron (C).

b) Piém B nim ngoai duong tron (C )

¢) Phuong trinh duong thang d  di qua diém A sao cho khoang cach tir tim dudng tron dén
duong thang d 1a16nnhitla x—y—-1=0

d) Gié tri 16n nhat cia BM voi M 1a diém chuyén dong trén dudng tron 1a 25 +3.
Loi giai
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Pudng tron (C):(x+2)" +(y—1)" =9 ¢6 tam 1(~2;1) va ban kinh R =3

a) Sai: Taco (—4+2)" +(3-1)" =89 nén diém A khong nam trén dudng tron (C).
b) Plng: Pudng tron (C):(x+2)" +(y—1)" =9 c6 tim 1(-2;1) va ban kinh R =3
Ma IB = \@\ = 24/5 >3 nén diém B nim ngoai duong tron (C).

¢) Sai: Goi H 13 hinh chiéu vudng géc ciia | 1én dudng thang d . Khi do IH < IA
Do d6 khoang cach 16n nhat 1a 1A, khi d6 duong thang d di qua A va vudng goc véi 1A,

Ta co ﬁ\=(—2;2) nén phuong trinh duong thang d: —2(x+4)+2(y—3)=0<:> X—y+7=0

d) Pung: Goi G, K lan luot 1a giao diém ctia duong thang IB va duong tr(‘)n(C ) .

Véiba diém |,B,M tac6
IB-IM<MB<IB+IM = IB-IG<MB<IB+IK= BG<BM <BK
Trong d6: BG=1B—1G=2/5-3; BK = IB+IK =2./5+3
Vay BM dat gia tri l6n nhét 1a 2\/3 + 3 khi M trung K.
Cau7: Trong mit phang v6i hé toa do Oxy, cho duong tron (C) : X2+ y?—2x+4y—11=0 va duong
thang d : 4x—3y+5=0. X¢ét tinh diing sai ciia cac khang dinh sau:
a) Puong thing d va dudng tron (C) tiép xtic
b) Duong thang d cit duong tron (C) theo mot ddy cung c6 do dai bang 1.
¢) Puong thing song song véi d va tiép xtc voi duong tron (C) c6 phuong trinh:
d: 4x—-3y-10=0.
d) Khodng cach 16n nhat tir mot diém thudc duong tron (C) dén dudng thang d 1a bang 10.
Loi giai
Puong tron (C): X* +y?—2x+4y—11=0 c6 tam | (1;—2) ban kinh R=+1"+2°+11=4.
41-3(-2)+5 . .
a)Sai: d =d(I;d)= | J 3( )2 | =3<R néndo dod cit (C) chir khong ti€p xuc véi (C)
3’+4

b) Sai: Do d(1;d)=3<R nén d cit (C) theo day cung AB. Goi H 1a trung diém cua AB

Ta c6: AB = 2AH = 24/IA? — IH? = 24/ R? —d? = 242 —32 = 247 .
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¢) Sai: Phuong trinh duong thing A||d c¢6 dang 4x—3y+c=0 (C#5).

Tacd A tiépxﬁcvé’i (C) <:>d(I,A)=R.

[4-3(-2)+c|
5

c=10

Khi d6 ta co: .
c=-30

=4<:>|c+10|:20<:>[

d) Sai: Khoang cach 16n nhét tir mot diém thugc dudng tron (C) dén dudng thing d béng
d(1,A)+R=2J7 +4

Cau8: Cho duong tron (C):x* +(y—1)" =5. Goi A 1a phuong trinh tiép tuyén ciia duong tron (C) tai
diém M (1; —1) . Xét tinh ding sai cta cac khing dinh sau:

a) A céach tam ctua dudng tron (C) mot khoang bang 5.
b) A c6 hé sb goc k=%.
¢) A tao v6i cac truc toa 4o mot tam giac c6 dién tich bang %
d) A cit duong tron (C') : (X + 2)2 +y? =9 theo diy cung c6 do dai bang 4
Loi giai
a) Sai: Do A 1 tiép tuyén ctia dudng tron (C) = A céch tam cua duong tron (C) mot khoang
bang R = 5.
b) Bing: Pudng tron (C) ¢6 tam 1(0;1)
Puong thang A c6 vecto phap tuyén n=IM =(1-2) va di qua diém M (-1

Phuong trinh dudng thang A:l(x-1)-2(y+1)=0=>A:x-2y-3=0=A: yzéx—g.

. 1
Vay A ¢o6 hé so goc k:E.

c) Pung: A1x—2y-3=0= A cittruc Ox tai A(3;0), cit truc Oy tai B(O;—gj.

1 9
SAOAB = EOAOB = Z .

d) bung: (C') ¢6 tam 1'(-2;0), ban kinh R"=3.

Il‘

Gia sir A cét (C') theo ddy cung EF va H la trung diém cta EF .
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Taco I'H :d(l’;A):w:\/g, EF =2EH =2JR? - I'H? =2/9-5=4.

12 +(-2)
Vay A cét duong tron (C') theo ddy cung c6 do dai bang 4.

Cau9: Cho dudng tron (C):x’ +(y+l)2 =5 va duong thing A:x+2y—3=0. Goi d:ax+by+c=0
1a dudng thing song song v6i A va la tiép tuyén cua (C). Xét tinh ding sai cua cac khang dinh

sau:
a) d cohésdgoc k=2.

¢) Khoang cach giita d va A bang 10.

d) d cét duong tron (C'):(x—2)° +(y+2)" =6 tai2 diém A B.Diéntich AI’AB bang /5 (vdi

I" 13 tdm cta duong tron (C')).
Loi giai
a)Sai: Do d // A:x+2y—-3=0=d cohésb goc k=—=
b) Bing: Do d // A:x+2y—-3=0=d:x+2y+m=0 (m=-3)
Pudng tron (C) ¢6 tam 1(0;-1), ban kinh R=+/5.

‘0 +2.(-1)+ m‘
1% + 22

d la tiép tuyén cia (C)<d(1,d)=

:£@|m—2|:5@mi?)(l).

¢) Sai: Ta co: d(d;A) = =2.5.

d) Bing: (C'):(x— 2 +(y+2) —6 co tam 1'(2;-2), ban kinh R'= =/6.

Goi H 1a trung diém AB tacé I'H=d(1',d)= —=\/§.
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1 1
AH =+R?—1'H? =1= AB =2AH =2nén S, :EI'H.AB=§.\/§.2=\/§.

Céau 10: Trong mit phing toa d6 OXxy, cho dudong tron (C):(x—l)2 +(y—2)2 =25 va duong thang
(d):4x—3y+2=0. Xét tinh dung sai cia cac khing dinh sau:

a) Puong thang d tiép xtic v6i duong tron (C).
b) Khoang céch gifra hai tiép tuyén ctia duong tron (C) vudng goc v6i dudng thang d bang 10

c) Duong thang m:3x+4y+14 =0 la tiép tuyén clia dudng tron (C) vudng goc véi duong thang
d.

d) Tiép tuyén ctia dudng tron (C) vudng géc véi duong thing d di qua diem A(0;9).
Loi gidi
Pudng tron (C):(x-1)"+(y—2)" =25 c6 tam 1(1;2) va bankinh R=5.

41-32+2|
42 +(-3)°

a) Sai: Taco d(1,d)= 0

Vay dudng thang d khong tiép xtc véi dudng tron (C).

b) Pung: Khoang cach giita hai tiép tuyén ctia duong tron (C) vudng goc voi dudng thang d
bang duong kinh nén bang10.
¢) Pung: Goi m 1a duong thang vuéng goc voi d :4x—3y+2=0.

Khi @6 m c6 dang 3x+4y+C =0.

Duong thang m tiép xtc voi dudng tron (C) khi va chi khi

114C=25 [C=14
d(1m)=Re|2T224C 5 npicl=25e| =
32 + 42 11+C =-25 C=-36

Suy ra c6 hai tiép tuyén ciia duong tron (C) vudng goc voi dudng thang d 1a
m, :3X+4y+14=0 va m, :3x+4y-36=0.
d) Dang: Diém A(0;9) thudc tiép tuyén m, :3x+4y—-36=0.
PHAN lIl. Cau trac nghiém tra I&i ngan
Caul: Trong mitphang Oxy, duong tron di qua ba diem A(1;2), B(5;2), C(1-3) cé phuong trinh
dang x> + y* —2ax—2by+c=0. Tinh gia tri a+ b +c.
Loi giai

Phuong trinh dudng tron ¢d dang x* + y? —2ax — 2by + ¢ = 0. Puong tron nay qua A, B,C nén
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1+4-2a-4b+c=0 a=3

25+4-10a-4b+c=0< b:—%.

1+9-2a+6b+c=0 c=—1

Viy phuong trinh dudng tron can tim 1a x> + y* —6x+y—1=0.

Cau2: Phuong trinh dudng tron di qua hai diém A(3;0),B(0;2) vaco tam I(a;b) thude duong thang
d:x+y=0.Khido6 gia tri cia biéu thiac 2a+5b bang bao nhiéu?
Loi gidi

A(3;0), B(0;2), d:x+y=0.

Goi | 1a tam dudng tron vay 1(x;—x) vi | ed.

IA® = IB? c>(3—x)2+x2:x2+(2+x)2 & —6X+9=4x+4 @x:%.vay |(l_1j

2" 2
2 2
IA:\/(B—%j +(%j :@ la ban kinh duong tron.

(1Y 1Y 13
Phuong trinh duong tron can lap la: X—E + y+§ =5

Cau3: Chotamgiac ABC biét H(3;2), G(ggj lan luot |4 tryc tAm va trong tam cua tam giac, duong

thang BC c6 phuong trinh X + 2y —2 =0. Tim ban kinh cua phuong trinh duong tron ngoai tiép
tam giac ABC?

Loi giai
A
H I
B : C
M

Goi | 1a tim dudng tron ngoai tiép tam giac ABC
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Goi M Ia trung diém cia BC = IM LBC = IM :2x—y+1=0.

2x-y=-1

x=0
:>{ :>M(O;1).
X+2y=2

Khi d6: M =IM nBC :s{
y=1

Lai c6: MA=3MG =

Suy ra: ban kinh dudng tron ngoai tiép tam giac ABC la R=1A=5.
Vay phuong trinh duong tron ngoai tiép tam giac ABC la (x —1)2 +(y —3)2 =25.

Cau4: Trong mit phang toa do Oxy, cho tam giac ABC c0 tryc tim H, trong tam G(-13). Goi
K,M,N lan luot 14 trung diém cua AH, AB, AC . Phuong trinh duong tron ngoai tiép tam giac

ABC c6 dang (x—a)2+(y—b)2 =R? Tinhgidtri a+b+R.

Léi giai
A
K
M N
J
B
Y C

Goi E 1atrung diém BC, J la tim duong tron ngoai tiép AABC .

MK || BH KN ||CH
Tacé {ME||AC = MK LME (1), {NE||AB = KN L NE(2)
BH 1 AC CH 1 AB

Tir (1),(2) = KMEN I3t gidc noi tiép dudng tron duong kinh KE .

Duong tron (C):x*+y? +4x—4y—17=0 c6 tdm 1(-2;2) ban kinh r =5 =1 1a trung diém
KE.
KHEJ 1a hinh binh hanh = | 1a trung diém JH
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le

= J(1,5).
y; =5 ( )

J— X, +2=3(-1+2) X
Taco: IJ=3IG = =

y, —2=3(3-2)
Ban kinh duong tron ngoai tiép AABC 1a R =JA=2IK =2r =10.
Phuong trinh duong tron ngoai tiép AABC la: (x —1)2 +(y- 5)2 =100.

Cau5: Trong mit phiang toa dd Oxy ,cho tam gidc ABC c6 tryc tdam O. Goi M 1a trung diém cua BC ;
N ,P lan luot 1a chan duong cao ké tir B va C. Puong tron di qua ba diém M, N, P c6

2
phuong trinh 1a (T):(x—l)2 +(y+%) :%. Phuong trinh dudng tron ngoai tiép tam giac

ABC c6 dang (x—a)’ +(y—b)* =25. Tinh gi tri cua 3a + 4b

Léi giai

B C

M

Taco M 1a trung diém cua BC; N, P lan luot 1a chan duong cao ké tir B va C . Puong tron
di qua ba diém M, N, P la duong tron Euler. Do d6 dudng tron ngoai tiép tam giac ABC
chinh 1a anh cua duong tron Euler qua phép vi tu tam 13 O, ty s6 k =2.

Goi | va I’ lan luot 1a tim duong tron ngoai tiép tam giac MNP va tam giac ABC .

Goi R va R’ lan luot 1a ban kinh dudng tron ngoai tiép tam giac MNP va tam giac ABC .

Taco |(1;—%) vado d6 Ol' =201 = I'(2; -1).

Mat khac R:g:> R'=5.

Vay phuong trinh duong tron ngoai tiép tam gidc ABC la: (x — 2)2 +(y +1)2 =25.
Nhén xét: Dé bai ndy rat kho déi voi hoc sinh néu khdng biét dén duong tron Euler.

Cau 6: Trong mat phang véi hé toa do Oxy, cho duong tron (C):x*+y?—2x—4y+3=0. Toa do
diém M (X,;Y,) nam trén duong tron (C) sao cho T =X, + Y, dat gia tri Ion nhét. Tinh gia tri

S =2x,+3Y,
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Léi giai

O €

Budngtron (C):x* +y* —2x—-4y+3=0, (C) co tam 1(1;2), R=+2.
Suyra (C):(x-1)" +(y—-2)"—2=0.

COT =X +Y,=(%—-1)+(y,—2)+3.

Ap dung bt ding thirc bunhiacossiki cho 2 b9 s6 (L,1),((%, —1);(Y, —2))-

(% ~1)+(y, - 2), s\/z[(xo -1 +(¥o-2)" | =2,do (%, -2) +(y,-2)" = 2.

= -2< (% —1)+ (Y, —2)<2=1<(% —1)+(y,—2)+3<5=1<T <5.

(Xo _1)=(yo _2)

D4u ding thuc xay ra khi
S {<x01>2+<y02>2=2

X, —1=1 X, =2,¥,=3T=5
:>(x0—1)2:1:{° :{0 Yo

X,-1=-1 "|x,=0,y,=1T =1
Vay maxT =5 khi x,=2,y,=3 nén S =2x,+3y,=2.2+3.3=13.

HET:
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Dang 3: Vi tri tuong doi cua dudng tron

Phwong phap: Xét vi tri tuong d6i cua duong tron
Vi tri twong ddi cua diém M va dudng tron (C): Xac dinh tam | va ban kinh R cta duong tron (C)
vatinh IM

e Néu IM <R suyra M nim trong dudng tron

e Néu IM =R suyra M thujc duong tron

e Néu IM >R suyra M nam ngoai duong tron
Vi tri twong ddi gitra duong thang A va dudng tron (C): Xac dinh tim | vaban kinh R cta duong tron
(C) vatinh d(1;A)

e Néud(l;A)<R suyra A cit duong tron tai hai diém phan biét

e Néu d(I;A)=R suyra A tiép xtc véi dudng tron

e Néu d(l;A)>R suyra A khong cit dudng tron
Vi tri twong déi gitta duong tron (C) va dudng tron (C'): Xac dinh tm |, ban kinh R ctia dudng tron

(C) vatam 1I’, ban kinh R’ cta duong tron (C') vatinh II', R+R’,|[R-R’

e Ncéu IlI'> R+ R’ suy ra hai duong tron khong cat nhau va ¢ ngoai nhau
e Ncu IlI'=R+ R’ suy ra hai duong tron ti€p xuc ngoai véi nhau

e Néull'< |R—R| suy ra hai duong tron khong cat nhau va 16ng vao nhau
e Néull'= |R—R| suy ra hai duong tron tiép xuc trong véi nhau

e Néu |[R=R|<1I"<R+R’ suy ra hai duong tron ct nhau tai hai diém phan biét
Néu biét tiép diém 1a M (X Yo) thi tiép tuyén d6 di qua M va nhan vecto IM = (X, —a;y,—b) lam
vecto phap tuyén nén c6 phuong trinh 1a (X, —a)(X—X,)+(y, —b)(Y—Y,)=0
Néu khong biét tiép diém thi dung diéu kién: Duong thdng A tiép xtic duong tron (C) khi va chi khi
d(1;A)=R dé xéc dinh tiép tuyén.

BAI TAP TU LUAN

Bai tap 1: Cho duong thing A:x—y+1=0 vaduong tron (C):x*+y? —4x+2y—4=0
a) Ching minh diém M (2;1) nam trong duong tron
b) Xét vi tri trong ddi giita A va (C)

¢) Viét phuong trinh duong thang A’ vubng goc véi A va cat duong tron tai hai diém phan biét
sao cho khoang céch caia ching 1 16n nhét.

Léi giai
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a) buong tron (C) ¢6 tam 1(2;-1) va ban kinh R =3.

Taco IM =\/(2—2)2 +(1+1)2 =2<3=R do d6 M nam trong dudng tron.

_|2+1+1|

J1+1

¢) Vi A’ vubng goc véi A va cat duong tron tai hai diém phan biét sao cho khoang cach cua
ching 1a 16n nhat nén A’ vudng goc véi A va di qua tam I cua duong tron (C).

b) Vi d(1;4) =242 <3=R nén A cit (C) tai hai diém phan biét.

Do d6 A’ nhan vecto U, =(L1) 1am vecto phép tuyén suy ra A":1(x—2)+1(y+1)=0 hay
X+y-1=0

Vay phuong trinh duong thang cantim 1a A": x+y—-1=0

Bai tap 2: Trong mit phang Oxy, cho hai duong tron c6 phuong trinh (C):x* +y* —2x—6y-15=0 va
(C):x®+y?—6x—-2y-3=0

a) Chung minh riang hai duong tron cit nhau tai hai diém phan biét A, B
b) Viét phuong trinh duong thang di qua A va B
¢) Viét phuong trinh duong tron di qua ba diém A B va O

Loi giai

a) Cach 1: (C) c6 tam 1(L3) vaban kinh R=5, (C) c6 tam 1'(3;1) va ban kinh R =413

Khi dé: 11'=(3-1) +(1-3) =2V2

Tathdy |R —R,|<I,l, <|R, +R,| suy ra hai dwong tron cat nhau.

2 2 oy 15— 2 2 oy 15—
Céach 2: Xeét h¢ phuong trinh {X Fy = 2x-6y =15 OQ{X ty - 2x=6y-15=0

X +y?—6x-2y—-3=0 X—y-3=0
y=-2
2 2 _ 2\ _
- (y+3) +y —2(y+3)—6y—15_0© y°'—-y-6 0<:> {y:S
X=y+3 X=y+3
X=y+3

Suy ra hai dudng tron cit nhau tai hai diém c6 toa do 1a A(L-2) va B(6;3)

b) Pudng thang di qua hai diém A,B nhan AB = (5;5) lam vecto chi phuong suy ra phuong
X =1+5t

trinh duong thiang can tim 1a
y=-2+5t

c) Céach 1: Budng tron can tim (C”) c6 dang X* + y* —2ax—2by +¢=0
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azt

1+4—2a+4b+c=0 i

(C") di qua badiém A,B va O néntacohé {36+9-12a—6b+c=0< sz
c=0

c=0

Vay (C"):x*+y?=7x-y=0

Céch 2: Vi A B la giao diém cua hai duong tron (C) va (C') nén toa d déu thoa man phuong

trinh x* + y? —2x—6y—15+m(x2 +y° —6x—2y—3):0 *)

Toa d6 diém O thoa man phuong trinh (*) khi va chi khi =15+ m.(—3) =0 m=-5

Khi d6 phuong trinh (*) tro thanh x* +y* - 7x—y =0

Vay phuong trinh duong tron can tim 12 X2 + y> —=7x—y =0
Bai tap 3: Trong mit phing toa do Oxy , cho duong tron (C): X°+y?—2x+4y—4=0 cotam | vaduong
thing A:v/2x+my+1-+2=0

a) Tim m dé duong thang A cat duong tron (C) tai hai diém phan biét A, B

b) Tim m dé dién tich tam giac IAB la Ién nhat

Léi giai

A

a) Buong tron (C) c6 tam 1(1-2), ban kinh R=3 va duong thang A cit (C) tai hai diém
‘\/E—2m+1—\/§‘ 3
<
V2+m?

phan biét khi va chi khi: d(1;A)<R <

< 5m? +5m+17 >0 (dang v6i moi m)

b) Taco S :EIA.IB.sin AlIB =gsin AIB sg
IAB 2 2 2

Suy ra: maxsS,,, :g khi va chi khi sin AIB =1< AIB =90°
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Goi H la hinh chiéu cua | 1én A khi doé AIH =45°= IH = IA.cos45° =

oo

i-2m| 3 2
=—om+8m+16=0cm=-4

& —=

J2+m? 2
Bai tap 4: Trong mit phing toa dd Oxy, cho dudng tron (C) c6 phuong trinh X* + y? —6x+2y+6=0
va diém hai diem A(L-1); B(L3)

Taco: d(1;A)=1IH

a) Ching minh ring diém A thudc dudng tron, diém B nim ngoai dudng tron
b) Viét phuong trinh tiép tuyén ciia (C) tai diém A.
c) Viét phuong trinh tiép tuyén cua (C) ké tir B.
Loi giai
Puong tron (C) ¢otam 1(3;-1) bén kinh R=+/3? +1-6=2.

a)Taco: IA=2=R;IB=2v5 >R suyradiém A thudc duong tron va diém B nim ngoai duong
tron

b) Tiép tuyén cua (C) tai diém A nhan 1A =(2;0) 1am vecto phap tuyén nén c6 phuong trinh 1a
2(x-1)+0(y+1)=0 hay x=1

b) Phuong trinh dudng thang A di qua B ¢6 dang:
a(x—1)+b(y—3)=0 (voi a’+b*#0) hay ax+by—-a-3b=0

Duong thang A 1a tiép tuyén cua dudng tron < d(1;4)=R

c>|3a—b—a—3b| :2c>(a—2b)2:a2+b2c>3b2—4ab=0<:> b=0
«/az+b2 3b=4a

Néu b =0, chon a=1 suy ra phuong trinh tiép tuyén la x =1.
Néu 3b =4a, chon a =3, b=4 suy ra phuong trinh tiép tuyén 1a 3x + 4y —15=0
Vay qua A ké dugc hai tiép tuyén véi (C)co phuong trinh 1a x=1 va 3x+4y -15=0
Bai tap 5: Viét phuong trinh tiép tuyén A cia duong tron (C):x* +y? —4x+4y —1=0 trong cac truong

hop sau:

a) Puong thang A vudng goc véi dudng thang A": 2x+3y+4=0
b) Puong thing A hop vai tryuc hoanh mot goc 45°
Loi giai

a) Buong tron (C) c6 tam 1(2;-2), ban kinh R =3
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Vi duong thdng A L A’ nén A nhan u (-3;2) lam vecto phap tuyén do d6 phuong trinh c6 dang

-3Xx+2y+c=0

Duong thang A 1a tiép tuyén véi duong tron (C) khi va chi khi

d(1;A)=3e HOJT;C' =3<c=10+3V13

Vay c6 hai tiép tuyén 12 A:—3x+2y+10+313=0
b) Gia sir phuong trinh duong thang A:ax+by+c=0, a’> +b? =0
Duong thang A 13 tiép tuyén véi duong tron (C) khi va chi khi

d(I;A)=3<:>M=3©(2a—2b+c)2=9(a2+b2)(*)

Puong thang A hop véi truc hoanh mét géc 45° suy ra

cos(A;Ox):¢:> cos45’ __ B < a=b hoiac a=-b
va’+b’ va’+b’

Trudng hep 1: Néu a=b thay vao (*) ta c6 18a? = c? < +c =32a
Chon a=b=1=c=+3J2 suyra A:x+y+3/2=0

c=(3\/§—4)a
C=—(3\/§+4)a

Truwdng hep 2: Néu a=-b thay vao (*) taco 18a” = (4a+ c)2 =

V6i c=<3\/§—4)a,chon a:l,b:—l,c=(3J§—4):>A:x—y+3J§—4=o
V6i c=—(32 +4)a, chon a=1,b=-1 c=—(32+4)= A:x-y-3/2-4=0

Vay ¢6 bén duong thing thoa mé&n bai toédn 1a A, 1 x+y+3J2=0,A,:x—y+3v/2-4=0 va
A4:x—y—3«/§—4=0

Bai tdp 6: Lap phuong trinh tiép tuyén chung cua hai duong tron sau: (C,):x*+y*—4y-5=0 va
(C,):x*+y*—6x+8y+16=0

Loi giai
buong tron (C,) ¢ tam 1,(0;2) ban kinh R, =3
buong tron (C,) c6 tam 1,(3;-4) ban kinh R, =3

Goi tiép tuyén chung cia hai duong tron c6 phuong trinh A:ax+by+c=0 voi a®+b* =0
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d(l,8)=3 |2b+¢| =3Va? +b? (*)

A latiép tuyén chung cua (C,) va (C )<:>{
1 i d(1,,4)=3  ||3a-4b+c|=3Va’ +b’

Suyra [2b+c|=[3a-4b+c| < —3a+2b
C—

Trudong hep 1: Néu a=2bchon a=2, b=1 thay vao (*) tadugc ¢ =2+ 35 néntacé 2 tiép
tuyén la 2x+y—2+3/56=0

Truwong hop 2: Néu ¢ =—3aT+2b thay vao (*) ta duoc |2b—a|=2va’+b* < a=0 hoic

3a+4b=0

Voi a=0=>c=b,chopn b=c=1tadugc A:y+1=0

Vi 3a+4b=0=c=3b,chon a=4,b=-3,c=-9 tadugc A:4x-3y-9=0

Vay c6 4 tiép tuyén chung cua hai duong tron 1a: 2x+y—2+3/5=0,y+1=0, 4x-3y-9=0

m = —4 thoa man yéu cau bai toan.

Bai tap 7: Trong mat phang toa do Oxy, cho duong tron (C): x* +y® +6x—2y +5=0 va duong thang d

di qua diém A(-4;2), cét (C) tai hai diém M, N sao cho A 1a trung diém cia MN . Khi d6
hay viét phuong trinh ciia duong thang d .
Loi giai

Puong tron (C) c6 thm 1(~3;1),R=+/5 néndo d6 1A=+2 <R= A &trong (C).

Mit khac A 1a trung diém cia MN = IA L MN = IA=(~1;1) 1a vecto phap tuyén cua d nén
d c6 phuong trinh:—l(x+4)+1(y+2)=0<:> X-y+6=0.

Bai tap 8: Cho dudng tron (C): x* + y? —2x+ 6y +6 =0 va duong thang d : 4x —3y +5=0. Viét phuong

trinh duong thang d’ song song véi duong thang d va chan trén (C) mét day cung c6 do dai
bing 2+/3.

Léi giai
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Puong tron (C) co tam | (1; —3), R=2
Do d'/l d = d'c6 phuong trinh 4x—3y+m=0(m=5).
VéIHIMN=HM=v3=IH?=R2-HM?=4-3=1,
Khi do: d(1,d")= IH 41-3(9)em] m+13=5e| "= 0
1do: ,d") = S =l |m+13 =5«
\N16+9 m =-18.

d:4x-3y-8=0

Vay: :
d:4x-3y-18=0

Bai tap 9: Cho duang tron (C):(x—2)" +(y—2)" =9. Viét phuong trinh tiép tuyén cua (C) di qua diém
A(-5:1).
Loi giai
Puong tron (C) c6 tdm 1(2; 2) va ban kinh R =3.
Khi d6: n=(A; B) la vecto phap tuyén nén D: A(x—5)+B(y+1)=0.
Dudng thang D la tiép tuyén cua (C) khi va chi khi :

|A(2-5)+B(2+1) 3 AB_0 | AT Y=

JA? 1 B? B=0 —20% ,x=5

d(lLA)=Re
Bai tap 10: Cho duong tron (C):x* +y* —6x+2y+5=0 va duong thang d :2x+(m—-2)y-m-7=0
Véi gia tri nao ciia m thi 1a tiép tuyén cua (C)?
Loi giai
Pudng tron (C) ¢6 thm 1(3; ~1) va ban kinh R=+/5.
Duong thang d 1a tiép tuyén cia (C) khi va chi khi:

m=3
m=13

-m+2-m-7|

= <:>|6
Al a)=F 4+(m-2)

J§@m2—16m+39=0@[
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Caul: Choduongtron (C):(x +1)2 +(y—3)2 =4 va duong thang d :3x —4y +5=0. Phuong trinh cua

dudng thang d’ song song véi duong thang d va chin trén (C) mot day cung c6 d¢ dai lén nhat 1a
A 4x+3y+13=0. B.3x—4y+25-=0. C.3x—-4y+15=0. D.4x+3y+20=0.

Loi giai
buongtron (C) cotam 1(-13) vda R=2.d"//d =d":3x—4y+c=0.
Y&u cau bai toan c6 nghia la d’ quatam 1 (-1 3) cua (C) tecla: -3-12+c=0<c=1
Vay d':3x—4y+15=0.
Cau2: Timtoa do giao diém cua dudng thing A:x—2y +3=0 vaduong tron (C): x* + y> —2x—4y =0
A. (33)va (-11). B. (-L1) va (3,-3). C.(3;3)va (L1). D. (2,1) va (2-1).
Loi giai
Toa do giao diém 1a nghiém caa hé phuong trinh sau

X—-2y+3=0 X=2y-3
2 2 < 2 2
X +y°—2x-4y=0 |(2y-3) +y*-2(2y-3)-4y=0

2 — = =1 =3 A
PN {y 24y+33 0 PN {y . hoac {y . Vay toa do giao diém la (3;3) va (—1;1)-
X=2y-

Cau3: Choduongtron (C):x*+y?—4x—6y+5=0. Duong thang d di qua A(3;2) vacit (C) theo

mot day cung ngan nhat c6 phuong trinh 1a
A 2x-y+2=0. B. x+y-1=0. C. x-y-1=0. D. x-y+1=0.

Loi giai
f(xy)=x2+y?—4x—6y+5< f(3,2)=9+4-12-12+5=—6<0.
Vay A(3;2) otrong (C).

Déay cung MN ngan nhit <> IH I6n nhat <> H = A <> MN ¢6 vecto phap tuyén 1a 1A= (1; 1)
Vay d c6 phuong trinh: 1(x-3)-1(y-2)=0< x-y-1=0.

Cau4: Cho duong tron (C):x* +y? —4x+6y—3=0. Ménh dé nao sau day ding?
(I) Biém A(L1) ndm ngoai (C).

(II) biém O(0;0) ndm trong (C).
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Cau 5:

Cau 6:

Cau7:

AL

(1) (C) cat tryc tung tai hai diém phan biét.

A. Chi (1). B. Chi (11). C. Chi (I11). D. Ca (1), (1) va (111).
Loi giai

bat f(xy)=x"+y?—4x+6y-3= f(L1)=1+1-4+6-3=1>0= A ¢ ngoai (C).

Do f (0;0)=-3<0=0(0;0)¢ trong (C).

Khi x=0= y*+6y—3=0. Phuong trinh nay c6 hai nghiém suy ra (C) cat y'Oy tai 2 diém.

Cho duong tron (C): x* +y® +6x—2y+5=0 vaduongthang d di quadiém A(—4;2),cét (C)

tai hai diém M, N sao cho A la trung diém cua MN . Phuong trinh ctia duong thang d 1a

A x-y+6=0. B. 7x-3y+34=0. C.7x-3y+30=0. D.7x-y+35=0.
Loi giai

Puong tron (C) c6 tm 1(~3;1),R=+/5 nén 1A=+2 <R = A &trong (C).

Diém A 1a trung diém cia MN = IA L MN = IA=(~11) 1a vecto phap tuyén ciia d nén d
¢6 phuong trinh: —1(X+4)+1(y+2)=0< x-y+6=0.

Puong tron x* + y? —2x -2y —23=0 cét duong thang x+y—2=0 theo mot diy cung c6 do
dai bang bao nhiéu?

A. 10. B. 8. C.6. D. 3J2.
Loi giai
L2152
2 2 _ _ _ 2 _ _ =
Giai he: X+ Yy —2x—-2y—-23 0<:> 2X°—4x—23 0<:> 2
X+y—-2=0 y=2-X 2-5{2
y:
2
L _2-5V2
Hay 2 nén do dai day cung AB =10
2452
2

Tim giao diém 2 dudng tron (C,): x> +y*—4=0 va (C,): X’ +y’ —4x—4y+4=0

A. (V2:42) va ((v2;—2). B. (0;2) va (0;-2).
C. (2;0) va (0;2). D. (2;0) va (-2;0).
Loi giai
2 2_g- 2 2_4_ 2 2_2_
Giéihéx+y 0 <:>x+y 4=0 ©x+y 4=0
X2+ Yy —4x—4y+4=0 |(4-4x-4y+4=0 |x+y=2
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Cau 8:

Cau 9:

Céau 10:

Cau 11:

Céau 12;

2 2 AL
{x +(2-x) —4:0©{x +(2-x) _4:0<:>{X:0hay{xzz

y=2-x y=2-X y=2 y=0
Vay giao diém A(0;2), B(2;0).
Xéc dinh vi trf twong ddi gitra 2 dudng tron (C,): x* +y® =4 va (C,):(x +10)2 +(y —16)2 =1.
A. Cit nhau. B. Khong citnhau.  C. Tiép x(c ngoai.  D. Tiép x(c trong.
Loi giai
(C,) c6 tam va ban kinh: 1, =(0;0), R, =2; (C,) c6 tam va ban kinh: 1,(-10;16), R, =1

Khoang céch giita hai tam 1,1, = /10> +162 = 24/89 > R, +R, .

Vay (C,) va (C,) khong ¢ diém chung.
Véi nhiing gia tri nao cia m thi duong thang A:4x+3y+m=0 tiép xdc voi duong tron
(C):x*+y*-9=0.
A. m=-3. B m=3vam=-3. C. m=3. D. m=15 va m=-15.
Lo giai

Duong tron (C) c6 tdm va ban kinh 13 | =(0;0) va ban kinh R =3.

. . m =15
Duong thang A ticp xc(C)<d(1,A) = R@m =3<

5 m=-15

Mot duang tron c6 tam 1(13) tiép xtc véi duong thang A:3x+4y =0. Héi ban kinh duong

tron bang bao nhiéu?
3

Ac B. 1. C. 3. D. 15.
Loi gisi
. 3.l+3.4|
Yéu cau bai toan< R=d(I|;A :|—=3.
(1:4) \3% + 47

Puong tron (x—a)” +(y—b)’ = R?cét duong thing x+y—a—b =0 theo mot day cung c6 do
dai bang bao nhiéu?

A. 2R. B. RV2. C.RTﬁ.
Loi giai

Vi duong tron c6 tam 1 (a;b), ban kinh R vatam 1(a;b) thuoc duong thang x+y—-a—b=0.

Nén d6 dai cua day cung bang d6 dai dudng kinh bang 2R .
Xéc dinh vi trf twong ddi gitra 2 duong tron (C,): x* +y*—4x=0va (C,):x* +y’+8y=0.
A. Tiép xdc trong. B. Khong cat nhau.  C. Cit nhau. D. Tiép xdc ngoai.
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Céu 13:

Cau 14:

Cau 15:

Céau 16:

AL

Loi gia
buong tron (C,):x*+y?—4x=0 co tdm 1,(2;0), bankinh R, =2.
buong tron (C,):x* +y* +8y =0 co tam 1,(0;—4), ban kinh R, =4.
TacéR, —R < I, = 24/5 <R, + R, nén hai duong tron cit nhau.

Puong tron (C) c6 tam 1(—13) va tiép xtc voi duong thang d :3x —4y +5=0 tai diém H co

toa do la
A. —1;—Z . B. EZ . C. 1;—Z . D. —1;Z .

5 5 —\55 5 5 55
Loi giai

Hai duong thang IH L.d = IH :4x+3y+c=0.

buong thang IH qua I (-1 3) nén 4(-1)+3.3+c=0<>c=-5 nén IH :4x+3y-5=0.

1
4x+3y_5=0 =
Giaihe: 4 T2 =1 Sop(t ),
3X—4y+5=0 7 5'5
=%

Xéc dinh vi trf twong ddi gira 2 dudng tron (C,): x> +y* =4 va (C,):(x —3)2 +(y —4)2 =25.
A. Khong cat nhau. B. Cit nhau. C. Tiép xic ngoai.  D. Tiép xdc trong.
Loi giai
Tam 1,(0;0), 1,(3;4), ban kinh R, =2, R, =5 nén R,~R =3<1,l,=5<R, +R =7
Vay hai duong tron trén cat nhau.

Cho duong tron (C): x* + y? +2x—6y +5=0. Phuong trinh tiép tuyén cta (C) song song véi
duong thang D:x+2y-15=0 la

A x+2y=0va x+2y-10=0. B. x—2y=0va x+2y+10=0.
C. x+2y-1=0va x+2y-3=0. D. x—-2y-1=0va x-2y-3=0.
Loi giai

Puong tron (C) c6 tm 1 (=1 3)vabankinh R=v1+9-5=+/5,d:x+2y-m=0.

Puong thang d 1 tiép tuyén cia (C) khi va chi khi:

|-1+6—m| m-5=-5 [m=0=d:x+2y=0
I :R _— —_ =
d(l.d)=Re Vi+4 VB |m-5=5 < m-5-5 m=10=d:x+2y-10=0

Cho duong tron (C):x? +y® —2x+8y—23=9 va diém M (8;-3). Do dai doan tiép tuyén cua
(C) xuat phattr M la:

A. 10. B. 2410 . c.@. D. 10.

2
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Cau 17:

Cau 18:

AL

Loi gia
buong tron (C): x* + y* —2x+8y —23=9 co tdm 1(1,—4) bankinh R =40

Do dai tiép tuyén 13 VIM2 —R? =4/10.
Néu duong tron (C):(x—-1)" +(y—3)" = R? tiép xdc véi duong thing d :5x +12y —60=0 thi
giatricua R la:
A. R=22. E.R:%. C.R=+5. D. R=+2.
Loi giai
Puong tron (C):(x—1)° +(y—3)" =R?c6 tam 1(1;3)ban kinh R.
Puong thang d :5x +12y —60 =0 tiép xtc véi dudng tron (C) khi va chi khi:

5.1+12.3-60] 19
d=d(l,d)= =—
(1) V5 +12° 13

Cho dudng tron (T): X% +y?+2x—-4y—-20=0 va diém A(5-6). Goi B, C lan luot la cac

tiép diém ciia céc tiép tuyén ké tr diém A dén duong tron (T). Viét phuong trinh duong tron

noi tiép tam giac ABC .

A. (x—2)2+(y+2)2=§. B. (x—2)2+(y—2)2=%
C. (x+2)2+(y+2)2:%. D. (x+2)2+(y—2)2:§

Loi giai
Ta thdy diém A nam ngoai dudng tron (T) néntir A ludn ké dugc 2 tiép tuyén AB va AC dén

duong tron (T) (véi B, C lan lugt 1a céc tiép diém).

Puong tron (T) ¢ tm 1(~L2), ban kinh R=5 va c6 Al =(~1=5)’ +(2+6) =10,

B 1

Xét ABAI vudng tai B c6: cos AIB = Al = > = AIB =60° = BAIl =30°= BAC =60°

Tir d6 ta c6 tam giac AABC la tam giac déu va goi H 1a giao diém ctia BC va Al

IB?
Trong aBAIl vudng tai B va BH 1a dudng cao nén IH.IA=1B* = IH :K:g

1 — 1
S IH==IA= IH ==1A (*).
uy ra 2 = 2 ()
x—l 1
Goi H(Xo;yo),tfr (*) suy ra O_ZDH(E;OJ.
y0:0
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Cau 19:

Cau 20:

AL

Do AABC déu nén tam duong tron ndi tiép AABC 1a trong tdm G ciia tam giac do.

Khi d6 ta co E:%ﬁ:e(z;—z).

Vay dudng tron ndi tiép AABC c6 tim G (2; —2) va ban kinh r =GH = g nén c6 phuong trinh:
(x—2) +(y+2)f =2

4
Cho dudng tron (C):(x—1)"+(y+3)° =10 va duong thing A:x+y+1=0 biét duong thing
A cit (C) tai hai diém phan biét A, B. D9 dai doan thang AB béng

Al B. +/38. c.@. D.@.
2 2 2
Loi giai

Puong tron (C) c6 tam 1 (L-3) va ban kinh R=1A=+10.

B |1—3+1| 1

RN N

Goi H 1a trung diém day cung AB . Khi d6 ta c6: IH = d(m

1 /38

Tam giac AIH vuong tai H nén AH = 10—5 -

D dai doan thing AB =2AH =+/38.

Mot canh cay dai 4 m, r€ nhanh tai diém cao 7 m trén than cay moc théng dimg so voi mat dat.
Canh ciy nay c6 nguy co gy tai guc A (gia sir khi giy s& roi theo mét cung tron) tai diém ré
nhanh tai than cdy trong mila mua bio. Hoi cic cong trinh xay theo phuong thang dimg cao 3,7m
nam theo hudng giy cila canh cay, phai cach than cdy it nhat bao nhiéu dé dugc an toan?

A\ ¢

A. 4m. D. 2,26 m.

Ta mo hinh hoda bai toan nhu hinh vé:
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Yy
BI
B A
H
L
K C

Vi gde cdy 1a diém C, diém r& nhanh cta canh cay tai A va diém cudi cing cua canh cay 1a B
Cong trinh x4y dung co cac diém gan than ciy nhéat 1a HK

Theo gia thiét thi AC=7,AB=AB' =4m;HK =3,7m.

Ta dat hé truc gan véi bai toan nhu hinh vé

Khi d6 ta c6: A=(0;7), B'=(-4;7), C=0=(0;0); diém K =(x3,7), H=(x0).

Cach 1:

Cung tron tao ra boi diém B khi canh cay giy guc thudc duong tron tim A va ban kinh 1a 4,

dudng tron c6 phuong trinh: X* +(y - 7)2 =4% (C).
biém K =(x;3,7), thujc duong thang d: y=3,7.

Toa do céc diém giao diém ctia dudng tron (C) va duong thang d 1a nghiém cua hé

511 ++511
X(y-7) =4 |X¥="2 = ~+
{ +(y ) = 100 & X 10 —2’26_
y=371 y=37  |y=37

Vay ta c6 cac giao diém 1a M —“511;3,7 N[ — >11 3,7 |.

10 10
Ta thdy cong trinh s& bi canh cy va phai néu duong tron va doan MN ¢6 diém chung.
Viy cong trinh phai cach than ciy it nhat 2,26 m theo phuong gy cua canh cay.

Cich 2: Cong trinh s& khong bi ton hai néu xay ra AK > 4

< AK? >16<Z>X2+(7—3,7)2 >16<:>x2>%<:>|x|>%

Hay ta c6 két qua xép xi |X|>2,26.

Viy cong trinh phai cach than ciy it nhat 2,26 m theo phuwong gy cua canh cay.
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PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

Caul: Cho (C):(x—1)"+y?=10; vadiém A(4;1). Xét tinh ding sai cua cac khang dinh sau:
a) Piém Ae (C) .
b) Duong kinh ctia dudng tron (C) bang J10.

¢) Phuong trinh tiép tuyén ctia duong tron (C) tai diém A(4;1) c6 vecto phap tuyén la i =(3;1)

d) Phuong trinh tiép tuyén ctia dudng tron (C) tai diém A(4;1) di qua diém N (4;3).
Loi giai
a) bung: Thay x =4,y =1 vao phuong trinh duong tron (C) ta c6: (4 —1)2 +1° =10.
Dodo Ae(C).
b) Sai: Ban kinh cta (C) bang J10 . Do d6 duong kinh cta (C) 1a 2410 .
c) Dung: Phuong trinh tiép tuyén di qua diem A(L4) c6 n=1A= (3:1).
d) Sai: Phuong trinh tiép tuyén di qua diém A(L4) c6 n=1A= (3;1) nén c6 phuong trinh 1a
3x+y-13=0.
Thay X =4,y =3 vao phuong trinh tiép tuyén ta c6: 3.4+3-13=2%0.
Do d6 N khong thudc tiép tuyén.
Cau2: Cho duong tron (C) c6 tim |(-12) va tiép xtic véi duong thang A:x—2y+7=0. Xét tinh

dlng sai cua cac khang dinh sau:

3
a) d(1,A)=—
) 8(1.0)-—
b) Puong kinh ctia dwdng tron c6 do dai bang 4
5
¢) Phuong trinh dudng tron 1a (x+1)° +(y -2)° = %
d) biém O(0;0) ndm bén trong duong tron (C)
Loi giai
) ~1-4+7] 2
a) Sai: (C) cotam | vatiép xuc A nén co bankinh R=d(I,A :|—:—.
) Sai: (C) P =" =%
2 .4
b) bung: Tr R=d(1,A)=—= = duong kinh ctia duong tron c6 do dai bang — .
g (1.4) NG g g NG

c) bung: Véy phuong trinh duong tron (C) la: (x +1)2 +(y- 2)2 = g :

d) Sai: Xét [O] =J(-1)" +(2)" =5 > R= %

Do d6 diém O(O; O) nam bén ngoai dudng tron (C)
Cau3: Duong tron (C) di qua A(2;—1) va tiép xtc véi hai truc toa do Ox va Oy . Xét tinh ding sai
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a) Tam cua (C) c6 dang | (R;—R) , R 1a ban kinh duong tron (C)
b) R?=(R-2)" +(R-1)’
¢) C6 2 duong tron thoa man
d) Tong ban kinh cac duong tron théa mén bang 5
Loi giai
a) bung: Vi diém A(2; —1) ndm & goc phan tu thir tu cua hé truc toa do va dudng tron tiép xtc
v61 hai truc toa do
Nén tam cuia duong tron ¢ dang 1(R;—R) trong d6 R 1a ban kinh dudng tron (C).
R=1

b) Pung: Ta c6: R? = IA> & R* =(2-R)" +(-1+R)" = R? —6R+5:0<:{R .
¢) Pung: Vay c6 hai dudng tron thoa man dé bai la: (X —1)2 + ( y+ l)2 =1;
(x—5)2 +(y+5)2 =25.

=1l=d, =2
K : =d, +d, =12
R,=5=4d,=10
Cau4: Duongtron (C) di quahai diém A(2;3),B(-11) c6 tm thuoc A:x —3y —11=0. Xét tinh ding

d) Sai: Ta co: {

sai cua cac khang dinh sau:

a) Tam cua duong tron (C) la | (7;—%)

b) Puong kinh cua duong tron (C) bang 65
¢) Piém O(0;0) ndm bén trong dudng tron (C)
d) Dudng tron (C) di qua diém N (0;2)
Loi giai
a) Sai: Goi tam duong tron 1a | (3t +12L't) eEA.
Tacod: IA=IB < IA* = IB?
& (3t+11-2) +(t-3)" = (3t +11+1)" + (t-1)" = 22t =55t = —g.

7 5
Suyra || —;— |;
g [2 2)

2 2
b) Sai: Ta ¢6 ban kinh duong tron R = 1A = \/(2 - 9 + (3+ g) 65 _+130

Vay dudng kinh ciia duong tron (C) bang 2.—— =+/130

2 2
c) bung: Xét \ﬁ\ = (%j +(_§j - V74 <R= V130 .

2 2 2
Do d6 diém O(0;0) ndm bén trong duong tron (C)
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2 2
d) Ding: Thay diém N(0;2) vao (C):(X—%j +[y+_] -

2 2
SEO—ZJ +(2+§j :§:R2
2 2 2

N e A g (7Y 5\ 65
Do d6 N(0;2) nam trén duong tron (C): X_E + y+E -

Cau5: Duong tron (C) di qua hai diém A(1;2),B(3;4) va tiép xtic A:3x+y—3=0.Xét tinh ding sai
ctia cac khang dinh sau:
a) 1B=d(1,A)

b) Tong dudng kinh cua cac duong tron (C) bang: 210
¢) Co hai duong tron (C) thoa man
d) Piém N (1,0) ndm trén it nhat mot dudng tron (C)
Loi giai
a) bung: Buong tron (C) di qua hai diém A(l;2), B(3;4) = IlA=IB=R
Dudng tron (C) tiép xtic A:3x+y-3=0 =d(I,A)=R
Vay IB=d(1,A)

, R . 1 . . |3a+b-3|
b) Bung: Goi tdm duong tron la 1 (a;b), tacd: d(1,A)=———.
) g: UC g ( ) ( ) m
C[IA?=1B?
Theo gia thiét
1A2 = (d(1,4))
2 2 _(n_ 22 LY
@-)"+Mb-2)°"=(@-3) +(b2 4) a+b=5 (1)
= _ =
(a—1) + (b—2)2 = F3+0=3)" a’-2a+9b’~34b+41-6ab=0 (2)
10

Thay (1) vao (2):(5—b)" —2(5-b)+9b? ~34b+41-6(5-b)b=0

b=1 —a=4=R =410
4b®> -18b+14=0 :
= + =V 7 3 \/E

b=L —a="=R,="—
2 2 2

j:(y_ajz :g va (x-4)" +(y-1)" =10

- =
A s o a 7
Vay c6 hai duong tron thoéa man: [X P

R=v10 4 50
{1 r:d1+d2:3\/170

¢) Sai: Taco =
R, - Y107 |4, - i

2

2 2
d) Dung: Thay diém N(10) vao duong tron (X - gj +(y -~ g} _3

2 2
:>[1—Zj + O—§] :£¢§
2 2 2 2
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2 2
Do d6 N(L0) khong ndm trén dudng tron (X - g] + (y - gj = g

Thay diém N (10) vao duong tron (x—4)" +(y-1)° =10 = (1-4)° +(0-1)" =10=R?

Do d6 N(L0) nim trén duong tron (x—4) +(y-1)° =10

Vay diém N (1; O) nam trén it nhit mot duong tron (C)

Cau6: Cho dudng tron (C) c6 phuong trinh X* +y® —6x+2y+6=0 va hai diém A(L-1),B(L3).

Xét tinh dung sai cta cac khang dinh sau:

a) biém A thudc duong tron

b) biém B nam trong dudng tron

¢) x =1 phuong trinh tiép tuyén cia (C) tai diém A

d) Qua B ké dugc hai tiép tuyén véi (C) c6 phuong trinh 1a: x=1; 3x+4y-12=0
Loi giai

a) Ding: Duong tron (C) c6 tam | (3; —1) ban kinh R=+/9+1—6 =2.

Taco: IA=2=R

= A thudc duong tron

b) Sai: IB = 25 >R = diém B nim ngoai dudng tron.

¢) bing: Tiép tuyén cua (C) tai diém A nhan Al = (2;0) lam vecto phap tuyén nén cé

phuong trinh 1a 2(X —1) + O(y +1) =0 x=1.

d) Sai: Phuong trinh dudng thang A di qua B ¢6 dang: a(x—1)+b(y—3)=0 (véi

a’+b*>#0 )hay ax+by—a—-3b=0.

Puong thang A 1a tiép tuyén cta dudng tron < d (1,A)=R

<:>|3a_b_a_3b|=2c>(a—2b)2:a2+b2<:>3b2—4ab=0<:> b=0 .
*/3.2+b2 3b=4a

» V&i b=0, chon a=1; phuong trinh tiép tuyén la x =1.
» Vi 3b =4a, chon a=3= b =4; phuong trinh tiép tuyén 1a 3x+4y-15=0.

Vay qua B ké dugc hai tiép tuyén véi (C) c6 phuong trinh 1a: x=1; 3x+4y-15=0.

Cau7: Duong tron (C) di qua ba diém A(Z;O), B(O; —3),C(5;—3). Xét tinh dung sai ciia cac khang
dinh sau:
a) Puong kinh ciia duong tron (C) bang /26

b) Hoanh d¢ cua tdm dudng tron (C) bang —g

c) Puong tron (C) di qua diém N(3;0)

d) Goi | la tdm cda duong tron (C) khi d6 d6 dai doan 10 = 5x/§
Loi giai

Goi tam duong tron 1a | (a; b) )

Al? = BI?

Al* =CI?
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<:>{(a— ) +b?=a? +(b+3 4a+6b=-5 a:E

=
(a-2)"+b*=(a-5)"+(b+3)° (6a-6b= 30 ho 2

2
5
Bén kinh duong tron 1a R = \/( j E] :\/7
a) bung: Taco R= \/7 d= 2\/7 J26 .

b) Sai: Ta c6 tam | (E —EJ = hoanh d6 cuia tim bang g

2 2
c) Dling: Xét ‘m‘ :\/(2_3] J{_Ej _ J26 R

2
Do d6 duong tron (C) di qua diém N (3; 0)

d) Sai: Xét ‘6‘ = (—gjz +(§jz :ﬂ.

2 2
Cau8: Duong tron (C) di qua diém A(-2;6) va tiép xtc véi duong thang A:3x—4y-15=0 tai

B (1; —3). Xét tinh dung sai cta cac khang dinh sau:
a) Pudng kinh cua duong tron (C) bang 10
b) Tam cua duong tron (C) c6 tung d6 bang —2
c¢) Khoang céch tir tdim ctia dudng tron (C) dén duong thang A bang 4
d) Diém O(O;O) nam bén trong dudng tron (C)

Loi giai
Goi tam duong tron | (a;b).
Ta c6 vecto chi phuong cia A 1a UG, =(4;3) va IB= (1-a-3-b).
Theo gia thiét: 1B LG, = 1B, =0=4a+3b+5=0 (1).
Talaico IA=IB < IA* = IB?
o (-2-a)’ +(6-b)’ =(1-a)’ +(-3-b) = a-3b+5=0 (2)
4a+3b=-5 {a:—Z

Gidi hé (1) va (2): {a b5 — Ip=1

Suyra R=IA=/(-2+2)*+(6—1)? =5.
a) Bing: Tr R = IA=5= Duong kinh cua dudng tron (C) bang 10.
b) Sai: Ta ¢6 tam 1(-2;1)= tung d¢ cua tim bang 1.
3.(-2)-4.1-15

3+ (-4) .

d) Bing: Xét [OI] =(-2) +(1)° =5 <R=5.
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Do d¢ diém O(0;0) ndm bén trong dudng tron (C)
Cau9: Trong mit phing Oxy, cho hai diém 1(-2;3) va diém M(2;5) va hai duong thing
x=t
y=-t
a) Puong tron tim | vadiqua M c6 ban kinh R =25 .

d:12x-5y+13=0 va A: { . Xét tinh dung sai cua cac khang dinh sau:

b) Puong tron tam | va di qua M c6 phuong trinh (x +2)” +(y -3)" =10.
c) Puong tron tam | va tiép xtic dudng thang d 6 phuong trinh (X + 2)2 +(y- 3)2 =4,

d) Phuong trinh duong tron c¢6 tam thudc duong thing A { ‘ va di qua hai diém | va M

la: (x+4)" +(y—4) =85.

Loi gidi
a) Bing: Puong tron tim | (—2;3) va di qua M (2;5) ¢ ban kinh
R=IM = /(2+2)" +(5-3) =245.
b) Sai: Pudng tron tim 1(-2;3) va di qua M (2;5) c6 ban kinh
R=IM = (2+2)" +(5-3) =25.

Suy ra phuong trinh duong tron can tim: (X + 2)2 + ( y— 3)2 =20.

c¢) bung: Puong tron tdm | (—2;3) va tiép xtc duong thang d :12x —5y +13=0 co ban kinh
12.(-2)-5.3+13
de(l,d):‘ (2)-53+13
J122 +(-5)’

Phuong trinh duong tron can tim: (X + 2)2 +(y- 3)2 =4

d) Sai: Goi K 1a tam cua duong tron, tacé K e A va KI =KM =R.

x=t
KeA:{ = K(t;—t).
y=-t

KI=KM & KI?=KM? & (-2-t)" +(3+1)" =(2-t)" +(5+1)" = 4t+16 =0 t=4.
Suy ra duong tron c6 tim K (4;—4) va ban kinh R=KM = /85 ¢ phuong trinh 1a:
(x—4)2 +(y+4)2 =85.

PHAN lIl. Cau trac nghiém tra I&i ngan

Cau 1: Trong mit phing toa do Oxy, cho diém M (2;1) va dudng tron (C):(X—l)2 +(y—2)2 =4
Phuong trinh duong thang (d) qua diém M va cét (C) tai hai diém phan biét A;B sao cho do
dai AB ngin nhat c6 dang (d):ax+by+c=0 Tinh a+b+c.

Loi giai

Duong tron (C) c6 tam | (1;2) ,ban kinh R=2 va IM = V2 <R=2 nén diém M nim trong

duong tron.
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Gia st goi H 1a trung diém cta AB khi d6 AB = 2HB = 2+/IB2 — IH? = 244 — IH?
Vi IH <IM =42 nén AB=2V4—IH? 2 24— IM? =242

Do d6 AB ngan nhat khi IH = IM

Luc d6 duong thang d qua M (2;1) va nhan IM = (1; —1) 1am vecto phéap tuyén
Phuong trinh duong thang (d) 1a: 1(x—2)-1(y-1)=0<(d):x—y-1=0
Khidé a=1b=-1Lc=-1nén a+b+c=-1.

Cau2: Mot chiée cau duogc thiét ké dudi dang 1 cung tron (Hinh vé)
M

K
A B

Biét 46 dai AB =60m), chiéu cao MK =3m. Tinh ban kinh ctia duong tron chira cung AMB
( Biét MK di qua tim ctia duong tron chita cung AMB)

Loi giai
Chon hé tryc toa dd Kxy nhu hinh v& = A(-30;0) ,B(30;0),M (0;3).

v
M(0;3)

€T
A(—30;0) K(0;0) B(30;0)
Duong tron chira cung AMB c6 phuong trinh dang: x* + y? + 2ax +2by +c¢ =0 di qua A/M,B.

900-60a+c=0 a=0
Nén ta ¢6 h¢ phuong trinh: <900 +60a+c=0< <c=-900

9+6b+c=0 b—g
2

2
Ban kinh dudng tron chira cung AMB = R=+/a’ +b° —¢ = \/02 + (2—27j +900 =151,5m.

Vay R=151,5m.

Cau3: Gia sur co chiéc nhan duong kinh 20mm. Ngudi thg mudn sira thanh chiéc nhan vira véi ngén
tay duong kinh 16 mmthi ngudi tho tinh d6 dai day cung CD dé cat chiéc nhan & hai diém C
va D rdi han lai (hinh v&). Tinh d6 dai CD.
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)
N

B

Loi giai
Duong tron (C) biéu dién cho chiéc nhin duong kinh 20mm . Pudng tron (C’) biéu dién cho

ngon tay duong kinh 16 mm.
Ta chon hé truc toa d6 c¢6 gbc toa dd O 1a tAm cua dudng tron (C) , don vi trén cac truc la 1mm
Puong tron (C) c6 tim O(0;0), ban kinh R =10 nén phuong trinh 1a x* + y* =100.
Taco IA=16=1B=20-16=4=0I1 =6.
Piém D(d;~6) (d >0) thuoc (C) nén co: (-6)° +d?=100=>d =8.
Vay CD =2d =16 mm.
Cau4: Co hai hon dao xem nhu hinh tron la (C) cotam ¢ vi tri | (3;4) ,ban kinh R=7km va (C') co

tam & vi tri J(15;9), ban kinh R'=5km. Ngudi ta du dinh xdy mot cdy cau ndi hai hon dao.

Tinh d¢ dai ngan nhét ciia cdy cau?
Loi giai

Ta c6 khoang cach giira tdm cua hai dao la: 1J = \/(15 —3)°+(9-4)° = 13(km) .
Cay cau co chiéu dai ngin nhat khi diém dit cia n6 nam trén giao diém ciia duong ndi tam cua
hai d4o v6i hai dudng tron. Khi d6 khoang cach ngan nhat bang:
AB=1J-R- R':l3—7—5:1(km).

Cau 5: La mot trong bay ki quan thé gidi, ngon hai ding Alexandria stng siing nghin nim chiéu anh
sang dan duong cho nhiéu con tau cap bén Ai Cap an toan. Ngon hai dang nay ¢ toa do (3;4),
mot trong cac diém duoc n6 chiéu sang xa nhét c6 toa do (23; 4) . Tim béan kinh duong tron biéu

dién tap hop cac diém xa nhat ma anh sang tir ngon hai dang chiéu toi.
Loi gidi
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V J/ /L 4

Duong tron biéu dién tap hop cac diém xa nhat ma 4nh sang tir ngon hai ding chiéu téi ¢ tim

toa do (3;4) di qua diém (23;4) c6 bin kinh: R=/(23-3)° +(4-4)" =20.

Vay phuong trinh dudng tron can tim la: (x— 3)2 +(y- 4)2 =400.

Cau 6: Bén trong mot hd boi, ngudi ta du dinh thiét ké hai bé suc nira hinh tron ban kinh bang nhau va
mot bé syuc hinh tron (tham khao hinh v&) dé nguoi boi c6 thé twa lung vao thanh cac bé suc thu
gian.

Biét tong chu vi ciia ba bé 1a 32m. Tong dién tich ba bé suc 12 nho nhét khi ban kinh mdi bé suc
lan luot bang a(m) va b (m) (trong tinh toan 1dy 7 = 3,14, d¢ dai tinh theo mét va lam tron toi
chir s6 thap phan thtr hai). Tinh a+b.

Loi giai

Goi ban kinh m&i bé suc hinh tron va nira hinh tron tuong tmg 1a X, y (m) (X, y > O)

Tong chu vi ba bé 1a 32m, ta co:

2314 x+2314y+4y=32 < y= % —1,57%+2,57y—~8=0.

Goi tong dién tich ciia ba bé suc 1a S(m?), S >0

Khi d6 3,14x°+3,14y*=S <X +y = ——
3,14
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8157 ey L (157°x ~16.1,57x+ 64)

2,57

2,57
1,57 ) , 16.1,57 64
=1+ X" = X+ >
2,57 2,57 2,57

2
1;3;7527 ;H“ L 5772 ﬂ =1,38 > 0(théa man)=> y = 2,27 .

Tacod 3,14S = x> +y° :x2+(

S, khi va chi khi x =

Vay tong dién tich bé suc 13 nhé nhit khi ban kinh ctia bé hinh tron va bé nira hinh tron twong
ung la a=1,38m; b=2,27m.

Khi d6 a+b=1,38+2,27 = 3,65 (m).

Cau7: Trén mit phang toa do Oxy, mot vat chuyén dong nhanh trén duong tron c6 phuong trinh
x* +y? =25. Khitéivitri M (3;4) thi vat bj vang khoi quy dao tron va ngay sau do, mot khoang

thoi gian ngin bay theo hudng tiép tuyén ctia dudng tron (tham khao hinh v&).

Ay
b

N

N

Y=

Hoi trong khoang thoi gian ngin ngay sau khi ving, vat chuyén dong trén duong thiang c6 phuong
trinh ax+ 4y +c¢=0. Tinh gia trj biéu thirc a+c.

Loi giai
Xét dudng tron (C):x* +y® =25 c6 tam O(0;0) va ban kinh R =5.
Tiép tuyén d ciia duong tron (C) tai diém M (3;4) co vecto phap tuyén 13 OM =(3;4) va
phuong trinh d :3(x—3)+4(y—-4)=0<d:3x+4y—-25=0.
Khid6 a=3;,c=-25 nén a+c=-23.

Cau8: Chuyén dong ciia mot vét thé trong khoang thoi gian 180 phut dugc thé hién trong mit phang toa
d9. Theo d0, tai thoi diém t(0 <t <180)vat thé & vi tri c6 toa do (3+sint%;5+ cost®). Két thic
qua trinh chuyén dong thi vat bi ving khoi quy dao tron chuyén dong va ngay sau do, trong mot
khoang thoi gian ngan bay theo hudng tiép tuyén cua dudng tron quy dao. Trong khoang thoi
gian ngan ngay sau khi ving, vat chuyén dong trén duong thang y =a. Tim a?
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Loi gidi
Quy dao chuyén dong ctia vat thé trong khoang thoi gian t(0 <t <180) la duong tron (C) cd
phuong trinh (x— 3)2 +(y- 5)2 =1.

Két thuc chuyén dong, vat thé téi vi tri M (3; 4) . Sau d6, trong khoang thoi gian ngan vét chuyén

dong theo huéng tiép tuyén ciia dudng tron (C)tai diém M (3;4).
Tiép tuyén niy di qua diém M (3;4)va c6 VTPT n =(0;1) nén c6 phuong trinh la y —4=0.
Hay y=4 nén gidtricia a=4.

Cau9: O cac nudc xu lanh, vao mua DPong thudng c6 tuyét roi day dic khip cac con dudng, tré em tai
day rat thich dip hinh dang cta nguoi tuyét. C6 thé xem phan than dudi va than trén cta ngudi
tuyét 1a hai hinh cau tiép xiic nhau. Vio ba dém ta ding mot chiéc dén pin soi vudng goc véi
nguoi tuyét thi dugc hinh anh 13 hai hinh tron tiép xtc nhau nhu hinh v&. Tinh tong ban kinh
phuong trinh dudng tron 16n va dudng tron nho biét kich thudc cua hai vién tuyét can dap dé
dugc mot ngudi tuyét cao 1,8m c6 duong kinh cua han than dudi phai gap doi duong kinh cia
phan than trén ngudi tuyét (theo don vi cm).

VA

Loi giai
Ta c6: 1,8m=180cm. Goi r (cm) la ban kinh cua dudng tron nho (r > 0).

Puong kinh cua duong tron nhd 1a 2r (cm); Puong kinh cua duong tron 16n 1a: 2.2r = 4r (cm).
Ta c6: 2r +4r =6r =180 (vi (O) tiép xuc véi (0')) < r=30 (cm).

Phuong trinh duong tron (O) co tam O(O;O) va ban kinh R=2r =60: x*+ y* =3600.
Phuong trinh duong tron (O') c6 tam O'(0;90) va ban kinh r =30: (X - 90)2 +y*=900.
Vay tong ban kinh hai duong tron bang 90 cm.

Cau 10: Trong thé thao, mot van dong ném dia da vung dia theo mot duong tron (C) c6 phuong trinh 1a

169 . . 17
(X—l)2 +(y—1)2 =l Khi d6, nguoi d6 vung dia dén vi tri diém M [E, 2) thi budng dfa.
Phuong trinh tiép tuyén cta duong tron (C) tai diém M c6 dang(d):ax+by +c=0. Tinh gia
. ,a b c
tri clia — + — + ——
60 144 373
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Loi giai

Duong tron (C):(X—l)2 +(y—1)2 =% cotam |(L1).

. 17
biém M [E 2) thudc duong tron (C)
Y S SR . . 17 N ;o .
Phuong trinh ti€p tuyén cua dudng tron (C) tai diem M E; 2 | 1a duong thang diqua M va

— (5
nhan vecto IM = (E ;lj lam VTPT nén c6 phuong trinh 60x+144y—-373=0.

Cau 11: Cho hinh chit nhat ABCD c6 tdm 1(0;—4), phuong trinh canh AB la x-2y+2=0va
AB = 2AD. Biét rang dinh A c6 tung d6 dwong. Khi d6, phuong trinh dudng tron ngoai tiép tam
gidc IBC co timla (m;n) vabankinh r.Gidtri T =m+n+r 1a bao nhiéu? (két qua lay dén 1

chir s0 c6 nghia).

Loi giai
A M r-2+2=0p
1(0; -
D C

Goi M 14 trung diém ciia AB .
Dudng thang IM di qua 1(0;—4) va vudng goc v6i AB nén IM c6 phuong trinh la:
2X+y+4=0.

Do M =ABNIM nén toa do cua M la nghi¢ém ctuia hé phuong trinh sau:

{x—2y+2=0 {x:—Z
=

:>M(—2;0).
2X+Yy+4=0 y=0

Goi A(2t-2t)e AB, (t>0).

Do M la trung diém ciia ABnén B(-2-2t;—t)
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Cau 12:

AL

Do 1 13 trung diém ciia BD nén D(2t+2;t—8)
Theo bai ra ta c6: AB = 2AD < AB” =4AD? & (~4t)" +(-2t)" = 4 4° +(-8)' |
S22t =320t =16t=44
Két hop diéu kién ta dugc diém A(6;4). Khi d6: B(-10;—4);C(-6;—-12); D(10;—4).
Goi phuong trinh duong tron ngoai tiép tam giac IBC 1a:
X’ +y® +2ax+2by +¢c =0, (a’+b*—c>0).

Thay toa do cac diém |;B;C vao phuong trinh trén ta ¢6 hé phuong trinh sau:

—8b+c=-16 a=s

—-20a-8b+c=-116 < b:E (thoa man).

~12a-24b+c=-180 | _

Vay phuong trinh duong tron ngoai tiép tam giac IBC la: x* + y? +10x+13y +36 =0 véi tam
la (—5;—%} va ban kinh r :¥. Vay T=m+n+r=-59.

Thiét ké khu vuon Hanh Phuc hinh vuéng canh 10m nhu hinh v&. Phan duoc to dam ding dé
trong co, phan con lai 14t gach. Biét mi mét vudng trong co chi phil00 nghin dong, mdi mét
vuodng lat gach chi phi 300 nghin dong. Khi dién tich phan lat gach 13 nho nhét thi tong chi phi
thi cong vuon hoa Hanh Phiic bang (1am tron dén hang nghin)?

Co

Loi giai

Co

Goi X, y(m) lan lugt 1a ban kinh ciia phan lat gach hinh tron (X,y >0) tacé X+ Yy =5.
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Goi S (mz) la phan dién tich dugc 1at gach cua khu vuon (S > 0) ,tacod
S =100-257+ x> + y? =100+7r(x2 +y? —25) X +y? :M.
T

_ S+ 257100
Taco: (C):x+y?2 =227 100 o am 0(0;0), ban kinh R=,[>—="—=2 i duomg
T T

thang A:X+Yy—5=0. Khi d6 bai toan tr& thanh: Tim R nho nhat dé (C) va A c6 it nhit mot
diém chung, voi hoanh d6 va tung d6 déu 1a cac sé duong?

R Ay

\ L

Taco (C) va A c6 it nhét mot diém chung khi va chi khi

R>d(0,4) e 227100, 5 5 o5r 100> 27 o 52100~ 27
~ V2 2 2

Vay dién tich phan lat gach nho nhét bang S, =100— 2577[

Tur d6 chi phi dé thi cong khu vuon Hanh phuc 1a 100.(100-S,;,)+300.S,;, = 22146 nghin
ddng.

HET-

n GV. Phan Nhat Linh - @ SDT: 0817 098 716




Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

.
BAI @ BA PUONG CONIC

Pinh nghia: Cho hai diém c6 dinh va phan biét F,, F,. Dat F,F, =2¢ > 0. Cho sb thuc a 16n hon ¢. Téap
hop cac diém M sao cho MF, + MF, = 2a dugc goi la duong elip . Hai diém F., F, duoc goi 1a hai tiéu
diém va F.F, = 2c dugc goi la tiéu cu cua elip do.

Phwong trinh dwong Elip: Trong mat phéng toa do Oxy, elip c6 hai tiéu diém thudc truc hoanh sao cho

2 2
+ R 5 M A st A <A 4 N I3 1 X 7.e
O la trung di€ém cua doan thang n6i hai ti€u di€ém do thi c6 phuong trinh — + § =1,v6i a>b>0 (1)
a

Nguge lai, mdi phuong trinh c6 dang (1) déu 1a phuong trinh cita elip c6 hai tiéu diém F, (—\/sz : o) ,
F, (m ;o), tidu cu 2c = 2v/a? —b? va tdng céc khoang cach tir mdi diém thudc elip d6 t6i hai tiéu
diém bang 2a.
Phuong trinh (2) duoc goi la phuong trinh chinh téc ciia elip tuong tng.
Tinh chit: Cho elip co phuong trinh chinh tic :—z+ Z—j =1,véia>b>0.

e Truc dbi xtmg Ox, Oy

e Tam dbi xtmg O.

e Tiéudiém F(—c;0), F,(c;0).

e Toadj cac dinh A(-a;0), A(a;0), B,(0;—-b), B,(0;b).

e D0 dai truc 16n 2a. Do dai truc bé 2b.

e NOoi tiép trong hinh chit nhat co so c6 kich thudc 1a 2a va 2b.

n . C
e Tamsai e=—<1.
a

C 1 2 a . a
e Hai duong chudn X=— va Xx=——.
e (]
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Hypebol

Dinh nghia: Trén mat phéng, néu hai thiét bi dat tai cac vi tri F,, F, nhan dugc mat tin hiéu &m thanh cung
luc thi vi tri phat ra tin hi¢u cach déu hai diém F..F,, va do do no nam trén duong trung tryc cua doan
thang FF,.

Cho hai diém phan biét ¢ dinh F,, F,. Dat F,F, = 2c. Cho s6 thuc duong @ nho hon ¢ . Tap hop cac diém
M sao cho |MF, —MF,|=2a dugc goi la duong hypebol . Hai diém F,, F, duoc goi 1a hai tiéu diém va

F.F, =2c duoc goi 1a ti€u cu cua hypebol do.

Phuong trinh ctia Hypebol: Trong mit phang toa do Oxy , hypebol c¢6 hai tiéu diém thudc truc hoanh sao
2 2

cho O 14 trung diém ciia doan thang noi hai tiéu diém d6 thi c6 phuong trinh — — # =1(2) voi a,b>0
a

Nguoc lai, mdi phuong trinh c6 dang (2) déu 1a phuong trinh cia hypebol c6 hai tiéu diém
Fl(—\/a2 +b’ ;0) , F, (\/ a’ +b2;0), tidu cy 2x =2va?+b? va gia tri tuyét dbi cta hidu cac khoang cach
tir mdi diém thudc hypebol dén hai tiéu diém bang 2a.

Phuong trinh (2) duoc goi 1a phuong trinh chinh tic cta hypebol twong tng.

Parabol

A
Pinh nghia: Cho mot diém F c¢b dinh va mot dudng thang A c¢b dinh khong di qua F . Tap hop cac diém
M cach déu F va A duoc goi 1a duong parabol . Piém F duoc goi la tidu diém, A dugc goi 1a dudng

chuan, khoang cach tr F dén A duoc goi 1a tham sb tiéu cua parabol do.
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Xét (P) 12 mot parabol véi tiéu diém F , duong chuan A. Goi H 14 hinh chiéu vuéng goc cua F trén

duong thang A. Khi do, trong hé truc toa d6 Oxy véi gbc O 1a trung diém ciia HF , tia OX tring vdi tia
OF thi parabol (P) c6 phuong trinh: y* =2px (3)

Phuong trinh (3) duge goi la phuong trinh chinh tic cia parabol (P).

Nguoc lai, mdi phuong trinh dang (3) , v6i p>0, 1a phuong trinh chinh tic cua parabol c6 tiéu diém

F(E;Oj va duong chudn A: X=—§.
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BN/  PHAN LOAI VA PHUONG PHAP GIAI TOAN

Phwong phap: Cho Elip c¢6 phuong trinh chinh tic: (E) :

Dang 1: Xac dinh cac yéu t6 cua Elip

2 2
X .
—2+y—2:1 véi b? =a® —c?.

QD
oy

Tiéu diém F,(—c;0), F,(c;0).

Toa d9 cac dinh A (—a;0), A,(a;0), B,(0;—-b), B,(0;b).
Do dai truc 1oén 2a.

Do dai truc bé 2b.

Tiéu cu 2C

BAI TAP TU LUAN

2 2
A \ A 1 as A 1n: s . Pn geR A . . X
Bai tap 1: Tim toa do cac dinh, do dai cac truc, ti€u cu, ti€u diém, tam sai cua elip: (E) Z + yT =1.

Loi giai
Tu phuong trinh cia C=x/ﬂ=\/§(E) tacb a=2,b=1suyra C=m=\/§.
Suy ra toa do céc dinh la Al(—Z;O); AZ(Z;O); Bl(O;—l); B, (0;1).
D¢ dai truc 16n AA, =4, do daitrucbé BB, =2.

Tiéu ew RF, =2¢ =243, tidu diém I F;(—/3;0); F,(¥/3,0).

Tam sai ciia ¢ =+/a>—b? =+/3 1a ezgzg.
a

Bai tap 2: Tim toa d¢ céac dinh, dd dai céc truc, ti€u cy, ti€u diém, tam sai cua elip: ( E) :4%% + 25y =100.

Loi giai
Ta co 4x* + 25y? :100<:>;(—;+y72:1 suyra a=5b=2 nén C:\/m:\/ﬁ.
Do d6 toa do cac dinh 1a A (-5;0); A,(5;0); B,(0;-2); B,(0;2).
D6 dai truc 16n AA, =10, d6 dai truc bé BB, = 4.

Tiéu cw RF, =2 =2v21, tiéu diém 1a F,(—/21;0); F,(v21,0).

Tam sai cua (E) la e:E=
a

|9
o
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Bai tap 3: Tim toa dd cac dinh, d¢ dai céc truc, ti€u cy, tiéu diém, tam sai cua elip: (E) TAX% + 9y2 =1.

Loi giai
2 2
Ta co 4x° +9y? =1<:>X—+y—=l suy ra a=1; b=l nén ¢ =+a’ —b? :ﬁ.
171 2’773 6
4 9
Do d6 toa do cac dinh 1a A{—&Oj; AZEE;OJ; Bl(O;—lj; B, (O; lj
2 2 3 3
A ns . A s , 2
D¢ dai truc 16n AA, =1, do dai truc bé BB, = 5
Tiéu cu FF, =2C=&,tiéu diém1a F, —ﬁ;o . F, ﬁ;o :
6 6 6
Tam sai cua (E) 1a ezgzﬁ.
a 3
Bai tap 4: Tim tam sai cua Elip biét:
a) Moi tiéu diém nhin truc nhé dudi mot gbc 60°.
b) Pinh trén truc nho nhin hai tiéu diém dudi mot gbc 60°.
¢) Khoang cach giita hai dinh trén hai truc bang hai lan tiéu cu
Loi giai
TRy , b C
a) Tur gia thict, ta c6: tan30°=— < b =c.tan30° suy ra: e = —
C a
, ¢C° c? c? 1 V3
oef=_=

2
= = =c05°30° < e=c0s30°=—
a® b?*+c® citan®30°+c? tan?30°+1 2

A b C
b) Tt gia thiét, ta co cot30°=— < b=c.cot30° suy ra: e=—
c a

c? c?

a? b?+c? cicot?30°+c? cot’30°+1

=sin?30° < e:sin30°:%

c) Tir gia thiét, ta co: A,B, = 4c

2
<:>\/a2+b2=4c<:>az+b2=16c2<:>02+b2+b2=16c2c>b2=15C ,
2 2 2
Suyra:e=E <:>ez=c—2= ZC = = S =£<:>e=@
a a~ b°+c” 15¢c e 17 2

2
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V

Bai tip 5: Cho (E):16x* +25y> =100 va diem M thugc (E) c6 hoanh d6 bang 2. Tinh tong khodng

cach tr M dén 2 tiéu diém cua (E)

Loi gidi
X2 y2 azz% a—§

Ta co: (E)@+@:1:> b2_100:> b_22
16 25 " 25 N

Theo dinh nghia Elip thi v6i moi diém M e (E) ta cé: MF, + MF, =2a=5.
Bai tip 6: Cho 9x* + 25y? = 225. Tinh dién tich hinh chir nhat co so ngoai tiép (E) la
Loi giai

X2 2

Phuong trinh chinh tdc cua (E): =+ Y 1

25 9

. a’?=25 a=>5

Ta co = .
b? b=3

Dién tich hinh chit nhat co s¢ ngoai tiép (E) 1a S =4ab =60.

AxE 4y

Bai tap 7: Trong hé truc toa do (Oxy), cho elip (E): o +T=1.Tinhd(} dai tiéu cu cua (E)
Loi gidi
2 2 2 2 2 2
Taco(E):Ari 4L:1<:>X_+y_: X Y
25 9 259 5\ (3Y
e a3 )
5
a=—
Do d6 ;:c:x/az—bz:2.V£1yd©de‘1itiéuculéF1F2:2c:4.
h=2
2

2 2
Bai tap 8: Trong mit phiang Oxy cho elip c6 phuong trinh (E) : % + YE =1. Duong thing A:x=—4 cit

elip (E) tai hai diém M, N . Tinh d6 dai doan thang MN ?
Loi giai

. 1 2
Thé x =—-4 vao phuong trinh elip (E) ta dugc: 2—6+y—:1:> y:ig.

5
= M[—4;—g , N(—4;g) do d6: MN =§.
5 5 5
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2 2

Bai tdp 9: Mot elip (E) c6 phuong trinh X—2+§ =1, trong d6 a>b>0.Biét (E) di qua diém A(z;ﬁ)
a

vd B(2/2;0). Tinh d¢ dai truc bé cita Elip
Loi giai

(22) o

+b_2:1 suy ra a=22.

a2

. (42
E diquaAZ;\/E nén ta co thg:lsuyra b=2.

(E) diqua B(Z\/E;O) nén ta co

2

Do do6 d6 dai truc bé 2b=4.
Bai tap 10: Cho (E) c6 hai tiéu diém F,(—4;0), F,(4;0) va diém M thudc (E). Biét chu vi tam gidc
MF,F, bang 18. Tinh tam sai cua (E).
Loi gidi

Tac FF, =8va c=4 nén C,.. = MF, +MF,+FF, =18= MF, + MF, =10=2a=a=5.

IR

Tam sai cua elip: e =

| O
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AL

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 4:

Cau 5:

Cap diém ndo 1a cac tidu diém ciia elip (E): %2 + y?z =1?

A. F, =(0;%1). B. F, =(10). C. F,=(30). D. F,=(L£2).
Loi giai

Taco: a° =5b°=4=c*=a’-b’ =1 =c=1 = F, =(+L0).

Cho Elip (E):4x* +9y? = 36. Ménh d¢ ndo sai trong cac ménh dé sau:

NG

A. (E) cétiségz?. B. (E) ¢6 truc 16n bang 6.
C. (E) ¢0 truc nhod bﬁng 4. D. (E) co tiéu cu \/g
Loi giai
2 2

(E):4x +9y? =36<:>X3+y7=1 suyra: a=3,b=2,c=+5

Tiéu cw ciia (E) 13 2c=24/5.

Trong céc phuong trinh sau, phuong trinh nao 13 phuong trinh chinh tic cua elip

2 2 2 2 2 2
A 4x2+8y2=32.  B. -+ -1, c. Xy Y- p X Y_g
171 64 16 8 4
5 2
Loi giai
X2 y2

Vi 4x2+8y?2=32 & —+—=1.
8 4
Trong cac phuong trinh sau, phuong trinh nio 1a phuong trinh chinh tic cua elip
A X -y =2, B. X’ +y®=2. C. X" +2y*=2. D. x* =2y?.
Loi giai

2 2
Vi X’ +2y*=2 X Y
2 1

2 2
Trong mit phang (Oxy) , cho elip (E) c6 phuong trinh % + :—6 =1. Tim tiéu cy cua (E) .

A. FF,=12 B. FF,=8 C. FF,=2\5 D. FF,=45
Loi giai

X’ y2 a=6 2 2 2

—t—=1= =c"=a‘"-b° =20=c=2v5 =FF, =45.

36 16 {b:4 V5 =FF =45
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o AL
Cau 6: Trong mit phang Oxy , tim tiéu cy cia elip (E):2—5+i/—6:1.
A. 3 B. 6 C. 4 D.5
Loi gidi
a’=25 .
Taco =" =25-16=9=c=3 nénti€ucu 2c=6.
b® =16
) 2 y2
Cau 7: Tim cac tiéu diém cua Elip §+T =1
A. F,(30); F,(0,-3). B. F;(/8:0); F,(0;-8
C. F(-30); F,(0;-3). D. F,(—V8;0); F,(+8:0).

Loi gii
XZ y2
(E): ?+T:1 c6a=3:b=1 =c=+a’-b’>=+8.

Vay (E) c6 cac tieu diém la: F,(—8;0); F,(~8;0).

2 2
Cau8: Elip (E): %+y3 =1 c6 d6 dai tryc 16n bang:
A. 25. B. 50. C. 10. D. 5.
Loi giai
2 2

Tur phuong trinh (E):)2(_5+y?:1 =a=5.

Do do (E) c6 d0 dai truc I6n 1la 2a=10.
X2 y2 , .
Cau9: Choelip(E): 5 + i 1. Ti s0 gifta tiéu cu va do dai truc 16n bang

NECS B Y5 .35 205
4 - 5 5 5
Loi giai
Ta co: a2:5:>a:x/§;b2=4:>b=2 = c=+a’-b*=1.

A .~ A < A \ e , N 2C 5
Vay ti sO gitra ti€u cy va do dai truc 16n bang 2— = % .
a

Cau 10: Phuong trinh chinh tic cia (E) c6 d¢ dai truc 16n gop 2 1an do dai truc nhd va di qua diém

A(2-2) 1a
2 2 2 2 2 2 2 2
A Y g B. Y 1 c. X Y g p. Y g
24" 16 36 9 16 4 =2 5

Loi giai
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AL
Goi phuong trinh elip 1a (E): X—Z E)/_ =1.
a
a’ —4b2 a —4b2 a2 = 20
Theo bai ra ta co: = .
= —+— :1 b2 =5
a’ 4b b

Vay phuong trinh elip 1a (E): ;(O y5 =1.

Cau 11: Phuong trinh chinh tic cua (E) nhan diém M (4;3) 1a mot dinh ctia hinh chi nhat co s6 1a

2 2

Xy

A, —+—=1. B. —+—=1. C. —+=—=1. D.X—+—:1
16 9 16 4 16 3 9 4
Loi giai
x* Y
Goi phuong trinh elip 1a (E) — F=l.
a

Vi M (4;3) la mot dinh cua hinh chit nhat cos6nén a=4, b=3.

2 2

Vay phuong trinh elip 1a (E): ;.(_6 +—=1.

Cau 12: Phuong trinh chinh tic ciia (E) c6 khoang céach giita cac dudong chuan bang % va tiéu cy bang

6 1a
2 2 2 2 2 2 2 2
A.X—+y—:1. B.X—+y—:l. _.X—+y—:l. D. X—+y—:1
64 25 89 64 25 16 16 7
Loi giai
XZ yZ
Goi phuong trinh elip 1a _+F:1'
a’
2
Lo LR fwes
Theobairataco < ¢ 3 < =b°=a"-c"=16.
c=3
2c=6
XZ y2
Vay phuong trinh elip la — +-—=1.
dy p g p 25 16
2 2

Céu 13: Trong mit phiang Oxy, cho duong elip (E): % + y? =1 c6 hai tiéu diém F,, F,. M 1a diém

thudc (E). Tinh MF, + MF,.
A.5 B. 6 C.3 D. 2

Loi giai
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=1(a’=b’+c*).Suyraa’=9=a=3.

X2 y2
Phuong trinh cia (E) co6 dang —+
a

b*

Do M thudc (E) nén MF, + MF, =2a =6.

Céu 14: Trong mit phang Oxy cho elip (E) :x* +3y® =6. Gia tri nao sau day 1a tiéu cy cia elip?

A. 2 B. 3 C.6 D. 4

Loi giai
X2 y2
Tac (E): -+~ =1 d6do a=+/6,b=+/2, c=2.Do dai tiéu cy la 2c =4.
X2 yz . i
Cau 15: Cho elip (E) : > + ry =1. Trong cac khang dinh sau, khing dinh nao sai?
A. (E) oo céc tiéu diém F,(—4;0) va F,(4;0). B. (E) coti s 3:%.
a

C. (E) co dinh Al(—5;0). D. (E) c6 do dai truc nho béng 3.

Loi giai

2 2
Phuong trinh elip (E):%+y3=l néntacod: a=5b=3=c=4.

2 2

Ciu 16: Trong mit phiang Oxy cho (E) c6 phuong trinh: % + y? =1 khang dinh nao sau diy dung?

A. (E) c6 tam sai e:?S.

B. F,(0;—V5),F,(0:45) 1a céc tiéu diém ciia (E).

C. Do daitruc 16n 12 9.

D. Céc dinh nim trén truc 1én 1a A (0;3) va A, (0;-3).
Loi giai

a’=9 a=3
Ta co: = méczzaz—b2:9—4:5:C:x/§
b? b=2

2
. X . .2 .
Cau 17: Cho Elip c6 phuong trinh " +y? =1. Mot tiéu diém cua Elip co toa do la:

A. A(J30). B. B(0;3). C. C(+5,0). D. D(0:5).
Loi gidi

Ta c6:¢* =a” —b® =4-1=3 nén tiéu diém ciia Elip ¢6 toa d 1a: F;(—/3;0), F,(V/3;0).

2
. . . . X
Cau 18: Dién tich cia tir gidc tao nén boi cac dinh cua elip (E): " +y'=11a

A. 8. B. 4. C. 2. D. 6.

Loi giai
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2 AL
Toa d6 cac dinh cua elip (E) : XZ +y*=11a Ai(—Z;O), A (2;0); Bl(O; —1), B, (0;1) )

Vi tr giac A B A,B, 1a hinh thoi c6 hai duong chéo AA, =4 va BB, =2.

. o 1
Vay dién tich tir gidc can tim1a S = > AA,BB,=4.

2 2

Cau 19: Trong h¢ toa do (Oxy), cho elip (E): ;(—5 + i’—ﬁ —1. Bén kinh qua tiéu cta (E) dat gia tri nho
nhat bang
A0 B.1 C. g D. 2
Li gidi

a=>5 , C :
= c=+a’-b’ =3. Ban kinh qua tiéu 1a MF, =a+—X véi
a

Tt phuong trinh elip ta co {

—a<x<a.Suyraa-c<MF=a+c hay (MF) =a-c=5-3=2.

min

2 2
J . X . 2 . .
Cau 20: Trong mat phiang Oxy, cho elip c6 phuong trinh > + ry =1. Diém nao dudi day 1a mdt tiéu

diém cua elip?

A. F,(16;0). B. F,(~4:0). C. F,(0;-4). D. F,(5:0).
Loi gii
2 y2
Phuong trinh elip (E) c6 dang _2+F =1(a>b>0).
a

Theobairatacod a> =25, b*=9=c*=a’-b*=16=c=4 .

Vay elip c6 hai tiéu diém 1a F,(~c;0),F,(c;0) hay F,(~4;0), F,(4:0).

2 2
Cau 21: Trong mit phang Oxy, cho elip ¢6 phwong trinh % + i/—6 =1. b6 dai truc nho cua duong elip

bang

A. 7. B. 4. C.5. D. 8.

Loi giai
2 2 2 2
Taco —+3-=le =+ L =1=a=7,b=4,
49 16 7 4

Vay d¢ dai tryc nho cua duong elip 1a: 2b=2.4= 8..

2 2
Céu 22: Trong mit phang Oxy, cho elip ¢6 phuong trinh ;—5 + % =1. Tiéu cu cua elip bang
A 2. B. 10. C. 2J21. D. 4.
Loi gidi
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AL

2 2

Phuong trinh elip (E) c6 dang —2+y—:1 (a>b>0).
a

b2

a’=25
Theo bai ra ta co: { , ma c=+a?—b?=.25-21=+/4=2.

b® =21

Vay ti€u cu cua elip da cho 1a 2c =4.

2 2
Céu 23: Trong mit phing toa dd Oxy, elip (E): )2(—5 + VE =1 c6 tam sai bang bao nhiéu?
AL B.>. c.2. D.>.
5 4 3 5
Loi giai
i 2 yZ
Phuong trinh chinh tac cta elip ¢6 dang (E): =+ =1 (a>b>0)
=<b*=9 < {b =3 nén tim sai cua elip e:E:ﬂ.
2 2 2 a 5 .
c’=a’-b c=4
XZ y2 .
Cau 24: Trong hé tryc toa d Oxy, elip (E) : 16 +— =1 cé tiéu cy bang
A3, B.6. c. 2. D. 2.
16 7
Loi giai
i X2 y2
Phuong trinh chinh tac cta elip c6 dang (E): o + P 1 (a>b>0).

a’=16 a=4
= b2 =7 < {b=+/7 . Vay tiéu cy ciia elip F;F, =2c=2.3=6.
¢’ =a*-b’ c=3

Cau 25: Trong hé tryc toa dd Oxy, cho elip (E) c6 phuong trinh 9x* +25y® =225. Liic d6 hinh chi

nhat co s& cla elip (E) ¢6 dién tich bang

A. 15. B. 40. C. 60. D. 30.
Loi gidi
X2 y2
Tacé: 9x* +25y° =225 & —+ 2 =1,
25 9

Tur day, ta dugc a =5, b =3. Dién tich hinh chit nhat co s¢ 1a S = 2a.2b = 60.

GV. Phan Nhat Linh - & SDT: 0817 098 716



Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

ALY

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

2 2

Caul: Cho elip c6 phuong trinh chinh tic )2(—5 + YE =1. Xét tinh dung sai cia cac khing dinh sau:

a) Elip c6 tiéu cu bang 8.

b) Elip c6 tiéu diém F,(—4;0).

¢) Diém A(5;3) thudc dudng elip.

d) MF, + MF, =12, v6i M 1a mot diém thudc duong elip.
Loi giai

Tacd: a°=25=a=5b’=9=b=3

c’=a’-b*=25-9=16=c=4

a) bung: Elip co tiéu cu bﬁng 2c=24=8.

b) Ding: Elip c6 hai tiéu diém la F,(—4,0),F,(4;0).

2 2
¢) Sai: Thé toa d6 A(5 ; 3) vao phuong trinh cta elip ta dugc % + Y =2 nén diém A(5; 3) khong

thudc duong elip.
d) Sai: MF, + MF, =2a=2.5=10.

2 2

y

Cau2: Trong mit phang toa do, cho dudng conic ¢ phuong trinh chinh tic 1a % + > =1. Xét tinh

dung sai cua cac khang dinh sau:
a) Puong conic di cho 1a mét elip ¢6 tiéu diém nam trén truc hoanh.
b) Pudng conic di cho c6 tiéu cu bang 4+/14 .

¢) Buong conic da cho c6 tiéu diém F (O; —2@ ) )

d) Tong cac khoang cach tir mot diém thudc duong conic dén hai tiéu diém bang 18.
Loi gidi

X2 y2
a) bung: Phuong trinh elip ¢6 dang: — + o =1 (a >b> O)

a
b) Pung: ¢? =a?-h?=81-25=56=c=214.
Vay tiéu cu ciia duong conic d cho bang 414
¢) Sai: BPuong conic da cho c6 tiéu diém thudc thudc truc OX
d) Pung: Tong cac khoang cach tir mot diém thude duong conic dén hai tiéu diém bang 2a =18

Cau 3: Trong mat phéng toa d9, cho elip nhu hinh vé.
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AL

\Y

2 2

a) Phuong trinh elip ctia hinh trén c6 dang T + y? =1.

b) Elip da cho c6 tiéu cu la 12.
c) Mt tiéu diém cia elip da cho la F, (—2J§ ; 0) .
d) Tong cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 4 .
Loi giai
2 y2

a) bung: Phuong trinh elip cta hinh trén c6 dang T + T =1

b) Sai: ¢ =+/a? —b? =12 = 2/3 nén Elip da cho ¢6 tidu cu 1a 2¢c = 4+/3
¢) Péng: ¢ =+a?—b® =12 = 24/3 nén tiéu diém ciia elip di cho la Fl(—zJé;o).
d) Sai: Tong cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 2a =8

2 2

Cau 4: Trong mit phang toa do, cho elip c6 phuong trinh chinh tic ;—4 + f(l)—o =1. X¢ét tinh dung sai cua

cac khang dinh sau:

2 2
a) Phuong trinh chinh tac elip c6 dang X—2 + é =1 (a>b>0) thi a=144;b=100.
a

b) Elip da cho c6 tiéu cy 1a 411

¢) Tiéu diém ctia elip di cho 1a Fl(O; —2J1—1) .

d) Tong cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 144.
Loi giai

a) Sai: Tir phuong trinh chinh tic elip ta c6 a = V144 =12;b =100 =10

b) Pung: c=+a’ -b* = J44 =211 nén elip da cho co tiéu cu la 2¢c = 411
¢) Sai: Elip da cho da cho c6 tiéu diém thudc thudc truc OX

d) Sai: Tong cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 2a =24
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AL

2 2

Cau5: Trong mat phing toa do, cho dudng conic c6 phuong trinh chinh tic 1a 1 + Z_S =1. X¢t tinh

dung sai cua cac khang dinh sau:
a) Pudng conic di cho 1 1 elip 6 tiéu cy bang 22.
b) Pudng conic dd cho 1a mot elip c6 tiéu diém nam trén truc tung.

¢) Puong conic da cho c6 mdt ti€u diém Fl<—4\/6 ;0) .

d) Tong cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 22 .
Loi giai

2 2

a) Sai: Pudng conic c¢6 phwong trinh chinh tic 1a 1)(?[ + ;—5 =1 l1a mét elip
Elip ndy c6 c=+a’ —b* = V96 = 4/6 nén elip da cho co tiéu cy la 2c = 86

b) Sai: Pudng conic di cho 1a mét elip ¢o tiéu diém thudc thudc truc OX
¢) Pung: Phuong trinh elip trén c6 c=+a*—b’> =96 = 46 nén elip c6 mot tiéu diém

R (-4V6;0)

d) Pung: Tong cac khoang cach tir mot diém thudc dudng conic dén hai tiéu diém bang 2a = 22
Cau 6: Cau lac bo bong dd AS ROMA du dinh xay dung SVD méi ¢6 tén la Stadio Della Roma dé lam
san nha cua dgi bong thay thé cho san bong Olimpico. H¢ thong mai ctia SVD Stadio Della Roma
du dinh dugc xay dung c6 dang hai hinh elip nhu hinh 1 va dugc bi€u dién trén hé truc toa do
nhu hinh 2 v6i hinh elip 16n bén ngoai c6 d dai doan A A, =146 mét, doan B,B, =108 mét, hinh
elip nho bén trong c6 do dai doan A,A, =110mét va B,;B, =72 mét. Xét tinh dung sai cua cac
khang dinh sau:

Hinh 1 Hinh 2
2 2
. - 1. . , \ , ¢ y
a) Puong elip 16n trong hinh 2 ¢6 phuong trinh chinh tac: + =1.
) Butng elip 8 phuong 5329 ' 2916

b) Phuong trinh 1296x° +3025y” = 3920400 1a phuong trinh cta duong elip nhé trong hinh 1.
¢) Pudng elip 16n trong hinh 2 di cho ¢6 mét tiéu diém F, (—\/2413;0) .

d) Buong elip trong nhé hinh 2 c6 tiéu cy 1729.
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Loi giai
a) bung: Puong elip trong hinh 1 ¢c6 a= % =73b= % =54
X2 y2
Khi d6 elip c6 phuong trinh + =
5329 2916
b) Bung: Puong elip trong hinh 2 ¢6 a = % =55;b = 7—22 =36
X2 y?_
Khi d6 elip c6 phuong trinh 1296x° +3025y* = 3920400 < + =1
3025 1296

¢) Ping: Puong elip 16n trong hinh 1 ¢6 ¢ =+/a? —b? =+/2413 nén c6 tiéu diém F, (—\/2413;0)

d) Sai: Puong elip trong hinh 1 c6 ¢ =+/a’ —b® =+/1729 nén c6 tiéu cu la 2¢c = 24/1729 .

PHAN IIl. Cau trac nghiém tra I&i ngan
Caul: Cho (E) c6 hai tidu diém F,(—/7;0), F,(7;0) va diém M (—ﬁ;%) thude (E). Goi N 1a
diém d6i xtimg v6i M qua gdc toa &6 O. Tinh NF, + MF,
Loi giai
+ R A , 7. A N A 9
biém N d6i xting vé1i M qua goc toadd O nén N J7 ;_Z .

Ta co: MR =9;MF2 =§;NF1=§;NF2 9 nén do do NF, + MF, =
4 4 4 4

N | ©

Cau2: Trudc mot toa nha, nguoi ta lam mat cai hd boi ¢o dang hinh elip v6i do dai cac truc la AA, =10

; B,B, =6. Xét hé truc toa do Oxy (don vi trén cac truc 1a mét) nhu hinh vé;

¥
3| Bs
5 —4 O 4 5 €T
A1 A2 "
—-3| B,

Xét cac diém M, N cung thudc doan A A, cua elip va déu cach O mot khoang bﬁng 4 m vé hai

phia cia O . Tong khoang cach tir moi diém trén duong elip dén M va N ludn bang 10 m.

Loi giai
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2 2

Ta co: a:5,b:3:>(E):)2(—5+yE:1.

2 2

Elip (E):%+y?=1:>c:4 nén do do M (—4;0), N (4;0) 1a hai tiéu diém cia (E).
Goi A l1adiém batki trén (E) tacé MA+NA=2a=10.

Cau3: Gia chi c6 mot miéng dat c6 hinh Elip voi do dai truc 16m bang 2+/6 m, do dai truc nho bing
2 m. Gia chit mudn trong hoa thanh hinh tam giac cAn OAB (tham khao hinh v&) véi diém O 1a
tam cta Elip va cac diém A va B thudc dudng Elip noi trén. Dién tich tréng hoa 1on nhét bang
bao nhiéu?

Loi giai

Chon hé truc toa d0 nhu ( Oxy) nhu hinh vé.

Khi d6 phuong trinh duong Elip 1a (E):

s

Khong mat tong quat, ta chon diém A va B thudc (E) sao cho diém A va B c6 hoanh do

duong. Do tam giac OAB can tai O suyra A d6i xtimg véi B qua Ox.

Goi diem A(Xy;Y,) = B(Xi—Y,): (%, >0)

2 2 2 2 2
Diém Ae(E):%+%:1:%+yT:1:|yo|: 62X° nén ta c6 AB = 2|y,| = /6 - X

Goi H 1a trung diém AB thi H (,;0)= OH =x,
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Cau 4:

Cau 5:

Cau 6:

2 2
- 1 1 2 1 [~ . 1lx+6-x3 3
Khi dO. SAOAB —E.OH.AB—E.XO. 6_XO —E. X0 (6—X0) SEOT—E

NE]

Déngthlﬁ:cxéyrakhixg=6—X§:>XO=\/§:> y0=J_r7

, ‘ L3
Vay dién tich trong hoa 16n nhat bang 521,5 m2.

Ong Hoang c6 mdt manh vuon hinh elip ¢ chiéu dai truc 16n va truc nho 1an luot 13 60 m va 30
m. Ong chia thanh hai ntra bang mot dudng tron tiép xtic trong vai elip dé 1am muyc dich sir dung
khac nhau. Ntra bén trong dudng tron 6ng trong cdy lau nam, nira bén ngoai dudng tron ng trong
hoa mau. Tinh ti s6 dién tich T giira phan trdng cay lau nim so voi dién tich trong hoa mau. Biét
dién tich elip duoc tinh theo cong thirc S = zab trong do a,b lan luot 1a do dai nira truc 16m va

nta tryc bé cua elip. Biét do rong cta dudng elip khong dang ké.
Loi giai
Dién tich hinh tron: S; = 7.15%, dién tich elip 1a Sg =7.15.30.

2
Tisbdientich T=—>r -7 15 4
S.—S; m.1530-7.15 3015

Mit Tring chuyén dong quanh Trai Dat theo quy dao 1a mot duong elip v6i tim Trai Dat 1a mot
tieu diém. Do dai truc 16n, d6 dai truc nhé cta quy dao lan luot 12 768800 km va 767640 km.
Tim khoang cach 16n nhat va bé nhét tir tAm ctia Trai Dat dén Mit Trang.

Loi giai

Vi 2a=768800 va 2b =767640 nén ta c6 a =384400 va b =383820.

Tir d6 suy ra ¢ =~/a’ —b? =/384400° — 3838207 ~ 21108 .
Khoang cach 16n nhat tir tim ctia Trai Dat dén Mt Trang la:

a+C ~ 384400 + 21108 = 405508 (km)
Khoang cach nho nhét 1 a—c ~ 384400 — 21108 = 363292 (km)

Céc hanh tinh va cac sao chdi khi chuyén dong xung quanh mit trdi c6 quy dao 1a mot dudng
elip trong d6 tAm mat troi 1a mot tiéu diém. Piém gan mat troi nhat goi 13 diém can nhat, diém
xa mit troi nhat goi 13 diém vién nhat. Trai dat chuyén dong xung quanh mat troi theo quy dao
1a mot duong elip c6 do dai nira tryc 16n bang 93.000.000 dam. Ti s6 khoang cich giita diém

‘ « R « X A A - Y 59 , 0 , N I A ’4 - N . v
can nhat va diém vién nhat dén mat troi la a Tinh khodng céch tir trai dat dén mat troi khi trai

dat & diem can nhat.
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Loi gidi

Ta ¢6 a = 93.000.000

va 27° -9 612 6lc=59a+59c ¢ = & = 23:000.000 ) o5 0
atc 61 60 60

Suy ra khoang cach tir trai dat dén mat troi khi trai dat & diém can nhat la: 91.450.000.

HET-
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Dang 2: Phuong trinh dudng Elip

Phwong phap: Cho Elip c6 phuong trinh chinh thc: (E): 2+ g— —1véib’=a

Tiéu diém F,(—c;0), F,(c;0).

e Toadd cac dinh A(-a;0), A (a;0), B,(0;—b), B,(0;b).
e Do dai truc 16n 2a.

e Do daitruc bé 2b.

e Tiéucu 2c

BAI TAP TU’ LUAN

Bai tap 1: Lap phuong trinh chinh tic cua Elip, biét:
a) Elip di qua diém M (2;2) va c6 mdt tiéu diem F, (—2;0).
b) Elip nhan F, (5;0) 1a mot tiéu diém va c6 do dai truc nho bing 4/6 .
¢) Elip ¢6 do dai truc 16n bang 25 va tiéu cu bang 2.
d) Elip di qua hai diém M (2,—v2) va N(—V6:1).
Loi giai

a) Do (E) c6 mot tiéu diém Fl(—Z;O) nén C=2 suyra a’=b*+c*=b’+4.

5]
, |2
Mit khéc, (E) di qua diém M (2;§j nén 2—2+ 32 SUPEN 24 + 252 =1
3 a b b*+4 9b
< 9b* —25p* —100 =0 <> b* =5 hoic b’ =—%.
. X2 y2
Vay Elip can tim c¢6 phuong trinh (E):E+€:1.

b) Do (E) c6 mot tiéu diém F,(5;0) nén c=5.
Theo gié thiét 6 dai truc nhd bing 4+/6 nén 2b =46 < b=26.
Suy ra a’ =b*+c? =5° +(2\/€)2 =49.

2y

Vay Elip can tim c6 phuong trinh (E): % + o= 1.
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V /

¢) Do dai truc 16n biang 2+/5 nén 2a =25 < a=+/5 vatiéu cu bing 2 nén 2c=2 < c=1.

Tur hé thitc a*> =b® +¢®,suyra b>*=a’* -c*=5-1=4.

Vay Elip can tim ¢6 phuong trinh (E): y? =1.

01|><

d) Do (E) di qua M (2;—\/5) va N (—\/6;1) nén ta c6 hé phuong trinh

4 2 1 1 1
=t =l |32 (a2-g 2
b @ 8 nén Elip can tim ¢6 phuong trinh (E): x Yo
6 1_ 1_ 1 |p*=4 8 4
a® b b> 4

Bai tap 2: Lap phuong trinh chinh tic cta Elip, biét:

. : S : . 1
a) Elip c6 tong do dai hai truc bang 8 va tdm sai € = —.

N

b) Elip c6 tam sai e = ¥ va hinh chit nhét co s& ¢6 chu vi bang 20.
¢) Elip ¢6 tidu diém F,(~2;0) va hinh chit nhat co s¢ c6 dién tich bing 12+/5.
Loi giai

a) Tong d¢ dai hai truc bang 8 nén 2a+2b=8. (1)

=T<:>a x/_c()

2a+2b=8 {a+b:4 {ﬁc+b:4 {b:4—«@c

Tam sai e =—

o8
\/_ a

Tu (1) va (2), tacd c 1 & = &
(1) va 2) a=vJ2c  |a=+2¢ a=+2c

a 2

Thay vao hé thuc a® =b” +¢?, ta duoc

2c* =(4—\/§C)2+02 & c2-8J2c+16=0c=42£4.

a=8+4y2

Véi c=44/2 +4,suyra V2 : khong théa man.
b=-4-442

a=8-42

b=—4+4J2

Véi c=442 -4, suyra {

2 2

X + y =1.

(8-4v2) (42-4)

- GV. Phan Nhat Linh - @ SDT: 0817 098 716
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5 J5

b) Elip ¢6 tAm sai e = Y P, P iC (1) . Mat khac, Elip c6 hinh chit nhat co s ¢6
a

3 V5

chu vi bdng 20 nén 2(2a+2b)=20<a+b=5<b=5-a. (2)

Thay (1) va (2) vao hé thue a® =b? +c?, ta duoc:

(%CJZ:(S—a)ercz@(%cjz:[5—%cjz+czc>cz—%c+25=0c> c;\/g .

a=15
Véi c =55, suy ra {b 10 : khong théa man.

3 . 2 2
. Do d6 Elip can tim ¢6 phuong trinh (E): X3+y7 =1.

Vi C=\/g, suy ra {Ei
¢) Elip c6 mot tiéu diém F,(-2;0) nén c=2.

Dién tich hinh chi¥ nhdt co so S = 2a.2b =124/5 < ab =315 < a’h? =45 (1)
Mait khac, ta co @’ =b*+c? =b? + 4. (2)

Két hop (1) va (2), ta dugc

a’h’ =45 (b +4)b® =45 < b* +4b* —45=0 <> b* =5 hogc b® =-9.

2

2
Véi b? =5, suy ra @® =9. Do d6 Elip can tim c6 phuong trinh (E): +y€:1.

©|>

Bai tap 3: Lap phuong trinh chinh tic cta Elip, biét:

a) Elip di qua diém M (—\/g ; 2) va khoang cach gifra hai dudong chuan bang 10.
. 7oA . 3 \ 5 ’ N A A ’ 5 J A A \ A M 25
b) Elip c6 tdm sai e = 5 va khoang cach tur tdim doi xtrng cua n6 dén mgt duong chuan bang 3

. . 25
¢) Elip ¢6 dg dai truc 16n bang 10 va phuong trinh mot duong chuan la x = i

d) Khoang cach giita cic duong chuan bang 36 va ban kinh qua tiéu diém cua diém M thudc
Elip 1a 9 va 15.

Loi giai

a) Elip di qua diém M (—JE; 2) nén % + biz =1. (1)

. .oy a
Khoang céch giira hai duong chuan cia Elip bang 10 nén 2.E =10 —=5<—=5a’=5¢
€

(2)
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Tu (2),két hop véi hé thue a® =b? +c?, ta duoc b® =a® —c? =5c —c? (3)

=l c’—6c+9=0<c=3.

Thay (2), (3) vao (1), ta duoc: i+

5¢c  5¢c—c?

- a’=15 f i A 43 , . X? y2
Véi ¢ =3, suy ra e . Do d6 Elip can tim c6 phuong trinh (E):E+E:1.
b) Ta co e:§<:>3:§<:>c=§a.

5 a b5 5)

. ‘. . . 5 25
Elip c6 khoang céach tir tam doi xiing O dén mot duong chuan mdt khoang bang 3 nén

a? 25
— oS —=—<a=5h.
3 c 3 Ea 3
5

a_25 a? 25
e

Véi a=5,suyrac=3 vab’=a’-c¢’=16.

2 2

Do d6 Elip can tim ¢6 phuong trinh (E): >t ZI>.I_6 =1.

¢) Elip c6 d6 dai tryc 16n bang 10 nén 2a=10<a=>5.

Mat khac, Elip c6 phuong trinh mot duong chuin

=— o —=—o—=—Cc=4.
4 c 4 c 4

4

25 a_25 a? 25 52 25
e

2 2
Suyra b? =a? —¢? =25-16 =9. Do d6 Elip can tim c6 phuong trinh (E);%+y? =1.

2 2
2 3o 18,

d) Elip c6 khoang cach giira hai duong chuan bang 36 nén 2.E =36 < 2.
e C c

MF =a+ex=9

suyra 2a=24<a=12.
MF, =a—-ex=15

Mat khac, ta co {

Vi a=12,suyra c=8 va b’ =a’ —¢? =144 64 =80.
2 2
XY

Do d¢ Elip can tim c6 phuong trinh (E): " st

Bai tip 4 : Lap phuong trinh chinh tic cta Elip, biét:

a) Elip ¢6 hinh chit nhat co s¢ noi tiép duong tron (C) - X% +y® =41 va di qua diém A(O;S) .

b) Elip c6 hinh chit nhét co s¢ ni tiép dudng tron (C):x* +y? =21 va diem M (12) nhin hai

tiéu diém cua Elip dudi mot goc 60°.
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AV

¢) Mot canh hinh chit nhét co sé cua Elip nim trén d:x—+/5=0 va d6 dai duong chéo hinh chir
nhat bang 6.

d) Tt giac ABCD 1a hinh thoi c6 bdn dinh tring véi cac dinh cta Elip. Ban kinh ctia dudng tron
ndi tiép hinh thoi bang V2 va tam sai cua Elip bang % .

Loi giai
a) Elip di qua A(O;5) €Oy, suyra b=>5.
Phuong trinh céc canh cia hinh chit nhat co s¢ la: x=+a; y =+5.
Suy ra mot dinh ciia hinh chir nhat co so'1a (&;5). Theo gia thiét (a;5) thudc duong tron (C)
oa’+25=41<a*=16.

2 2

Vay Elip can tim ¢6 phuong trinh (E): AN S

16 25
b) Theo gia thiét bai toan, ta c6 F,MF, = 60° suy ra

FF,’ = MF? + MF,? - 2MF,.MF,.cos 60°

o 4c = (1+c) +4+(1-c) +4-2\/(1+c) +4./(1-c) + 4.%

©4c7 =26 +10— (14 ) +4./(1—c)’ +4 & J(L+c) +4(1-c) +4 =10-2¢

2

10-2¢°20 0<c<+5 , 23+4419

= 2 2 N2 & S =——m—,
(@) +4][(1-c) +4]=(10-2¢") 7 |3c* ~46c? +75=0 3

Phuong trinh cac canh cia hinh chit nhat co sd la: x=+a; y=+b.

Suy ra mot dinh cua hinh chir nhét co s¢ 1a (a;b). Theo gia thiét (a;b) thudc duong tron (C)

nén a’+b?=21.

Laico a® =b®+c?,suyra a®° —b* =c?.

a2 +b? = 21 az:43+2J1_9
. 234419 3
Véicc=—,tacd 23+4\/1_9c> .
3 al-p? =210 , 20-219
3 b? = ==
3
X2 y2
Suyra (E): + =1.
yra (E) 43+219  20-2\19
3 3
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a’ +b? =21 g 432410
., 23-4419 , 3
Véicc=—,tacd 23_4@@ .
3 a?—p?="2 N , 20+2y19
3 b? = ==
3
X2 y2
Suyra (E): + =1.
yra (E) 43-2J19  20+2419
3 3
Vay ¢6 hai Elip can tim thoa yéu cau bai toan:
X2 y2 X2 y2
E): + =1 hoac (E): + =1.
() 43+2J19  20-219 e (E) 43-219  20+2419
3 3 3 3

¢) Phuong trinh cac canh cta hinh chit nhat co so la: x=+a; y=+b.
Theo gia thiét, mot canh hinh chir nhat co s 1a d :x — \/g =0,suyra a= \/g .
Do dai dudng chéo hinh chir nhat co s¢ bang 6 nén

Vda® +4b® =6 < 4a’ +4b° =36 < 20+ 4b* =36 <= b* = 4.

2 2
Vay Elip can tim ¢6 phuong trinh (E): Xg + y? =1.

d) Elip c6 tam sai e = — < =%<:>a=20.

N |-

<
a
Elip c6 céc dinh A (—a;0), A,(a;0), B,(0;-b), B,(0;b). Goi H 1a hinh chiéu cia O 1én A,B,

Theo gia thiét suy ra ban kinh ciia duong tron da cho bang OH . Ta ¢

1 1 1 1 1 1 1 1 1 1 1 1 , 7
2T AN AR S T T e T et O a2 o T
OH OA- OB 2 a b 2 4c° a“-c 2 4c° 3c 6
Suy ra a2=4C2=E va b2=a2—c2=z Vay Elip can tim c6 phuong trinh (E)'X—2+y—2=l
y 3 5 ay blip p g E z .
3 2

Bai tap 5: Lap phuong trinh chinh tic cta Elip, biét:
a) Tt giac ABCD 14 hinh thoi ¢6 bdn dinh tring véi cac dinh ctia Elip. Duong tron tiép xtic véi
cac canh cua hinh thoi c6 phuong trinh (C) :x*+y>=4va AC =2BD, A thujc OX.
b) Elip c6 d6 dai truc 16n bang 8 va giao diém cua Elip voi duong tron (C) :X? + y* =8 tao thanh

bon dinh cua mot hinh vuong.

c) Elip c6 tdm sai e = 3 va giao diém cua Elip v&i duong tron (C) ' X? +y® =9 tai bon diém A

, B, C, D saocho AB song song véi Ox va AB=3BC.

- GV. Phan Nhat Linh - @ SDT: 0817 098 716




Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

AL

d) Elip c6 d¢ dai truc lon béng 4\/§ , cac dinh trén truc nhé va cac tiéu diém cua Elip cung nam

trén mgt duong tron.

Loi gidi
a) Gia st mot dinh cua hinh thoi 1a A(a;O). Suyra AC=2a va BD=2b.
Theo gia thiét: AC=2BD < 2a=22b<a=2b.

Puong tron (C) c6 R=2.Goi H la hinh chiéu cta O 1én AB véi B(O;b). Khi d@6 ta co

1 1 1 1 1 1 1 1 1 1 1 )
e ey s b e T Tl dore S bl d Ulelcl
OA° 0OB® OH R® 4 a® b® 4 4b° b° 4
. X2 y2
Suy ra a* = 20. Vay Elip can tim c6 phuong trinh (E) :2—0+? =1.

b) Elip c6 do dai truc 16n bang 8 nén 2a=8<a=4.

Do (E) va (C) déu c6 tam d6i xtmg 1a O va hai tryc ddi ximg 14 Ox va Oy nén hinh vudng
tao boi gitra chiing cling c6 tinh chat tuong tu. Do d6 ta gia sir goi mot dinh ciia hinh vudng 1a
M (X;x) véi x>0.Vi M €(C) <= x*+x* =8> x* =4 suyra x=2=>M(2;2).

Tacc')Me(E)@iz+i2=1<:>i+i2=l<:>b2=§.
a~ b 16 b 3
. X2 y2
Vay Elip can tim ¢6 phuong trinh (E):E+E:1.
3
C)Elipc()témsaie=l<:>2=}<:>a=3c.
3 a 3

bat BC =x véi x>0, suy ra AB =3x. Gid sit mQt dinh A(gx;%xj.Ta co

Ae(C)@gX2+EX2=9<:>X2=§ suy ra X
4 4 5

=@:‘A(@'@j
: |

10 10
Mat khac:
Ae(E)e 812+LZ:1<:> 81 ~+ 9 =l 92+LZ:1<:>02:§.
10a® 10b 10(3c)” 10(a*-c?) 10c*  80c 80
Suy ra a2=9C2=E va b2=a2—cz=§.
0 10
. X2 y2
Vay Elip can tim ¢6 phuong trinh (E).@+§:1.
80 10
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d) B9 dai truc 16n béng 42 nén 2a=4J2 < a=22.
Céc dinh trén truc nho va cac tiéu diém cing thudc dudng tron nén b=c.
Tur hé thiue @° =b* +c® < 8=2b" < b’ =4.
2 2
Y _1

Vay Elip can tim ¢6 phuong trinh (E): % + =L

Bai tip 6: Lap phuong trinh chinh tic cua Elip, biét:

a) Elip c6 hai dinh trén truc nhé cung véi hai tiéu diém tao thanh mot hinh vuéng c6 dién tich
bang 32.

b) Elip ¢6 mot dinh va hai ti€u diém tao thanh mot tam giac déu va chu vi hinh chit nhat co s&
ctia Elip bing 12(2 + Jé) .

¢) Elip di qua diém M (2\/5 ; 2) va M nhin hai tiéu diém cua Elip dudi mot goc vudng.
. . -2 . \/§ N pial e R \ ) IV 0
d) Elip di qua diém M 1,7 va tiéu diém nhin truc nhé dudi mot goéc 60°.

Loi giai
a) Hai dinh trén truc nho va hai ti€u diém tao thanh mot hinh vuong nén b=c.
Mat khac, dién tich hinh vuong bﬁng 32 nén 2c.2b =32 < b? =8.
N x>
Suy ra @’ =b” +¢? =16. Vay Elip can tim c6 phuong trinh (E): T 1.
b) Chu vi hinh chit nhat co s&
C=12(2++/3) < 2(2a+2b)=12(2+3) = a+b=3(2++3). (1)

Gia sur tam giac F,F,B, déu canh FF, =2c ma B,0 L FF, suy ra:

¥3 ¥3 J3c. (2)

()B2 :7F1F2 @b:7.2C=

Tir (1) va (2), suyra a=3(2++3)-b=3(2+3)-3c.

Thay vao hé thire a® =b* +¢?, ta duoc

[(6+3\/§)—J§CT =362 402 02 +6v3(2+3)c—(6+3V3) =0 c=3
Hodic ¢=-12y3-21.

2 2

Véic=3,suyra a=>6 va b=3\/§.V€1y Elip can tim ¢6 phuong trinh (E) y 1

—+—==1.
36 27
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c) Tu gia thiet, ta suy ra EFMF, =90° hay MF, L MF,
& MR.MF, =0 (-c-243)(c-2v3)+4=0<¢* =16.
Honnita (E) qua M nén
%+izzl<:> 212 +i2:1<:>12b2+4b2+64:b4+16b2<:>b4:64<:>b2:8.
a~ b b°+16 b

2 2
Suy ra @’ =b?+c? = 24. Vay Elip can tim c6 phuong trinh (E):%-ﬁ-— =1.

d) Tir gia thiét, ta suy ra BF,B,=60° ma FB =FB,. Suy ra tam giac F,BB, déu canh
B,B, =2b nén

5 3

RO=--BE, <:>c=72bc>c=\@b. (1)

Hon nua (E) qua M (1;%) nén %+4it)2:1<:>4ib2+4ib2=1<:> b’ =1.(2)

Tur (1) va (2), két hop véi hé thae a® =b* +¢?, ta duge @° =4.

X2

2
Vay Elip can tim ¢6 phuong trinh (E): 7t yT =1.

Bai tap 7: Lap phuong trinh chinh tic cta Elip, biét
a) Elip c6 mot tiéu diém Fl(—\/§;0) va di qua diém M , biét tam gidc F,MF, c dién tich bing
1 va vuong tai M .
b) Elip di qua ba dinh ciia tam giac déu ABC . Biét tam giac ABC c6 truc ddi xtmg la Oy,

4943
=

A(0;2) va cé dién tich bang ETH
¢) Khi M thay dbi trén Elip thi d dai nho nhit cia OM bang 4 va do dai 16n nhat cia MF,
bang 8 v6i F, 1a tiéu diém c6 hoanh do am cua Elip.

Loi giai

a) Elip c6 tiéu diém Fl<—\/§;0), suyra C= \/5 .Goi M (X; y) € (E) . Theo gia thiét, ta co:

2
Sj :1<:>%MF1.MF2 :1<:>%(a+ex)(a—ex):1<:> a’-ex’=2<a’ —%.xz =2
a’-2)a’
@&2—%.X2 =2 X :% (1)
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Ciing tir MF, L MF,, ta c6 MF.MF, =0 < (—c - x)(c—x)+(-y)(-y)=0

?-2)a’ _at 2
o x*+y?=c=3(2). T (1) va (2),taco y2=3_X2:3_(a 3)8 _9 a3+2a |

X2 y? a’—2 9-a*+2a’
Do dé: M (x; E)o —+5=1 =1
o do: M(x;y)e( )<:>az+b2 @+ 3(a2—3)

<:>(a2—2)(a2—3)+9—a4+2a2:3a2—9<:>a2=4.

2 2
Suy ra b* =1. Vay Elip can tim ¢6 phuong trinh (E): =+ yT =1.

L
4
b) Tam gidc ABC déu, c6 diém A(0;2) €Oy va truc dbi ximg la Oy nén hai diém B, C ddi
xtng nhau qua Oy .

Gid str B(X; y) vol X>0,y<2,suyra C(—X; y) . D¢ dai canh cua tam giac la 2x.

493 ()J_ 49[ N

Theo gia thiét, ta co: S =
& aec = 7o 4 2

kl

2X£/§=X\/_=— 2—y=%<:>y=gsuyra8(7—j

ben day bai toan tr¢ thanh viét phuong trinh Elip di qua hai diém A(0;2) va B (— ; EJ .

Puong cao ctuia tam giac déu h =

Vay Elip can tim c6 phuong trinh (E) :;(_8 + yI =1.

5
¢) Do dai nho nhét cia OM bang 4 nén b=4.

Mit khac, ta lai c6 do dai 16n nhat cia MF, bang 8 nén a+c=8.

a+c=8 a+c=8 a=5
Tur d6 ta c6 hé phuong trinh = suy ra .

a’=b*+c* |a’=16+c? c=3
. X2 y2
Vay Elip can tim ¢6 phuong trinh (E) :g + 6= 1.

Bai tap 8: Trong mit phing toa do Oxy, cho Elip (E) di qua diém M (0;3). Biét khoang cach 16n nhat
giita hai diém bat ki trén (E) bang 8. Viét phuong trinh chinh tic cua Elip.
Loi gidi

M (0;3) € (E) = b =3 nén khoang céch 16n nhat giita hai diém bétki trén (E) bing 8 = a=4
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2 2
Phuong trinh chinh tic ctia (E) : ;.(_6 + yg =1.

2 2

Bai tap 9: a) Trong mt phang voi hé toa do Oxy , cho Elip (E): % + {—6 ~1. Goi F,, F, 14 hai tiéu diém

cta Elip; A, B 14 hai diém thudc (E) sao cho AF, +BF, =8. Tinh AF, + BF,.

2 2

b) Trong mét phéng véi hé toa @ Oxy , cho Elip (E): XE 4 y? ~1.Goi F,, F, 14 hai tiéu diém

cua Elip trong d6 F c6 hoanh d¢ am. Tim toa do diém M thudc (E) sao cho MF, = 2MF,.

2 2

¢) Trong mit phing véi hé toa dd Oxy, cho Elip (E): % + y? =1. Goi F,, F, 13 hai tiéu diém

cua Elip trong d6 F, c6 hoanh d§ am. Tim toa do diém M thudc (E) sao cho MF, - MF, =2.
Loi giai

a)Taco a®=25=a=5.Do A Be(E) nén AF, + AF, =2a=10 va BF, + BF, =2a=10.

Suy ra AF, + AF, + BF, + BF, =20 < 8+ AF, + BF, =20 < AF, + BF, =12.

b)Tacé a?=9=>a=3 vab’=5=b=+5.Suyrac’=a’-b?’=4=c=2.

2
G(_)iM(x;y)e(E).TacéMFl=2MF2<:>a+ex:2(a—ex)<:>x=i=a—=§.
& 3¢ 2
2
Thay vao (E), ta duge i+y—:l<:>y2:E<:>y:ir@.
49 5 4 2
Vay M E;—@ hoac M EE .
2 2 2 2

©)Taco a®=8=a=2v2 vab’=4=b=2.Suyrac’=a’-b*=4=c=2.
Goi M(x;y)e(E). Ta c6 MF,-MF,=2< a+ex—(a—ex)=2< x=
N 2y 2
Thay vao (E),tadu’qc §+T:1© y " =3< y:ix/g.
Vay M (v2;—V3) hodc M (v2;4/3).
, X y? .
Bai tap 10: a) Trong mat phang v&i hé toa dd Oxy, cho Elip (E):3+T:l. Tim nhiing diem M thudc

(E) sao cho né nhin hai tiéu diém ciia (E) dudi mot géc vudng.
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b) Trong mét phing véi hé toa do OXxy, cho Elip (E): XI +y? =1 véi hai tiéu diém F,, F,. Tim

toa do diém M thudc (E) sao cho goc FMF, =60°.

2 2

¢) Trong mit phang véi hé toa d6 Oxy, cho Elip (E) X + Y =1 v&i hai tiéu diém F F,.

100 25
Tim toa d6 diém M thugc (E) sao cho goc FMF, =120°.

2 2

y

d) Trong mit phang véi hé toa dd Oxy , cho Elip ( E) : % + e =1 voi hai tiéu diém F

do F, co hoanh d6 am. Tim toa do diém M thudc (E) sao cho goc MFF, = 120°.

Loi giai

a)Taco a®*=9=>a=3vab’=1=Db=1.Suyra =a’-p*=2=c=22.

Goi M(x;y)e(E). Taco FMF, =90° nén FF,” = MF’ + MF,’
o4’ =(a+ex) +(a—ex) < 32=2a%+ 26X’ = 32= 18+2§x X =

Thay vao (E), ta duge y? —1<:> y=+t—+

2J_

A 37 W7, 1 N _ W7
Vay M[zf 2J‘J M{ﬁmw[ PNEE th M( I

b)Taco a?=4=a=2 vab?’=1=b=1.Suyra c?=a’-h?=3=c=4/3.

Goi M(x;y)e(E). Tacd FF,’ = MF? + MF,? — 2MF,.MF,.cos 60°

<4’ =(a+ ex)2 + (a—ex)2 - 2(a+ex)(a—ex)% <12 =2a%+2e*x* —a® + e*x?

, 12-a%> 32 42
X = > :—<:>X-+—
3e 9
32 1 1
Thay vao (E),tadugc —+y’ =l y = y=+_.
ay vao (E), ta dugce o1’V A
vag M| A2 (42 1) (a2 1) o[ 2 1)
33 33 33 33

2

c)Tacé a>=100=a=10 va b?=25=b=5.Suyra c?=a’—b? =75= ¢ =5+3.

Goi M(x;y)e(E). Tacd FF,? = MF? + MF,2 — 2MF,.MF, cos120°

15

1°

F, trong

LT
RPN
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o 4c? =(a+ex) +(a—ex) —2(a+ex)(a —ex)(—%) < 300=2a°+2e’x* +a* —e’x’

<300=3a’+e’x* = 300=300+e’x* = x*=0< x=0.

2

. 0 'y 2
Thay vao (E), taduoc —+—=1<y =25 y=15.
yvao (E) 100 25 y Y

Vay M (0;5) hodac M (O;—5).
d)Taco a®°=25=a=5vab’=9=b=3.Suyrac’=a’-b*°=16=c=4.
Goi M(x;y)e(E). Tacod MF,? = MF? + RF,? - 2MF,.F,F, c0s120°

o (a—ex)2 =(a+ ex)2 +4c¢% - 2(a+ex)20£—%) < daex +4c® +2ac+2ecx =0 x = —f—j.

Thay vao (E), tadugc Y’ =— < y=+"—""_V3
y vao (E) o Y = e S Y =E - Vay

243 93 M[ 65_9«/5} hoéCM( iss_ 9@]'

2 2
Bai tap 11: a) Trong mit phang v6i hé toa do Oxy, cho Elip (E): XZ + yT =1 va diém C(2;0). Tim toa

do cac diém A, B thudc (E), biétring A, B doi xtmg v6i nhau qua truc hoanh va tam gic

ABC 1a tam giac déu.

2 2

b) Trong mét phang véi hé toa do Oxy , cho Elip (E): X? + yT —1. Tim toa do céc diém A va

B thuoc (E) c6 hoanh do duong sao cho tam giac OAB céan tai O va c6 dién tich 16n nhat.
s s : x*y° o o\ T 5

¢) Trong mat phang vadi hé toa dd Oxy, cho Elip (E) : E + T =1 va diém A(3, 0). Tim toa do

cac diém B, C thudc (E) sao cho tam gidc ABC vudng cén tai A, biét B c6 tung d6 duong.

Loi giai

a)aco a®=4=a=2vab’=1=b=1.Suyrac’=a’-b?’=3=c=4/3.

Gid st A(X;y) suy ra B(x;—y). Theo gia thiét, tam gidc ABC déu

AC?=AB? & (2-x) +y* =4y’ & (2-x)" =3y> . (1)

2 2

Hon nita Ae(E)@XZ+yT:1<:> X +4y> =4, (2)

Tu (1) va (2), taco
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g L2 2
2-x)" =3y? =12 X=2 "7 "7
{(2 )2 y g y 4 <:>{ _ ., hodc ! hodc ! A
X“+4y =4 7X2 -16x+4=0 7 y_—4 3 y=——4 3
7 7
Vi A B khic C nén A E;ﬁ . B g;—ﬁ hodc A 3;_@ va B E;ﬂ .
7 7 7 7 7 7 7 7

b) Do tam giac OAB cantai O va A, B déu c6 hoanh d6 duong nén A, B dbi xtmg nhau qua
Ox.

Gia s A(X;y) vol X >0, suy ra B(X;—y). Goi H 12 hinh chiéu cua O 1én AB. Khi d6 ta c6

1 1
S, ons = EAB.OH = E|2y|x =x|y|.

2
Ap dung bat dang thic Cauchy, ta co 1= XZ +y*> 2.§.|y| =x|y|.
2

Do d6 S,o,s <1. Déu "=" xdy ra khi va chi khi: XT —y2.

2 2

y

Thay vao (E), ta dugc XZ+T:1C> V+y=loy="coy==*

N |~
N‘H

Suyra.X’=2=>x=+/2..
Vay A(\/E;ij va B(ﬁ;—ij hoic A(\/E;—i) va B(«/E;ij.
V2 V2 V2 V2
¢) Goi B(X;y) vaoi x>0.
Do tam giac ABC vudng cantai A, suyra B va C dbi xing nhau qua OX nén C(x;—y).
Taco AB L AC <> ABAC =0 (x—3) —y*=0(1)

Hon ntra, BE(E)@%-F—:].. (2)

Tu (1) va (2), taco

2 2
X2y & , = 10 9 <:>{y OhOé.C 3"
SANRRS A 2 X 2 -
x—-3) -1+—=0 — X —6x+8=0 =+—
Vi A, B khac C nén B(E;§j, C(g;—§).
55 5 5
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Phuong trinh chinh tic cua Elip la

2 2 2 2
y Xy
A ¥+F_—l B g_b_ZZL
2 2 2 2
C XY (a>b>0) D X—Z—y—zz—l.
a~ b a~ b
Loi giai
Phuong trinh chinh tac cua elip c¢6 tiéu cy bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2
Ao B.2 +¥ -1 X Y D. =4+
25 9 100 81 25 16 25 16
Loi giai
Goi phuong trinh elip la % =1.
a’

Vi truc 16n bang 10 nén 2a=10=a=>5.
Elip c6 tiéu cu bang 6 nén 2c=6=c=3=+a’-b’=3=b=4.

2 2

R \ .1 X y
Vay phuong trinh Elip la;: — +—=1.
Ay p g p 25 16

Phuong trinh cta Elip (E) c6 do dai truc 16n bing 8, do dai truc nho bang 6 1a:

2 L 1py2 2 182 Xy Xy
A. 9x° +16y° =144. B. 9x° +16y° =1. C. —+—=1. D. —+=—=1.
9 16 64 36

Loi giai
: y*
Goi (E —+——1; a>b
i (£): 5+ L =t(asb)
b0 dai tryc lon la: AA, =2a=8=a=4
Do dai trucnho la: BB, =2b=6=b=3

2 2

Vay phuong trinh Elip la: (E): I—G 4 y? —1c 9% +16y? =144

Cho (E) ¢6 hinh chir nhat co so dién tich bang 8, chu vi bang 6 thi phwong trinh chinh tic 1a:

2 2 2 2 2 2 2 2
A.X—+y—=1. E.X—+y—=1. C.X—+y—=1. D. x—+y—=1.
2 1 4 1 4 2 16 4

Loi gidi
 (2a-2b=8 a=2 o Xy
Ta co: = . Vay phuong trinh chinh tac cua (E) la: —+-—=1.
2a+2b=6 b=1 4 1

Trong mat phéng v6i hé truc toa d Oxy, cho elip (E) c6 d6 dai truc 16n béng 12 va do dai truc
bé bang 6. Phuong trinh nao sau day 1a phuwong trinh cua elip (E)
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

X2 y2 X2 y2 X2 y2 ’Xz’yz
XY B. X Y g c XY p. Y _o.
144 36 9 36 36 144 36
Loi giai
i X2 y2
Phuong trinh chinh tac cia elip c¢6 dang (E):— + P 1 (a,b>0)

2 2

Tacd a=6, b=3, vay phuong trinh cia Elip la: ;(—6+y?=1.

. . o 1 .
Tim phuong trinh chinh tac cia Elip c6 tdm sai bang 3 va truc 16n bang 6.

2 2

2 2
A.X—+y—:1. E.X—+y—:1.
9 3 9 8

X2 2

2 2
e+l p. 2+ o1
9 5 6 5
Loi gidi
i X2 y2
Phuong trinh chinh tac cua Elip c6 dang —+-= =1 (a>b>0).
a

b*

Theo gid thiét: e=%:3=%:a=3c Vi 2a=6oa=3=c=1
a

Khidé: a®=b*+c? =R =b2+1<=b*=8<=b=22

2 2

Vay phuong trinh chinh tic cua Elip 1a: % + % =1.

Phuong trinh Elip ¢6 truc 1on bang 24/5 va mét tiéu diém F;(~10) 1a:
A. 4x* +5y* =20. B. 4x* +5y*=12.  C.5x*+4y*=20
Loi giai

Ta co: 2a:2\/§<:>a:\/§ va b2=a2—C2=\/§2—12=4.

D. 5x* +4y* =12.

2 2

Vay phuong trinh Elip c6 dang: Xg + y? =1 4x° +5y° =20.

Phuong trinh chinh tic cla (E) c6 do dai truc 16n bé'mg 8, truc nho bé'mg 6 la

2 2 2 2 2 2
ALY g B. X Y _1 C. 9x* +16y* =1. Q.X—+y—:1.
64 36 9 16 16 9

Loi giai
. |2a=8 a=4
Ta co: = .
2b=6 b=3
i 2 y2
Vay phuong trinh chinh tdc cua (E): E+?:1
Phuong trinh chinh tic cla (E) cO tam sai e =g, d0 dai truc nho béng 12 1a
2 2 2 2 2 2 2 2
XY XY c Y XY
25 36 64 36 100 36 36 25
Loi giai
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le= 4 5c =4a 25¢2 =16a2 25(a2 - bz) =16a’ a=10
Ta co: 5 < b6 = b—6 = = b6
2b =12 = = b=6 -
2 y2
Vay phuong trinh cua (E);: —+2—=1.
Ay phuong trinh ciia (B): 7o+ 2o

Cau 10: Phuong trinh chinh tic cua (E) co do dai truc 16n béng 6, ti sb gitra ti€u cy va dg dai tryc lon

.1
bang — la
%3
2 2 2 2 2 2 2 2
A.X—+y—=1. E.X—+y—=1. C.X—+y—=1. D.X—+y—=1.
9 3 9 8 19 5 6 5
Loi giai
Do d6 dai tryc 16n bang 6 nén 2a=6 = a =3.
9 A .~ A \ A \ . , Y 1 A 2C C 1
Do ty so gitra tiéu cy va do dai tryc 16n bang — nén —=—==-=a=3c = c=1.
3 2a a 3
X2 y2
Tacc’):b2:az—c2:9—1:8:>(E):3+§:1.

2

2
S p XY
4 9

2

Céu 11: Elip ¢6 hai dinh (-3;0); (3;0) va hai tiéu diém (-10) va (10) c6 phuong trinh chinh tic 1a
2 2 2 2 2 2

ALY g Y g c. X
8 9 9 8 9

Iw

Theo dé bai ta ¢ { —b’=a’-c?=8.
C

2 2

Vay phuong trinh chinh tic cta Elip da cho 1a % + YE =1

Cau 12: Phuong trinh chinh tic cua (E) c6 do dai truc 16n gap 2 1an do dai truc nho va tiéu cu béing

43 1a
2 2 2 2 2 2 2 2
ALY g B. Y _q c. LY 4 p. LY g
36 9 36 24 24" 6 16 4

Loi giai
Do d6 dai truc 16n gap 2 1an do dai truc nho nén 2a=2.2b = a = 2b.

Do tiéu cy bang 43 nén 2c =43 = ¢ =243.

2 2
Ta c6: b2=a2—c2<:>b2=4b2—12:b:2:a:4:>(E):i(—6+y7:1.

Céu 13: Phuong trinh chinh tic cta (E) c6 dudng chuén x+4 =0 va tiéu diém F(-10) la
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XZ y2 XZ y2 X2 y2 X2 y2
A+l =1 B. —+21=1. C. —+21 =1. D. —+21 =1.
4 3 16 15 16 9 9 8

Loi giai

2

, a a
Do duong chuanla x+4=0<x=-4nén —=4 < —=4=2a’=4c.
(] c

Do ¢6 tiéu diém F(-10) nén c=1=a=2, b’ =a*-c’=3.

2 2
Phuong trinh chinh téc cta (E) 1a (E): XZ + y? =1.

Céu 14: Phuong trinh chinh tic cta (E) c6 tiéu cu bang 6 va di qua diém A(5; O) la

2 2 2 2 2 2 2 2

X X X X

y y y y

A, —+—=1. B. —+—=1. C. —+—=1. D. —+—=1.
100 81 15 16 25 9 25 16
Loi giai
Do (E) c6 tiéu cu biang 6 nén 2c =6 =>c=3.
Do (E) di quadiém A(5,0) nén a=5=b*=a’-c*=25-9=16.
i 2 y2
Phuong trinh chinh tic cua (E) 1a (E): —+-==1.
25 16
Cau 15: Elip c6 hai tiéu diém Fl(—l;O) ; F, (1;0) va tam sai e =% c6 phuong trinh 1a
2 2 2 2 2 2 2 2
AL B. o+ -1, RS WY AN
— 25 24 24 25 24 25 25 24
Loi giai
i X2 y2
Phuong trinh chinh tac cua (E) la _2+F:1 (a>b >O)
a

Tiéu diém F,(-10)=c=1

Tam sai e:% <:>£z%<:>a:5c:5:>b2=a2—02:25—1:24.
a

2 2

y

Cau 16: Trong h¢ truc toa do Oxy , mot elip ¢6 do dai truc 16n 1a 8, d6 dai truc bé 1a 6 thi c6 phuong trinh
chinh tac 1a.
2 2 2 2 2 2 2 2

A Y g B. XY 1 c. XY p. X Y g

. —+ . . . .
9 16 64 36 — 16 9 16 7

bodaitruclonla 8=>2a=8<a=4

P06 dai trucnhola 6=>2b=6<b=3
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Cau 17:

Cau 18:

Cau 19:

AL

i 2 y2 X2 y2
Phuong trinh chinh tac ctaelipla — +5=1< —+-—=1.
a~ b 16 9

2 2
Céc dinh cta Elip (E) c6 phuong trinh % + é =1; (a>b>0) tao thanh hinh thoi c6 mot goc

& dinh la 60°, tiéu cu cua (E) 1a 8. Khi d6 a’ +b* =?

A. 16. B. 32. C. 64. D. 128.
Loi giai

Goi hinh thoi la ABCD va A=60°.

Tieucula 8 = a*—b*=64 (1).

Mait khac xét tam gidc AOB vudng tai O c6 goc BAO =30° nén

OB = OAtan30° <> b =a.tan30° = ?a thay vao phuong trinh (1)

ta duoc gaz =64 < a°=96=hb"=32.Vay a’*+b*=128.

Trong mit phang toa @ OXy, xac dinh phuong trinh chinh tic ciia elip biét AA, =10, BB, =6

v6i A, A, la giao diém cua elip voi truc Ox ; B, B, 14 giao diém cua elip v&i truc Oy .

2 2 2 2 2 2 2 2
A.X—+y—:1. B.X—+y—:1. C.X—+y—:0. Q.X—+y—:1.
25 16 9 25 25 9 25 9
Loi giai

2 y2

Goi phuong trinh chinh tic cta elip can tim la = + P 1(a>b>0).
a

AA =10=2a=10=a=5; BB,=6=2b=6=b=3

2 2

y

Phuong trinh chinh tic cua elip can tim 1a > + ry =1.

Trong mit phang toa do Oxy, xac dinh phuong trinh chinh tic cta elip biét giao diém cua elip
v01 cac truc toa do la A1(3;0) A (—3;0) , Bl(O; 2) , B, (O; —2) )

2
A. X—+—: .
9

2 2
Goi phuong trinh chinh tic cua elip can tim 1a —+ ;, =1 (a >b > 0) .
a

Elip giao truc Ox tai A1(3;0) , A (—3;0) =a=3

Elip giao truc Oy tai Bl(O;Z) , B, (0;—2) =>b=2
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AL

2 2

y

Phuong trinh chinh tic cta elip can tim 14 ry + T =1.

Ciu 20: Trong mit phang toa dd Oxy, xac dinh phwong trinh chinh tic cta elip biét mot giao diém cua
elip v6i truc Ox 13 A (6;0), elip di qua M (o;J?z).

2 2 2 2 2 2 2 2
Ao AN A * L Yo * Y o,

. B. . . . .
36 4 ~ 36 32 144 4 36 32
Loi giai

Goi phuong trinh chinh tic cua elip can tim X =+ é =1(a>b>0).
a

Mot giao diém cuia elip véi truc Ox1a A (6;0) =>a=6

Elip di qua M (o;Js_z)@%+f)—f:1@ b? =132
a

2 2
Phuong trinh chinh tic cia elip can tim 1a — + Yy _ 1.
36 32

Ciu 21: Trong mit phang toa dd Oxy, xac dinh phuong trinh chinh tic cua elip biét elip di qua M (0;3)

khi tong khoang cach tir mot diém trén elip t6i hai tiéu diém 1a 2+/34

2 2

A.X—+y—:1. B.X—+y—:1. C.—+y—=1. D.X—+y—:0.
34 25 — 34 9 9 34 34 9

Goi phuong trinh chinh tic cua elip can tim 1a —2+;,—:1(a>b>0).
a
e 0 9 )
Elip di qua M(O;3)<:>—2+b—2:1<:>b =9
a

Tdng khoang céch tir mot diém trén elip t6i hai tiéu didm 1a 24/34 = 2a=2+/34 = a=+/34.

2 2

y

Phuong trinh chinh tic cta elip can tim 14 2 + 9 =1.

Céu 22: Trong mit phing toa d Oxy, cho Elip c6 mét tiéu diém F, (—10) va khoang céch 16n nhét gitra

hai diém trén Elip bang 25. Phuong trinh chinh tic cia Elip
A. 4x* +5y* =20. B. 4x* +5y*=12.  C.5x*+4y*=20. D.5x*+4y*=12.
Loi giai
Goi phuong trinh chinh tic cia elip can tim X =+ Y =1(a>b>0).
a’

b*

Tacod: 2a=2V5 < a=+5 vabl=a’—c? =6 —1>=4.
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AL

2 2

Vay phuong trinh Elip c¢6 dang: % + y? —1e 4x% +5y2=20.

Céau 23: Trong mit phang toa o Oxy, cho Elip (E) di qua diém M (0;3). Biét khoang cach 16n nhét
giira hai diém trén (E) bang 8. Phuong trinh chinh tic cua Elip

2 2 2 2 2 2 2 2

A.X—+y—=1. E.X—+y—=1. C.X—+y—=1. D.X—+y—=1.
9 16 16 9 9 64 64 9
Loi giai
, . X2 y2
Goi phuong trinh chinh tac cua elip can tim la ¥+F:1(a> b>0) va M(0;3)e(E)=>b=3

Khoang cach 16n nhat gitta hai diém trén (E) bang 8 = a=4.

2 2
Phuong trinh chinh tic cta (E) : ;.(_6 + YE =1.

Céu 24: Trong mit phing toa do Oxy, Elip c6 hai tiéu diém F,(-10);F,(10) va tong khoang cach tir

mdi diém trén elip dén hai tiéu diém bang10 ¢ phuong trinh
2 2 2 2 2 2 2 2

A.—+y—:1. B.X—+y—=—1. C.X—+y—:1. D.X—+y—:—
25 24 24 25 24 25 25 24
Loi giai
i X2 y2
Phuong trinh chinh tic cua (E) la _2+F:1 (a>b>0)
a

Tiéu diém F,(-L0)=c=1.

Téng khoang cach tir mdi diém trén elip dén hai tiéu diém bang 10 = a=5.
2 2
Ma b? = a® —¢? =5°—1° = 24 nén (E): =+ L =1,
25 24

Cau 25: Trong mit phang toa do Oxy , phuong trinh chinh tic ciia (E) ¢6 tiéu cy bang 6 va di qua diém

A(5,0) 1a
2 2 2 2 2 2 2 2

A.X—+y—:1. B.X—+y—=1. C.X—+y—=1. Q.X—+y—=

100 81 15 16 25 9 25 16

Loi gidi
i X2 y2
Phuong trinh chinh téc cua (E) 1a =l (a>b>0)
a

Do (E) c6 tiéu cyr bang 6 nén 2c=6 = ¢ =3.
Do (E) di quadiém A(5,0) nén a=5=b*=a’-c*=25-9=16.

2 2

:—+y—=1.
25 16
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ALY

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

Caul: Cho dudong cong (C)c6 phuong trinh 3x* +4y® —48=0 va duong thang d : x—2y +4=0. Xét
tinh ding sai cta cac khing dinh sau:

a) BPuong cong (C) la mot elip.
b) Duong thang d cit (C) tai hai diém M, N .
¢) Néu duong thang d cét (C) tai hai diém M,N thi MN > 3.

d) C6 4 diém trén (C) sao cho 3FM =F,M véi F,(-2;0),F,(2;0)

Loi gidi
. ) 2 Xy
a) bung: Taco 3x"+4y° -48=0< —+-—=1.
16 12

b) Bing: Tacé x—2y+4=0< x=2y -4, thay vao phuong trinh cta (C)ta dugc:

2 5 5 y=0=x=-4
3(2y—4) +4y°-48=0<16y° -48y=0<= .
y=3=>x=2

¢) Plng: Toa do giao diém cua duong thang d va dudng cong (C)lél nghiém cua hé:

X=2y-4
2 4 2_4 — _ 2 2 _ =
3T +Ay"-48=0 _ |32y-4)'+4y"-48=0 _ | _, = M (=4;0),N(2;3)
X—2y+4=0 x=2y-4 y=3

— MN =35 > 3.

2 2
d) Sai: 3x° + 4y’ —48:0<:>:—6+i/—2=1:>a=4,b=2\@,c=2:> F,(-2,0),F(2,0)

Goi M(x;y)e(C)
, {3MF1:MF2 {MF1:2 (x+2) +y* =4 {X:_4
Ta co: = = ) = .
Vayco 1 diém thudc (C) thoa man diéu kién.
Cau2: Choelip (E): x*+4y®—40=0. Xét tinh ding sai ciia cac khang dinh sau:

2 2

y

a) Phuong trinh chinh tic cta elip [a — +2—=1.
40 10

b) (E) c6 c4c tiéu diem F,(30;0) va F,(-30;0).
¢) Téng cac khoang cach tir mdi diém thudc elip t6i hai tiéu diém bing 2+/10 .
d) (E) ¢6 chu vi hinh chit nhét co s bang 6+/10 .

Loi giai
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2 2

a) Puing: Cho elip (E): X2 +4y?—40=0 < -—+ L

=1
40 10

, , a=2\/1_0
b) Sai: Tir phuong trinh elip (E): %+i’—0=1 taco 1b=+10

c=+/a?—b? =30
Do d6 (E) c6 céc tiéu diém F,(+/30;0) va F,(~+30;0)
¢) Sai: Téng cac khoang cach tir mdi diém thudc elip téi hai tiéu diém bing 2a = 2.24/10 = 4410

a=2\/ﬁ

suy ra d6 dai truc 16n 2a =410 va do dai truc bé 2b = 24/10.
b=+10

d) Sai: (E) c6 {

Chu vi hinh chir nhat co so 1a: 2(2a+2b) = 2(4+/10 +24/10) =12410.

Cau3: Trong mit phang toa dd OXy, cho dudng elip biét AA =10, BB, =6 véi A, A, la giao diém

ctia elip v6i truc Ox ; B,, B, la giao diém ciia elip véi truc Oy . Xét tinh ding sai ctia cac khang

dinh sau:
i 2 y2
a) Phuong trinh chinh tac cta elip —+-—=1.
25 16
b) Tiéu cu la 8.

¢) b6 dai truc bé 1a 6.
d) B¢ dai truc lon 1a 5.
Loi gidi
; . X2 y2
Goi phuong trinh chinh tac cua elip can tim la — + vl =1 (a >b > 0) .
a

AA =10=2a=10=a=5; BB,=6=2b=6=b=3

2 2

y

Phuong trinh chinh tic cta elip can tim 14 >5 + ry =1.

Tacod: c*=a’—-b*=25-9=16 =>c=4= 2c=8.

a) Sai
b) Bung
c) bung
d) Sai
Cau4: Trong mit phing toa @ Oxy , phuong trinh chinh tic ciia (E) c6 tidu cy bang 6 va do dai truc
16n 1a 10. Xét tinh dung sai cta cac khang dinh sau:
X2 2

y

a) Phuong trinh chinh tic cua elip — + 2= =1.
25 16
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d) (E) di qua diém C(0;3).
Loi giai
Phuong trinh chinh tic ctia (E) la —+§ =1 (a >b> O)
a’
Do (E) c6 tiéu cu bang 6 nén 2c=6=>c=3.

Do (E) di quadiém A(5,0) nén a=5=b*=a’-c*=25-9=16.

2 2
Phuong trinh chinh téc ctia (E) 1a (E): > + i/_G =

Tacoé: b=4=2b=8.
a) bung
b) Sai
¢) Sai
d) Sai
Caus5: Choelip (E) biét tiéu cu bang 6 va truc nho bang 8. Xét tinh dung sai cua cac khang dinh sau:
a) Tiéu diém F,(0;-3);F,(0;-3).
b) Po dai truc 16n bang 5.
¢) Tong khoang cach tir diém thudc Elip c6 hoanh d6 x =2 dén hai tiéu diém bang 10.
d) Phuong trinh Elip (E) 12 16x* + 25y* = 400.
Loi giai

a) Sai: Tiéu diém F,(-3;0); F,(3;0)

) 2c=6 c=3
b) Sai: Tu = .
2b =8 b=4

Tacd a? =b® +¢? =16+9=25=a=>5 nén do dai truc 16n bang 10.

c) bung: Ta c6: MF, + MF, =2a=2.5=10.

+ Y 1 16x 1 25y7 = 400,

d) Dung: Phuong trinh elip can tim (E): X— Y =1<(E): 16

a2 2

X
25
Cau6: Choelip (E) co mot tiéu diém Fl( —J3; O) vadiqua M { J Xét tinh diing sai cia cc khang

dinh sau:

a) Tiéu cu cua elip bang 23

b) Piém N {-1;?] thudc elip.

2-3
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2 2

d) Phuong trinh Elip (E) 1 XZ + yT 1.

Loi giai

a) Ping: Tiéu cy 1a FF, = 2/3

b) Sai: Piém N (1;—%} dbi xtmg voi M qua truc tung. Do d6 N [1;—?} thudc Elip.

¢) Sai: Ta ¢c6: MF, =\/(1+ \@)z {*@JZ _2448

2 2

2 2
d) Pung: Phuong trinh chinh tic cta elip c6 dang ( E) : X—2 + é =la>b>0 (l)

QD

Suyra c=+a?—-b?=3=a’-b?=3

M [1;§]e(E):>i+$:l<:> 4b* +3a* = 4a’h* (2)

aZ
Giai he (1) va (2)1% % =3 2 =3
@ihe (1) v (2)) 0 nne_gore < 4p% +3(3+b?) = 4(3+b%)b?

a’=3+b’ a’=4
= =
4b* +5b°-9=0 b* =1
XZ y2
Vay phuong trinh elip la: (E) : " + T =1.

Cau7: Trong mit phing Oxy, cho elip (E) co Fl(—3;0), F, (3;0) 1an luot 13 hai tiéu diém va c6 tam
sai €= g . Xét tinh dang sai cta cac khang dinh sau:
a) Elip (E) c6 tiéu cu bang 6.

b) Elip (E) c6 d¢ dai truc 16n bang 10.
¢) Elip (E) c6 d¢ dai truc nho bang 4.
2 y2

d) Phuong trinh chinh tic cua (E Ja —+2-=1.
25 16

Loi giai

a) bung: Elip (E) co Fl(—3;0), F2(3;0):>C:3:2C:6.
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b) Dng: Elip (E) cotimsai e=> o S =3 o323 0 a5 2a-=10.
5 a 5 a b
¢) Sai: b=+/a? —¢? =+/52 32 =4 = 2b =8.
B X2 y2 2 y2
d) Bung: Phuong trinh chinh tac cia (E)la =+ =1e —+-—=1.
a~ b 25 16

Cau 8: Trong mit phing toa do cho hai elip, dudng elip (E)cc') hai dinh A(lO;O) va B(O;G). DPuong

. : 4 . . :
elip (E') cOtam sai e = % Xét tinh ding sai cua cac khang dinh sau:
. [ L . v X y
a) Phuong trinh chinh tac cua elip (E) la —+—=0.

b) (E) c6 céc tiéu diem F,(64;0) va F,(-64;0).

¢) (E) c6 tiéu cu bang 8.
, 2 y2
d) (E') nhan B(0;6) lam dinh thi phwong trinh chinh tic cua (E') Ia: TR
Loi giai

a) bung: (E) co hai dinh A(10;0) va B(0;6) suyra a=10 va b=6.

2 2
Do d6 phuong trinh chinh tic cia elip 1a: — + Yy _ 1.
100 36
a=10
X2 y2
b) Sai: C6 phuong trinh elip (E) —+=—=1taco {b=6
100 36
10°-6° =8

(E) c6 cac tiéu diém F,(8;0) va F,(-8;0).
¢) Sai: (E) c6 tiéu cu bang FF, =2c=2.8=16

d) Sai: (E') nhan B(0;6)lam dinh suy ra b=6.

¢ 16 ) )
.Vi a,c>0 néntaco —:—<:>64C -16a°“ =0
a’ 64

00I4>

N oraa 4 .
(E') ¢ thm sai e:§ suyrataco e=

mlo

Ngodiratacd a®—c’>=b*=36

16a* —64c®> =0 a’?=48
C6 h¢ phuong trinh | j2 <

¢’ =36 ¢’ =12
XZ y2
Vay phuong trinh chinh tic cua (E') 1a 18 + % =1.

Cau9: Cho elip (E) c6 mot tiéu diem F,(4;0), mot dinh A(5;0). Goi M 1a diém trén elip c6 toa do

la cac s6 duong. Xét tinh ding sai cua céc khang dinh sau:
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a) Elip (E) c6 tiéu diém con lai 1a F,(0;—4).

2 2
b) Phuong trinh chinh tic cua elip % + y? ~0.

¢) Tong cac khoang cach tir mdi diém thudc elip téi hai tiéu diém bang 25

d) Bé F,MF, =90° thi M c6 toa d¢ la {#;%}.

Loi giai
a) Sai: elip (E)co tiéu diém F(40)=c=4
Do do elip (E) ¢6 hai tiéu diém F1(4;0) va F, (—4;0)

b) Sai: Elip c6 dinh A(5;O) suyra a=5.Laico b®’=a’—-c*=25-16=9

2 2

Do d6 phuong trinh chinh tic cia elip 1a: > + Y _ 1.

9
¢) Sai: Tong cac khoang cach tir mdi diém thudc elip t6i hai tiéu diém bang 2a =10.
2 2

d) Pang: Gié sir M(XM;yM)e(E):>X2L5+%:1(1)

(E) c6 ¢ =4 suy ra c6 hai tiéu diém F,(4;0) va F,(-4;0)

EM =(x, +4; q S —
Laic():{ M = (0 + 4% Pé FMF, =90° = FM.F,M =0 x,,% +Y,2 =16 (2)

FEM =(Xxy —4yy)

175 57
X' . Yu Xy =Xy = -
™M M 1 M M
Tu (1) va (2) taco: 4 25 - 9 o 16 = 4 M ug )
, 81 9 4 4

XM2+yM2:16 Yu _E yM:Z

Céau 10: Mot dudong ham xuyén qua nii ¢6 chiéu rong 1 20m, mit cit ding ciia duong ham c6 dang nira
elip. Biét elip c6 tiéu cu bang 10 m. Xét tinh dung sai ciia cac khang dinh sau:
a) Tiéu diém cua (E) la F,(-5;0);F,(5;0).
b) Chiéu cao ciia him 14 8,66 m

2 2

¢) Phuong trinh chinh tic ctia (E) 1a — + Y

=1.
100 75
d) Chiéu cao ciia dudng him xuyén nii tai tiéu diém cua (E) la 5m

Loi giai
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a) bung: Elip (E) co tiéu cu béng 10mnén 2c=10=c=5 1a Fl(—S;O); F2(5;0) )

b) DBlung: Xét (E) # =1. Vi chiéu rong cua ham 12 20 m nén elip cit truc OX tai hai diém

QJ

Al(—10;0) (10,0) suy ra a=10.

Khi do: b=+/a%—c? =10% —5? =5+/3 ~ 8,66 m.

¢) Piing: (E): a—+é’—2—1 ¢6 a=10<>a’ =100 va b=5y3 = b’ =

2 2
Phuong trinh chinh tdc ctia (E) 1a — + Y 1
100 75
. Xy .
d) Sai: Phuong trinh chinh tac cua (E) 1a TR =1. Tai tiéu diém cua (E) thi M 1a diém
thudc (E) g v&i chiéu cao h ctia duong ham ta co6 M (5; h) . Chiéu cao ctia dudng ham xuyén
2 2 2 2
nﬁitaitiéudiémcﬁa(E) la5— h— h—= —E h §:>h2=§:>h=gm
100 75 75 4775 4 4
PHAN IIl. Cau trac nghiém tra i ngan
2 2

y

Caul: Trong mat ph:fmg toa do Oxy, cho elip (E) : i)L(_G +2-=1.Xét cac diém M, N lan lugt thudc cac

tia Ox, Oy sao cho duong thang MN tiép xtic v6i (E) Tinh d6 dai ngin nhat cia MN

Loi giai

Goi M (m;0), N(0;n) v&i m,n>0=> MN?=m?+n’. Buomg thing MN : =+ =1,
m n
. X y? , .
Elip chinh tac (E) —+ Y =1 va duong thang A: Ax+ By +C =0 tiép xuc véi nhau khi va chi
a
khi a’A’ +b’°B*=C”.
Phuong trinh tiép tuyén cua elip chinh tac tai M (XO; yo) la: X—g X+ % y=1.
a
16 9

Puong thang MN tiép xuc véi Elip (E) & — > +— =1
m’® n’

= m? +n? 249=MN,_ =7.

9 (4+3)

1
Khi d6 ta co: 1=—Ei+
m n m +I’1

Cau 2: MGt cay cau bé tong bac qua con song rong 12m, nhip cuon cau co6 hinh dang nua elip. Céac ki
su da thiét ké sao cho vi tri cao nhat cia gam cau so voi mat nudc 1a 4 m. Tinh chiéu cao cia
gam cau tai vi tri cdch bo 1,5m.

Loi giai

Vi song rong 12m nén toa do giao diém gitra (E) vo1 truc hoanh Ox la Al(—6;0); A (6;0) .
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Cau 3:

Cau 4:

Mait khac & vi tri cao nhat cia gam cau so voi mdt nude 1a 4m nén suy ra toa do giao di€ém gitra
elip voi truc tung Oy la Bl(O; 4) .

X2 y2 i 2 y2
Gia st (E):— + = =1 phuong trinh chinh tic cua (E) 1a 6 + I =1.

Goi M 1a diém thudc (E)tng véi chidu cao h cia duong ham ta co6 M (4,5h)

QD
oy

2 2 2
4’5 +h_—1:>h—:1:>h2:7:>h:\/7z2,65m.

Khi do =
36 16 16 16

2 2
Cho duémg elip c6 phuong trinh chinh tic (E): XE + y? =1 va diém A(3,0). Diém B,C nim

trén (E) sao cho B,C ddi xting qua truc Ox va AABC déu. Dién tich cua tam giac ABC 1a bao

nhiéu? (Két qua 1am tron dén hang phan tram)
Loi gidi

Hai diém B,C déi xung qua truc OX. Gia stt B(X,;Y,),C(Xy;—Y,) Vi ¥, >0.
2 2
B,C nam trén (E):%+%:l<:> X; +3Yys =9 va (BC):x=x, =d(A(BC))=[3-x].

Vi A(3,0)eOx , B,C ddi xting qua truc=> AABC cantai A = AABC deéu

@d(Aa(BC))ngC<:>|3_Xo|:\/§yo < 3y, =(Xo_3)2 :>X§+(X°_3)2 =9©{§0 =3

o

V6i X, =0=>y,=+3=BC =2/3= S, :%BC.BA.sin 60°=34/3.

Véi X, =3=y, =0(loai).
Vay dién tich cua tam giac ABC bing 5,2.

Mot nguoi ki su thiét ké mot duong ham mét chiéu c6 mat cit 1a mot ntra hinh elip, chiéu rong
ctia ham 1a 12m, khoang céch tir diém cao nhat cta elip so véi mit duong 1a 3m. Nguoi ki su
nay mudn dua ra canh bao cho céac loai xe c6 thé di qua ham. Biét rang nhing loai xe tai c6 chiéu
cao 2,8m thi c6 chiéu rong khong qua 3m. Tinh d6 cao y cia diém M € (E) c6 hoanh d¢ 1,5.

=

Loi giai

2 2
Phuong trinh chinh tic ctia (E) la X—2 + y—z =1, trong d6 a>b>0.
b

|

a
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Do céc diém B(0;3) va A(6;0) thude (E) nén thay vao phuong trinh cua (E) tacod b=3 va

2 2

a =6. Suy ra phuong trinh cua (E) la £+y§=1.

V61 nhiing xe tai c6 chiéu cao 2,8 m, chiéu rdng cua xe tai la 3 m, tuong tng véi x=1,5.

Thay vao phuong trinh cua elip dé ta tim ra do cao y cua diém M (c6 hoanh do béng 1,5 thudc

. . X2 1,5
(E))sovorltruc Ox thi y,, =3- —E=3- 1—Ez2,905>2,8.

Cau5: Mot mai vom nha hat c6 mat cit 1a hinh nira elip. Cho biét khoang cach giira hai tiéu diém 1a
F'F =50m va chiéu dai caa dudng di ciia mot tia sang tr F' dén mai vom rdi phan chiéu vé F
Ia 100m. Tinh téng d6 dai truc 16n va truc bé cua elip.
Loi giai
Taco FF =2c=50 suyra c=25.
Téng khoang cach F'M + FM =2a =100 suy ra a=>50.

Ta co: b? =a? —c? =50 — 25% =1875.

2 2

Vay elip ¢6 phuong trinh —— +—— —1= 2a + 2b = 5000 + 3750 = 8750 .
2500 1875

Ciu 6: MOt nha vom chita may bay c6 mit cat hinh nta elip cao 10m va rong 24 m. Tinh khoang cach
theo phuong thang dung tir mot diém cach chan tudng 4m 1én dén ndc nha vom. (Két qua lam
tron dén chir s6 thap phan thir hai sau déu phay)

Loi gidi
Chon hé toa do thich hop va viét phuong trinh cua elip noi trén.
Ta thdy AB 1a d6 dai truc 16n cia elip nén 2a =24 < a=12
OC la mot nira truc bé nén b =10

2 y2 X2 y2
Khi @6 phuong trinh caa elip trén la; —+——=1< —+—=1(*
patong P 122 10° 144 100+ ()
X2 y2
Vay phuong trinh elip da cho la — +—=1.
W pavong P 144 100

Goi diém D 1a diém nam trén elip va cach chan tuong 4m.
Khi d6 khoang cach tir D dén gbc toa dd O 1a 12—4=8m.
Goi D(8;Yp)

2 2

Vi D thudc elip trén nén toa 6 diém D thoa man phuong trinh (*) taco: —+ Y 1

144 100
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AL
2
h=§<:> yé:@c yDzﬁzD 8,%

100 9 9 3 3

Suy ra khoang cach theo phuwong thiang dimg tir mot diém cach chan tudng 4m dén nodc nha la

105

3

tung do cua diém D 1a ~7,45(m).
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AL

Dang 3: Phuong trinh duéng Hypebol

2

2
Phwong phap: Cho Hypebol c¢6 phuong trinh: X—2 Y
a

o =1, véi a,b>0. Céc yéu tb trong Hypebol:
e Do dai truc thuc: AA, =2a; d6 dai truc ao: BB, =2b; d¢ dai tiéu cu: FF, =2c

e Toa dd cac dinh Al(—a;O), Az(a;O).

e Tiéudiém F(-c;0), F,(c;0).

BAI TAP TU LUAN

2 2

Bai tap 1: Trong miat phang Oxy , cho hypebol (H ) : XT _yT =1. Tim tiéu diém ctia hypebol
Loi giai
Ta ¢6 (H):X—Z—y—zzlz a=1 =c=v5= Fl(—x/g;O),Fz(\/g;O).
1 4 b=2

Bai tap 2: C6 hai tram phat tin hiéu vo tuyén dat tai hai vi tri A,B céch nhau 300km. Tai cung mot thoi
diém, hai tram ciing phat tin hiéu véi van téc 292 000 km/s dé mot tau thuy thu va do d6 1éch thoi gian. Tin
hiéu tir 4 dén sém hon tin hiéu tir B 13 0,0005 s. Tir thong tin trén, ta c6 thé xac dinh dugc tau thuy thudc
duong hypebol nao? Viét phuong trinh chinh tic ctia hypebol d6 theo don vi kilomet.

Loi giai
Do tin hiéu A dén sém hon tin hiéu tr B nén tau thuy thuéc duong hepebol nhanh A.
. 3 : X2y
Goi vi tri tau thuy la diém M . Khi d6 phuong trinh hyperbol c6 dang — — yF =1
a

Khi do |MA— MB| = 2a =292000.0,0005 =146 (km)=a =73
Mat khac AB =300 =2c = ¢ =150
T dé b*> =c*—a*=17171

2 2

. . X y
Vay phuong trinh hyperbol — — =
P 8 7P 73% 1717717

Bai tap 3: Cho hypebol 4x* —5y* = 20. Tim d9 dai truc thyc, truc 4o va tiéu cu.

Loi giai

2 2 _
Taco 4x* —5y° =20<:>)(E—y7=1:>{a“/g suy ra 2a=25,2b = 4,2c = 6.

2 2
Bai tip 4: Trong mat phang toa &6 Oxy, cho hypebol co phuong trinh XE —y7 =1 va M 1a mot diém
thudc hypebol c6 hoanh do bang 12. Tinh MF,,MF, véi F,,F, 13 hai tiéu diém.

Loi giai
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y J 4
g MF, =|a+ x| =19
= a
Taco {bz —c=+va’+bh’ =4
=7 MF, =|a— x| =13
a

2 2

Bai tap 5: Trong mit phang toa do, cho hypebol c¢6 phuong trinh: XZ —y? =1. Puong thing y =3 cit

hybepol tai hai diém A, B . Tinh dién tich tam giac OAB .
Loi giai

2 2

Thay y =3 vao phuong trinh XI _VE =1taduoc: x> =8=Xx= +2/2 .
Do d6 duong thang y =3 cit hybepol tai hai diém A(—zﬁ ;3), B(Z\/E ;3).
Tam giac OAB can tai O nén dién tich tam gidc OAB: S = %.B.AB = %.3.4& =642,
. x> y? \
Bai tap 6: Trong mat phang Oxy, cho hypebol (H ) c6 phuong trinh: T =1.biém M (3a; 2a) € (H )

vadiém M thudc goc phan tu thir nhat. Tinh dién tich tam giac MF,F, .

Loi giai
2 2 2
Vi M(3a;2a)e(H) nén ta duoc: @—%zl@ az—a—:1<:> azzg :i¥m

. , , 4
M nam trong goc phan tu thir nhat nén suy ra M (Zx/g ,?] .

Dién tich tam giac MFF, bang: S = %,FlFZ__A'f = %.10..‘1’\3/§ — 20?:/§_.

Bai tip 7: Trong mit phing toa do, cho Hypebol (H ) di qua diém M (4; J5 ) , c6 mot tiéu diém F,(-3;0)

, 1 , , s
va duong thang d :y =X . Duong thang d cat (H) tai hai diem E,F Tinh d6 dai doan EF .

Loi giai
2 2

Goi phuong trinh ctia (H ) : X—Z—Z—Zzl. Vi M(4;\/§)E(H) nén ta duoc: g—ézl (1).

a a
Tacod a®+b’=c? ma c=3 nénsuyra b®=9-a’ (2)

a?=24

Thay (2) vao (1) ta duge 2— =1 a’-30a’°+144=0< .

a-~ 9-a =6

X2 yZ

Ma a’ <9 nénsuyra a’ =6=Db*=3 do dé (H):———=1.

6 3

Toa do giao diém cua d va (H) la nghiém cta hé phuong trinh
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x? y2 2 2

2 Y 4 4

6 3 o %_y?:lc V' =3]y=+3

y:lx X =2y X=2y|x=2y
2

Suy ra € (245 ~8),F (245:8) EF = (/3 + (213) =2V5.
Bai tip 8:Trong mit phing toa d¢, cho hypebol (H)cé phuong trinh 9x* —7y? =63 va duong thing
d:y=kx. Tim k dé duong thang d va (H ) ¢6 diém chung.
Loi giai

Toa d¢ giao diém cta d va (H) 1a nghiém cta hé phuong trinh

2 _ 7.2 _
{gx 7y 1:>9x2—7.k2x2:1<:>x2(9—7k2):1<:>x2:

—(1).
y = kx 9—7k2()

Suyra d va (H) c6 giao diém thi phuong trinh (1) c6 nghiém

< 9-— 7k2>0<:>k2< o=
7T

2
Bai tap 9: Trong mit phang Oxy, cho hypebol (H ) XT _yT =1. Viét phuong trinh dudng tron tim O
ban kinh OF,
Loi giai

Taco OF, =c=>R=+/5
. R R P 2 2 2 2 2
Phuong trinh dudng tron trén la: (X—O) +(y—0) =5 <X +y° =5
2 2
Bai tap 10: Cho hypebol (H) c6 dang: — _Z_Z =1,(a>0,b>0), di quacicdiém M (3,-2),N(-3v3;4).
a

Viét phuong trinh chinh tic cta hypebol
Loi giai

Vi hypebol (H) di qua cac diém M (3,-2),N (—3\@;4) nén

2
i_(—Z) =1 9i_4i_1 1 —1
a’> b . ‘a®> bl _Jat 3
2
(—3\/5) 4? 27i—16i2:1 %:3
a2 _F:l a b b 2

2 2

Vay phuong trinh chinh tdc ctia dudng hypebol (H) 1a: % - y; =1.(*)

Bai tap 11: Trong hé truc toa dd Oxy, cho hypebol c6 phuong trinh: 4x*> —5y* =20.
i , X2 y2
a) Viét phuong trinh chinh tac cua Hyperbol (H ) la T =1.
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ALY

b) Tinh Hiéu cac khoang cach tir mdi diém nim trén hypebol t6i hai tiéu diém

¢) M e(H) va y, =2;x, <0 . Tinh dién tich tam gisc MFF,
Laoi gidi
a)Tacé-4x2—5y2—2o@4—xz—5—y2—@@x—2—y—2—1:>a2—5:>a—£:>2a—2\£
' 20 20 20 5 4
b) Ta c: |MF, — MF,| = 2a =25

2 2 X, =+/10 (|
¢)Taco: M e(H):>X—'V'—2—=1:> M V1o Y = X, =—\/E:>M(—\/E;2);
5 4 X, =—/10<0

1 1 1
SMFle = Ed (M ;()X).Fllz2 = E|yM |2C - 526 - 6

2 2
Bai tap 12: Trong h¢ truc toa do Oxy, cho phuong trinh chinh tc cua (H ) c6 dang X—Z - [))/_2 =1, trong do
a

a,b >0, hypebol di qua diém M (3& ;—4) va ¢6 mot tiéu diém 1a F,(5;0). Viét phuong trinh chinh tic
cua (H).
Loi giai

Do (H) c6 mét tiéu dieém la F,(50) néntaco c=5=a’+b*=c’=25«<a’*=25-b’

2
7 WV2) g
Vi (H) di qua diém M(3x/§;—4) nén ta co ( az) —%zl@i—?—lb—?:l
a?=25-b?
Theo gia thiét, taco hé: {18 16 -
2

t=16

Pit t =b*>0=a* =25—t thay vao ta dugc t*+9t—-400=0 @L_ -

Déi chiéu véi didu kién t >0 ta duoc t =16 suyra b =t=16,a’ =25-t=9.

Vay phuong trinh chinh tic cua (H) 1a — -2 =1.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

2 2
Toa d6 cac tiéu diém cia hypebol (H):XZ—y?:l 1a
A. F =(-5;0);F, =(5;0). B. F, =(0;-5);F, =(0;5).
C. R =(0,—7);F, =(0:7). D. F, =(—7:0):F, =(v7:0).
Loi gidi

Goi F, =(—c;0);F, =(c;0) 1a hai tiéu diém cta (H).

‘ ‘ Xy 2 2
Tu:phuongtrmh(H).I—?=l,tacoz a’=4vab®=3
Suy ra c2:a2+b2=7:>c=\/7,(c>0).

Vay toa d§ céc tiéu diém ciia (H)1a F, =(—/7;0);F, =(7:0).

2 2

Toa d6 céc dinh cua hypebol (H):;(—5—y?:l 1a

A. A =(-50);A =(50). B. A =(0,-4);A, =(0;4

C. A =(-4,0); A, =(4,0). D. A =(0;-5);A, =(0;5).
Loi gidi

2

2
Tur phuong trinh (H):;—S—y?:l,tacé: a’=25=a=5,(a>0).

Goi A va A, 1a hai dinh cua (H).
Vay toa do cac dinh cua (H)1a A =(-5;0); A, =(5;0).

Phuong trinh chinh tic cua hypebol (H ) c6 mot tiéu diém 1a (\/3_4 ; O) va do dai truc thuc bé“mg
10 1a

2 2 2 2 2 2 2 )
A-(H)Z;—S—ygﬂ- B.(H:—-Y -1 c.(H):2+X 1 b (H): 2L

Loi giai

2 2

Phuong trinh chinh the ctia hypebol (H): > — % =1,(a>0,b>0), ta c6 mét ticu diém la
a

(v34;0)suy ra ¢* =34. Do dai truc thuc 2a=10<>a=5<>a*=25.

Taco: b>=c?*—-a®?=34-25=9.
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AL

2 2
Vay phuong trinh chinh tic cia (H ) 1a: ;(—5 - y? =1.

2 2

Caud:  Cho cia hypebol (H): i(_s - y? ~1. Hiu cc khoang céch tir mdi diém nim trén (H) dén hai
tiéu diém co gia tri tuyét d6i bang bao nhiéu?
A.8. B. 16. C.4. D. 5.
Loi giai

2 2
Goi F, va F, 1a hai tiéu diém ciia (H):X—2—§=1,(a>o,b >0).

QD

Diém M € (H) < |MF, - MF,|=2a.

X2 2
Tu phuong trinh (H ):E_y? =1lsuyra @’ =16=a=4,(a>0).
Vay hiéu cac khoang céch tir mdi diém M nim trén (H ) dén hai tiéu diém c6 gia tri tuyét déi la

IMF, - MF,| =2a=8.

Cau5: Trong cac phuong trinh sau, phuong trinh nio 14 phuong trinh chinh tic ctia dwdng hypebol?
2 2 2 2 2 2 2 2

VA A B. o +Y -1 c. L+X-a pi-Yog

° 52 42 : 42 52 : ° 52 52 = 52 42
Loi giai
i X2 2
Phuong trinh chinh tac cua hypebol c6 dang — — o =1, voi a>0,b >0 nén cac truong hop D
a
1a phwong trinh chinh tic cta dudng hypebol.
2 2

Cau 6: Cho hypebol c6 phuong trinh: ;.(_6 — Z)L/_Z =1. Tiéu cy cua hypebol la:

A 247, B. 25. C. 243. D. 24/2.

Loi giai
Tacd: a®=16=a=4;: b*=12=b=23
Khido: b2=c?—a’?=c?=a’+b2=16+12=28=c=2J7 = 2c =47

Cau7: Phuong trinh chinh tdc cia dudng hypebol (H) cé mét tiéu diém la F,(6;0) va di qua diém

A, (4,0) la:

2 2 2 2 2 2 2 2
ALY 4 B. Y _q c LY _q p. LY _q
9 16 25 16 16 20 4 25

Loi gidi
2 2

Gia sit hypebol (H) ¢ phuong trinh chinh the la = — é —1véia>0,b>0.
a
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Cau 8:

Cau 10:

Cau 11:

AL

42 02

Do A,(4;0) thudc (H) nén 7 p7-lisuyraa=4 mi F,(6;0) la tiéu diém cta (H) nén

a
c=6 suyra b’=c*-a’=36-16 = 20.
X2 y2
Vay hypebol (H) ¢ phuong trinh chinh tic 1a 6 20" 1.

Cho duong hypebol c6 phuong trinh (H ) :100x> — 25y =100. Tiéu cu cua hypebol d6 1a

A. 2410. B. 24104 . C. J10. D. J/104.
Loi giai

2

Hypebol (H):100x — 25y 100@5—3’7_1%51 10,b=2 = c=+/a?+b? =104 .

Tiéu cu cua hypebol 1a 2+/104 .
Cho dudng hypebol co6 phuong trinh (H ) :9x? — y? =1. Khoang céch giira hai tiéu diém la

A@ V10 D. 22.

A. . B.O. c.X =
3 3
Loi giai

(H):9¢ -y’ =1le——-y*=1va a—gb 1=c=+a*+b*= \/_

co\l—\|><

2710
=

Tiéu diém: F{—@;O], F, [@ ; OJ . Khoang cach giita hai tiéu diém 1a FF, =

Cho duong hypebol ¢6 phuong trinh (H):9x* — y* =9. Tiéu cu ciia hypebol do 1a
A. 2410. B. 10. C. 242. D. 44/2.
Loi gidi
2
(H):9x2—y2=9<:>x2—y3=1vé a=1b=3=c=+a’+b’ =10,

Tiéu cu cua hypebol 1a 2410
Cho dudng hypebol c6 phuong trinh (H):9x* — y* =1. Hai tiéu diém ctia hypebol d6 1a

A. F{—@;O},F{@;O). B. Fl(—\/E;O),FZ(x/TO;O).
J10) _(, ~10
Al TefeB]  nemisom
Loi giai
(H):9x* - y* =1l XT y? _1vaa_§b 1o c=al+b? = J—
9

Tiéu diém: F{ f’ ] 2(ﬂ;o).
3 3
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Cau 12:

Cau 13:

Cau 14:

Cau 15:

AL

Cho Hypebol (H):3x* —4y?=12. Goi A 1a giao diém ctia (H) véi truc Ox, A ¢6 hoanh do
duong tong AF, + AF, bang
A 247. B. 7. C. 4J7. C.8J7.
Loi giai
Vi A la giao diém cta (H) véi truc Ox thay y =0 vao (H) ta duoc :
3x* 4.0 =12 < x=2;x=-2 suy ra A(2;0)(do A c6 hoanh do duong):

AF, =(—/7-2,0); AF, = (7 -2,0)
:>AF1+AF2:\/(—\/7—2)2+\/(\/7—2)2 _JT+24T—-2=27

2 2

Trong mit phing Oxy, cho hypebol (H): XT - yZ =1. Goi M(X,;Y,) 1a diém thudc (H) véi

X, >0,Y, >0 sao cho M nhin céc tiéu diém cia (H ) dudi mot goc vuong. Phuong trinh duong
tron tdm O ban kinh OF, 1a
A xX2+y?=45. B. x* +y*=5. C. x* +y*=25. C. x* +y*=10.

Loi giai

Taco OF, =c=>R=+/5
. \ NPT 2 2 2 2, 2
Phuong trinh duong tron trén la: (X—O) +(y — 0) =5 < x*+ y°=5
, X y? . .
Trong mat phang Oxy, cho hypebol (H ) : 69 =1.Hai diém F,F, 1a hai tiéu diém (H ) co

tiéu cy bang.
A. J10. B. 10. C.5. D. 2.5.
Loi giai

 |la®*=16 [a=4
Ta c6: ¥ = b_3:>c:5:> = F,(-5;0),F,(5;0)= FF, =10.

Trong mét phang Oxy , cho hypebol c6 d¢ dai truc 16n va truc bé 1an luot 1a 2a, 2b (a,b > 0).Hai
diém F,,F, 1a hai tiéu diém. biét (H) di qua diém M (sﬁ ; —4) va c6 1 tiéu diém 1a F,(5;0).

(H) c6 phuong trinh

2 2 2 2 2 2 2 2

ALY g B. X Y _1. c. L Y _q. p. LY _q.
9 16 16 9 3 4 4 3
Loi giai
\ S S 2 2 . 18 16
Vi (H)co1tiéudiemla F,(50)=c=5=a"+b* =25 VaM(3\/§;—4)e(H):>—2—F:l.
a

-1 = _ -
a? 25-a?

a2+b2:25 b2:25—a2 b2:25_a2

Ta c6 hé phuong trinh: = =

s PIOng 18 16 1 18 {18(25—a2)—16a2—a2(25—a2)
a’ b’
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AL
a’ =50 , )
b? = 25— a’ b? = 25—a’ ) a? =50,b? = —25(ktm)
= = <{la?=9 =
450 —34a°® = 25a* - a* a’—59a°+450=0 a?=9b*=16
b? = 25-a?
X2 yZ
vay (H): 2 - 2L =1.
(M)~ 15

2 2

Cau 16: Trong mit phing toa do Oxy cho Hypebol (H) c6 phuong trinh chinh tic la: % ~ y? =1.Trén

H) lay diém M batki ta c6 |MF, — MF,| bang

A. 6. B. 6. C. 2\6. D. 12.
Loi gidi
2= a=+/6
Taco {az 6@ I.ViMe(H)néntacé|MF1—MF2|=2a=2\/g.
b?=8  |b=242

2 2

Cau 17:  Cho hypebol (H) c6 phuong trinh chinh tic X—2 -~ % =1. Hypebol C6 tiéu cu la.
a

A. 2c=2a’ +b*. B.c=2Ja’ +b’. C.c=4Ja’ +b’. D. 2c =4+a’ +b’.

Loi giai

St dung mdi lién hé gitta a,b,c trong phuong trinh chinh tic ta c6 ¢? =a’ +b? = ¢ =+/a’ + b’

2 2

Cau 18: Cho hypebol (H) c6 dang: % —;’—2 =1,(a>0,b>0),di qua cic diémM (3;,-2),N (—3@;4).
Tiéu cy Hypebol (H ) bang
A. 245, B. 5. C.5. D. 10.

Loi giai

Vi hypebol (H) di qua cac diém M (3,-2),N (—3@;4) nén

2
¥ (2 _, 11 1 1
a b 2wt @3
? = 1 1 )1 1
(—3\/5) 4? 275 -16.5=1 |===
2 —gzl a b b? 2

2 2

Vay phuong trinh chinh tic cta duong hypebol (H) la: % - y? =1.(%)

Tacé c=+a’+b? =+/3+2=45. Suy ra d¢ dai tiéu cu cua hypebol 1a 2¢ = 2\/§,
Cau 19: Cho hypebol (H) c6 dang: (H):16x* —9y? =144 . Tiéu diém ctia Hypebol la:

A. F,(-4,0),F,(4,0). B. F,(0;-4),F,(0;4).
C. F(-2;0),F,(20) D. F,(0;-2),F,(0;2)
Loi giai
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2 AL
2y a“=9 a=3
Taco (H):16x° -9y’ =144 <2~ Y —1dods : =
9 16 b2 =16  |b=4

Mit khic ¢ =~/a?+b? =/9+16 =5.
Viy tiéu diém cua hypebol trén 1a F.(-5,0),F,(5;0),

2 2

Cau 20: Cho hypebol (H) c6 dang: (H): Z)L(_6 -~ YE =1. Piém nao sau day thuéc Hypebol

A. (4,0). B. (2;0). C. (16;0). D. (8,0).
Loi gidi
Thay A(4;0) vao phuong trinh (H) ta thdy thoa man,

2 2

o X .

Cau 21: Thap “Skyfarm” 12 mét dang nha nhiéu tang hinh hyperbol c¢6 phuong trinh & é =1, bén
trong c6 thé lam tir nong nghiép cho dén nudi tréng thuy san va niang luong duoc thiét ké theo
huéng tu cung cip. Biét chiéu cao cua thap 1a 150m va khoang cach tir noc thap dén tim d6i

. 2 L. . .
xung cua hypebol bang 3 khoang cach tir tdim doi xing dén day, tham khao hinh v& bén dudi.

Do dai doan OB bang
A. 100m. B. 50m. C. 80m. D. 90m.
Loi giai

Theo dé bai ta c6: OA+OB =150m ma OA = %OB nén OA=60m va OB =90 m.

Céu 22: Cho phuong trinh Hyperbol (H ):4x* —9y* =36. D¢ dai truc thuc bang
A 6. B. 3. C.o. D. 4.
Loi gidi
4 2 9 2 36 2 2
Taco: 4x2—9y? =36 > 2V D X Y | a2 _9a-3=2a-6
36 36 36 9 4
Cau 23: Trong h¢ truc toa do Oxy, Hypebol c6 do dai truc 4o va truc thuc lan luot 1a 8 va 10. Phuong

trinh chinh tic ctiia Hyperbol (H) la.
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XZ y2 X2 y2 X2 y2 ’XZ’yZ
A — L =1, B. —- 2L =1. c.—-L -1, D. - L =1.
16 25 25 16 16 9 9 16

Loi giai

bd daitrucaola 8=2b=8=Db=4;d06 dai truc thuc 1a 10 =>2a=10=a=>5

2 2

Ciau 24: Cho hypebol (H) ¢6 phuong trinh chinh tic XI - YE =1. Tim tiéu cu F,F, cua hypebol (H).
A. FF, =3. B. FF, = 4. C. FF,=8. D. FF,=6.
Loi gidi
Tir phwong trinh chinh tic cta (H ) taco a’ =4,b*> =5nén c=+a’+b’ =3.

Vay (H) cotitucula FF,=2c=2.3=6.

2 2

Cau 25: Cho hypebol (H ) c¢6 phuong trinh chinh tic XE — y7 =1. Tim céc tiéu diém F,;F, cua hypebol

)
A. F(-3,0), F,(3,0). B. F,(-2,0), F,(2,0).
C. F(-4,0), F,(4,0). D. F,(-16;0), F,(16;0).
Loi giai
Tir phuong trinh chinh tic cﬁa( H ) taco a®=9,b> =7nén c=+va’+b’ =4,
Vay (H) ¢ hai tiéu diém 13 F.(-4:0), F,(4;0).

2 2
Cau 26: Cho hypebol (H) ¢6 phuong trinh chinh tic )2(—5 — Z)L/_6 =1. Hiéu cac khoang cach tir mot diém

nam trén (H ) toi hai tiéu diém c6 gia tri tuyét doi bang bao nhiéu?
A. 5. B. 10. C. 4. D. 8.
Loi giai

T phuong trinh chinh tic cia (H) taco @’ =25=>a=5.
Vay hiéu cac khoang cach tir mot diém nam trén (H ) t6i hai tiéu diém c6 gia tri tuyét ddi bang
2a=2.5=10.

2 2

Cau 27: Cho hypebol (H ) c6 phuong trinh chinh tic XT - yT =1. Tim tiéu cu cua hypebol (H).

A. 2. B. 24/2. C. 4. D. 6.
Loi giai

Tir phuong trinh chinh tic ciia (H)ta c6 a® =1,b* =1nén c =va® +b? =+/2.
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AL
Vay (H) cotiducula FF, =2c=2V2.
Céu 28: Hypebol 7x* —9y? =63 c6 tiéu cu bang
A. 8. B. 16. C. 4. D. 63.
Loi giai
a’=9 a=3

2 2

Ta co: 7X2—9y2:63®%—y7:15uyra b? =7 —1b=4/7.
c’=a’+b*> |c=4
Vay hypebol co tiéu cu la: FF, =2c=8.
Ciu 29: Duong hypebol 4x? — y* =16 c¢6 mot tiéu diém 1a diém nao dudi day?
A. (2,0). B. (-2,0). C. (243,0) D. (245,0)
Loi gidi
az = 4 a= 2
X2 y2
Taco: 4x* —y° =16 ——2-=1suyra {b° =16 =:{b=4
4 16 s o o
c’=a’+b c=25
Céc tiéu diém cua hypebol 1a (—2J§ ;0) va (2\/5 ;o). .
Ciu 30: Hiéu cac khoang cach tir mot diém bat ky nam trén hyperbol 4x* —9y? =36 t6i hai tiéu diém co

gia tri tuyét dbi bang

A. 4. B. 6.. C.12.. D. /5.
Loi giai
X2 y2 a2=9
Taco 4x* —9y* =36 < ——-2-=1suyra =a=3.
9 4 b?=4

Hiéu cac khoang cach tir mot diém bét ky nam trén hypebol téi hai tiéu diém c6 gia tri tuyét ddi
bang 2a=2.3=6.

2 2

Cau 31: Cho diém M nam trén hypebol :_6 - YE =1. Néu hoanh do diém M bang 8 thi khoang cach tir
M dén cac tiéu diém cta hypebol 1a
A.8+442.. B. 8++/5.. C. 6 va 14.. D. 5 va 13.
Loi giai

2 2

. 8 vy
V6i x=8tacd: ——I—=1=y=133.
16 9 y \/_

C6 hai diém M thoa man la M, (8;3V3) va M, (8,-313).
Tiéu diém ctia (H) 1a F(-5;0) va F,(5;0) nén M,F, =M,F, =14, M,F, = M,F, =6.
Céu 32: Phuong trinh nao sau day 1 phuong trinh chinh tic ctia duong hypebol?

X2 2 XZ 2 X2 2

2 2
Ay o B Y- X Y_ pl Y.
41 41 4 1 =4 1

Loi giai
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Cau 33:

Cau 34:

Cau 35:

Cau 36:

AL

2 2

Phuong trinh chinh tic ctia duong hypebol 1a XZ - yT =1.
Viét phuong trinh chinh tic cia duong hypebol biét tiéu cu bang 6 va do dai truc thuc
AA =2a=4.

2 2 X2 2 2 2

2 2
B. XY g B Y _ 1 ciil_g p. LY g
4 3 4 3 43 4 5

Loi giai

Tacotiucy 2c=6=>c=3 via=2 va c=+a’+b?> =3=+/2"+b> =b=1/5.

2 2
Phuong trinh chinh tic caa duong hypebol 13 XT — y? =1.

Viét phuong trinh chinh tic ciia dudng hypebol (H ) , biét tiéu diém F (—\/g ; 0) va do dai truc
ao BB,=2b=4.

2 2
ct-Yq B. X -
4 5

2 2
p. XY _q1
3 1 4

N|<M
[
H
: 0
: I
+
|
[
H

Ta c6 tiéu diém Fl(—\/g;O) suy ra sz/g.
Do daitruc a0 BB, =2b=4 suyra b=2 va c=va’+b> =>5=+a’+4 = a=1.
2 y2

Phuong trinh chinh tic ctia dudng hypebol 14 XT vy =1.

Viét phuong trinh chinh tic ctia duong hypebol (H )s biét toa do dinh Al(—5;0) va tam sai

e=S-12.
a
2 2 2 2 2 2 2 2
p. LY 1. B. X Y 1 c. Y g p. Y _
5 2 5 4 25 4 25 25
Loi giai

Ta c6 dinh Al(—5;0) suyra a=>5.

Tir gid thidt thm sai e= > =2 = ¢ =52 vi c=+a? +b? =5¢2 =+/5? +b? = b =5.

a

2 2

Phuong trinh chinh tic ctaa duong hypebol 13 ;(—5 Y 1.

25
Trong mit phang OXy, viét phuong trinh chinh tic cia hypebol (H) biét (H) c6 mét tiéu diém

1a F,(3;0) va cat truc hoanh tai diém c6 hoanh d¢ bang —2.

2 2

2 2 2 2
Al Yo B. XY g c. LY g p. LY 1
4 4 4 5

|

4 5 1
GV. Phan Nhat Linh - & SDT: 0817 098 716



Chuong 7. PHUONG PHAP TOA PO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

AL

Loi giai
2

2
Gia sit hypebol (H ) c6 phuong trinh la —Z—Z ~1(a>0,b>0).
a

(H) cat truc hoanh tai diém A c6 hoanh d¢ bang —2 = A(—2;0)e(H)<:>§—O:1c> a’=4
F,(3;0) 1a mét tieu diém cua (H)=>c=3< ¢’ =9 a’ +b* =9=Db* =5.

2 2
Vay phuong trinh hypebol (H) la X? Y

5
Cau 37: Trong mit phang Oxy, viét phuong trinh chinh tic cta hypebol (H) biét (H) c6 tiéu cu bang

8 va gia tri tuyét dbi cua hiéu khoang cach tu mdi diém thudc (H ) dén hai tiéu diém cua (H )

bang 6.
2 2 2 2 2 2 2 2
ALY g B. Y 1. c. LY g p. L_Y 4
25 9 9 7 9 25 7 9

Loi giai

2

2
Gia su hypebol (H) c6 phuong trinh Ia X—Z _EJI_Z =1(a>0,b>0).
a
Gia tri tuyét ddi ctia hiéu khoang cach tir mdi diém thudce ( H ) dén hai tiéu diém bang 6 = a =3

(H) cotiucubing 8=2c=8<c=4<a’+b*=16=hb*=16-9=7.

2 2
Vay phuong trinh hypebol (H ) la XE — y7 =1.

Cau 38: Trong mit phang Oxy, viét phuong trinh chinh tic ciia hypebol (H ) biét (H ) di qua hai diém
A(4v2;2) va B(-6,—5).

2 2 2 2 2

ALY g B. Y1 R S AN A
=16 4 31 31 24 12 32 8
Loi giai
X2 yZ
Gia st hypebol (H) c6 phuong trinh la —Z—b—2=1(a> 0,b>0).
a
| 2 4 36 5
A(#Z2)e(H) & 22— =1(1): B(-6:-5)<(H) & -5 =1(2)
1 1
21 2 _1 2 2
Tir (1), (2) = i 16 = {ZZ _ 46. Vay phuong trinh hypebol (H) 1a I—6—y7 -1,
b? 4
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AV

Ciau 39: Trong mit phing Oxy,viét phuong trinh chinh tic cua hypebol (H) c6 mot tiéu diém 1a
F(—v10;0) va di qua diém A(4—2).

2 2 2 2 2

ALY g B.X_Y _q c X Y _q p. L_Y 4
12 6 8 4 8 2 12 2
Loi giai
X2 yZ
Goi phuong trinh hypebol (H) la —Z—b—2=1(a> 0,b >0).
a

F(—V10;,0)= c=—10 & ¢* =10 = a” +b* =10 < b* =10-a” (1).

16 2

g—le(Z)

Al4—2)e(H) =
Thay (1) vao (2) ta dugc:

16 2

=1<a*-28a°+160=0 <

a’=20=b?* =-20 (loai)
a? 10-a? '

a’=8 =bh*=2

2 2
Vay phuong trinh hypebol (H) 1a % - y? 1.

Cau 40: Cho hypebol (H)c6 hai tiéu diém F;;F, nim trén Ox va doi xtmg qua gdc toa dd O, (H)di
4

(
4\/3_ 2 2
5

qua diém M (—,g] va F;MF, =90°. Phuong trinh (H ) c6 dang X—z - é =1.Tinh ab
a

A. ab=12. B. ab=15. C. ab=20. D. ab=10.
Loi giai

2 2
bit c=+a*+b’ =OF, = OF, thi ta c6 OM _\/(@J +(gj =5.

5

Ma FMF, =90° = F F, = 20M =10 = F,(-5,0):F, (5,0). Khi do:

MF, =+/50 +8v34 = 4-+/34; MF, =+/50 — 834 =4 +/34 = |MF, — MF,| =8 =2a = a = 4.
Viy b=+/c?—a® =+/25-16 =3=> ab =12.

Cau 41: Cho hypebol (H)c6 hai tiéu diém F;F, ndm trén Ox va déi ximg qua gbc toa do O, (H)di

.x 41
quadiém M c6 hoanh d6 -5 va MF, = %; MF, = 7 Phuong trinh duong hypebol (H ) c6 dang:
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Cau 42:

Cau 43:

. AL

Goi phuong trinh dudong hypebol (H ) c6 dang: X—Z - é =1, trong d6 FF, =2c
a
Mat khac: ¢ =+a’+b’ néntacod |MF,-MF,|=8=2a=a=4.

Goi M (-5;y);F,(~-¢;0);F,(c;0)=> FM2 = (c =5)" + y4F,M? = (c +5)" + y?

= FM?-FM?=-20c=-100=>c=5=b"=9.

A Xy
vay (H): XY
y (M)
NG yz i .
Cho hypebol (H):——-=—=1 c¢ hai tiéu diém F;F, nam trén Ox trong d6 F, c6 hoanh d%
16 9

am, cho diém M nam trén hypebol sao cho F,MF, =60°. Khi d6 MF, c6 d6 dai 16n nhat 1a m.
Ménh dé nao sau day dang?
A. me(9;10). B. me(10;11). C. me(1112). D. me(12;13).

Loi giai

2 2

Ta 6 (H):%—%:l:a:«b:s:c:s: F,(-5,0);F, (5,0);F,F, =10.

MF, > MF,

Dé do dai MF, max =
MF, - MF, =2a=8= MF, = MF, -8 =m -8

Ta c6 FMF, =60° = F,F,2 = MF? + MF,? — 2MF..MF,.cos F,MF, .

m=4-213

—100=m*+(m—8)° —2.m(m—8).cos60° = m? —-8m—-36=0 < .
(m-8) (m-8) m=4+213

Vay m=4+2y13 (do m>0).

Cho hypebol (H):9x?* —16y* =144 c¢ hai tiéu diém F;F, ndm trén OX trong d6 F, c6 hoanh
d6 am. Pudng thang Ay = m*x—3m —1 cit hypebol tai hai diém thudc 2 nhanh hypebol, M 1a
giao diém thudc nhanh c6 hoanh do duong sao cho MF, ngan nhat. Tim m .

m=1

A.m=—=—. B. m=1. C. 1. D. m=-1.
4 m:—z

Loi giai
2 2

e = S e

Khi d6 v6i moi diém M thudc nhanh ¢ hoanh d duong sao cho MF, ngén thi M = A, (4;0).
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AL

m=1

Vay A, eA:4m*-3m-1=0< oL
4

Thur lai:
Véi m=1= (A) y = X—4, ta c6 phuong trinh hoanh d¢ giao diém ciia dudng thang va hypebol
la: 9x* —16(x — 4)2 ~144 =0 < 7x* —128x + 400 = 0 ¢6 2 nghiém ctung duong nén loai.

Véi m= —% :>( ) = iX 1 , ta cO phuong trinh hoanh do giao diém cua dudng thing va
143 1
hypebol 1a: 9% —16 —144 0= EX + E X—145=0 c6 2 nghiém trai diu.

Vay chon m = —Z

PHAN II. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoic

sai.

Cau 1:

Cau 2:

2 2

Trong mat phéng Oxy, cho hypebol ( H ) : ;.(_6 - y?

=1. X¢ét tinh dung sai cta cac khang dinh sau:
a) Hypebol (H ) co toa do tiéu diém Fl(—5;0), F, (5;0) .

b) Hypebol (H) c6 do dai truc thuc bang 16.

¢) Hypebol (H) ¢6 do dai truc o bang 4.

d) Hiéu cac khoang cach tir mdi diém ndm trén (H ) dén hai tiéu diém c6 gia tri tuyét doi bang
10.
Loi giai
a)Pung: c=+/a’+b° =116+9=5= Fl(—5;0), F, (—5;0).
b) Sai: Do dai truc thyc 2a =216 =8.
¢) Sai: D9 dai truc a0 2b =29 =6.
d) Sai: Hiéu cac khoang cach tir mdi diém nam trén (H ) dén hai tiéu diém c6 gia tri tuyét doi 1a
|MF, - MF,| =2a=8.
Cho hypebol (H) c6 phuong trinh: 16x* —9y? =144. Xét tinh diing sai clia cdc khang dinh sau:
a) Hypebol (H) c6 hai tiéu diém: F.(-5;0),F,(5;0).
) 6 tiéu cu bang 5.

b) Hypebol (H

¢) Hypebol (H) c6 hai diém c6 hoanh d§ x=2.
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AL

d) Khi —4 <k <4 thi duong thang (d):y =kx c6 diém chung véi hypebol (H).

Loi gidi
XZ y2 a2:9
a) Ptng: Ta co (H):E—E=1.Dodétacé: {bz 16 nén ¢ =a*+b*=25. Suyra: ¢c=5.

Nén hypebol (H ) ¢6 hai tiéu diém: Fl(—5;0), F, (5;0) .

a) Sai: Vi tiéu cu: FF, =2¢=10.

¢) Sai: Thay x=2 vao phuong trinh (H): 16.2° -9y’ =144 & y* = —% (vd nghiém) nén
hypebol d6 khong ton tai diém nao c6 hoanh d6 x=2.

d) Sai: Toa d6 giao diém cua hypebol (H) va duong thang (d):y=kx la nghiém cta hé:

= kx
Y , , suy ra: 16x* —9k*x* =144 < (16—9k2)x2 =144 .
16X2 —9y? =144

Puong thang (d) cit (H ) khi va chi khi phuong trinh (1) c6 nghiém, tuc la:

16 —16k* =0 4 A
, 144 <:>16—9k2>0©—§<k<§.
- 16-9Kk?
. . X y? .
Cau3: Trong madt phang OXxy, biét hypebol (H):— - P 1 c6 mot tiéu diém 1a F(-3;0) va do dai
a

truc thyc bang 4. Xét tinh dung sai cua cac khang dinh sau:
a) Hypebol (H ) co tiéu cu bang 6.
b) D¢ dai truc do cua hypebol (H)1a 2b= 5.

2 2
¢) Phuong trinh chinh tic ctia hypebol (H ) la XZ — yg =1

d) Hypebol (H ) cdt truc hoanh tai hai diém c6 toa d¢ lan luot 1a(4;0),(~4;0).
Loi giai

a) Dung: Fl(—3;0) suy ra C=3=> 2c =6 nén tiéu cy bang 6.

b) Sai: a=2,c=va’+b* =3=+v2>+b* =b=+/5 nén do dai truc 4o cua hypebol (H) la
2b =245,

¢) bung: Theo trén ta ¢c6 a=2,b= J5 suy ra phuong trinh chinh tic ctia duong hypebol la

2 2

Xy

4 5

d) Sai: Hypebol (H) cét truc hoanh tai hai diém c6 toa d0 1an luot 1a (2;0),(~2;0).
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Cau 4:

Cau 5:

AL

Trong mit phiang Oxy, goi (H ) 1a hypebol c6 mét tiéu diém la Fl(—x/E;O) va di qua diém
A(4; 2 ) Xét tinh dung sai cua cac khang dinh sau:

a) Tiéu diém con lai ctia hypebol (H)la F, (x/l_O . 0) .

b) Hypebol (H ) c6 tiéu cu bang J10.

¢) Gié tri tuyét doi cua hiéu cac khoang céch tir mdi diém thudc hypebol (H ) dén hai tiéu diém
bang 42,

2

d) Phuong trinh chinh thc cita hypebol (H ) la % -2
Loi gidi

a) Dung: Fl(—x/E;O): c=+10= F2<\/E;O)

b) Sai: F,(—/10;0)=> ¢ =+/10 = 2c = 24/10 nén tiéu cu bing 2+/10 .
1

2 2
¢) bung: Ta goi phuong trinh hypebol (H ) la % — é =1 (a >0,b> 0) .

F(—V10,0)=c =10 & ¢* =10 < a’ +b* =10 <= b* =102 (1).

A(4;—\/§)€(H)<:>;—§—b%=l(2) Thay (1) vao (2) ta dugc:
2 _ 2 _ _
2— 2 ~=1l<a'-283° +160=0 < a”=20=b" =-10 (loaii)

a’ =8=a=22=2a=4J2 =|MF, - MF, |=2a=4J2.

2 2
d) Dtng: Theo 15i gidi trén ta c6 a® =8;b* = 2 nén phuong trinh hypebol (H ) la % — y? =1.
Cho Hyperbol (H ) c6 mot tidu diém Fl(—4;0) va d6 dai truc 4o bang 28 . Xét tinh dung sai
clia cac khang dinh sau:

2 2

a) Phuong trinh chinh tic ciia Hyperbol 1a % + y7 =1

b) P dai truc thyuc bang 6.
¢) Tiéu cy ciia Hyperbol (H) 1a 4.
d) Piém B(3; O) nam trén Hyperbol (H ) .
Loi giai

X2

2
Phuong trinh chinh tdc ctia heberbol (H) c6 dang = — # =1, (a>0,b>0).
a
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7 AL
Vi (H ) c6 mot tidu diém Fl(—4;0) nén c=4
Do dai tryc a0 bang J28 suy ra 2b = J28 b =7
X2 y2
Ma a* =c? —b? =4? -7 =9. Viy phuong trinh Hyperbol (H) la: ST =1.

a) Sai:
b) Pung: a=+/9 =3 nén do dai truc thuc 2a=6.

c¢) Sai: Tiéu cy 2c=8.

2 2

d) bung: bung do %—07 =1 nén B(3;0) nim trén Hyperbol (H).

2 2

. X :
Cau 6: Trong mat phang toa do, cho hypebol c6 phuong trinh: 7 YE =1. Xét tinh ding sai cia céc

khang dinh sau:
a)a=2,b=3.

b) Hybebol c6 hai tiéu diém 1a F; (~13;0),F,(v13;0).

c) Piém M (5;y,,) véi y, >0 nim trén hypebol c6 tung do y,, =

2421
=

d) Dudng thing y =3 cét hybepol tai hai diém A, B. Dién tich tam gidc OAB bing 3v/2 .
Loi giai
a)Ping: a°=4,b°=9=a=2b=3.

b) Ding: c=+a’+b? =M=\/1_3 = FI(JE;O),Fz(—JE;O)

. . Xy 25 vy,°

c) Sai: Thay Xx=5y=Y, vao phuong trinh Z_Ezl ta dugc: 1 =1 suy ra
321

Yu = 2 (YM >0)

2 2
d) Sai: Thay y =3 vao phuong trinh X? —y? =1 taduge: x> =8 =X = +24/2..

Do d6 duong thing y =3 cét hybepol tai hai diém A(—zﬁ ;3), B(zﬁ :3).

Tam gidc OAB can tai O nén dién tich tam gidc OAB: S = %.B.AB = %.3.4& =62.

2 2

Cau7: Trong mit phing toa do, cho hypebol (H ) c6 phuong trinh: % — i/_G =1. Xét tinh dung sai cia

cac khang dinh sau:
a) a=4.
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Cau 8:

AL

b) Biém M (-3;0) ndm trén hypebol.

¢) Tiéu cu cua (H ) bang 10.

d) biém M (3a;2a)e(H) thudc goc phan tu thir nhat. Dién tich tam gidc MF,F,bing ﬂ
Loi gidi
a) Sai: a>=9 nén a=3
Xy (-3 0
b) bung: Thay x =-3,y =0 vao phuong trinh 3 16 =1 dugc ——— 5 =1<1=1(dang)

Do ddé M e(H)
c)Dung: Tacé a=3,b=4=c=+a*+b*=5=2c=10. Do d6 tiu cy FF, =2c=10.
d) Sai: Vi M (3a; 2a) € ( H ) nén ta duoc:

(3a)" (2a)’ , & , 4 243

— =lca ' -—=loa =-<a= +— ma M nam trong goc phan tu thir nhat
9 16 4 3

nén suy ra M (2%,%}

Dién tich tam giac MF,F, bang: S _E FF,. 4\3{7 =% 10. % —¥

Trong mat phing toa do, cho Hypebol (H ) di qua diém M (4;J§ ) c6 mot tiéu diém F,(-3;0)
va duong thang d 1y = %X. Xét tinh dtng sai ctia cac khang dinh sau:
a) Tiéu cy ctia (H) bang 6.
b) [MF,| =6
¢) Goi A 1a mot diém tuy y thudc (H ) .Khi d6 A cach tryc Oy mot khoang ngan nhat bang 4.
d) Puong thing d cit (H) tai hai diém E,F va EF =2415.

Loi giai

a) Pung: Vi (H) c6 tiéu diém F,(-3;0) nén ¢ =3 suy ra tiéu cy 2c =6

b) Ding: (H) c6 tiéu diém F, =(3;0) nén |MF2|:\/(3—4)2+(0—\/§)2 =6

c) Sai: Taco ¢ =3 nén d(A;0y)<3

d) Bung: Goi phuong trinh cua (H): X Y g,
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Cau 9:

16 5
Vi M (4,45 ) e(H) nén ta duge: = =10,
Tacod a® +b®>=c®> ma c=3 nénsuyra b* =9-a° (2)
2=24

4 2 a =
> s=l<a -30a°+144 =0

Thay (2) vao (1) ta dugc i_6_9—a g

Ma a®*<9 nénsuyra a°=6=Db*=3.
2 2

Dodé(H):%—y?=1.

Toa dd giao diém cua d va (H ) la nghiém cua hé phuong trinh

2 2

Xy 2 2

——=—=1 4y Yy 2 3
IR —1©{y —:{y—iﬁ_
y:EX X =2y X=2y|x=2y

Suy ra (2433, F (243;3) EF =\/(4J§)2 +(243) =245.

Trong mit phang toa do, cho hypebol (H)cé phuong trinh 9x* —7y* =63 va dudng thang
d :y = kx. Xét tinh dung sai cua cac khang dinh sau:
a) b*=9.

b) Gia tri tuyét d6i ctia hiéu cac khoang cach tir mdi diém thugc hypebol dén hai tiéu diém bang

2J7.

¢) Hai tiéu diém 1a F,(—4;0),F,(4,0).

d) C6 5 gié tri nguyén cia k dé dudng thang d va (H) c6 diém chung.
Loi giai

2 2

a) Ping: 9x* —7y* =63 ©x7_y321 nén suy ra b*> =9

b) Dung: a?=7T<a=7 suy ra |MF1—MF2|=2a=2\/7
c) Ping: ¢ =a’ +b’ =7+9=16 = c=4. Do d6 hypebol c6 hai tiéu diém F,(—4;0),F,(4;0)

d) Sai: Toa d0 giao diém cua d va (H) la nghiém ciia hé phuong trinh

2 _ 72 _
{gx 7y 1:>9x2—7.k2x2:1<:>x2(9—7k2):1<:>x2:

—(1).
y = kx 9—7k2()

Suyra d va (H) c6 giao diém thi phuong trinh (1) c6 nghiém
9
S9-7k* >0 k? <cex
7

Vay k nhéan céc gia tri nguyén —1,0;1 nén co ba gia tri ciia K .
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Cau 10:

PHAN III.

Cau 1:

o AL

Cho hypebol (H) ::—6 - y? =1. Xét tinh diing sai cta cac khang dinh sau:
a) Tiéu cu cua hypebol bang 5
b) Diém A(4;3)e(H)
c) Tiéu diém ctia hypebol 1a F,(-5;0), F,(5;0)
d) Trén (H) c6 4 diém M sao cho MF, L MF,.
Loi giai
a)Sai: Taco a°=16=>a=4,0"=9=b=3c’=a’+b*=16+9=25=c=5

2 2
b) Sai: Thay toa do diém A(4;3)vio phuong trinh i(_e - VE 1, ta duge 0=1(v6 Iy))

¢) bung: Tiéu diém: F (—5;0), F, (5;0)

d) Bing: Goi M (X,,; Yy ) € (H)va MF, L MF, nén MF? + MF,” = FF,”

c Y c Y 5 Y 5 Y
sla+—=x, | +la-=x, | =) < |4+=x, | +|4-—=x, | =100
( a M] ( a Mj (@) ( 4 Mj ( 4 Mj

~ 4@3)/ L9 M[ 434 9} ( 434 9
M~ = M~ — 1| =7 T - WV T o
544 5 5 5 5 5
oSXl=""
" 25 434 9 434 9 434 9
X, = sy =t s M, 2 M, 2
M 5 M ' 5 5% 5 '5

C6 4 dieém thoa man yéu cau:

Ml[_@;g},M{_@;_QJ,M{“@- 9} M{@;g}

5 '5 5 ' 5 5 "5/ 5 '5

Cau trac nghiém tra I&i ngan

2 2

Trong mit phang toa ¢ Oxy cho Hypebol (H ) c6 phuong trinh chinh tic 1a: % — % =1. Trén
(H) lay diém M batki. Tinh |MF, — MF,|

Loi giai

N nén d6 dai truc thuc 2a = 2+/6 , do dai truc a0 2b =42 .
8 |b=2V2

Vi M e(H) néntaco [MF, - MF,| =2a=26..

, {a2=6 {azﬁ
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2 2

. X . .3 .
Cau2: Trong mit phang Oxy, cho hypebol (H): T y? =1. Goi M (Xy;Y,) la diém thudc (H) voi
X, >0,Y, >0 sao cho M nhin cac tiéu diém cta (H) dudi mét goc vudng. Gid tri ciia biéu thie

T = 24/5x, +~/5Y, bing 10.

Loi gidi

Diém M nhin céc tiéu diém cua (H) dudi mot géc vudng = Diém M ndm trén dudng tron

tim O dudng kinh FF,. Taco OF,=c=R=+/5
X \ N A 1 2 2 2 2,2
Phuong trinh dudng tron trén 1a: (x—0)" +(y —0) =5 o x*+y’=5

Toa d0 diém M 1a nghi¢m cua h¢ phuong trinh:

X2+y2:5 X2=§ X=§ a:3\5/g
Xy e =3 (vi toa d6 diém M duong) =
1 4 5 [ -2

Cau 3: Trong hé truc toa do Oxy, Hypebol c6 do dai truc 4o va truc thuc lan luot 1a 8 va 10. Piém
M e(H) va y, =4x, <0.Tinh MF,.
Loi giai

Do dai truc a0 1a 8 =2b=8=Db=4 ; d6 dai truc thyc la 10 = 2a =10 = a =5 nén phuong

trinh chinh tic cta hyperbol (H) 1a — — 2 =1

rinh chinh tc ctia hyperbol ( ) a T
2 2 x, =5v2 (I

Taco: Me(H)= 2% g | ™ () = Xy =-5v2 = M (-5v2;4);
25 16 Xy =—5v2 <0

F,(v/41,0); do d6 MF, = \/(\/ﬂ+ 5\5)2 +(4)" =+/95+1082

Cau4: Dé chup toan canh, ta co thé sir dung mot gwong hypebol. May anh duoc huéng vé phia dinh cia
guong va tim quang hoc cia may anh duoc dat tai mot tiéu diém cia guong (xem hinh).
Guong
Hypebol

Tam may
anh

B

2 2

. X
Phuong trinh cho mét cdt cia guong la 55~ ]3./_6 =1. Tinh khoang céach tir quang tdm cua may

anh dén dinh cta guong. (Két qua lam tron dén hang phan tram)
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AL

Loi giai

, a’ =25 2 2 2
Tacod o2 &cf=a‘+b :41:>C:\/H.

Toa ¢ tiéu diém cia guong 1a F; (—41;0);F, (v/41;0)
Lai c6 a=5 nén toa do dinh ctia guwong la Ai(—5;0); A (5;0)

Vay khoang cach tir quang tAm ctia may anh dén dinh ctia guong bang

AIFZ:\/(S \F) +0% =5++/41~11,4.

Cau5: Mot guong hypebol (duoc st dung trong mot sé kinh thién vin) c6 tinh chit 1a mot tia sang

huéng véo tiéu diém s& bi phan xa sang tiéu diém khac. Guong trong hinh v& c6 phuong trinh
2 2
;(_6 — é =1. Piém M (a b) trén guong s& nhan duoc tia sanh di qua diém (0 10) va bi phan xa

sang tiéu diém con lai? (tham khao hinh v&). Tinh T =a+b.

Fy
Ll
’ y
‘\\ \ + Mirror
Hyperbolic \ 10+ 3
reflector \ 8 - .
reflector . | . N
N +
\\ ‘\ 4 d 4
\ [JESIEL Ll -ia
e ,\ B -10 '-4 L241\810
/ / ’ -4
: // 1 ’l -6 -1
d /~— Parabolic reflector // N 2 -84
E . -10
Loi giai
2 2
. x>y
Goi (H): =—=—=
36 64

2 2

Phuong trinh cua guong (H)c() dang X—Z—Z—zzl,véi a=6,b=8;suyra c=+a’+b*=10.
a
Gid str diém can tim1a M € (H)

Goi duong di cua anh sang qua diém (0;10) va M la d, do tia sang sau khi phan xa boi guong
s& di qua tiéu diém F,(—10;0), suy ra d nhdm vao tiéu diém F,(10;0) (F, ed).
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AL

Tur day dé dang 1ap duoc phuong trinh cia d 1a y =—x+10.

Toa dd cia M €(H) 12 nghiém cua hé

X~-32,25
y=-x+10 y=-x+10 y ~ 42,25
X2 yZ = ) =
£_a=1 28x° +720x—5904 =0 X =~ 6,54
||y ~3,46

Do diém can tim nim ¢ nhanh bén phéi nén ta c6 M = (6,54;3,55)
Khi d6 a=6,54;b=355=T =a+h=10,09

Cau 6: Dibu huéng LORAN (diu hudng vo tuyén dudng dai) cho may bay va tau thay st dung cac
xung dong bd dugc truyén boi hai tram phat dit cach xa nhau. Cac xung nay di chuyén véi te
dd anh sang (186.000 ddm / gidy). Su chénh 1éch vé thoi gian nhan dugc phan xa cia cac xung
nay tir mot may bay hodc tau thuy 1a khong doi, nén may bay hodc con tau s& nim trén mot
hyperbol ¢é cac tram phat 1a cac tiéu diém. Gia sir rang hai tram phat, cach nhau 300 dam, duoc
dat trén mot hé toa do vudng goc tai cac diém c6 toa do (—150;0) va (150;0) va mot con tau

dang di trén mdt con dudng 1a mdt nhanh cua hypebol va co6 toa do (X; 75) (xem hinh v¢).

Tinh gan dung hoanh d6 cia vi tri con tau khi chénh léch thoi gian giita cic xung tir cac tram
phat 1a 1000 micro gidy (0,001 gidy) (Két qua lam tron dén chir s6 thap phan dau tién sau dau
phay)
Loi giai
2 y2

. . X
Goi duong di cua con tau 1a (H) thi (H) c6 phuong trinh dang = — o 1;
a

Véi gia thiét ta c6 c4c tiéu diém cia (H) 1a F(-150;0), F,(150;0), suy ra ¢ =150
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AL

Gia st vitri contau hiéntaila M (X; 75) € (H ) ; theo gia thiét dd chénh 1€éch thoi gian gitra cac

xung tir cac tram phat 1a 1000 micro giay (0,001 gidy), tic la:
|MFl - MF2| =0,001.186.000 =186 (dam); tirc la ta c6 2a=186 = a=93;
2

R \ X y
— b =+/c> —a® =27+/19 nén phuong trinh (H): - =1.
phuong trinh (H): 20— ee1

2

2 2 -
Taco M(x75)e(H) < X 75 1 {X~110,3

- =l .
8649 13851 X ~-110,3
Vay hoanh d6 cua con tau gﬁn béng 110,3.

Cau7: Diéu huéng LORAN (diéu huéng vo tuyén dudng dai) cho may bay va tau thiuy st dung cic
xung dong bd dugc truyén boi cac tram phat dit cach xa nhau. Cac xung nay di chuyén véi tc
dd anh sang (186.000 ddm / gidy). Su chénh 1€ch vé thoi gian nhan dugc phan xa cia cac xung
nay tr mot may bay hodc tau thuy 1a khong ddi, nén may bay hodc con tau s& nam trén mot
hyperbol c6 cac tram phat 1a cac tiéu diém. Gia sir rang hai tram phat, cach nhau 300 dam, dugc
dat trén mot hé toa do vudng goc tai cac diém c6 toa do (—150;0) va (150;0) va mot con tau

dang di trén mdt con dudng 1a mot nhanh cua hypebol (xem hinh v¢).

y

Biét rang do chénh léch thoi gian giita cdc xung tir cac tram phat v6i con tau 1a 1000 micro gidy
(0,001 gidy). Xéac dinh khoang cach giita tau va tram phat s6 1 khi tau vao bo.

Loi giai

2 2
Goi duong di cua con tau 1a (H) thi (H) c6 phuong trinh dang X—2 - E)/—Z =1;
a

Véi gia thiét ta c6 c4c tiéu diém cia (H) 1a F(-150;0), F,(150;0), suy ra ¢ =150

Gid su vi tri con tau hién tai [a M (X; y) € (H ); theo gia thiét o chénh léch thoi gian giita cac
xung tr cac tram phat 1a 1000 micro giay (0,001 giay), tuc la:
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AV

|MF, — MF,| =0,001.186.000 =186 (dim); tic 1a ta c6 2a =186 = a = 93;

2 2

—b=+/c? —a? =27+/19 nén phuong trinh (H): x Y =1.
V19 nén phuong trinh (H): 220 —moer

Tram phat s6 1 ndm tai tiéu diém F,(150;0), vi tri khi con tau vao by 1a dinh cia (H) 1a
A, (93; 0) .
Vay khoang cach tir vi tri tu vao bo dén tram s6 1 1a: F,A, =150 -93 =57 (dam).

Cau 8: Mot con tau dang trén hanh trinh di song song v6i mot bd bién thang va cach by 80 km. Hai tram
truyén tin S, va S,nam trén bd bién, cich xa nhau 220 km. Bang cach tinh gid cac tin hiéu vo
tuyén tir hai tram, hoa tiéu cua tau xac dinh ring con tau dang & giira hai tram va & gan S, hon
S, 1a 60 km. Tim khodng céch tir con tau té1 tram S, . Dap s6 lam tron dén hai chir s6 thap phan.

Loi giai

Goi d, va d, la cac khoang cach tuong Umg tir con tau téi S, va S,, khi d6 hi¢u d, —d, =60 va
con thuyén phai nam trén mot hyperbol v&i tiéu diém 1a S, va S,, hiéu hai khoang cach c¢6 dinh
bang 60 .

Dé dua ra phuong trinh cua hyperbol, ta biéu dién hiéu ¢ dinh nay bang 2a.

Nhu vy, ta c6 ¢ =110, a= %.60 =30, b=+/110% -30? =+/11200 .

2 2

. , < . X y
Phuong trinh cua hyperbol nay c¢6 dang la — — =1.
8 b y ne 900 11200

Thay y =80vao phuong trinh va giai theo X ta dugc:

2

X y? x> 80° , 3600
- =1l= - =1=X
900 11200 900 11200 7

Do d6 x~ 37,61 (nghiém am bi loai, vi con tau & gﬁn S, hon S)).

Khoang céach tur con tau dén S, béng d, = \/(37, 61+110)2 +80% =,/28188,7121 ~167,89 km.

Khoang céch tir con tau dén S, 13 d, = \/(37, 61-110)° +80% = v/11640.3121 ~107.89 km.

Cau9: Mot vu nd duge hai micro M; va M, cich nhau 2 dam ghi lai (1 dam bang 5280 feet). Micro
M, nhan dugc 4m thanh truéc 4 gidy so véi micro M, . Gia str am thanh di chuyén véi tée do

1100 feet/gidy. Tap tat ca cac diém P xay ra vu nd théa mén cac diéu kién trén 1a mot hypebol c¢6
2 2
X . .. \ A .2 . 1 N
phuong trinh dang — - vl =1, v&i hai micro M, va M, 1a céc ti€u diém. Khi d6 a+b bang
a

bao nhiéu? (Pap s6 a va b 1am tron d&én chir sb hang don vi).
Loi giai
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Ta bét dau béng cach dat micro trong mot hé toa d§ vuong goc. Boi vi 1 dam bang 5280 feet nén
ta dat M, trén truc hoanh céach géc toa do 5280 feet vé bén phai va dat M, trén tryc hoanh cach

gbc toa dd 5280 feet vé bén trai nhu hinh v& minh hoa hai micro cach nhau 2 dam.

‘\
J 1
OO0+
&000+ Plx, y)
40004,

M, |~5280, 0) 2000+ L M, (5280, 0)

Ta biét rang M, nhan dugc Am thanh sau 4 gidy so v6i M,. Vi am thanh di chuyén véi toc do
1100 feet/gidy nén hiéu s6 khoang cach tir P (noi xay ra vund) téi M, vatir P téi M, 1a 4400
feet.

Tap tat ca cac diem P xay ra vu no thda man céc dicu ki¢n nay 1a mot hyperbol, véi hai micro
M, va M, la céc tiéu diém.

2 y2
Nhu vay, vi tri xdy ra vu nd nam trén hyperbol c6 phuong trinh chuén la — =1.

a? b2
Ta c6 hiéu s khoang cach giita hai micro 1a 4400 feet va duoc dat bang 2a, tic la

XZ y2 2 y2
2a=4400= a = 2200 nén ta co s—5=1lhay ———-=—=
2200° b 4840000 b

Ma khodng cach tir goc O(0;0) t6i tiéu diém M, (-5280;0) hodc M, (5280;0) déu bang 5280.
Do d6 ¢ =5280.

Str dung hé thue ¢® = a® +b? = b =+/5280% — 2200% ~ 4800 .
Vay a+b = 2200+ 4800 = 7000 .

Cau 10: Hai thap vo tuyén cach nhau 200 km duoc dit doc bo bién voi A nam vé phia Tay dbi véi B.
Céc tin hiéu vo tuyén duoc giri dong thoi tir mbi thép t6i mot con tau va tin hidu & B nhan duoc
som hon 500 micro gidy trudc tin hiéu & A. Gia sir rang cac tin hiéu v6 tuyén truyén di v6i van
tbc 300 mét/micro gidy va con tau ndm vé phia Bic cua thap B thi tau cach bd bién bao xa?
Dap s6 1am tron dén hai chir s6 thap phan.

Loi giai
Theo dé bai con tau nhan duoc tin hiéu tr B sém hon tir A 500 micro gidy,

Vi am thanh di chuyén véi tbc d6 300 mét/micro gidy nén hiéu sb khoang cach tir con tau t6i A
va B la 500x300=150000 =150km.

Hiéu khoang cach nay la 2a=150=a=75.
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Con tau nam trén mot nhanh ctia hyperbol, v6i hai thap vo tuyén A va B 1a hai tiéu diém, A va
B cach nhau 200km, nghia la 2c =200 = ¢ =100.

Theo tinh cht ciia hyperbol, b =~/c? —a? = /1002 — 75% = /4375,

2 2

Y
5625 4375

va phuong trinh chuan cta hyperbol 14

Vi con tau ndm vé phia Bic cua thap B, nghia 1a c6 hoanh d6 x =c¢=100.
Thay X =100 vao phuong trinh trén ta c6 y ~58,33.
Vay tau cach bo bién ~58,33km.

Cau 11: Mot kién trac su quan tim dén viéc thiét ké mot mai vom moéng c6 hinh dang ctia hinh Hyperbolic
parabolid nhu hinh 1. Tim phuong trinh hypebol trong hé truc toa do v€ ¢ hinh 2 va thoa man
céc diéu kién da chi ra. Hoi diém thudc Hyperbol nim cao hon dinh 6(m) & bén phai cach dinh

bao xa? Két qua tinh toan duoc lam tron téi hai chir s6 thap phan.

Hyperbol

Parabol
Hinh1: Hyperbolic paraboloid. Hinh 2: Phan hyperbol ciia vom.
Loi giai
Tir hinh v& cho thay hypebol ¢6 truc thuc nam doc va a = 4. Phuong trinh chuan cua hypebol co
y2 2 2 82

dang POl % =1. Piém (8;12) nam trén hypebol va a =4 nén ta co: 7 =1=hb’=8

2 2

Phuong trinh cua hypebol la {—6 - % =1.

Diém cao hon dinh 6m c6 tung d6 y=4+6=10.

2 XZ

Thay vao phuong trinh Hyperbol ta cé: :5-—6 Y =1 = X ~ 6,48 (vi diém ndm bén phai dinh).

Diém thudc hypebol & bén phai dinh c6 toa do (6,48;10).

Khodng cich tir diém nay t6i dinh (0;4) bing: |/(6,48—0)° +(10-4)’ =78 ~8,83m.

HET-
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Dang 4: Phuong trinh duang Parabol
Phwong phap: Cho Parabol c6 phuong trinh: y? = 2px, v6i p > 0. Cac yéu td trong parabol:
e p goila tham sd tiéu ciia parabol (P)

o Tiéu diém F (g;oj va duong chudn A x = —g .

BAI TAP TU LUAN

Bai tap 1: Cho parabol (P): y> =4x.
a) Tinh duong chuan ctia(P)
b) Tinh ban kinh qua tiéu diém cta diém M (12)
Loi giai
a) Ta c6 dudng chuan x = —g =-1

b) Ban kinh qua tiéu diém cua diém M (1;2) 1a FM =1+ g =2.

Bai tap 2: Parabol (P):y? =6x cét duong thang (d):y=X+1 tai hai diém phan biét c6 hoanh do 1a
X.;X, thoa man x°+x,” =18,
Loi giai
Toa dg giao diém cua (P) Ty =6x va (d ) .y = X+1 la nghiém cua hé phuong trinh:

2 _ 2 _ =2+
{y 6x _ J(x+1) =6x _ X V3 . Do d6 x12+x22:(2+\/§)2+(2—x/§)2=14
y=x+1 y=x+1 y=3i\@

Bai tip 3:Trong mit phang Oxy, cho parabol (P): y> =2 pX( p> 0) di qua diém M (3; 3\/5) Tinh ban
kinh qua tiéu diém cua diem M (x;y).
Loi giai
Y

Ban kinh qua tiéu diém cua diém M (x;y) 1a FM=x+ 5 =X +g

Bai tip 4: Cho parabol (P):y? =16x. Trén (P) lay hai diém M,N sao cho d¢ dai doan thang MN qua
tiéu diém F cua (P) . Tinh khoang céach tir tiéu diém F dén duong chuan A.
Loi giai

Tac: 2p=16= p:8:>§:4: tiéu diém la F (4;0)
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Ta c¢6 duong chuan x = —4 nén khoang cach tir tiéu diém dén duong chuan 1a 8.

Bai tap 5: Mot sao chdi A chuyén dong theo quy dao c6 dang la mot parabol (P) nhan tam Mat Troi la
tiéu diém. Cho biét khoang cach ngin nhit giira sao chdi A va tim Mt Troi 1a khoang 112 km. Tinh khoang
cach giira sao chdi A(X; y) va tam Mat Troi .
Loi giai
Chon hé truc toa do sao cho géc toa do O(O; 0) trung véi dinh cua (P) va tiéu diém F trung véi
tam Mat Tro1, don vi trén cac truc la km.

Gia st phuong trinh chinh tic ctia Parabol (P) co dang (P) Yy =2 px( p> O)

Khoang cach giita sao choi A(X;y) va tim Mt Troi la AF = x+ g

Bai tip 6: Trong mit phang toa do Oxy, cho parabol (P):y? =12x. Diém c6 tung do bdng 12 ndm trén
d thi cua (P), tim hoanh d9 ctia diém d6
Loi giai
Goi diém M (x,;12) € (P) =12° =12.x, < X, =12.

Bai tip 7: Trong mit phang toa do Oxy, cho parabol (P):y? =6x . Tinh khoang cach tir di€m M (6;36)

dén phuong trinh dudng chuén .

Loi giai
. \ 2 A P .3 :
Phuong trinh duong chuan A.X+E:0:>A.X+§:0<:>A.X:—E.
Taco d(M,A)= 6+g b

Bai tap 8: Trong mit phang toa do Oxy, cho parabol (P) co tiéu diém F (1; O) . Viét phuong trinh chinh
tac clia parabol 1a y? = 4x.
Loi giai
Phuong trinh chinh tic ctia parabol y? = 2px = y* = 4x.
Bai tip 9: Trong mit phang toa @ OXy , cho parabol (P) c6 duong chuin A:x+1=0. Viét phuong trinh
chinh tac cta parabol
Loi giai
Phuong trinh chinh tic cta parabol 13 y? = 2px = y? = 4x.

Bai tap 10: Khuc cua cia mot con dudng c6 dang hinh parabol, diém dau vao khuc cuala A diém cudi 1a
B, khoang cach AB =400m . Pinh parabol ctia khic cua cich duong thing AB mot khoang 20m va cach
déu A, B. Viét phuong trinh chinh tic ctia hypebol, v6i 1 don vi do trong mat phing toa do trong tng 1 m

trén thuc té.
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Loi giai
Phuong trinh chinh tic: y? = 2 px
Do di qua A nénsuy ra 20° =2p =-400= p =-1 nén y* =-2x.
Bai tap 11: Mot chiée dén c6 mit cit ngang 1a hinh parabol nhu hinh bén. Hinh parabol ¢ chiéu rong giira
hai mép vanh la AB =40cm va chiéu sau h=30cm (h bang khoang cach tr O dén AB). Bong dén nam
& tiéu diém S . Viét phuong trinh chinh tic cta parabol do.

ul
20

—20

Loi giai
Gaén hinh parabol vao hé truc nhu dé bai, dwa vao gia thiét bai toan ta c6 toa do diem A(30;20)

Parabol di qua diém A
Nén ta c6 phuong trinh 20° =2p-30 < p = ? .

A r s ’ < 5 1 2 40X
Vay ta c6 phuong trinh chinh tac cia parabol do 1a y* =—.

Bai tip 12: Duong thang d 1y =kx, (k =0) di qua diém O cét (P): y? =16x tai diém tht hai la A. Tap
hop trung diém ctia doan OA 1a parabol c6 phuong trinh 14

Loi giai
16y |V7°
Phuong trinh tung do giao diémcua d va (P) la: y* = Ty = .
"
Suy ra toa do diém A(ﬁ;ﬁ) . Toadd M [%;ﬁj :
ke k k° k
8
X = P y2
Khi do: = X=-— hay y*=8x.
y=> °
k

Vay tap hop diém M 1a parabol y® =8x.
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BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Caul: Cho parabol (P) c6 phuong trinh y* = 4x. Toa d tiéu diém ciia parabol (P) 1a
A. F(-10). B. F(L0). C. F(0;1). D. F(0;-1).
Loi gidi
Tu phuong trinh cta paraboltacé 2p=4= p=2.
Suy ra parabol (P) o tiéu diém 1a F (ZL‘ O) .
Cau2: Cho Parapol(P):y?=2px(p >0). Chon ménh d¢ ding trong cac ménh dé sau:
A. (P) c6 tiéu diém F (o;gj.

B. (P) c6 phuong trinh duong chuan A:y = g

C. (P) co tiéu diém F (—g;o)

D. (P) c6 phuong trinh duong chuan A:x = —g.
Loi gidi

Theo tinh chat cta Parabol (P):y? =2px(p>0).

Tac (P) c6 tiéu diem F (E;Oj va c6 phuong trinh duong chuan A : x = —g.

Cau3: Cho Parapol(P) : y?> =16x. Chon ménh dé dung trong cic ménh dé sau:

A. (P) c6 tiéu diem F(0;-4). B. (P) c6 tiéu diém F(-4;0).
C. (P) co tiéu diém F(0;4). D. (P) c¢ tiéu diem F(4;0).
Loi giai

Tur phuong trinh cua (P): y’ =16X tacod: 2p=16< p=8.

Vay (P) c6 tiéu diém F(4;0).

Caud4: Phuong trinh cua parabol (P) biét parabol (P) c¢ dinh la I(%;—l} va duong chuan A co

phuong trinh 6x-8y+3=0 la

A. 64x* +36y* +96xy =0.

B. 64x° +36Yy* +96Xxy — 236X + 448y + 491=0
C. y* = 4x.

D. 64x° +36y* —236x — 448y +491=0.
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Loi giai
Goi P 1a hinh chiéu ctua | 1én A, taco P :(—%;oj. Goi F 1a diém sao cho | 1a trung diém

cua PF thi F 1a tiéu diém cua parabol (P) va F =(1; —2).

Véi M(xy) thi MF = J(x=1)° +(y+2)° va d(M;A):—|6X_180y+3|.
6x -8y +3|
M e (P) e 4J(x-1)° 22=|
(P f(x1) +(yr2f <2

<:>100(x2 +y? —2x+4y+5):36x2 +64y”> —96xy +36x —48y +9
& 64x° +36Y° + 96Xy — 236X + 448y +491=0.

Cau5: Phuong trinh chinh tic cia parabol (P) o tiéu diém 1a F (5; 0) la:
A. y=20x. B. y=30x. C. y=15x. D. y=10x.
Loi giai

Goi phuong trinh chinh tic cua parabol (P) 1a: y* =2px(p>0).

Vi (P) c6 tieu diém 1a F (5; 0) néng =5, ticla p=10. Vay phuong trinh chinh tic ctia parabol

(P) lay = 20x.
Ciu 6:  Cho parabol c6 phuong trinh: 4y? = 20x. Phuong trinh duong chuan cta parabol 1a:
5 4 4 5

A. X=—. B. x=—. C. X=——. D. x=——.
4 5 5 - 4

Taco: (P):4y? =20x=2p=5= p:g.
. . . . P 5
Vay (P) c6 phuong trinh duong chuén la: A: X=-7.

Céu7: Cho parabol (P):y* =4x va hai diem M (0;—4),N(-6;4). Tim toa d diém Ae(P) sao cho
AAMN vudng tai M ?

A. A (16;8), A{%;—%). B. A(16;9), Az(%;—gj.
C. A(16;8), A{%;—%). D. A (16;8), Az[%;—gj.
Loi giai

2 tZ

Goi A{%;tje(P); MN =(-6;8), M_A'ZLZ;tMJ.
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t=8

AAMN vuédng tai M @W.m=0<:>—gt2+8t+32=0<:> 8

Véy c6 hai diém can tim 1a A (16;8), A, (%;— %) :

Cau8: Cho parabol (P) ¢ phuong trinh y* =6x. X4c dinh dudng chuan ciia parabol (P) la
A.x:—g. B.x:—l. C.x:_—g. D.x:g
3 3 - 2 3

Loi giai

Tur phuong trinh cta paraboltacé 2p=6= p=3.
PP 21 -3
Suy ra parabol (P) c6 duong chuan la x = >
Cau9:  Cho parabol (P) c6 phuong trinh 4y? = x. Toa do tiéu diém ctia parabol (P) la
A. F —i;o X B. F 1;O . C.F 1;O . D. F l;0 .
16 4 8 16
Loi giai

Parabol (P) c6 phuong trinh 4y* = x < yzzix.Tacé 2p:%: p:%.

Suy ra parabol (P) c¢ tiéu diém 1a F (% ; 0] :

Cau 10: Cho parabol (P) c¢6 phuong trinh duong chuan x + % = 0. Phuong trinh chinh tic cua parabol

(P) 1a

A. y* =4x. B. y* =x. C. yZ:%x. D. y* =2x.
Loi giai

Parabol (P) c6 phuong trinh duong chuén X+%:0<:> X:—%:—gz p=1.

Vay phuong trinh chinh tic ctia parabol (P) la y? = 2x.

Cau 11: Cho Parabol (P):y? =6x. Chon khing dinh ding
A. Phuong trinh duong chuan x = —g va Oy 1a tryc ddi ximg.
B. Phuong trinh duong chuan x = g va Ox 1a tryc ddi ximg.

N w

: 3 A 4R o .
C. Phuong trinh dudng chuan X = ) va tiéu diém co6 toa do (—

o).
ol

N | W

: 3 A 4R, .
D. Phuong trinh duong chuan x = ) va tiéu diém co6 toa do [

- GV. Phan Nhat Linh - @ SDT: 0817 098 716




Chuong 7. PHUONG PHAP TOA DO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

AL

Loi giai
T phuong trinhtacod 2p=6< p=3

P

: 3 : 2
Parabol c6 phuong trinh duong chuan x = - 5 = -3 va tiéu diém co toa do (

|
o
N—
Il
7\
N | o
o
N—

truc ddi ximg 1a Ox

Cau 12: Cho Parabol (P) :y? = 4x . Xét cac khing dinh sau:

P “ Parabol ¢6 phuong trinh duong chuan x+2=0"
Q “Parabol ¢6 toa do tiéu diém F (2; 0) ”

Chon khang dinh ding.

A. P ding, Q sai. B. P sai, Q sai. C. P sai, Q dung. D. P dung, Q dung.
Loi giai

Tu phuong trinh taco 2p=4< p=2.
Parabol c6 phuong trinh duong chuan x = —g =—1 va tiéu diém c6 toa do [E;OJ =(30)

Cau 13: Cho Parabol (P):4y® = x. Chon khdng dinh ding
A. Phuong trinh duong chuan x =-2 va Oy la tryc ddi xing.
B. Phuong trinh duong chuan x =2 va Ox 1a truc ddi xtmg.

: 1 A 2 1
C. Phuong trinh duong chuan X = 7 va tiéu diém co toa do [—;Oj.

D. Phuong trinh duong chuan x = —% va tiéu diém c6 toa do (%;Oj .
Loi gidi
) , 1 i 1 1 , \ \ 2
(P) Ay =xoy =ZX. Ta co: 2p :Z & p =§ nén Parabol c6 phuong trinh dudng chuan
p 1 . .z , ~ [P 1 £ \
X=——=—— vatiéudiém c6 toa dd | —;0 |=| —;0 |, truc doi xing 1a OX
2 16 2 16

Céu 14: Trong mit phing toa do OXy, cho parabol (P): y? =6x. Khoang cach tir diém M (6;36) dén

phuong trinh duong chuan bang

Al B 2. C. 15. p. L.
al 4 2
Loi giai
. \ 2 p 3 3
Phuong trinh duong chuan AZX+E=0:>A:X+§=0<:>A:X=—§.
Taco d(M,A)= 6+g :E.
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Cau 15: Cho parabol (P):y® =2px biét rang parabol c6 tiéu diém F (5;0). Phuong trinh chinh tac ctia
Parabol d¢ la:
A. y* =5x. B. yzzgx. C. y* =20x. D. y=10x°.

Loi giai
Do toa db tiéu diém ctia (P) 1a F(5;0) nén : §=5:> p=10.
Vay phuong trinh chinh tic cua parabol (P) la: y? =20x.

Céu 16: Viét phuong trinh chinh tic ciia parabol (P) :y? = 2px. Biét rang khoang cach tir tiéu diém F
dén duong thing A:x+y—-12=0 1a 24/2?

A. y* =16xhodc y* =32x. B. y* =—16xhoic y* =32x.
C. y* =32xhoic y* =64x. D. y> =-32x hoic y’ =64x.
Loi giai

Goi toa d¢ tiéu diém cia (P) 1a F (E;OJ .

o

i
2

N

Vay phuong trinh chinh tic cua (P) 1a: y* =32x hodc y* =64x.

Khoang cach tir F dén A 12 2/2 nén: d(F,A)=

p=16
=242 .
I:{pzw

Cau 17: Viét phuong trinh chinh tic cta parabol (P) . y? = 2px , biét rang phuong trinh duong chuan cua
(P)la x+2=0?
A. y* =8x. B. y* =4x. C. y* =-8x. D. y* =-4x.
Loi giai
Do dudng chuan cia (P) 1a: x+2=0 nén —7[):_2: p=4.

Vay phuong trinh chinh tic ctia parabol (P) la: y*=8x.

Cau 18: Viét phuong trinh chinh tic cua parabol (P):y*=2px, biét ring (P) cdt duong thing
A 3x—y =0 tai hai diém phan biét A B sao cho AB = 24/10.
A. y* =-18x. B. y* =8lIx. C. y* =9x. D. y* =18x.
Loi giai

Ta co: (3X)2 = 2pX luodn c6 2 nghiém phan biét voi moi p>0.

Toa d6 hai giao diém 1a : A(O;O), B(%,Z?p]
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2pY (2pY
Khi d6 - AB:\/(—pj +(?pj _2J10= p=9.

9
Vay phuong trinh chinh tdc cia (P) 1a: y* =18x.

Cau 19: Viét phuong trinh chinh tic cia parabol (P) biét khoang cach tir tiéu diém F dén duong thang
A:x+Yy-12=0 bing 2+/2?

A. y? =32x hodc y* =64x. B. y* =16x hoic y* =32x.
C. y® = 24x hoic y* = 48x. D. y* =12x hodc y* = 24x.
Léi gidi

Goi phuong trinh chinh tic cta parabol (P) la: y* =2px ( p> O) .
Ta c6 toa do tiéu diém cua parabol (P) la: F (2;0] .

Khoang cach tir F dén dudng thang A bang 22 nén:

‘2—12‘ P 12-4 -~
d(F,A)= —22= P14 2 .
V2 2 P o, Lp=16

2

Vay phuong trinh cua (P): y* =32x hodc y* = 64x.

Cau 20: Phuong trinh chinh tic ctia parabol (P) biét mot day cung cua (P) vudng goc véi truc OX 6
d6 dai bing 8 va khoang c4ch tir dinh O ctia (P) dén day cung nay bang 1 1a
A. y* =16x. B. y* =32x. C. y* =24x. D. y* =12x.
Loi giai
Goi phuong trinh chinh tic ciia parabol (P) la: y* =2px.
Vi mot ddy cung ciia (P) vudng géc véi truc OX c6 do dai bang 8 va khoang céch tir dinh O
cua (P) dén ddy cung nay bang 1 nén diém A(L4)e(P)=16=2.p.1= p=8.
= (P):y* =16x.
Cau 21: Phuong trinh chinh tic ctia parabol (P) biét (P) cit duong thang A:3x—y =0 tai 2 diém A;B
sao cho AB=44/2 1a

A. yZ:EX. B. yzzﬁx 2 32x. D. yZ:Ex.

. C.y =—
N3 G s
Loi giai
Goi phuong trinh chinh tic ciia parabol (P) la: y? =2px.

Ta thay (P) lubn cat duong thang A tai gdc toa do, gia st B=0 va A la giao diém con lai.

GV. Phan Nhat Linh - @& SDT: 0817 098 716 _
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Cau 22:

Cau 23:

Cau 24:

16 4
Matkhéc:AB:4\/§:>\/a2+9a2=4\/§c>a2=3:>a=i£.
2
, 4 4 4 18 36
Néua=—=[3.—| =2p—==>p=—"=(P):y? ="=x.
NG [JEJ PET P BT P =

2

‘ 4 —4 —4 5

Néu a=—— =|3.—= | =2p| —= | khong théa man dicu kién.
& =2%) (%)

Phuong trinh chinh tic cta parabol (P) biét (P) cét elip(E) 1 4x% +6y? =24 tai 2 diém A;B

saocho AB=2 la

A. yzzgx. B. yzzgx. C. yzzgx. D. yZ:%x.

Loi gidi
Goi phuong trinh chinh tic cta parabol (P) la: y* =2px ( p> O) .
Do (E) va (P) c6 tinh déi xtmg va AB =2 = A(t;1), B(t;—1), hai giao diém nim bén phai Oy

nént>0.

Ae(E):>4t2+6=24:>t=iz.
Ae(P):>1=2p.%:> p:%:(P):yZ:%x.

Tim diém M c6 tung d6 duong nam trén (P):y? =4x ma khoang cach tr M dén tiéu diém
bang 5.
A. (2;2). B. M (4;4). C. (-22). D. (—4;4).

Loi giai

(P):y? =4x c6 tiéu diém la F(L0)
2
Do M e(P) nén toa d@ M c6 dang M(%;aj (a>0) (*)

2

a i 2 2 a=4
Do MF =5& I—l +a°=25<a" =16

a=-4
Do a>0 nén M (4;4) théa man yéu cau bai toan.

Mot duong thang d di qua tiéu diém F cua (P):y® =2px vacét (P) tai 2 diém M,N . Tong

A, —. E.E. C.p. D. 2p.
p

Loi giai
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Cau 25:

. AL
Goi a 1a géc gitta FM va truc Ox.
Yy
A
Lo [ _a,a) M
_P o .iu T
2
X _P FM -x,, +£
Ta co: cosa = 2 51 -cosg=— 2
FM
. 4 p p 1 l1-cosa
Khi do: FM=d(M,A)=XM+—:>1—COSa= va = )
FM p
Tuong tu ta co: L :1+Cosa nén do do i+i=2.
FN p FM FN

Mot cai cau co ddy cép treo hinh parabol, ciu dai 120 m va dugc nang d& boi nhiing thanh thang
dung treo tir cap xudng, thanh dai nhét 12 20 m, thanh ngan nhat 1a 8 m.

Parabolic ¥y
supporting cable

(60, 20)
f

Phuong trinh chinh tic ciia Parabol la:

=—X. C. y"=45x. D. y"=——X.
3 y y 3
Loi giai

A. y*=9x. B.y

Thay toa d¢ diém M (60;20) vao phuong trinh ta dugc 20°=2.p.60= p = %

1 . 2
Dop= 30 nén phuong trinh chinh tic ctia Parabol la: y*= ?O X.
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ALY

PHAN Il. Cau tric nghiém dung sai. Trong méi y a), b), c), d) & mdi cau, thi sinh chon ding hoac
sai.

Caul: Cho parabol (P):y?=2px(p>0). Xét tinh ding sai ctia cdc khing dinh sau:
2) (P) c6 tiéu diém F(g;oj.
b) (P)co toa do truc di ximg 1a Ox va phuong trinh duong chuan A:x = —g.
¢) Parabol (P):y?=2px c6 tiéu diém F(5;0) thi phuong trinh chinh tic cta parabol d6 la
y® = 20X.
d) Néu khoang cach tir tiéu diém F dén duong thang A:x+y—12=0 bang 24/2 thi phuong
trinh chinh tic cua parabol 13 y* =16x hodc y? =32x.
Loi gidi
a) Dung: Theo tinh chat ciia parabol thi (P):y? =2px(p>0) c6 tiéu diém F (E;OJ.
b) Plng: (P): y’ = 2pX( p> 0) c6 toa do tryc ddi xing 14 OX va phuong trinh duong chuin

A:x=—£.
2

c) Pung: Toa do tiéu diém cia (P) 1a F(5;0) nén: g =5= p=10.

Vay phuong trinh chinh tic caa parabol P la: y*=20x.
ol

Vi khoang cach tir F dén A 1a 22 nén: d(F,A) =

d) Sai: Goi toa do ti€u diém cﬁa la F (

I\J|U

il
2

NG

Vay phuong trinh chinh tic ctia (P) la: y* =32x hoic y* =64x.

p=16
=2 .
I:{p e

Cau2: Cho parabol (P) y?=2 pX( p> 0) . Xét tinh dung sai cta cac khang dinh sau:

a) (P) c6 phuong trinh dudng chuan A:y = —g.

b) Néu (P) cét duong thing A 3x—y =0 tai hai diém phan biét A B sao cho AB =210 thi

phuong trinh chinh tic ctia parabol y? =18x.

¢) M6t day cung cua (P) vuéng géc véi truc OX c6 d¢ dai bang 8 va khoang cach tir dinh O
cua (P) dén day cung nay bang 1 thi phuong trinh chinh tic ctia parabol 1a y? =16x.
d) Néu( P) cat duong thang A:3x—y =0 tai 2 diém A;B sao cho AB= 42 thi phuong trinh
, 36
chinh tic ctia parabol (P) 1a y* = —=x
(P) 1y =2

Loi giai
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d) Sai: Parabol (P):y? =2px(p >0)cé phuong trinh duong chuan A:x = —g.

b) Dung: (3X)2 = 2pX ludn c6 2 nghiém phan biét véimoi p>0.

Toa d¢ hai giao diém 1a : A(0;0), B(%;%‘D]

2 2
Khi d6 : AB:\/(%j +(%pj =2J10= p=9.

Vay phuong trinh chinh tic cua (P) 1a: y* =18x.
¢) Bung: Goi phuong trinh chinh tic ctia parabol (P) la: y* =2px.

Vi mot day cung cua (P) vudng goc voi truc OX co do dai bang 8 va khoang cach tir dinh O
cua (P) dén day cung nay bang 1 nén diém A(l; 4) € (P) =16=2.p1= p=38

= (P):y* =16x.

d) Pung: Goi phuong trinh chinh tic cta parabol (P) la: y* =2px.

Ta thay (P) ludn cat duong thang A tai gdc toa do, gia st B=0 va A la giao diém con lai.

Taco: Ac A= A(a;3a).

Miit khéc: AB:4ﬁ:\/a2+9a2:4\/§<:>a2:§:a:i%.
2
, 4 4 4 18 36
Néua=—=|3—| =2p—==>p="=(P):y? ="2=x.
NG [ Jﬁj PE= PP =E

2
Néu a= —% = (3 _4J =2 p(_—4] khong thoa man diéu kién.

5 J5

Cau3: Trén miat phang toa @ Oxy cho Parabol (P) c¢6 phuong trinh dang chinh tic. Biét (P) qua
A(l;l). Xét tinh ding sai cta cac khang dinh sau:

a) Phuong trinh chinh tic cta (P) 1a y>=X.
A 3R . 1
b) Tiéu diém cua (P) la F (E;Oj )

¢) Puong chuan cia (P) la A:x+%=0.

SEs

d) Mot diem M nam trén (P) c6 tung d0 y=-2thi MF =—.

Loi giai
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a) Ding: Ta c6 phuong trinh chinh tic cua (P) cé dang: (P):y* =2px(p >0)

Do (P) qua A(L1).suyra1’*=2p.l< p=%:>(p): V=X,
b) Sai: Ta c6 tiéu diém cta (P) la F(g;oj: F(%;Oj_

¢) bung: Ta c6 dudng chuan cua (P) la A:X=—§:>A:X=—%<:>A:X+l=0.

s _ 15 , 17
d)Sale(ny=—2:>4=x:>M(4,—2):>MF= 7 +(—2) =Z'

Cau 4: Trén mit phang toa dd Oxy cho Parabol (P) c6 phuong trinh dang chinh tac. Biét (P) co tiéu
diem la F(L0).
a) Phuong trinh chinh tic ctia (P) 1a y* = 2x.
b) Puong chuén cia (P) la A:x-1=0.
¢) (P) qua A(L;4).
d) Trong c4c day cung ctia (P) qua tiéu diém thi day c6 do dai nho nhat 1a 4.
Loi giai

a) Sai: Ta c6 phuong trinh chinh tic cua (P) ¢6 dang: (P):y*=2px(p>0)
Do (P) c6 tiéu diém ciia la F(1;0):>§:1:> p=2=(P):y’ =4x.

b) Sai: Ta c6 duomg chudn cita (P) Ia A:x=—§:>A:x=—1<:>A:x+1=0.

c) Sai: Thay A(L4) vao (P):y*=4x=4>=41=16=4 Vo ly vay A(L4)«(P).
d) Ptng: Ta c6 duong thiang qua F (E;Oj c6 phuong trinh 1a: (d): a[x - gj +by=0.

Do dudng thing cét (P) tai hai diém nén a¢0:>a:1:>(d):x—§+by:0

Khi d6 toa d¢ giao diém cua (d ) & (P)la nghiém ctia hé:

y® =2px 0
— y?=2p| by +— | < y* +2bpy — p> =0(1
x—g+by=0 y p( y 2] y* +2bpy — p* =0(1)

Nhan thdy (1) luén c6 hai nghiém y,,y, suy ra hai dau day cung cia (P) c6 toa do la
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Cau 5:

Cau 6:

ALY
M £_by1+g;y1);N(_byz + pYz):> MN :\/bz(yz - yl)z +(y2 _y1)2 Z|y2 _y1|

>
Déu bang xdy rakhi b=0= (1)< y=tp=minMN =y, - y;|=2p=4.
Trong mét phing toa d¢, cho parabol (P):y® = 4x . Xét tinh diing sai ciia cc khang dinh sau:
a) Tiéu diém cua (P) la F(4;0).
b) (P) di qua diém M (L-2).
c) Puong thang A:y=x cit (P) tai 2 diém phan biét.
d) M 1a diém thudc parabol (P) c6 tiéu diém F . Khi d6 doan MF ngan nhét bang 1.
Loi giai
a) Sai: 2p=4= p=2=F(L0)
b) Pung: Vi M (L-2) e(P) & (-2)" =4.1

=0
¢) Dng: Tr AThay X =Yy vao phuong trinh (P) ta ¢c6 phuong trinh y* = 4y <> B _4
V61 y=0=x=0.

Véi y =4 = X =4 nén dudng thang cit (P) tai 2 diém

d) Goi M (x; y)e(P)= MF =/(x-1)> +y* = (y{—lj +y%.

2

2
Ta c6 MF? {%2—1] +y? =£+y?+121, vy eR = MF >1=> minMF =1,
Trong mit phing toa do, cho parabol (P):y* =16x. Xét tinh diing sai cta céc khang dinh sau:
a) Tham s6 tiéu p =8.
b) Tiéu diém cua (P) la F(4;0).
¢) Phuong trinh duong chuan A 1a x=—4.
d) M 1a diém thudc parabol (P) c6 hoanh d§ m. Khi d6 MF =5 khi va chi khim=5.
Loi giai
a) Ping: 2p =16 suy ra tham s tiéu p=8
b) Pung: Tiéu diém cua (P) la F(4;0)

¢) Blng: Phuong trinh dudng chudn A 13 x =—4

GV. Phan Nhat Linh - & SDT: 0817 098 716



Chuong 7. PHUONG PHAP TOA DO TRONG MAT PHANG TOAN 10 - CHUO'NG TRINH MOl

AV

m=1
m=-9°

d)Vi M e(P)= MF:d(M,A):d(M,A):5c>|m+4|:5c>[

Cau7: Trong mit phang toa d¢, cho Parabol (P)cé tiéu diém F (% : 0) . Xét tinh dung sai cia cac khang
dinh sau:

o 1
a) Tham so ti€u p = 2"

. 1
b) Phuong trinh dudong chuan A la: x - ri 0.

¢) Phuong trinh chinh tic ctia Parabol (P) la: y? =x.

d) Goi A B 1a giao diém cua (P)va d:x—y—2=0, diém C €(P) c6 tung do nguyén m sao
cho AABC can tai A khi vachikhi m=2.
Loi gii

, . p 1 1
a)Pung: Vi — =—=> p=—
) Ding 2 4 P 2

. : 1
b) Sai: Vi duong chuan cta(P)céd phuong trinh X = —g = X= 2 la phuong trinh duong

chuén cua (P).

1 1 . 1
¢) bung: Vi gzzz pZE.Véy phuong trinh chinh tac cua (P) 1a (P):y* = 2pX:25x: X

d) Vi Ce(P)=C(m*m).

y=-1

Thay X = y?vao phuong trinh d : y* — y—2:0:{

Vay A(L-1),B(4;2)
AABC cantai A< AB=AC <18=m"'-2m* +1+m? +2m+1

m = 2 (thoa man)

om'-m*+2m-16=0< _
m ~ -2, 24 (loai)

Cau 8: Trong mat phang toa do, cho parabol (P) Ly’ — J2x=0. Xét tinh dung sai cia cac khing dinh

sau:

NG

a) Puong chuan A 1a x = 7

ﬁ}

b) Tiéu diém cua (P) 1a F {7;0
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s \ . 2
c¢) Khoang céch tir tiéu diem dén dudng chuan A bang % .

d) Néu khoang cach tir Ae (P) (Aco tung d6 1a s thuc duong) dén dudng chuan bang 5 thi
khoang cach tir A dén truc hoanh bang 4.

Loi giai

a) bung : Vi (P):yz—\/EX=OC> y2=\/§x:>2p:\/§:> p:%_

Puong chuan X:—g(A)
b) Sai: Vi pZE:F(ﬁ;OJ.

2 4
¢) bung: Puong chuan (A): X + % =0,F [%;0].

V2 V2

4 4 2
VA d F,A _T—
B d(F.a) V17 + 07 2
d) Sai: Vi Ae(P); d(AA)=5 = XA+£‘:5© o+ P 5o, = N2 _20-42

2 2 4 4
_ _2 [N2(20-+2 J2(20-+2

Ae(P):>yA2=\/§.20 \/E:>A 204ﬁ; ( 2 ) = d(AOx)= ¥

Hinh v& bén m6 phong mit cit ngang cia mot chiée dén co dang parabol trong mit phiang Oxy

(don vi trén mdi truc 12 cm). Hinh parabol c6 chiéu rong giira hai mép vanh 1a AB =40cm va
chidu sau h=30cm (h bang khoang cach tir O dén AB). Bong dén nam & tidu diém S .

y

20

-20

a) (P) di qua diém A(30;20).

b) Tiéu diém ctia (P) la F (2—;;oj :
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10
¢) Phuong trinh duong chuén A 1a x = 3
5 ’ < A \ + A A A \ < M 22
d) Khoang cach ngan nhat tir 1 diém trén (P) dén dudng thang d : x—2y+6 =0 bang ﬁ .

Loi giai
a) bung: Goi (P) c¢6 phuong trinh chinh tic la: y* =2 pX( p > 0) .
Vi AB=40cm va h=30cmnén A(30;20)
b) Sai: Vi A(30;20) e(P)e= (20)2 =2p.30= p= 2—30 nén (P) c6 tiéu diém F (%;OJ

c)bung: Taco p= ? , khi @6 phuong trinh dudng chuan 1a x = —%

d) bung: Goi M [%mz;mj e(P).

3 2 _2m+6
Tacs d(M:d) 20™ TMTO [3m® —80m + 240|
aco d)= = .
J5 4045
1 1 |-880 1 880 22
d(M;d) < ——[3m*-80m+240| = : = —= .
(Mid) 40J§‘ o 405 3 405 3 35

PHAN lIl. Cau trac nghiém tra I&i ngan
Caul: Cho parabol (P) c6 phuong trinh chinh tic y* =8x. Goi | 1a giao diém cua dudng chuan véi
truc OX , dudng thang di qua tiéu diém F va vudng goc véi truc Ox cit (P) tai hai diém lan

luot Ia M, N . Tinh dién tich tam gidc IMN .
Loi gidi

Parabol (P) c6 tiéu diém F(2;0) va dudng chuan A:x+2=0.
Ta co |(—2;0) suyra IF =4

Puong thang d vudng goc véi truc Ox va di qua tiéu diém F c6 phuong trinh x=2.

{X:Z
2: :4
y 8x<::> y _
X=2 X=2
y=-4

Suy ra, M (2;—-4), N(2;4). Do d6, MN =8.

Toa dd M,N la nghiém cia h¢ {

Vi tam giac IMN cantai | va F 1a trung diém cia MN nén dién tich tam giac IMN 1a
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S =£.MN.IF =1.8.4=16.
2 2
Cau 2: Cho parabol (P): y? = 4x va dudng thang d:2x—y—4=0. Goi A B la giao diém ctia d va
(P). Tim tung d% dwong cta diém C €(P) sao cho AABC ¢6 dién tich bang 12.

Loi giai

Puong thing d cft (P) tai A(4;4);B(L-2) néndo dai AB=/(L-4) +(-2—4)’ =45
Piém C (P)=C(c;2c)

_ e AB _ diyAB

Dién tich tam gidc ABC: S,;; = > 5 =12

c=-2
c=3

|2¢® ~2c -4/ /45
=
24/2° +(-1)?
Vay tung d6 ctia diém C duong 13 6.

Cau 3: Mot dén pin co choa dén mit cat hinh parabol véi kinh thude trong hinh trén. Gidy toc bong dén
dugc dat ¢ tiéu diém F .

:12@‘02—0—2‘:4:{

y

18 ¢cm

3cm

Pé dén chiéu dugc xa phai dit bong dén cach dinh ciia chéa dén bao nhiéu cm?
Loi giai
Viét phuong trinh chinh tic cta parabol.

Chon hé truc toa do nhu hinh vé.
Goi phuong trinh chinh tic cua parabol (P) 1a y? =2px(p >0).

Khi do M(39)e(P) =9 =2.p3 p:%l.
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Parabol (P): y* = %X c6 tiéu diém F (%;Oj.

bé dén chiéu dugc xa phai dat bong deén & vi tri tiéu diém,khi do6 céc tia sang phat ra tir bong dén
chiu Ién bé mat cua choa dén s€ phan xa tao nén cac tia sang song song hodc trung vdi truc cua
parabol.

Viy can dit bong dén cach dinh cta choéa dén %:6,75cm .

Cau4: Cho mdt cai dén voi chup bong deén c6 mat cit qua tryc la parabol véi kich thudce duoc thé hién
trén hinh v€, gid st xem day toc bong dén la mat diém va duoc dit ¢ vi tri tiéu diém cua parabol.
Tinh khoang cach tir day toc bong dén t6i dinh cta chup bong dén. (Két qua 1am tron dén hang
phan trim)

Y
T/ / N\
Al
K 30 cm
R \ 7
T
50 o0 )
Loi giai
Sl I e A
-/ 7 A
[ R
9¢5) { 30-em \ x
lx \ /
R i\ /
a9

20 cm |

Chon h¢ truc toa do Oxy nhu hinh vé.

Goi (P) la parabol, véi (P) 1a mdt cit qua truc cta chup bong dén va (P) thudc mét phing toa
do Oxy.

Phuong trinh chinh tic caa (P) D y? =2px ( p> O)

Theo d¢ bai, ta suy ra diem M (20;15) € (P)=15°=2.p.20= p= %

. 45
Khoang céch tir day toc bong den tédi dinh cua chup bong den la: OF = g = 16 ~ 2,81lcm.

Cau 5:  Khi du lich d&én thanh phd Xanh Luis ciia My, ta s& thiy mot cai cong 16n ¢ hinh parabol hudng
bé 16m xudng dudi, d6 1a cong Acxo. Khoang cach giira hai chan cong 1a 162 m. Tir mot diém
trén than cong nguoi ta do duoc khoang cach toi mat dat 1a 43m va vi tri do trén mat dat nay dén

n GV. Phan Nhat Linh - @ SDT: 0817 098 716
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chan cbng gan nhit 13 10m. Chiéu cao ctia cong bang bao nhiéu? (Két qua lam tron dén chir sb
thap phan dAu tién sau dau phéy)

Loi giai

Goi chiéu cao cia céng 1a OH =h (véi h>43).
Khoang céch gitra hai chan cong 1a AB =162 suy ra AH =81 nén do d6 A(h;81).
Theo gia thiét, ta c6 Ml =43 va Al =10.

Suy ra ME=0H —MI =h-43 va MF = AH — Al =81-10=71 nén M (h—43;71).
Gia str, phuong trinh parabol ¢6 dang y® = 2 px. Vi parabol di qua hai diém A va M nén ta c6

81° = 2ph 2 2
, P suyraL=8—12:>h:%z185,6.
71 =2p(h—-43) h-43 71 81° - 71

Vay chiéu cao ctia cong khoang 185,6 mét.

Ciu 6: Mot bo thu nang lwong mit troi dé 1am néng nude duoce lam bang mot tim thép khong gi co mit
ct hinh parabol (minh hoa nhu hinh v& dudi day). Nudc sé chay théng qua mot duong dng nam
& tiéu diém cua parabol. Hoi duong 6ng cach dinh bao xa?

Loi giai

Goi phuong trinh chinh tic cua parabol can tim la: y* =2px(p=0)

Piém A(L 3) thudc parabol nén thay toa do diém A vao phuong trinh trén ta dugc:

GV. Phan Nhat Linh - & SDT: 0817 098 716
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F=2ple p:%

. . 9
Khi d6 phuong trinh chinh tic cta parabol la: y* = Z.E.X =0x
Tam cua dudng dng chinh 14 tiéu diém cua parabol.

Khi d6 toa db tiéu diém F Eg;o] _ (—;oj

Vay khoang cach tir tim dudng éng dén dinh cua parabol 1a % =2,25m.

HET

n GV. Phan Nhat Linh - @ SDT: 0817 098 716
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