| CHUONG |

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

GIOI HAN
HAM SO LIEN TUC

BAI: GIOI HAN CUA DAY SO
PE TEST SO 01

PHAN 1. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Caiu 8:

thi sinh chi chon mot phuong an.

o ?
1945n

A. —o0 B. 1. C.2. D. +o.
Cho lim u, =3, lim v, =—1. Trong cdc m¢nh dé sau, ménh dé nao sai?

n—>+0 n—>+w

Tim lim (2 +

n—>+o0

A. lim (u,-v,)=2.  B. lim (u,+v,)=2. C. lim (u,5,)=-3. D. lim =3,
n—>+oo n—>+oo n—>+oo n—>+w vn
2
Tim i Tn +52n+1954?
n—+w0 n°+1
A. + B. 5. C. 1954, D. 7.

Cho hai day s6 (u,) va (v,) théaman u, >0,v, <0, Vn.Biét lim u, =a, lim v, =b. Trong cac

n—»+w n—+w

ménh dé sau, ménh dé nao ding?

A. lim \ju, =a. B. lim\/Z:\/Z.

n—+w

C. lim \fv, =b.

n—+ow

D. lim \fv, =~/b.

n—>+0

Cho hai ddy s6 khong 4m (u,) va (v, ) théaman lim u, =4, lim v, =3. Trong c4c ménh d¢ sau,

n—>+0w n—+w

ménh dé nao sai?

A. lim (Ju, =2 B. lim Ju,+7v, =5.
C. lim \Ju, +7v, =2++/21. D. lim /v, =+/3.
2
. J30n+4n +1975
n—>+o0 n+1
A. 2. B. 7/30. C. +0. D.0.
Tim cong boi cuia cép s6 nhan 1ui vo han, biét S = —6; u =-3.
AL B. L. c. -1, D. -1,
2 3 2 3
Tinh téng sau: § =1—l+l+....
A.l. B.i. C.z. D. 1
2 2 3
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

. _ _ 3 . .
Cho cap so nhan Iui vo han (u,) v6i u, =—. Tong cla cap sO nhan nay bang
4}1

A. 3. B. 2. C. 1. D. 6.
Gidi han lim(—n4 —5n+11) bang

A. -0, B. +x. C. 1. D. —1.
Gi61 han lim(2” —5”) bang

A. 400, B. 2. C. 2. D. —o0.

n-1
Tinh tong S:1—1+L—L+...+ L +...
5 25 125 5

AL B2 c.2. D.2.
5 5 6 4

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

Cau 2:

sinh chgn ding hoic sai.

Cho hai day s6 (u,) va (v,) v6i: u, =n* +n+1;v, =1-n. Xét tinh ding sai ciia cac ménh dé

sau.
a) lim u, =+oo.

n—>+%

b) lim v, = +oo.

n—>+00

¢) limu,v, =—oo.

n—>+o0

d) lim 2= = 0.
n—)+00un
2 _ 2
Cho hai day s6 (u,) va (v,)véi y 20 ZAntT o N4+

8n’ +3n+1" " 8n

a) limu, 1
2

n—>+o0

n—>+w0

b) lim (vn —lj =0
4

¢) lim (2un —4vn)= 0

n—>+o0

d) lim —2 =1
n—+0 2vn

Page 2

Swu tdm va bién soan



Cau 3:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Xét qua trinh tao ra hinh vudng nhu sau:

Bat dau hang mot hinh vudng H canh bang 1 don vi d¢ dai (xem Hinh 6a). Chia hinh vuong
H, thanh chin hinh vuéng bang nhau, bé di bon hinh vuéng, nhan dugc hinh H, (xem Hinh 6b).
Tiép theo, chia mdi hinh vudng cua H, thanh chin hinh vuéng 16i bo di bdn hinh vudng, nhan
dugc hinh H,(xem Hinh 6c). Tiép tuc qué trinh nay, ta nhan dugc mot day hinh
H, (n=123,.).

H, H, H, H,

a) b) c) d)
Hinh 6

Xét u, 1a canh ctia mdi hinh vudng twong tmg véi hinh H, (n=1,2,3,...).

a) u, =

3
1
b) 1/[2 :E

(g . i A - 1
¢) u, 1ap thanh cap s6 nhan Iui v6 han véi cong boi g = 3

d) Goi S, 1a tong dién tich tat ca cac hinh vuong & hinh A, . Khi d6 limS, =0

Mot bénh nhan hang ngay phai ubng mot vién thudc 100mg . Sau ngay dau, trudc mdi lan udng,
ham luwong thudc cii trong co thé van con ton du 5%. Xét tinh dung sai ctia cac khang dinh sau
a) Ngay trudc khi uong vién thude ngay thir 2, ham luong thude trong co the 1a 100mg .

b) Ngay sau khi uéng vién thudc ngay thir 2, ham luong thudc trong co thé 1a 105mg .

¢) Ham luong thudc trong co thé sau khi udng vién thudc ngay thar 4 1a 105,2625mg .

d) Néu sir dung thudc 1au ngay thi ham luong thude trong co thé hiang ngay dugc ude tinh theo
cong thirc 100(1+5%)mg .

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cau 1:

Cau 4:

Tinh gidi han sau: lim (\/an +n —\/an +1) (két qua lam tron dén hang phan trim)

n—>+o0

Biét gi6i han ciia lim 2“ Z “1 = % (a,b tbi gian). Gia tri cia P =2a+b la

Ban dang chuén bi 1am mdt chiéc banh nhiéu 16p. pé phu déu cac 16p banh, ban str dung mot loai
b6t min. Lugng bot phii cho 16p banh dau tién 1a 100g. O mdi 16p tiép theo, lugng bot can thiét
s& giam di 20% so véi 10p trude do do dién tich can phii giam dan. Hay tinh tong luong bt ban
can str dung néu ban mudn phii v han 16p banh theo quy tic nay.

Cho s6 @ =3,13131313...1a s6 thap phan v6 han tuan hoan c6 chu ki 1a 13, s6 a duoc biéu dién

L AL R A .o X . \ A A LR
dudi dang phan s6 toi gidn dang a =—, trong d6 x va y la cac so nguyén duong. Tim tong x + y
y
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Cau 5:

Cau 6:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Cho hinh vuéng ABCD c6 canh bang a, va c6 dién tich S,. Néi 4 trung diém A, B,, C,, D,
theo thtr tv cua 4 canh AB, BC, CD, DA ta duoc hinh vudng thir hai c¢6 dién tich S,. Tiép
tuc lam nhu thé, ta dugc hinh vudng thir ba 1a A,B,C,D, ¢6 dién tich S,, ...va ct tiép tuc lam

nhu thé. Gia st qua trinh trén kéo dai v6 han. Tinh téng dién tich cac hinh vudng duoc tao thanh
néu a, =4cm.

I

D

Dy s

AL (‘l

B ,
B c

Cho tam giac OMN vuong can tai O, OM =ON =5. Trong tam giac OMN , v€ hinh vudng
OA,B,C, sao cho cac dinh 4, ,B, ,C, lan lugt nam trén cac canh OM, MN,ON . Trong tam giac
AMB,, v& hinh vuéng 4 4,B,C, sao cho cac dinh 4, ,B, ,C, lan lugt nam trén cac canh
AM , MB,, AB,. Tiép tuc qua trinh d6 mai mii, ta dugc mot diy cac hinh vudéng (tham khao
hinh v& duéi day). Tinh tong dién tich cic hinh vudng nay.

N
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 4:

thi sinh chi chon mgt phuwong an.

Tim lim| 2+ 2 ?
e 19450
A. —© B. 1. a2 D. +o.

Loi giai

lim| 2+ ? = lim 2+L.l =2+L.O=2.
N>+ 1945n ) n—+o 1945 n 1945

Cho lim u#, =3, lim v, =—1. Trong cAc ménh dé sau, ménh dé nao sai?

n—>+w n—>+00

-. B. lim (1, +v,)=2. C. lim (u,3,)=-3. D. lim "= 3.
n—>+owo n—+owo n—+wo Vn

Loi gidi
+ lim (u, —v,)= lim u, — lim v, =3—(-1)=4.

n—»+0 n—>+o0 n—>+0

+ lim (u, +v,) = lim u, + lim v, =3+(-1)=2.
+ lim (u,v,) = lim u,. lim v, =3.(-1) =-3.
limu, 3
+Co lim L =122 = —=-3,
ooy o limy, -1

n—>+w

2
Tim lim n +52n+1954 9
n—>+oo n _|_1

A. +o B. 5. C. 1954. D. 7.

2 +— 3
fim T ESH1954 T T
n—>+w n +1 n—>+o0 1 1

Cho hai day s6 (u,) va (v,) théaman u, >0,v, <0, Vn.Biét lim u, =a, lim v, =b. Trong cac

n—>+wo n—>+o0

ménh dé sau, ménh dé nao ding?
A. lim \Ju =a. C. lim /v =b. D. lim /v =+/b.
n—t0 ¥ n—too ¥ 7 n—to ¥ " \/_

Co u, >0 va limu, =a nén lim u, =~/a .

n—»+w n—>+0

Cho hai day s6 khong 4m (u,) va (v,) théaman lim u, =4, lim v, =3. Trong c4c ménh d¢ sau,

n—+0w n—»+ow

ménh dé nao sai?

A, lim (Ju, =2. B. Iim \ju,+7v, =5.
lim«/un+7vn:2+\/i. D. lim\/Z:\/g.
Loi giai
C6 u, >0 va limu, =4 nén lim \Ju, =4 =2.
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Cau 7:

Cau 8:

Cau 9:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

C6 v, >0 va limu, =3 nén lim \fv, =+/3.

lim (u, +7v,) =\/4+73 =25 =5.
2
b T J30n +4n +1975
n—>+0 n+1
A.2. B. \/30. C. +o0. D. 0.
Loi giai
30, ,, 1975
2 T 2
Taco lim \/30n+4n 1975 = lim+2 n :£:2.
n4o n+1 141 1

n
Tim cong boi cua cap sO nhan Iui vo han, biét S =-6; u, =-3.

B. 1. c.-L. D. -1
3 2 3

U _ ___3 :l
_q(|q|<1):> 6—1_q:>q >

+ Ta co: S=1

Tinh téng sau: § =l—l+%+....

A.l. B.E. D. 1.
2 2

Loi giai
+ Do cac so hang cua vé phai cta tong S 1ap thanh mdt cap s6 nhan lui v han c6 s6 hang dau
1

u, zl,q:—z.
7 ~ , u]
+ Ap dung cong thac: § =1 .
—-q
+ Ta dugc: S=1—l+l+....=1.—11 _2
2 1+— 3
2

A A . . 3 2 14 14 3
Cho cap so nhan lui vo han (u,) véi u, = YTk Tong cua cap sO nhan nay bang
A. 3. B. 2. (o] D. 6.
Loi giai

Goi ¢ la cong bdi cua cap so nhan (u,). Ta co

U mug=>q = o > 3 _ 3 ﬁ@ L
it T AT T s Ty
/4 A A 3 A ) 4 IS ~ . A \ N u, 33
SO hang dau tién u, =Z. Suy ra tong cta cap so nhan lui vo han nay la S ZI_ZZ:Z =1.
—-q

Cau 10: Gidi han lim(-n*~5n+11) bing

A. —0. B. +0. C. 1. D. —1.
Loi giai
Ta co
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

4

lim(=n* = Sn+11) = limn* [ ~1- = + 11| = <0,
n3 n

4

Vi limn* = +oo; lim(—l—%+ llj: -1
noon

Cau 11: Gi6i han lim(2" —5") béng
A. 4. B. 2. C.-2. D. —©.

Loi giai
nm(z" —5") —lim5" (@j —1] =—».

Vi lim5" = +oo; lim[(éj —IJ =—1.

n—1
Céu 12: Tinh tong R3S PSP S S BRI
5 25 125 5

AL B2 c.2. D.
5 5 )

Al

Loi giai
Céc sb hang ciia tong 1ap thanh cip s6 nhan Iui v6 han véi u =1, qg= 5

A , A A 5 A A A r 1 M
Tong cuia n s6 hang dau cua cap sO nhanco u, =1, g = 3 bang:

n—1 n
Snzl—l+L—L+...+ —1] :ul.l_—q.
5 25 125 5 l-¢g

Vi: |q| <1, do do:
n—1
e P R
5 25 125 5 1-¢ 1_(_1] 6
5
5
Vay S==.
y §==

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi
sinh chon ding hoac sai.

Caul: Cho hai day s6 (u,) va (v,) v6i: u, =n’ +n+1;v, =1—n. Xét tinh ding sai cua cdc ménh dé
sau.
a) lim u, = +oo.

n—>+w0

b) lim v, = +oo.

n—>+0

¢) limu, v, =-—oo.

n—>+o0

d) lim Y= =0.

n—>+0 un
Loi giai
| a)ybing | b)Sai | ¢ Ping | d)DPing
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Caiu 3:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

a) Dung

,}EEO” —nlLrEO(n +n+1)—lLrEOn (1+111+n_) + 0.
b) Sai

nlirgov —nlirgo(l n)—hmn( 1—;)— 0.

c) Bung

nlgg}u v, —hm(n +n+1)(1-n)= 11m(1 n)=-o,
d) bung

lim Yz = hml—n—O.

ooy e’ 4+

2 —4n+7  NAn’ +5

Cho hai day b (u,) va (v,)véi u, = LV, =
ys0 (u,) vé (v,) "8t +3n+1" " 8n
a) limu, =—
. 1
b) lim (vn——jzo
n—>+0 4
c) lim (2u, —4v,)=0
n =1
n—>+%0 2vn
Loi giai
| a)Sai | b)Ping | oSai | d)Sai |
4 7
2n? —An+7 2=t 2 .
a) limu, = lim ———=lim —2-% ===—_ - Saj
n—>+00 n—>+00 87’1 +3n+1 l’l~>+008 é+i 8 4
2
n o n
/ 5
2 4+—
b) limvn:limﬂzlim L =3=l:>11m(vn—lj=0 - DPung
n—>+00 n—>+00 8n n—>+0 8 8 4 n—>+oo 4
) 1 1 3
¢) lim (4u, —v,)=4limu, - limv, =4.———== > Sai
n—>+00 n—>+0 n—>+0 4 4 4
li 1
imu, ”
d) lim Uy _ =f2de 4 _1 - Sai
2y, 2limy, 5,1 2
n—>+w 4

Xét qua trinh tao ra hinh vudng nhu sau:
Bit dau hang mot hinh vuéng H, canh bang 1 don vi d6 dai (xem Hinh 6a). Chia hinh vuong

H,, thanh chin hinh vudng béng nhau, b6 di bén hinh vudng, nhan dugc hinh A, (xem Hinh 6b).
Tiép theo, chia mdi hinh vuéng ctia H, thanh chin hinh vudng rdi bo di bon hinh vudng, nhan
dugc hinh H,(xem Hinh 6c). Tiép tuc qué trinh nay, ta nhan dugc mot day hinh
H (n=1,23,.).
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Cau 4:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

H, H, H, H,

a) b) c) d)
Hinh 6

Xét u, 1a canh ciia mdi hinh vuéng twong tng véi hinh H, (n=1,2,3,...).
1

a) u, ZE
1

b) U, = E

c¢) u, lap thanh cap s6 nhan i v6 han vé6i cong boi ¢ :%

d) Goi S, 1a tong dién tich tat ca cac hinh vuong & hinh H, . Khi d6 limS, =0
Loi giai
‘ a) Pung ‘ b) Sai ‘ c¢) Dung ‘ d) bung

~ . 1 X
a) H, co 5 hinh vudng, moi hinh vuéng c6 canh bang 3 Do d6 u, = % Vay ménh dé ding.

b) H, c¢6 5.5=5" hinh vudng, mdi hinh vudng c6 canh bang %:3% Do do6 u, :é. Vay

W | —

ménh dé sai.

x . 1 _
¢) H, ¢6 5" hinh vudng, moi hinh vudng c6 canh bang 3 Do do6 u, = 3% la cap so nhan lui

%. Vay ménh dé ding

n n 2n n
d) Dién tich S, cia H, 1a: § =5[] (L] =5 [ L] =2
! 3 3 3 9

Khi d6 lim S, = lim(gJ =0. Vay ménh d¢ dang.

vo han véi g =

Mot bénh nhan hang ngay phai ubng mét vién thuéc 100mg . Sau ngay dau, trude mdi 1an udng,
ham lugng thudc cii trong co thé van con ton du 5%. Xét tinh dung sai cia cac khang dinh sau
a) Ngay trudc khi uong vién thude ngay thir 2, ham luong thude trong co the 1a 100 mg .
b) Ngay sau khi uéng vién thudc ngay thir 2, ham luong thudc trong co thé 1a 105mg .
¢) Ham luong thudc trong co thé sau khi udng vién thudc ngay thir 4 1a 105,2625mg .
d) Néu sir dung thudc 1au ngay thi ham luong thude trong co thé hiang ngay dugc ude tinh theo
cong thue 100 (1 + 5%) mg .
Loi giai
| a)Sai | b)Ping | obPing | d)Sai |

a) Sai.
Ngay trudc khi udng vién thudc ngay thir 2, ham luong thude trong co thé 13 100.5% = S5mg .
b) bung.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Ngay sau khi ubng vién thudc ngay thtr 2, ham luong thudc trong co thé 1a 100+5=105mg .
c¢) bung.
Sau khi udng vién thudc ngay thir 1, ham lugng thudc trong co thé 14 u, =100mg . Sau khi
udng vién thude ngay thir 2, ham lugng thude trong co thé 1a

5

uz=—u]+100—L 100+100=100 1+L mg . Sau khi udng vién thudc ngay thir 3, ham
100 20 20

2
luong thude trong co thé 1a u, = Lu2 +100=100 1+L + (L) mg . Sau khi udng vién
20 20 (20

thudc ngay thir 4, ham luong thude trong co thé 1a

2 3
U, =%u3 +100=100(1+2LO+(2LOJ +(%) ]=105,2625mg .

d) Sai.

n

- 1 4 n—
Batrzﬁ,taco l+r+r 4.+ = ,n>22,nelN.

—-r
Néu sir dung thudc 1au ngay thi ham luong thude trong co thé hing ngay 1a

limu, = lim [100(r"" +7" +...+r+1)]:1im100-1_”” _ 100

n—0 n—>+o0 n—0 1—-7r 1-r )

PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Caul: Tinh gi6i han sau: lim (\/2112 +n—~2n? +1) (két qud lam tron dén hang phén tram)

Loi giai
Tra loi: 0,35

(\/2112 +n —\/2712 +1)(\/2n2 +n +\/2n2 +1)
\/2n2+n +\/2n2+1 .

n 1—l 1 1
n—1 ) n . T 2

=lim\/ - \/ = = lim = lim =T.
1 1
2n" +n++2n" +1 " \/2+1+\/2+1 \/2++\/2+2
n n’ n n

e . "+1 o e
Cau 2: Biét gio1 han cua hmzin +1 :%(a,b toi gian). Gid tricia P=2a+b la

Ta c6: 1im(J2n2 +n =2 +1) — lim

Loi giai

n 1+ — =
1/3 1 T3 \/ +3n 1
2.3" - , 1 12

3" 3”

Dodé a=1,b=2.Suyra P=2a+b=2.1+2=4.

Cau 3: Bandang chuin bi lam mot chiéc banh nhiéu 16p. bé phu déu céc 16p béanh, ban str dung mot loai
b6t min. Lugng bot phii cho 16p banh dau tién 1a 100 g. O mdi 16p tiép theo, lugng bot can thiét

Traloi: 4

Ta c6: lim

s& giam di 20% so voi 16p trudc d6 do dién tich cAn phu giam dan. Hay tinh tong lwong bot ban
can sir dung néu ban muén phu v6 han 16p banh theo quy tic nay.
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Cau 4:

Cau 5:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC
Loi giai
Tra loi: 500
Luwong bot can cho 16p dau tién: v, =100 g.
Do mdi 16p tiép theo 16p bot can giam di 20% néntacod: g=1-0,2=0,8.
Khéi lugng bot ¢ timg 16p 1ap thanh mot cAp sé nhan véi u, =100 va ¢ =0,8.
Téng lugng bot can dung cho cac 16p banh 13 tong ciia mot cap s6 nhan 1ui vo han:
u, 100

S=—1 = =500
1-q 1-08

Vay, tong luong bot can dé phu v6 han 16p banh 1a 500 g
Cho s6 a =3,13131313...1a s6 thap phan v6 han tuan hoan c¢é chu ki 14 13, s6 a dugc biéu dién

. A K Ae ey X , \ .k A \ 2
dudi dang phan s6 toi gian dang a =—, trong d6 x va y la cac so nguyén duong. Tim tong x + y
Y

Loi giai
Tra 1oi: 409
13
Taco a=3+ 13 + 132+ 133+...:3+&:ﬁ_
100 100° 100 I—L 99
100
x=310
Suy ra = x+y=409.
y=99

Cho hinh vuéng ABCD c6 canh bang a, va c6 dién tich S,. Néi 4 trung diém A, B,, C,, D,
theo thir tw cua 4 canh AB, BC, CD, DA ta dugc hinh vudng thir hai ¢ dién tich S,. Tiép
tuc lam nhu thé, ta dugc hinh vuéng thir ba 1a A,B,C,D, ¢6 dién tich S,, ...va ct tiép tuc lam
nhu thé. Gia st qua trinh trén kéo dai v6 han. Tinh téng dién tich cac hinh vudng duoc tao thanh
néu a, =4cm.

Dy

s s

B ,
B c

Loi giai
Tra loi: 32

V2 V2 V2

2
Ta co: 4D, =~/2.4D, ==-AD, C,D, === AD, :[TJ AD,...

2
Khi d6: S, =A4AD?, S, = AD; :lADZ, S, =C,D,’ :lAlDf = (lj AD?,...
2 2 2
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Cau 6:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC
Ct nhu vy ta thiy canh ciia cac hinh vudng 1ap thanh 1 cdp s6 nhan véi s6 hang dau 1a AD va

A A 2 \ [N ’ 7 3 A A \ A A A N A e A

cong boi g = - con dién tich cac hinh vuong lap thanh 1 cap s6 nhan lui v6 han véi so6 hang
A 13 v A |

daula S, va cong boi ¢ =

Do d6 téng dién tich cac hinh vudng s& 1a: S = Sl.; =S L =2§,.

I-¢' " 1—
Khi ¢, =4 =S, =16cm*> = S =32cm’.
Cho tam gidc OMN vudng can tai O, OM =ON =5. Trong tam giac OMN , v€ hinh vudng
OA,B,C, sao cho cac dinh 4, , B, ,C, lan lugt nam trén cac canh OM ,MN,ON . Trong tam giac
AMB,, v& hinh vuong 4 A4,B,C, sao cho cac dinh 4, ,B, ,C, lan lugt nam trén cic canh
AM, MB,, AB,. Tiép tuc qué trinh d6 mai mai, ta dugc mot day cac hinh vudng (tham khao
hinh v& duéi day). Tinh tong dién tich cic hinh vudng nay.

N
C, B,
& & .
C x|
_l 3 i
0 A, A, A, M
Loi giai
Tra loi: 8,33
N SN PO \ 5 5 5
D9 dai canh cua cac hinh vuong lan luot la ¢, ==; a, = Z; a, = g;
5Y 5Y 5Y’
Dién tich cta cac hinh vudng 1an luot 13 S, = (Ej S, = (Z) ; S, = (gj -

y A ’ \ A A A N\ e A re A A \ 25 \
Céac dién tich §; S,; S;; ... tao thanh cap s6 nhan Iui v6 han véi s6 hang dau 1a S, = " va

cong boi la ¢ =%.

25
L LA A 1 A 1a 4 25
Do d6, tong dién tich cac hinh vuong 1a S= —7= ?
1——
4
---------- HET -
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

GIOI HAN
HAM SO LIEN TUC

| CHUONG |

BAI: GIOI HAN CUA DAY SO
PE TEST SO 02

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi
thi sinh chi chon mot phuong an.

Caul: Tim lim(2—lj?

n—>+0 n
A. —o0 B. 1. C.2. D. +oo.
Ciu2: Cho limu, =a, lim v, =b. Trong cic ménh dé sau, ménh dé nao sai?
A. lim (u,—v,)=a-b B. lim (u, +v,)=a+b.
C. lim (u,v,)=ab. D. lim 2 =q—b.
n—>+00 n—>+o0 v,
Cau3: Tim lim 239
n—>+w }’Z—l
A. +o0 B. -3. C. 0. D. 2.
2
CAu4: Tinh lim Y Fon+2+n
n—»+w I’l+1
A. 2. B. 3. C. +. D. 5.
Cau5: Gidtri cua gidi han lim (\/n +9—+/n +4) bﬁng
A. 1. B. 3. C.5. D. 0.

Cau 6: Biéu dién sb 4,333333... dudi dang phan sb tdi gian c6 dang %, Tinh a+b?

A. 21. B. 30. C. 39. D. 48.
Cau7: Tim 1im(8n5—n3+1)
A. 40, B. 8. C.1. D. —©.
3
) -2 :
Cau8: Giatricua lim nz2n+s bang
n—>+0 3+5n
2
A. 5. B.g. C. —0. D. +o0.
2 _H.3
Cau9: Tim Izlim7n3—2nz+1.
3n”+2n" +1
A.Z. B. —g. C.0. D. 1.
3 3
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Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

. (2024Y"
lim| —— | bang
2025

A0, B. +. c.l. (208
2 2025
Tinh lim1+3+5+....+(2n—1)
2.(n+1).(n+2)
A.l. B. -3. C.é. D.é.
2 4 2
Tinh lim5+25+...+5
3.5"+2.3"
3 B.6. c.l b. 2L
12 4 3

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi y a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.

Cho hai day s6 (u,) va (v,) véi u, _3n+l v, _zan

n+2’ n

a) limu, =3.

n—>+0

b) lim —=_=0.
n—)+oo3n+1

¢) limvy, =5.

n—>+0

d) lim Yz =0.

n—>+w0 n

Cho hai diy s6 (u,) va (v,) v6iu, =vn*+n—-n, v, =<n>-8n—n

b) limv, =b>0.

n—>—+00

. u
¢) lim—2+=0.
n—+o p

d) C6 hai gia tri nguyén duong ciia a dé lim (\/n2 —8n—n+ az) =0.

Cho hai diy s6 (u,) va (v,) voi u, =\n*+1 va v, =2n.

a) lim vy, =+o0.

n—>+0

b) lim u, =+o0.

¢) lim (u,-v,)=0.
-5n’ (un —vn)

n—»+o0 n+1

=0.
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Cau 4:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Cho tam giac déu ABC c6 do dai canh bang 1. Nbi cac trung diém A, B,,C, cua cac canh
BC,CA, AB ta dugc tam giac déu ABC,. Tiép tuc ndi cac trung diém A,,B,,C, cua cac canh
B,C,,C A, AB, ta dwogc tam gidc déu 4,B,C, , thuc hién qué trinh nay dén vo han. Goi S, 1an la

dién tich cua tam giac déu 4B C, .

a) Tam giac 4 B,C, co do dai cac canh bang % .

A N s A I3 N o : A ’ \ 3 * A ’ (4
b) Bict rang tam gidc déu c6 canh bang a thi c6 dién tich la . Dién tich tam giac 4,B,C,

c)batu, =S5 +S5,+S,+..+8,. Khi d6 limu, :1—\/25.

d) Dt h = AA, by = A Ay by = Ay Ay, sh =A A NA v, =h +h +...+h . Khid6 limv, =+/3.

n—1“"n

PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Ciu 5:

n4+n’+1 a . a ;. ., ,
—————~=—— (- toigian, a;beN). Tinh T =a+3b.
2018—-3n b b

Tinh gidi han sau: lim (\/n2 +2n—n —2);

n—>+x0

Biét L =1lim

n+2
Két qua cua lim———— bang
2"+2.5"

Nam dang ngdi hoc thi nghe c6 tiéng mua roi. Tiéng mua roi 16p dop nhit dan dén khi Nam nghe
gan nhu déu dan. Thoi gian dau tién Nam woc chimg khoang 5 gidy. Sau d6 thoi gian lién tiép

.y . 1 1 A N z A , X . A A o N ,
giam di = gidy. Thoi gian Nam bat dau nghe céc tiéng mua roi gan nhu déu dén la......... phut.
Twr d cao 63m cia mdt ngon thap, ngudi ta tha mot qua bong cao su xuéng dét. Gia st mdi lan

A 5 J . 5 A A M 1 A \ 5 J r J A
cham dat qua bong lai ndy Ién do cao bang m dd cao ma qua bong dat duoc ngay trude do. Bo

dai hanh trinh ciia qua bong tir thoi diém ban dau cho dén khi né nam yén trén mat dat (khi
khoang cach tir qua bong dén mit dat khong dang ké) 1a bao nhiéu mét?
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Cau 6: Ong An dy dinh dung xen k& 2 mau vang, xanh dé son trang tri mot birc tudng hinh chit nhét theo
cach nhu sau: Dau tién ding mau vang son birc tuong theo tam bia hinh chit nhat H, c6 chi€u dai, chiéu

rong tinh theo don vi m lan luot 1a \/g +1 va 2, sau d6 cit hinh H, thanh m6t hinh vuéng c6 canh

bang chiéu rong cia H , va hinh chit nhdt H,, rdi ding mau xanh son tuong theo hinh H 5y ...CU tiép

tuc qua trinh nhu vay cho dén khi hinh chit nhét tao ra c6 dién tich khong dang ké. Biét rang tién cong dé

son mdi mét vudng tuong nhur vay 1a 21 nghin dong. Hoi ong An can chuan bi ti da bao nhiéu tién
cong cho tho son? (két qué tinh theo don vi nghin déng va lam tron dén hang nghin).

A E B
G b4
D F C
---------- HET -
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén cau 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

thi sinh chi chon mgt phuwong an.

Tim lim (2 —lj ?
n—»+oo n

A. —0 B. 1. c. 2l D. +o.

Loi giai
lim (2 —lj =2.
n—+0 n

Cho lim u, = a, lim v, =b. Trong cAc ménh dé sau, m¢nh dé nao sai?

A. lim (u,—v,)=a-b B. lim (u, +v,)=a+b.
C. lim (u,.v,)=ab. D. lim 2 =q—b,
n—+oo n—>-+00 Vn
Loi giai
u
Iim 2=—(b#0
n—>+oov b( )
Tim lim 2= 9
n—>+00 n_l
A. +o0 B. -3. C. —o0. D. 2
Loi giai
3
2+
fim 223 i 22 5
n—+0 n_l n—+o 1_1
n
2
Tinh lim \N4nT+5n+2+n
n—+0o I’Z+1
A. 2. B. 31 C. 4. D. 5.
Loi giai
5 2
[ 2 = A 4+—+—+1
Taco lim 4n +5n+2+n=1im n ln =3.
n—+0 n+1 1+7
n
Gia tri cia gidi han lim (\/n+9—x/n+4) bang
A. 1. B. 3. C.5s. D. 0
Loi giai

Taco: lim (Vn+9 n+4)=lim n+9- (n+4 = lim =0.
(Vn+o -+

n—»+o0 n—>+ow0 ,}’l+5+ /n_l_ n—»+ow [\/7 \/7}
I+=+, |n+—

Biéu dién sb 4,333333... duéi dang phan s6 téi gian c6 dang %, Tinh a+b?

A. 21, B. 30. C. 39. D. 48]
Loi giai

Page 5

Swu tdm va bién soan



Cau 8:

Cau 9:

Cau 10:

Cau 11:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

S—1+3+£i+¥%4~3;+~4—3 +m:1+3+37L+3ri;+&—%4~~+3r——+ =1+S"

10 10° 10 10" 10 10 10 10"
Nhan thay S' tong ctia cp s6 nhan lui vo han véi u, =3,q:%.
Dodo S=14+- 1 —14 3 4,303

I-¢  _1 9 9
10

Vay a+b=39+9=48
Tim 1im(8n5—n3+1)
A. +oof B. 8. C. 1. D. —o.

Loi giai

11m(8n -n’ +1 = lim »’ (8——+ j +0. Vi lim n’ = 4o; hm(S—L+LJ=8

n—»+w n—»+w n—>+0 N—>+00 n n

Gid tri cia fim 7= ping
n—>te  345n

2

A.S. B.g. C. —o0. D. +o0
Loi giai
=242 =242
3 2 3
fim =245 _ i n- :]),1 B_1=+400 Vi lim n’ = +o0; limg—n:l
n>+0 34 85p n—>+x 2. n—>+o0 n—>+0 A 5
n n
2 3
Tim ]=limw.
3n" +2n" +1
A.Z. B. —z. C.0. D. 1.
3 3
Loi giai
7 1
2 _A~.3 *—24‘73
Ta co I:Iimw:hm%:—g.
3n” +2n" +1 3+ S 3
n o n
lim 2024 bang
2025
A0 B. 4 c.l. L2
2 2025
Loi giai
<1.
Tinh lirn1+3+5+....+(2n—1)
2.(n+1).(n+2)
AL B. -3. c.2. D.2.
2 4 2
Loi giai

Taco: u, =1 va d =2 nén 14+3+5+...+2n-1)=[1+(n-1)2]n
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Khi d6
14345+, +Qn-1) _ . [1+(n—1).2].n
2.(n+1).(n+2)  2.(n+1).(n+2)

(2_1j.1

(2n-1.n . n 1

m =lim =5
4(n+1)(n+2) 4_(1”)_(2“] 2

lim

n n
Céu12: Tinh lim>t 2>+
3.5"42.3"
A B. 6. c. L. p. =L,
12 4 3
Loi giai
5.(1—5”) —5.(1—5")
Taco: u,=5va g=5nén 5+25+...+5" = =
1-5 4
Khi d6
1 1
. 55" — -1 5] = —1

5425445 —S5(1=5") (5” j . (5" ) 5
lim 35127 :hm125” 83n:llm - =1lim - :E

e > e 5”.(12+8.2n] [12+8.;j

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi
sinh chon ding hoac sai.

Ciul: Chohaidiysb (u,) v (v,) v6i u, =200y =279
n+2 n
a) limu, =3.
b) lim —_=0.
o 341
¢) limv =5.
d) lim 2= =0.
n—+o pn
Loi giai
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Pung
1
3+—
2) Pling. Vi lim >0 = lim — 2L =3
n—+0 g4 n—>+0 1 2
+7
n
, - u . 1
b) Bing. Vi lim ——= lim =0.
ns>+03Ip 4] ot p42
5—4n 24
¢) Sai. Vi lim =lim&4—=-4,
n—>+o0 n n—>+o0 1
s 4
— 2
d) Dlng. Vi lim Y2 = Tim 2~  fi 2 =0,
n—>+00 n n—>+o0 n n—>+00
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Cau 2:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Cho hai day s6 (u,) va (v,) v6iu, =vn*+n—-n, v, =~n>-8n—n

b) limv, =b>0.

n—+w0

¢) lim 2z =0,

n—+ow n

n—>+0

d) C6 hai gia tri nguyén duong ciia a dé lim (\/n2 —8n—n+ az) =0.

Loi giai
‘ a) Pung ‘ b) Sai ‘ c) Dung ‘ d) Sai ‘
a) bung. Vi lim(\/n +n— n)—hm\/ " =lim ll :%.
n4+n+n \/l++1
n
b) Sai. Vi lim(\/nz—Sn—n) lm——"  fim——"  —_4<0.
n—0 n—»00 ’n _8n+n n—>0
1——+1
[ 1+1 1
— L
¢)Pang, Vi lim %= im X227y X g
n—+o p n—>+w n n—>+0 1
2 _8un—(n—a®)? 2a° -8)n—a*
d) Sai. Vi lim(\/n2—8n—n+a2)zlimn Bn-n=a)” _ jim ( )
n—»+w n—»+w /n2_8n+n_a2 n—»+w In2_8n+n_a2
4
2q>-8-4
n

= lim =a’-4=0<a=+2.Ma a nguyén duong nén a =2.

n—>+o0 2
N8«
n n

(Hoac lim (\/n2—8n —n+a2): lim (\/n2—8n —n)+a2 =a’-4=0a==%2).

n—>+ow n—+w

Cho hai diy s6 (u,) va (v,) voi u, =vn’+1 va v, =2n.

a) lim v, =+o0.

n—>+o0

b) lim u, =+o0.

n—+0

¢) lim (u,-v,)=0.

d) lim () g
n—>4e0 n+1
Loi giai
‘ a) DPung ‘ b) Ping ‘ ¢) Sai ‘ d) Sai ‘
a) bung. Vi nlirgo v, = nlilgo(2n) =

b) Pung. Vi lim V#* +1 = lim n‘/l+L =400 do lim n =+, lim /1—1—L =1.
n—>+o0o n—>+o0 n—>+o0o n—>+o0 n

©) Sai. Vi lim (1, =v,) = lim (n* +1-2n) = lim n( /1+i2—2J -
n—>+o0 n—»+owo n—>+0 n

Page 8

Swu tdm va bién soan



Cau 4:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

do lim n =400, lim [,/1+L2—2J=—1.
n—+o n—>+oo n

. =50’ —5n* (u, —
d) Sai. Vi lim S va lim (u,—v,)=—o nén lim M: +00
n—+0 1+ n—>+w n—>+ow n+1
) —5n’ /1+i2—2 1+i2—2
= v o1 _Sn (un _vn) : n : 2 n
Hoac: Vi lim ———————"+=0= lim = lim (—Sn ) - -4
n—>+% n+1 n—>+0 1 n—>+00 1
nl1+— I+—
n n

lim — 5n* = —©

n—>+0

SNizS

lIm-—<~=-1<0
n—>+ow 1
1+—
n

Cho tam giac déu ABC c6 do dai canh bang 1. Nbi cac trung diém A, B,,C, cua cac canh
BC,CA, AB ta dugc tam giac déu ABC,. Tiép tuc ndi cac trung diém A4,,B,,C, cua cac canh
B,C,,C,A,, A B, ta dugc tam giac déu A,B,C, , thuc hién qua trinh nay dén vo han. Goi S, 1an la

dién tich cta tam giac déu 4 B C

n-n-_n*

A,

a) Tam giac 4 B,C, c6 d6 dai cac canh bang % :

A N s A I3 N o :A ’ \ 3 *A ’ [
b) Bict rang tam gidc déu c6 canh bang a thi c6 dién tich la . Dién tich tam giac 4,B,C,

V3

64

cybatu, =S +S5,+S,+..+§,. Khi d6 limu, =§.

d)Dat h = A4, ,h, = AA4,,h, = A A,,...h, =4 A vav =h+h,+.+h .Khido limy = NCR
Loi giai
‘ a) Pung ‘ b) Sai ‘ c¢) Dung ‘ d) bung
a) bung.

. 1 1 . ;
Co B,C, la duong trung binh cua tam gidc ABC nén B/C, = EBC = Do tam gidc ABC déu

R s L AA AN s s 1
nén A4 B,C, cling la tam gidc déu. Vay tam giac 4 B,C, c6 do dai cac canh bang 5
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

b) Sai.
Cach 1: Co B3C3=1B2C2——BC—l BC=—.
2 4 8 8
Dién tich tam giac 4,B,C, la: S, = 1 ﬁzﬁ
8 256

Cach 2:
Dién tich tam gidc ABC la: S, =

Taco: § :lSO;S2 :lS1 :LSO;S3 :lS2 :LS0 :L.ﬁzﬁ(vi canh tam giac sau bang
4 4 16 4 64 64 4 256

1 .
5 canh tam giac trudc).

c¢) blng.

Dién tich tam gidc ABC la: Sozg.
N 1 1 1 , A A A . A A
Ta cé: S, :ZSO,S2 :ZS”S3 :ZSQ,.... Do d6 {S,} 1a mdt cap so nhan 1ui v6 han v6i cong boi
_1
9=7
limun:Sl+S2+S3+...+Sn+...:i:£.
I-g 12
d) bung.
3 1 1 1 NV ST G T .
Taco: by =——,h,=—h,hy=—h,,....h, =—h,_,,..= {h,} 1amot cap s0 nhan Iui v6 han véi
27 2 2 2

cong bdi ¢ :%

limv, =h1+h2+...+hn+...=1hl =3,
—q

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

n+nt+1

Biét L =lim———— = -2 (£ (i gian, a;heN). Tinh T =a+3b.
2018 —-3n b
Loi giai
Tra loi: 10
I+ ! + !
3 2 Y
Taco L=lim 2t ji o’ _ L
2018—3n 2018 3
n3
Vay a=1,b=3=T=a+3b=10.
Tinh gidi han sau: lim (\/n2 +2n—n —2);
Loi gidi

Traloi: —1.
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Cau 3:

Cau 4:

Cau 5:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

2 2
lim(\/n2+2n—n—2)zlimn ton—(mHdntd) 2n—4

nohee o (\/n2 +2n +n+2) e (\/n2 +2n +n+2)

L 4
= lim L =-1
[ 1+2+1+2J
n n
i n+2 .
Két qua cia lim———— ban
d 425 8
Loi giai
Traloi: 12,5
n 1 !
5 3() +25
.. 345 342550 5 25
Tacod lim =lim =lim =—.

2"4+2.5" 2" +2.5" 2" 2
5" (5] +2

Nam dang ngdi hoc thi nghe c6 tiéng mua roi. Tiéng mua roi 16p dop nhat dan dén khi Nam nghe
gan nhu déu dan. Thoi gian dau tién Nam udc chimg khoang 5 gidy. Sau d6 thoi gian lién tiép

.o . 1 1 [N \ . . < A ’ < A . A A - \ /.
giam di O gidy. Thoi gian Nam bat dau nghe céac tiéng mua roi gan nhu déu dan la......... phut.
Loi giai

Tra 10i: 1

Goi ¢ 1a thoi gian giira 2 tiéng mua roi dau tién va ké tiép
t, 1a thoi gian gitra 2 tiéng mua roi thr hai va ké tiép

t,1a thoi gian gitra 2 tiéng mua roi thtt 1 va ké tiép

Theo dé ra ta co day $6 {tn } tao thanh cép 6 nhén 10i vo han véi sb hang dau tién 1a t, =5s,

cong boi g = 1
gbo1 g Th
Vay thoi gian Nam bat dau nghe céc tiéng mua roi gan nhu déu dan 1a :
=l > _60 (giay) =1 (pht).
1— q 11
1——
12

Tir d6 cao 63m cta mot ngon thap, nguoi ta tha mot qua bong cao su xudng dat. Gia sir mdi lan
A 5 J . 5 A A M 1 A \ 5 J r J A
cham dat qua bong lai ndy 1én do cao bang m dd cao ma qua bong dat dugc ngay trudc do. Bo

dai hanh trinh ctia qua bong tir thoi diém ban dau cho dén khi né nam yén trén mat dat (khi
khoang cach tir qua bong dén mit dat khong dang ké) 1a bao nhiéu mét?
Loi giai
Tra loi: 77.
Ta thiy:
Ban dau bong cao 63m nén cham dat lan 1 béng di chuyén quing duong S, =63(m).
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Caiu 6:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Tir lac cham dat 1an mot dén cham dét 1an hai bong di chuyén duoc quang duong la
S, = 2S1.L = 2.63.L _8 (do d6 cao lan hai bang L d6 cao ban dau).
10 10 5 10

Ttr lac cham dét 1an hai dén cham dat 1an ba bong di chuyén duoc quing dudng 1a S, =S, %

A M 1 A A . ;oA A r N e A LA 3 J
(do dd cao lan ba bang m dd cao lan hai). Cur ti€p tuc nhu vay kéo dai ra vo tan thi ta c6 dugc

tong quang duong ma bong cao su di di chuyén 1a
1

2
S=8+8,+S,+..=8,+8S, +ST%+ST[EJ +.=8+8,—— =63+?.—=77(m).

Vay quing duong di chuyén cta bong 1a 77m .

Ong An du dinh dung xen k& 2 mau vang, xanh dé son trang tri mot burc tuong hinh chir nhat theo
cach nhu sau: Pau tién ding mau vang son birc tudng theo tim bia hinh chir nhat H , €O chiéu dai, chiéu
rong tinh theo don vi m lan luot 1a \/g +1 va 2, sau d6 cit hinh H , thanh mat hinh vudng c6 canh
bang chiéu rong cia H , va hinh chit nhit H,, rdi ding mau xanh son tuong theo hinh H 5y ...CU tiép
tuc qua trinh nhu vay cho dén khi hinh chit nhét tao ra c6 dién tich khong dang ké. Biét rang tién cong dé

son mdi mét vudng tuong nhur vay 1a 21 nghin dong. Hoi ong An can chuan bi ti da bao nhiéu tién
cong cho tho son? (két qué tinh theo don vi nghin déng va 1am tron dén hang nghin).

A E B
G H
D P C
Loi giai

Tra loi: 220.

T4Am bia ban d4u 1a hinh chit nhat ABCD ky hiéu 1a H,, H, 1a hinh chitnhat EBCF , H, la hinh
chirnhat GHCF . Hinh chir nhat H ,, c6 dugc béng cach cit di hinh vudng c6 canh bf?mg chiéu rong
cua hinh chit nhat #, .

Ta chimg minh 2 hinh chit nhat 4, , H ddng dang voi ty s6 ,voimoi ne N.

n+l

Xét bii todn tng quat: Cho hinh chi nhit MNPQ ¢ % _1 +2‘/§

thudc canh MN, PQ sao cho ti giac MIJQ 1a hinh vudéng. Chimg minh rang 2 hinh chir nhat
MNPOQ va NPJI 13 2 hinh chir nhat déng dang.

. Goi 1,J 1a cac diém lan luot
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

M I N
Q J p
Ta c6 2 hinh chit nhat MNPQ va NPJI 1a 2 hinh chir nhat dong dang khi A]\{]}\j ];5
MV s s S NP 2 145
NP2 2 2 N

Twr d6 suy ra NP = o7 do d6 hai hinh chir nhat MNPQ, NPJI ddng dang véi ty sd

. 1+ S
Theo két qua nay thi 2 hinh chitrnhat H , ddng dang vai ty sb ,voimoi ne N.

n+1

Goi S

(Hl)’S

(H2)’S

()2 la di¢n tich cac hinh chitnhat H,,H,, H,,...
3

Suy ra (S(Hn)) 13 cAp sb nhan i v han c6 cong bdi g =#, S(Hl) 22(\/§+1)

Do d6 tong dién tich tuong duoc son 1a:

2(«/§+1)
_ () _
8y Sy Tt Sy )+ = = =6+25.

1-¢q 1_3—\/5
2

S :S(Hl)

S4 tién can dimg 1a: 7' = 21000. ( 6+25 ) . Két qua lam tron dén hang nghin nén s6 tién tdi da 6ng An
can chuén bi 14 220 nghin dong,
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

GIOI HAN
HAM SO LIEN TUC

| CHUONG |

BAI: GIOI HAN CUA HAM SO
PE TEST SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén cau 12. M&i cau hoi
thi sinh chi chon mot phuong an.
Caul: Giatricua lim(2x2 —3x+ 1) bang

x—1

A. 2. B. 1. C.0. D. 4.
.  20x+1|=5Vx* -3
Cau2: lim bang
x>-2 2x+3
1 1
A. 3. B. —. C.7. D. —.
3 7
X =9 .
Cau3: Tinh lin; bang:
X—> X —
A. 3. B. -3. C.6. D. +oo.
Cau4: lim At bang
x>0 —x +1
A. —4. B. 4. C.2. D. 1.
Caus5: Tinh lim 32X .
xo—0—x +7
A. 2. B. 3. C.i. D._—z.
7 7
Cau6:  Tinh lim (Va®+3x —x-3).
A2 B. -3. C.o0. p. L.
2 2
Cau7: Kétquacua lim x=19 la
=2t x =2
A. +o0. B. —o. C._Tls. D. 1.
Cau 8: Trong cac gidi han sau ddy, gidi han nao bang +oo ?
A. lim =2X*4 B. lim —>*%, C. lim =2X*2 D. lim =X+
x40 x—7D -2 x—2 x»2" x =2 X0 x—2
A N . 3+2x
Cau9: Tim gidi han lim .
x—>-2" x+2
A —l. B. —o C. +© D z
4 4
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Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Tim gi¢i han lim (x2 —2x+ 1).

X—>+0

A. +o0. B. —o. C.0.

Tim gi¢i han lim (2x5 —3x% + 1).

X—>— 0

A. +o0. B. —o. C.0.

A= 1lim (\/x +x+1- \/2x +x— 1)
Tim giéi han ~ “* :

A. +o0. B.g. C. 0.

D. 0.

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

sinh chgn ding hoic sai.
Cho f(x)=x2 —6x+35, g(x)=10—2x.

a) limf(x):O.
b) 11m[2f(x g(x )] 12.
o) lim? () _5.

x—5 g(_x)

2

d) lim EAC I

x5 g(x)

4x’ —6x+5 2x

Ch = , = .

? f(x) x-3 g(x) x=3
a) lim g(x)=2
b) lim f(x)=4
¢) lim f(x) =-2
& lim [ (x)-g(x)]-(+-3)=-3
Cho 2 hamsé f(x) =m va g(x)= xx—21 :
Y i/ )=lin
b) £1£13g(x)=+oo.
)i/t~
D il S (x)g ()] ==

27t+10
S6 dan ctia mot thi trdn sau ¢ nam ké tir nam 2000 dwoc mo ta boi ham sd f ( ) s t>0
+

,trong d6 f(¢) duoc tinh bang nghin ngudi. Toc do tang dan sd ciia thi tran vao nam thi 7, ké

tr ndm 2000 la v( ) hmM (tinh bang nghin ngudi/nam).

t—>1, {— tO

Swu tdm va bién soan
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

a) lim f(t)=27.

t—>+o0
b) Khi thoi gian ¢ cang 16n thi s dan cua thi tran sé tién gan dén 27 nghin nguoi.
¢) Toc do tang dan sd ciia thi trAn vao nam 2024 1a 0,135 nghin nguoi/nim.
d) Tir sau nam 2000, c6 6 nam toc do ting dan sd cua thi trdn 16n hon 1000 ngudi/nam.
PHAN III. Cau trac nghiém tra 1oi ngan. Thi sinh tra 101 tir cau 1 dén cau 6.
x* —12x+35

Cau1: Tinh lim™=—————=(lam tron dén hang phan chuc).
5 25-5x

. 22X =X +11
Cau2: Keétqudcua hm# la
x>0 3x7 4+2x7 =5
(1+x) —(1+5x)

2

Cau3: Két qua cua giéi han lim bang

x>0 xX+x

Cau4: Két qua cia gii han lim (\/4x2 -x+2+ 2x—1) bang

Cau5: Gia su khoang céch tur dinh cua véach da dén mat dat 1a 30m . Mot hon da roi tr dinh cta vach
da xubng dat, sau khoang thoi gian t gidy, khoang cich cua no so voi dinh cta vach da la
s (t) = 5¢* . Tinh van tbc ciia hon da tai thoi diém hon ¢4 cham xudng dét, 1am tron dén hang phan
chucvadonvila m/s.

Ciau 6:  Chi phi (don vi: nghin dong) dé san xudt x san phdm ciia mot cong ty duoc xac dinh boi ham
s6: C (x) =15000+200x . Khi s6 san pham san xuat ra ngay cang nhiéu thi chi phi trung binh

chi t8i da 13 bao nhiéu?
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET
PHAN 1. Cau trac nghiém nhiéu phwong an lya chon. Thi sinh tra 161 tir cdu 1 dén cau 12. Moi cau hoi
thi sinh chi chon mgt phuwong an.
Caul: Giatricua 1}£r11(2x2 —3x+1) bang
A 2. B. 1. C.0. D. +o.
Loi giai
Ta co: lim(2x2 -3x+ 1) =0.

x—1
. 2|x+1|—5 x2 =3
lim .
Cau2: 7 2x+3 bang.

. B. 1. C.7. p. L
3 7
Loi gidi
2x+1|-5vx* =3 -
Tacé lim per =5V =3 2 3.
x>-2 2x+3 -1
2
limX_—2

Cau3: Tinh ** X—3 bang:

A.3. B. 3. C.6. D. +o.

Loi gidi
-9
Ta co: lim = 11m(x+3) =6
x—3 x_3 x—3
4x+1

Caud: ™ -x+1 bang

A. —4. B. 4. C.2. D. 1.

Loi gidi
1
4+—
lim x+l = lim xl =—4.
X—>—00 _x+1 x%—oo_1+7
X

. 3+2x
lim
Cau5: Tinh = —x+7,

A2 B3 S b. 2.
7 7

Loi giai
3
—+2
Ta co: lim 3+2x:lim X =-2.
X——0 —X+7 X——0 —l+z

X

lim (\/x2 +3x —x—3)

Cau 6: Tinh

- B. 3. C.o0. p. —..
2

Loi giai
Ta co:
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Cau 7:

Caiu 8:

Cau 9:

Cau 10:

Cau 11:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

2 2
lim (\/x2 +3x —x—3) = lim (m—3j = lim (3—)6—3}
o e x4+ 3x +x el x4 3x +x

= lim 3 -3 =i—3=—3
X—>+0 3 2 2
I+—+1
X
Két qua cua lim X1 la
2" x =2
A. 0. - .28 D. 1.
2
Loi gidi
lim(x—IS):—13<O
x—>2" _15
Vi { lim (x—-2)=0 nén lim > = —oo.
x—2" =20 x =2
x=2>0,Vx>2
Trong cac gidi han sau day, gi6i han ndo bang +oo ?
A. lim =244 - C. lim =X+4 D. lim =x*4
T =2t x—=2 X—>—0 X —
Loi giai
D& thiy Tim =% ~_3; Jim "% __3.
X—>+00 x_2 x—>—0 X —
lim (—3x+ 4) =-2
e 3x+4
Vi lim (x—2)=0 nén lim =400,
x—2" x—27 x—2
x=2<0,Vx<2
Tim gidi han lim 3+2x.
>-2" x4 2
A. —l. C. +. D.z.
4 4
Loi giai
L1 . \ n . 34+2x
Tacod lim (3+2x)=—1, lim (x+2)=0 va x+2>0nén lim =—c0. Chon B
x—>-2% x—-2" x—>-2" x+2

Tim gi¢i han lim (x2 —2x+ 1) :

X—>+0

A. +o0. B. —o. C.0. D. -1.

Loi giai

Taco lim (x2 —2x+1) = lim x* (1—2+L2j =+ do lim x* =+ va lim (1—2+L2j =1>0
X—>+0w0 X—>+00 X—>+0 X—>+00 X X

X X

Tim giéi han lim (2x5 -3x" + 1).

X—>— 0

A. 4. B. —. C.0. D. 2.

Loi giai
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Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

. 3 1
Ta co l1m< —3x? +1) = lim xS(Z——3+—5j:—oo do lim x’ =—oova

X—>+0 X—>—00 X X X—>—0

lim (2—% ij 2>0.

X—>—0 X X

A= lim (\/x +x+1- \/Zx +x— 1)
Tim gi6i han ~ **

A. +o0. B.%. C. —o0. D. 0.

Loi giai

Tacd: A= lim [|x|\/l+l+iz—xi/2+%_%]
X—>+0 X X X %
= lim x[\/l+l+%—i/2+i2—%j=_oo,
X—>+00 X x X X

vi = lim x = +o0 vé:lim{\/l+l+%—\/2 L——] 1- \/§<0
X

X—>+0 X—>+00 X X

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.
Cho f(x):x2 —-6x+5, g(x):10—2x.

a) limf(x)zO.
b) 11m[2f(x g(x )] 12.
c) hmf(x) 3.

x—>5 g(x)
d) im=———"=— [f(x)] =0.

x—5 ()C)

Loi giai
| a)yPing | b)Sai | ¢Sai | d)Ding |

a) bung.
b) Sai. lim| 2.(¥" —6x+5)—(10-2x) | =2(2" =6.2+5)—(10-2.2) =-12

f(x) :limx2 —-6x+5 :lim(x—l).(x—S) i (X—l) Y

Sai. li _ _
C) al xILISIg(x) -5 10-2x x5 _2(x_5) xl_I)Isl -2
d) bung.
hm[f( )] = (x —6x+5) = im((x_l) (x—S)) :hm(x_l) (x—5):
x—5 g(x) x5 10_2x x—5 _2(x_5) x5 —

4x> —6x+5 2x

Ch = , = .

o f(¥)=——— g(x)=3
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Cau 3:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

c) lim f(x)z—
d) lim [ f(x)-g(x)].(x-3)=-3.

Loi giai

‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘
, . L 2x . 2
a) Dung. xlirgog(x)—xliq}om—xlig—_é—2.
X
/ 6 5

X 4——+— 4——+—

b) Sai. lim £ (x) = lim L Z0%*5 _ X XX X g

. x)= lim 3
x x x x(l—j x ( j
x x
[, 6 5
2 —X 4—*+72
¢) bing. lim f(x)= lim YA ZOXFS X X _

X—>—00 X—>—00 x — 3 X—>—00 x 1 _ 3) X—>+00 (1 _ 3)
X X
d) Sai.
hm[f )].(x—3)=lim( 4x* —6x+5— Zx)—hm MARE
X0 X o \/ 4x’ —6x+5+2x
5
() o

= lim = lim X

) wx‘/4—9+i2+2x o 4—§+%+2
X X X X

Cho 2 hamsé f(x)= Mva g(x)= 7

X

a) lim f'(x)= lim

x—>2" =27 x — 2

b) £1_1)13g(x)=+oo.
c) lim f(x)=
d) }Lrgi I:f(x)g(x)] =—00.

Loi giai
| a)ybing | b)Sai | o Ding | d)DPing
a) Bung
Vix—>2" nén x-2>0=|x-2|=x-2.
. X
Podo Jim /9=l 775

b) Sai
Vi lim(x—-1)=-1<0; hmx =0va x>0 khi x>0

x—0

x—1

2

=—0

Do do £1£r(}g(x) = lim >

x—0 x

¢) blung

Swu tdm va bién soan
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Cau 4:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Khi x - 2" thi |x—2|:—x+2

Vi limx=2>0; lim(—x+2)=0va —x+2>0 khi x > 2~

x—2" x—2"
X X
Nén lim f(x)=lim ——=lim —— =+
x—>2’f( ) x—2" |x—2| x=2" —x+2
d) bung
Tacéd lim [f(x).g(x)]= lim Lx—_zl ~ fim+ X=L
x—0" x—0" |x—2| X x=0" x |x—2|
Tacod
.ox-1 -1 _ .1 o1 o x-1
lim ——=— va lim—=+o0 nén lim —.——=-
x—0" x—2| 2 x—0" x x=0" x |x—2|
£ 1A , ~ .k o LN A o1 s 4 27t +10
S6 dan ctia m@t thi tran sau ¢ nam ké tir nam 2000 dugc mo td boi ham s6 f (t) = . >0
t+

, trong d6 f (t) duoc tinh bang nghin nguoi. Toc d¢ tang dan sd cta thi trin vao nam thir £, ké

tr ndm 2000 la v(to) = limM (tinh bang nghin ngudi/nam).

t—>1, {— tO

a) lim f(t):27.

t—>+0
b) Khi thoi gian ¢ cang 16n thi s dan cua thi tran sé tién gan dén 27 nghin nguoi.
¢) Téc d6 tang dan s cua thi trdn vao nim 2024 1 0,135 nghin ngudi/nam.

d) Tir sau nam 2000, c6 6 nam toc do ting dan sd cua thi trdn 16n hon 1000 ngudi/nam.

Loi giai
| a)ybing | b)Ping | Sai | d)Ping
a) bung
27+1t0
fm 1) = fim ——5==27
I+~
t
b) bung
Vi lim f ()=27 nén khi thoi gian ¢ cang 16n thi s6 dan cta thi trén s& tién gan dén 27 nghin
nguoi.
¢) Sai
125 125
Tac: £(t)= 276410, 125 f(t)-f(t) _t,+5 t+5_ 125
t+5 t+5 t—t, t—t, (t,+5)(¢+5)
v(t,) zhmf(t)_f(to) =lim 125 __1» -
151, t—t, 151, (t0+5)(t+5) (t0+5)
Téc do tang dan sb cua thi tran vao ndm tht 4, k& tir ndm 2000 1a v(z, ) = ( 12> % (nghin
t,+5
nguoi/nam)
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Do d6 toc d6 ting dan so cta thi trdn vao ndm 2024 1a v(24) = 12—52 ~ 0,149 nghin
(24+5)
nguoi/nam.
d) DBing
Dé toc do tang dan sb cua thi trdn 16n hon 1000 ngudi/nam thi:
V()= —22 516 (1, +5) <125.
(t,+5)

Do d6 0 <1, <~/125—5. Vay tir sau ndm 2000, c6 6 nam: 2001, 2002, 2003, 2004, 2005, 2006
tbc do tang dan sb ctia thi tran 16n hon 1000 ngudi/nam.
PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cu 1 dén cau 6.

2
. —12x+ . )
Caul: Tinh hmx—x35 (lam tron dén hang phan chuc).
=5 25-5x
Loi giai
Traloi: 0,4.
- -7)(x-5 -
Taco lim®—123+35 (2 N)(x=5) a7 2 0y
=5 25-5x =5 =5(x=5) =5 -5 5

. . 2x =Tx*+11
Cau2: Ketquacua llm% la
=0 3x° +2x7 =5

Loi gidi
Traloi: 0.
2 7.1
3752 S at %
Tacor lim =X 2 2 2 0
oo 3x° 42X =5 o 3_'_2_3 3
6
X

X
A ) Yy e . (1+x)5—(1+SX)
Cau 3: K¢&t qua cua gidi han lim

x=0 xX+x

Traloi: 0.

[(14x) =1] -5

(1+x)5—(1+5x) x[(1+x)4+(l+x)3+...+1}—5x

Ta co lim > =lim 5 =lim 5
x>0 x+x x>0 x+x x>0 x+x
[(1+x)4 +(1+x)3 +...+1J—5
=lim =0
x>0 I+x

Cau4: Két qua cia gi6i han lim (\/4x2 X t242x— 1) bing

Loi giai
Traloi: —0,75.

4x* —x+2—(2x-1)
Tnc um(m+2x_1):nm[x x+2-(2 >]

AR 2 NAx —x+2-2x+1

. [ 3x+1 J 3
= lim =——
el JAxP —x+2 = 2x+1 4
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Cau 5:

Cau 6:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Gia str khoang cach tir dinh ctia vach da dén mat dat 1a 30m . Mot hon da roi tir dinh cta vach
da xudng dat, sau khoang thoi gian t gidy, khoang cach cua nd so véi dinh cia vach da 1a
s(t)=5¢*. Tinh vén toc ctia hon d4 tai thoi diém hon d4 cham xuéng dat, 1am tron dén hang phan
chucvadonvila m/s.

Loi giai
Tra loi: 24,5.
t=6
t=—6 (1)

Hon dé s& cham dét khi va chi khi s(t)=5" =30 & < =6

Vay hon d4 s& cham dét tai thoi diém 7 =+/6 ~ 2,4495 (s)

Tai thoi diém hon da cham Xuéng dat, van tc cua hon da la
s-s(V6)  spisiet
s i g hm (e 8 =104 <245 (mls)

Chi phi (don vi: nghin dong) dé san xuat x san pham cta mot cong ty duoc xac dinh boi ham

s6: C(x)=15000+200x . Khi s6 sin pham san xuat ra ngay cang nhiéu thi chi phi trung binh

chi t8i da 13 bao nhiéu?

Loi giai
Tra loi: 200.
Chi phi trung binh C(x) dé san xuit mot san pham la: C(x)= 15000 +200x )
x
Ta co: lim C(x) = 1imw _ limEISOOO +200j 200,
Yot X+ X X—>+00 X

= Khi s6 san phim san xuét ra ngay cang nhiéu thi chi phi trung binh chi téi da 1a 200 nghin
dong.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

GIOI HAN
HAM SO LIEN TUC

| CHUONG |

BAI: GIOI HAN CUA HAM SO
PE TEST SO 02
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.

Cau1: Gid trj ctia lim(2x” —3x+1) béng

x—1

A. 2. B. 1. C.0. D. +oo.
.  2fx+1=5Vx* -3
Cau2: lim bang.
x>-2 2x+3
1 1
A. 3. B. —. C.7. D. —.
3 7
Cau3: Tinh lim 272X,
x>0 —x +7
A. 2. B. 3. C.é. D._—z.
7 7
Ciud4: Tinh lim(\/x2+3x—x—3).
A._—3. B. -3. C.0. D._—7.
2 2
Cau5: Kétquacia lim x=15 la
=2t x —
A. 0. B. —©. C. :%é. D. 1.
Cau 6: Trong cac gidi han sau ddy, gidi han nao bang +oo ?
A lim 2X*4 B. lim =+ % C. lim =X*4, D. lim =X*%
x40y — 7D 2 x—=2 2 x=2 x>0 x—2
A N . 3+2x
Cau7: Tim gidi han lim .
x—>-2t x+2
A. —l. B. —o. C. +o0. D.z.
4 4
2
Cau 8:  Gidi han 1imw bang
x—>3" |x—3|
1 1
A, 2. B. 2. C. —. D. ——.
2 2
A . 2X +5x7 -
Cau9: K&t qua cia gidi han lim # la
o= x"+6x+3
A. 2. B. +o0. C. —o. D. 2.
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Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Gid¢i han lim bang
2" x—
A, —00, B. +o. C. 0.
2x-1)(3x+2)(4x-5
Tinh = tim L )(3x J(4x=5)
X0 8x”+2x+7
A. L=3. B.L=%. C.L=4

2

Tim gidi han 4 = lim(\/x2 +x+1 —%/2x3+x—1):

X—>+0

A. +o0.

B.

(USHINN

C. —.

D. 0.

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi
sinh chon ding hoac sai.

Cau 1:

Cau 3:

Cau 4:

Cho ham s6 f(x)=

a) lim f(x)

X—>—00

b) lim g(x)

X—>—®

=1.

=1.

Vax? +1

el 8 g(x)= 2x+3

o) lim (f(x)-g(x))=-2.

X—>—00

[ (x)
d) lim 2(%)

Cho ham s6 f'(x) ¢ £i£1}f(x)=—2 va g(x):(x—3)3.

=—1.

a) lim g(x)=0.

x—3"

b) lim —
x—3* glx

(
im f(x)
c) 3»3* 2(x)

d) lim

Cho ham s6 f'(x) :{

= —00 .

o
)8 )

a) £if,2f($):_8'

27

¢) lim f(z

27"

b) lim f(:v):—3.
)=2.

d) lim f(z) =2

Nha anh Binh ¢6 mot hd hinh chit nhat rong 10 hecta va c6 d6 sau trung binh 1,5m . Trong hd

=+00.

1-x* khix<?2

Jx+2 khix>2

c6 chtra 5000 7’ nudc ngot. Pé nudi tdom, anh Binh bom nudc bién c6 nong d6 muoi 1a 30

Swu tdm va bién soan
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

gam/lit vao ho voi tbe d6 10 m* /phut. Theo nghién ciru, danh gia, d6 min do bang cac may kiém
tra nuGce thich hop trong ao nudi tdm thé chan trang nam trong khoang tir 2 - 40%o. Tom séng va
phat trién tot nhat vai chi s tir 10 - 25%o.

a) Sau ¢ phut thi lwrong mudi trong ho 1a 300z (kg)

b) Sau ¢ phut, lvgng nude trong hd 1a 5000 +10¢ (m3) .

¢) Nong d6 mudi ctia nude trong trong ho tai thoi diém ¢ phat ké tir khi bom 1a
500 +¢
C(t)= /).
()=2" (g1
d) Khi ¢ du 16n thi nudc trong ho sé thich hop dé tdm phat trién.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:

Cau 4:

Ciu 5:

Caiu 6:

2 —
Tinh giéi han saulim X Z5x+6 .
x—2 X — 2

4 2
Tinh gi61 han sau lim al 54x tox-3
X—>—0 2x + 3x + 1

3 2_1

X . ].+ 4 Ko . . . . R
Biét hrr(};2 :% (phan s6 ti gian). Tinh gid tri ctia biéu thic S =a’ +5.
xX—> X
0% i x<3
Cho hamsé f(x)=1 x-3 .Biét lim f(x)=a, lim f(x)=5. Tinh a’ +5.
x—3 x—3"
l-x khi x=3

Chi phi (don vi: triéu dong) dé san xudt x san phdm ciia mot cong ty duoc xac dinh boi ham sé:
C(x)=5x+12 (triéu dong). Khi sb san phim san xuat ra cang 16n thi chi phi trung binh ciia
mdi san phim ngay cang giam nhung khong vuot qua « triéu dong. Tim gia tri nho nhét cia «.
Mot chat diém chuyén dong thang v6i phuong trinh s(¢). Khi d6 van toc tirc thoi tai thoi diém

t, dugc dinh nghia 1a lim sty + A1) - S(to)

. Tinh van tdc tirc thoi caa chit diém véi phuong
At—0 At

trinh chuyén dong s(t ) =5t* =2t +3 (trong do6 s(t) c6 don vila mét, ¢ don vi la gidy) tai thoi
diém =3 giay.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.
Céu 13: Gi trj ctia lim(2x” —3x+1) béng

x—1
A. 2. B. 1. c. ol D. +oo.
Loi giai
Ta co: 1im(2x2 —3x+1) -0.

x—1

_ 2|x+1]-5Vx’ -3
lim

Cau 14: béng.
x—>-2 2x+3
A. B. l C.7. D. l
3 7
Loi giai
2lx+1-5Vx* -3 2-—
Tacd lim |x | a =2 5=3.
x—>-2 2x+3 -1
Cau 15: Tinh lim 3+2x .
xo—o—x +7
A. B. 3. c.3 p. =2,
7 7
Loi giai
3
—+2
Ta co: lim 2% = lim X = 2.
x—>—oo_x+7 x—)—oo_1+z

X

CAu 16: Tinh lim (x/x2 +3x —x—3).

X—>+0

A.. B. -3. C.0. D.%.

Loi giai
Ta co:

2 2
lim (\/x2 +3x —x—3): lim (m—3] = lim [3—x_3J
e o \Ix? +3x 4+ x e x4 3x +x

~ lim 3 =353
X—>+0 2
I+—+1
X
Cau17: Két qua ciia lim 2—2 Ia
x—2" x—z
A. +o0. E.. C._Tls. D. 1.

Loi giai
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

lim (x~15)=-13<0

x—2"

Vi < lim (x-2)=0 nén lim X212 = 0.
x—2" 2" x —
x—2>0,Vx>2
Céu 18: Trong cac giéi han sau ddy, gidi han nao bang +oo ?
A, lim =4 B C. lim =24 D. lim =>4
a0 x—7 =2 x=2 e
Loi giai
D& thiy lim =% — 3, fim =24 _ 3
x>ty — X—>—0  x —
lim (-3x+4)=-2
el -3x+4
Vi lim (x—2)=0 nén lim =
x—27 =2 x—2
x—2<0,Vx<?2
Cau 19: Tim gidi han lim 3t 2x
-2t x+2
A. —l. B. C. +o. D.l.
4 4
Loi giai
L1 . \ N . 3+2x
Taco lim (3+2x)=-1, lim (x+2)=0 va x+2>0 nén lim =—o0.Chon B
x—>-2" x—>—2" x—>-2" x+4+2
2 — N
CAu20: Giéihan lim *—+*3 ping

x—3" |x — 3|

A. B. 2. c. L p. -1
2 2

Loi giai
- 3—x)(1-
Tacs: lim =+, B=0)(1=Y) lim (1-x) = 2.
x—3" |x — 3| x—3" 3 —X x—3
2x° +5x7 -3
Céu 21: Két qua cua gidi han lim xz—x la
x> x°+6x+3
A. 2. B. +o0. C. —o. D. 2.
Loi giai
5 3
2+ ———
2 3 2 3
Ta co: lim M = lim x.g—’gz—oo.
oo x* +6x+3 x>0 14242
X X
P4
Cau 22: Gidi han lim bang
x—2" x—2
A. —o0. B. +c0. C.0. D. 2.
Loi giai
Tacoé: lim
=25 x— 2 x—2" x—>24r
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Cau 23:

Cau 24:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

(2x - 1)(3x + 2)(4x 5)

Tinh L = lim
x>0 8x’ +2x+7
3 4
A. L=3. B. L==. C.L=—. D. L=-3.
4 3
Loi giai
G ) G B o) G o)
) X ) X X xX)
Jim 3( ) = lim 2 7 =3
X 8+72+73
x° x

Timgi('yihanA:Iim(\/x fxrl—3x xm 1)

X—>+0

A. +o0.

(USHIEN

Loi giai

Tac: A= lim (x|\/1+ +——x§/2+i2_i3J
X—>+00 X x

= lim x[\/1+l+%—i/2+i2—%]:_oo
X—>+00 X X X X

vi = lim x = 400 VézlimL\/l+l+%—i/2 %—%J—l \/_<0

X—>+0 X—>+0 X X X

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi cau, thi

Cau 5:

sinh chon ding hoac sai.

Vax? +1 2x

Cho ham s6 f(x)= il va g(x):2x+3.

a) lim f(x)=1.

X—>—00

b) lim g(x)zl.

X—>—%0

¢) lim (f(x)—g(x)):—2.

x—>—

d) lim s

x>+ g(x)
Loi giai
‘ a) Sai ‘ b) Piling ‘ ¢) Pung ‘ d) Sai ‘
a) Sai.
A 11 —x‘/4+i2 —‘/4+i2
Taco lim f(x)= lim ———= lim ——* = [im —*—=-1.
x>0 H = 2x+1 o 2x+1 x> 2_'_1
X
b) bung.
. . 2x . 2
fimg(x)=fim o s = lim 3=t
X
¢) bung.
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Cau 7:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

lim ( f(x)-g(x))=lim f(x)- lim g(x)=-1-1=-2.

d) Sai.
lim f(x
x>0 g(x) lim g(x) 1

Cho ham s6 f'(x) ¢ £i£1}f(x)=—2 va g(x):(x—3)3.
a) }i_g}g(x):o.

1

b) lim =—00.
x—3* g(_x
¢) lim f(x) =—00,
x—3" g(x)
1
d) im—— =+00.
=3 f(x)g(x)
Loi gidi
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘
a) bung.
. . 3
fimg(x)=Jim(x=3) =0.
b) Sai.
Ta c6: lirg g(x)=0,VneN mavoin 1& thi g(x)>0 véi moi x> 3.
Do d6 lim =+00,
x—3" g(x)
c) bung.
Ta cé: limmz lim f(x). L
x—-3* g(x) x—-3" g(_x)
. : 1 e f(x) 1
Do lim f(x)=1lim f(x)=-2, lim——=+00 nén lim ——== lim f(x). =—0,
x—3" ( ) x—3 ( ) xa3*g(x) x—3" g(x) x—3*" ( ) g(_x)
d) Sai.
1 1 1
Ta co: lim = lim . .
=3 f(x)g(x) o f(x) g(x)
1 1 1 1 1 1
Do lim——=——, lim =+o0 nén lim = lim . =—00.
x—>3+f(x) 2 x—>3+g(x) x—>3*f(x)‘g(x) x—3* f(_x) g(x)

1-x? khix<?2

Cho ham s f(x):{mkhix>2.
a) £i_1)131f(x)=—8.

b) lim f(z)

27

27"

- 3.
¢) lim f(z)=2.
=2

d) lim f(z)

Swu tdm va bién soan
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC
Loi giai
‘ a) Sai ‘ b) Piling ‘ ¢) Pung ‘ d) Sai ‘
a) Ta co: lirrgf(a:) = 1in31(\/a: + 2) =+/5 . Suy ra ménh d2 sai.

b) Tacé: lim f(z)= lim (1-2*)=1-2* =-3. Suy ra ménh dé diing.
2"

2"

c) Taco: lim f(a:) = lim (\/IL‘ +2) =+/2+2 =2. Suy ra ménh dé ding.
z—2" 2"
d) Vi lim f(z)# lim f(z) nén khong ton tai linzlf(x) . Suy ra ménh dé sai.
2" 27 T—>
CAu 8: Nha anh Binh c6 m6t hd hinh chit nhét rong 10 hecta va c6 d6 sau trung binh 1,5m . Trong hd
c6 chtra 5000 7’ nudc ngot. DPé nudi tom, anh Binh bom nudc bién cd néng d6 mudi 1a 30
gan/lit vao ho vai tde dd 10 m® /phit. Theo nghién ciru, danh gia, d6 man do bang cac méay kiém
tra nuGe thich hop trong ao nudi tdm thé chan trang nam trong khoang tir 2 - 40%o. Tom séng va
phat trién tot nhat vai chi s tir 10 - 25%o.
a) Sau ¢ phut thi lwong mudi trong ho 1a 300z (kg)
b) Sau ¢ phut, lvgng nude trong hd 1a 5000 +10¢ (m3) .

¢) Nong d6 mudi ctia nude trong trong ho tai thoi diém ¢ phat ké tir khi bom 1a
500 +¢

C(r) (g/1).
d) Khi ¢ du 16n thi nude trong hd sé& thich hop dé tdm phat trién.
Loi giai
‘ a) Pung ‘ b) Ping ‘ ¢) Sai ‘ d) bung ‘
a) Dung.
Sau ¢ phut thi lugng mudi trong hd 1a 30.10000.¢ = 3000007 (g ) =300z (kg)
b) Dung.
Thé tich nuéc trong hé 1a 5000+10¢ (m’).
¢) Sai.
Nong d6 mudi cuia nuéce trong bé sau ¢ phat 1a C(¢) = 3000007 .3 (g/1).
5000000+10000¢ 500+¢
d) Dung.
Taco: lim C(1) = lim —t = fim o0 =32 _30.
t—>+0 t>+0 500 +¢ 1o+ @ +1 1

t
Ta thay khi luong nudc trong ho ting theo thoi gian dén dén mot lwong du 16m thi thi ndng do
mudi ctia nude s& ting dan dén gid tri 30( g/l ) , trc 14 d6 mian cua nude trong hd khong vuot
qué 30%o.
PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

2 —
Cau 7: Tinh gi6i han sau linng;g
X—> X —

Loi gidi
Tra loi: -1
2 — —
Ta co: Tim == H0 (22 (x=3) lim(x-3)=2-3=-1.
x—2 x_2 x—2 x_2 x—2
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

4 2
Tinh giéi han sau lim al 54x ox=3 .
oo 2x" 4+ 3x+1

Loi giai
Tra loi: 0,5
1 5+6 3
4 _5y2 - T2 3T 4
Tacor lim oX FO0X73 - o & a1
o DX +3x+1 T, 3.1 2
+5+—
X X
4. 31+X2—1 a n Ao Ke e, , ey s o X , 2
Biét 11II(}—2=Z (phan so toi gian). Tinh gia tri cua biéu thuc S =a” +b.
X X
Loi giai
Tra loi: 10
3 — —
Ta co: lim 5L 1—lm L+a’ =lim

x— 2 X—> X
’ X 0(,/ 1+x +\/1+x +1) 0,/ 1+x +\/1+x +1

Suyraa=1vab=3=S=1"+3"=10.

9% hi x<3 ., limf(x)=a limf(x)=b

Cho ham sb f(x)z x—=3 . Biét »3 , 3
1-x khi x>3
Tinh a” +b°.
Loi giai
Tra loi: 40.
Ta co:
2 — J—
lim £ (x) = lim 2= fim =" 3)(r+3) lim (~x—-3)=—-6=a.
x—=3" x=3 X — x—3" xX— x—3"
i/ (x)=lip(1=x)=-2=0.

Khi d6: a® +b* = (~6)" +(-2)" = 40.
Chi phi (don vi: tridu dong) dé san xuat x san pham ctia mot cong ty duge xac dinh boi ham sb:
C(x)=5x+12 (triéu dong). Khi s6 sdn phim san xuat ra cang 16n thi chi phi trung binh cia

mdi san pham ngay cang giam nhung khong vuot qua a triéu déng. Tim gia tri nho nhit cua a.
Loi giai

Traloi: 5

Sx+12 12

=5+—.

Chi phi trung binh ctia mot san pham la: E(x) =
x x

Khi s6 san pham ngay cang 16n thi x — +0, ta c6: lim E(x) = lim (5 + 2] =5.

X —>+00 X—>+00 X
Nhu vay gia tri nhé nhit ctia ¢ 1a a =5.
Mot chét diém chuyén dong thang véi phuong trinh s(¢). Khi d6 van tdc tire thoi tai thoi diém

t, dugc dinh nghia 13 lim s(ty + A1) = (1)
At—0 At

. Tinh van téc tirc thoi cua chit diém véi phuong
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

trinh chuyén dong s(t) =5t -2t +3 (trong d6 s(t) c6 don vila mét, ¢ don vi la gidy) tai thoi
diém ¢ =3 gidy.
Loi gii
Tra loi: 28
Vin tdc tirc thoi cua chat diém tai thoi diém 7 =3 gidy 1a

s(+a)-s(3) 5(3+ A1) —2(3+Ar)+3-42

1m
At—0 At At—0 At
2
i A0 F28AC (5At+28)=28(m/s).
At—0 At At—0
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

GIOI HAN
HAM SO LIEN TUC

BAI: HAM SO SO LIEN TUC
PE TEST SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 3:

Cau 4:

thi sinh chi chon mot phuong an.
Ham s6 nao sau day khong lién tuc tai x =32
2

A, y=+x+2. B. y=sinx. C.y= x3. D. y=x*+1.
x_

Cho ham sb f(x) xac dinh trén R, lién tuc tai x=1 va théa mén lim (x)=5. Khi do 7(1)

x—1

bang bao nhiéu?
A. f(1)=-5. B. f(1)=-1. C. f(1)=1. D. f(1)=5.

Su anh hudng khi st dung moét loai doc t6 voi vi khudn X duge mot nha sinh hoc mo ta bdi ham

A t + 1 J4 \ A . A 5 A A \ A [N

s0 P(t)= ERPRUE trong d6 P(¢) 1a sO lugng vi khuan sau ¢ st dung doc to. Him s6 P(¢) lién
e

tuc trén khoang nao sau day?

A. (0;4). B. (2;+oo). C. (0;+oo). D. (—oo;+oo).
Cho hamsé y=f (x) ¢ d6 thi nhu hinh v& dudi day

Chon khang dinh diing
A.Hamsb y= f(x) lién tyc trén khoang (—1;+oo)

B.Hamsb y = f(x) lién tuc trén khoéng(—oo;Z).
C.Hamsb y= f(x) lién tuc trén khoéng(2;+oo).
()

D. Ham s6 y = f(x)lién tuc trén khoéng(—oo;+oo) .
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Cau 5:

Cau 6:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

V3+2x -1 thi x> —1
Cho ham s6 f(x) = x+1 Px . Ménh dé nao sau diy sai?
2023x+2024 khi x<-1

A. Ham s lién tuc tai x=-5 B. Ham s lién tuc tai x =—1
C. Ham sd gian doan tai x=0 D. Ham s6 lién tuc tai x =1
, , e N ,
Xét tinh lién tuc cia ham so f (x) =442-x-1 . Khang dinh nao dudi day ding?
-2x khix>1
A f (x) khong lién tyc trén R. B. f (x) khong lién tuc trén (0;2).
C. f(x) gian doan tai x =1. D. f(x) lién tyc trén R.

Chon khéng dinh ding vé s nghiém cta phuong trinh sau: 4x° —6x* +x+1=0(1).

A. Phuong trinh (1) c6 it nhat 1 nghiém trong khoang (—l;O) .

B. Phuong trinh (1) v6 nghiém.

C. Phuong trinh (l) khong c6 nghiém am.

D. Phuong trinh (1) c6 it nhét 1 nghiém trong khoang (2;3).

Mot cong ty san xudt may tinh dd xac dinh duoc rang, tinh trung binh mot nhan vién co thé lap

rap dugc N (t) _ S0 (t > O) b6 phan mdi ngay sau ¢ ngay dao tao. Nang suit lao dong cao nhat

t+4
trong mot ngay cia mot nhan vién la bao nhiéu bo phan?
A. 46. B. 20. C. 4. D. 50.
Ham s6 nao dudi day lién tyuc trén tip R ?
+1 2-
A f(x)=x+1. B. f(x)=".  C f(x)=="2.  D.f(x)=Vx-1.
X x+2
Ham s6 nao sau day khong lién tuc trén khoang (1; +OO) ?
2z +
Ay=2"-22+2. B.y=-— 13. C.y=~z—1. D.y= */;2.
xXr — €T —

2

Cho cac ham s6 y=x’; y=sinx; y=tanx; y = > I C6 bao nhiéu ham sb trong cac ham
X +x+

s6 da cho lién tuc trén R ?

A. 4. B. 3. C.1. D. 2.
Phuong trinh nao dudi day c6 nghiém trong khoang (O; 1)?

A. x> =3x-4=0. B. (x-1) —x"-2=0.
C.3x*-4x*+5=0. D. X' -8x*+4=0.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi y a), b), ¢), d) & mdi cau, thi
sinh chon ding hoac sai.
Cau1: Cho ham sb co6 db thi nhu hinh duéi:

1__-I

1
o 2 > x

a) Ham sb d3 cho lién tuc tai diém x=0.

b) Ham sb da cho khong lién tuc tai diém x =2.
¢) Ham s6 dé cho lién tuc tai diém x=1.
d) Ham s6 dé cho khong lién tuc tai diém x=1.

~X Khix<1
Cau2: Chohamsd f(x)= va g(x)=x"-3x+1.

2_
X2 x> 1

x’ -1
a) Him s6 f(x) lién tuc tai diém x, =1.
b) Ham s g(x) lién tyc tai diém x, =1.
¢) Gidi han lim f(x) :%
x—1"
d) Ham ) y= f(x)+g(x) lién tuc tai diém x, =1.
x> +x+1 khi x<-1
Cau3: Chohamsd f(x)=1x+2 khi —1<x<1.
2x+3 khix>1

a) Hims6 y = f

x) lién tyc tai diém x=-2.
b) Ham s6 y = f(x)

(
(

¢) Him s6 y = f(x) lién tuc tai diém x=-1.

x) khong lién tuc tai diém x=0.

d) Him s6 y = f(x) lién tyc tai diém x=1.
Cau4: Chohamsd y= f(x)=x"+ax’ +bx+c (a,b,clacac s6 thuc)

a) V6i a=-3; b=0;c=2 thi phuong trinh f(x)=0 c6 it nhat mot nghiém trén khodng

(—2;0) .

b) Véi a=-3; b=0;c =2 thi phuong trinh £ (x)=0 ¢ it nhat hai nghiém trén khodng (-2;3)
) , ) -8+4a-2b+c>0 , . » L ,

¢) Véi cac so0 thuc a,b,c thoa man . S0 giao diém cua do thi ham s6

8+4a+2b+c<0

y=x +ax’ +bx+c vatruc Ox 1a2.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

] , at+tc>b+1 . . . ,
d) Vi cac so thuc a,b,c thdéa man . Tim s6 giao diém cua d6 thi ham s6
a+b+c+1<0

y=x"+ax’ +bx+c vatruc Ox 1a3.

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 4:

Cau 5:

Cau 6:

Cho phuong trinh 4x* +2x” —x—3=0. Phuong trinh c6 ding m nghiém trén khoang (—l;l) .
Tim m .

Cho ham s6 y = f(x) c6 db thi sau day:

4

-1

Biétring A={xeN:0<x<4 vahamsb f(x) lién tuc tai x}.S6 phan tit cia thp hop A 1a bao
nhiéu?
o [x* = 3x+2| khix >0
Chohams6 y= f(x)= .
x+1  khix<0
Ham s f (x) gian doan tai bao nhiéu diém?

—*+4¢t+12 khi 0<¢<5

) mé ta van tdc (m/s) cia mét vat tai thoi diém ¢
at-3 khi 5<¢<10

Ham s v(t) :{

(gidy) trong khoang thoi gian 10 gidy dau tién ké tir khi vét bat dau chuyén dong. Biét rang v(t)
1a ham lién tyc trén doan [0;10] va trong 10 gidy dau tién do, c6 hai lan vat dat van toc 10m /s
1a vao cac thoi diém ¢, gidy va ¢, gidy. Tinh ¢, +¢, (Két qua lam tron dén hang phan 10)
—8+4a-2b+c>0

S6 giao diém cia phuong trinh
8+4a+2b+c<0

Cho sb thuc a, b, ¢ théa main {

X +ax’ +bx+c=01a
Cho céc sb thuc a,b,cthoa man 4a+c>8+2bva a+b+c<—1.Khi dé sb nghiém thyc phan

biét ctia phuong trinh x° +ax” +bx +c¢ = 0 bang
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 3:

Cau 4:

thi sinh chi chon mgt phuwong an.
Ham sd nao sau day khong lién tuc tai x =32

A, y=~+x+2. B. y=sinx. g- D. y:x2+l.

Loi giai
2

Ham s6 y= khong xac dinh tai x =3 nén gian doan tai x =3.

Cho ham s0 f(x) xac dinh trén R, lién tye tai x=1 va thoa man lim f(x)=5. Khi d6 1 (1)

bang bao nhiéu?

A. f(1)=-5. B. f(1)=—1I. C. f(1)=1. D. f(1)=5.
Loi giai
Ham s6 lién tyc tai x=1 < lin’llf(x)zf(l). Suyra f(1)=5.

Sy anh huong khi str dung mét loai doc t6 voi vi khuan X dwoc mot nha sinh hoc mé ta bdi ham
: t+1 : . 2 , A LA TTa £ -
sO P(t) = EETIWE trong do P(t) 1a 6 lugng vi khuan sau ¢ st dung doc t6. Ham s6 P(t) lién

+i+

tuc trén khoang nao sau day?

A. (0;4). B. (2;+w). C. (0;+w). D. (~o0;+0).
Loi giai

Ham s6 da cho xac dinh trén tdp R . Vay ham s0 lién tuc trén R .

Cho ham s6 y = f(x) c6 dd thi nhu hinh v& duéi day

1

2
e

]
o[ i .

Chon khang dinh diing
A.Hamsd y= f(x) lién tuc trén khoang (—1;+oo)

B. Ham s y = f(x) lién tyc trén khoang(—o0;2).
D. Ham s6 y = f(x)lién tuc trén khoang (—o0;+0).
Loi giai

Duya vao d6 thi ham s6 ta thiy ham s6 lién tuc trén khoang (2; +oo).
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Cau 5:

Ciu 6:

Cau 7:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

V3+2x -l s

Cho ham s6 f(x) = x+1 . Ménh dé nao sau diy sai?
2023x+2024 khi x<-1

A. Ham s lién tuc tai x=-5 B. Ham s lién tuc tai x =—1

C. Ham 6 gién doan tai x=0 D. Ham s6 lién tuc tai x=1
Loi giai

Ta co:

+)Ham s6 f (x) =2023x+2024 lién tyc trén (—o0;—1) nén ham s6 lién tuc tai x =—-5.

V3+2x-1 2(x+1) . 2

+) lim f(x)= lim ——— = lim = lim ———=1
x—>-1" x—>-1"

x+l o (pa) (V32 k1) o (VBr2x )
lim f(x)= lim (2023x+2024) =1= f (-1).

x—>-1"

Vay ham sb hen tuc tai x=—1.

V3+2x -1

x+1

+)Hamsb f(x)= 1én tuc trén (—1;+00) nén ham s lién tyc tai x=0. Do d6 dép én

C sai.
\ £ V3+2x -1 _, A P £ 1a .
+) Ham s6 f'(x)= 1 1én tuc trén (—1;+o0) nén ham so lién tuc tai x =5.
X+

, , X khix<l . .
Xét tinh lién tyuc ciia ham s6 f (x) =qv2-x-1 . Khang dinh nao dudi day dang?
-2x khix >1
A. f(x) khong lién tuc trén R. B. f(x) khong lién tyc trén (0;2).
C. f(x) gian doan tai x=1. D. f(x)-R.
Loi giai

Khi x>1, f(x) =—2x lién tyc trén (1; +oo)

. x—1 .
Khi x<1, f(x)=—=———— lién tuc trén (—oo;1
S (x) J2—x1 ( )
f1)=-2
Taco jlim f(x)=lim (=2x)= -2 —— f(x) lién tyc tai x =1.
. . x—1 .
fim f () = lim g = lim [ (V2= 1) = -

Vay ham sé f(x) lién tuc trén R.

Chon khéang dinh ding vé s6 nghiém cua phuong trinh sau: 4x° —6x> +x+1=0(1).
R ——

B. Phuong trinh (1) v0 nghiém.

C. Phuong trinh (1) khong c6 nghiém am.

D. Phuong trinh (1) c6 it nhat 1 nghiém trong khoang (2;3).

Loi giai
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Caiu 8:

Cau 9:

Cau 10:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

bat f(x)=4x’—6x*+x+1,suyra f(x) lién tuc trén R.

Co f(-1)=-10;1(0)=1.

Taco: f(-1)./(0)=-10<0

Ma f (x) lién tuc trén R nén lién tuc trén [—1; 0] , suy ra phuong trinh c6 it nhét 1 nghiém thudc
(-1;0). Véy phuong trinh c6 it nhat 1 nghiém.

Mot cong ty san xudt may tinh di xac dinh dugc rang, tinh trung binh mot nhan vién c6 thé lap

rap dugc N (t) = i; (t > O) bo phan mdi ngay sau ¢ ngdy dao tao. Nang suét lao dong cao nhat
t+
trong mot ngay cua mdt nhan vién l1a bao nhiéu bo phan?
A. 46. B. 20. C. 4. D. 50!
Loi giai
Taco lim5—0t=50.
t—>+0 4+ 4

Ning suat lao dong cao nhat trong mét ngdy ciia mot nhan vién 13 50 bo phan.
Ham s6 nao dudi day lién tyuc trén tp R ?

A.- B. f(x)zxxtl. C. f(x)zi;;. D. f(x): x-1.

Loi giai

Ham s6 f(x) =x"+1¢o tap xdc dinh D =R = ham s6 lién lyuc trén R .

Ham s6 f(x) = xtl co tap xac dinh D =R\ {0} = ham s6 lién luc trén (—00;0) va (0;+o0).
x

Ham s6 f(x)= +)2C
X

co tap xac dinh D =R\{-2} = ham s6 lién luc trén (—o0;—2) va
(=2;+0).
Ham sb f(x) =+/x—1c¢o tép xac dinh D =[1;+00) = ham s6 lién luc trén [1;+00).

Ham s6 nao sau day khong lién tuc trén khoang (1; +00) ?

2
A y=1*-22+2. B.y= “13. C.y=vz-1. Q.-.
x_

Loi giai

+) Ham s6 y = 2° — 22 + 2 xéc dinh trén R nén lién tuc trén (1; +OO) .

. 2
+) Him s0 y = T+3 xac dinh trén R\ {1} nén lién tuc trén (1; +oo).

€T —

+)Ham s6 y = vz — 1 x4c dinh trén [1; +OO) nén lién tuc trén (1; +00]).

S—

\ A x A~ , . Y A ./ . 2: A . A \ P
+) Ham s6 y = —— khong xéc dinh tai diém x = 2 nén gidn doan tai diém do. Vay ham so6 da
x —

cho khong lién tuc trén khodng (1; +00) .
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Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

2

Cho cac ham s6 y=x’; y=sinx; y=tanx; y = il Co bao nhiéu ham s6 trong cac ham
X +Xx+

s6 da cho lién tuc trén R ?
A. 4. B. 3 C.1. D. 2.
Loi giai

2

7 \ A 2 . ST ’ . \ A /. LN A
Vicidchamso y=x"; y=sinx; y=— c6 tap xac dinh 12 R nén ching lién tuc trén R.

x +x+1

Ham s6 y = tanx c6 tap xac dinh 1a D=R\ {% +kr,k e Z} nén no lién tuc trén tung khoang

xac dinh S kﬂ';£+ kx|.
2 2
Vay ¢6 3 ham s6 di cho lién tuc trén R.
Phuong trinh nao dudi ddy c6 nghiém trong khoang (0;1) ?
(x—l)5 ~x'=2=0.

B.
C.3x"—4x*+5=0. D. x**' -8x*+4=0.
Loi gidi

A. x*=3x-4=0.

x=-1
+) Phuong 4n A4 : x° —3x—4=0<:>[ . Vay phuong 4n A4 sai.
¥ =

+) Phuong an B': (x—l)s—x7—2=0.

Vi xe(0;1) = x-1<0=(x—1)’ <0.

Véi xe(0;1) = —x" -2<0.

Vay véi xe(O;l):>(x—l)5 —x"=2<0 nén (x—l)5 —x’ —2 =0 khong c6 nghiém trong khoang
(0;1).

Vay phuong 4n B sai.

+) Phuong 4n C: 3x* —4x> +5=0 vo nghiém. Vay phuong 4n C sai.

+) Phuong 4n D: Xéthams6 f(x)=x"""-8x*+4=0.

Ham s6 lién tyc trén doan [0;1] va f(0).f(1)=4.(-3)=-12<0 suy ra phuong trinh
x2021

—8x’ +4=0 c6 nghiém trong khoang (0;1).
Vay phuong 4&n D dung.

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

Cau 1:

sinh chon ding hoac sai.
Cho ham sb ¢6 dd thi nhu hinh dudi:

¥
F Y
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

a) Ham sb d3 cho lién tuc tai diém x=0.

b) Ham s da cho khong lién tyc tai diém x =2.

¢) Ham s6 dé cho lién tuc tai diém x=1.
d) Ham s6 dé cho khong lién tuc tai diém x=1.

Cau 2:

Loi giai

| a)ybing | b)Sai | oSai | d)Ping

Quan sat dd thi ham s6 da cho suy ra ham s6 lién tuc tai diém x =0, khong lién tuc tai diém

x=1 va lién tuc tai diém x =2 suy ra a) dung, b sai, ¢ sai, d ding.

X Khix<1

Cho ham s6 f(x) = va g(x)=x"-3x+1.

2
— 2 .
xzﬁ khi x > 1
x =1
a) Him s6 f(x) lién tuc tai diém x, =1.

b) Ham s g(x) lién tyc tai diém x, =1.

¢) Gi6i han lim f(x) = %

x—>1"

d) Ham ) y= f(x)+g(x) lién tuc tai diém x, =1.

Loi gidi
| aybing | b)Ping | Sai | d)Ping

@) Ham so f(x) lién tuc tai diém x, =1
Tacé: f(l)=—= va lim f(x)=lim = =1

' 2 x—>1" x—1" 2 2 ’

2

lim f(x) —lim X 22 23x+2 zlim—(x (x=2) —lim X =% 2 =— ! .
x>t x>t x =1 x>t (x—l)(x+1) -t x+1 2
Viy f()=lim f()=-

Nén ham sé f(x) lién tuc tai diém x, =1.
Chon DUNG.
b) Ham so g(x) lién tuc tai diém x, =1.

Ta c6: g(1)=—1 va lim g(x) = 1’-3-1+1=-1 nén g(1)= lim g(x).

Vay ham s6 g(x) lién tyc tai diém x,=1.

Chon DUNG.
1
¢) Gioi hgn lim f(x) = 5
x—>1"
2
x—o1" x—1" x -1 x>l (x - 1)(x + 1) -t x+1 2

Chon SAL
d) Ham 56 y= f(x)+g(x) lién tuc tai diem x,=1.
Ham s6 g(x) lién tuc tai diém x, =1.

Ham s6 f(x) lién tuc tai diém x, =1.

Swu tdm va bién soan
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Cau 3:

Cau 4:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Chon DUNG.

x> +x+1 khi x<-1
Cho ham s0 f(x)=1{x+2 khi —1<x<1.

2x+3 khix>1
a) Him s6 y = f(x) lién tyc tai diém x=-2.
b) Ham s6 y = f (x) khong lién tyc tai diém x=0.
¢) Himsb y = f(x) lién tyc tai diém x=—-1.
d) Him s6 y = f(x) lién tyc tai diém x=1.

Loi giai
| a)Ping | b)Sai | obing | d)Sai |

+) Ta c6 ham s6 lién tuc trén khoang (—oo;—l) nén ham s6 lién tuc tai diém x=-2, do do a)

dung.
+) Ta lai 6 ham s lién tuc trén khoang (—1; 1) nén ham s lién tuc tai diém x =0, do d6 b)
sai.
+ 1 . 3 1 = 1 2 = — = N 1 = 1 =
) Mt khac, ta co xl_l)t}}f(x) xl_l)rirlli(x +x+1) f(-1)=1; xl_l)r}}f(x) XI_I,I,I}(XJFZ) 1 suy

ra ham s lién tyc tai x=—1 nén c) dung.
+) Lai c6 limf(x) =lim (x+ 2) =3; lim f(x) = lim(2x+3) =5 suy ra ham s6 khong lién tuc
x—1" x—1" x—-1* x—=1"

tai x =1 nén d) sai.

Choham s6 y = f(x)=x"+ax’ +bx+c (a,b,cla cc s6 thuc)

a) V6i a =-3; b=0;c=2 thi phuong trinh f(x)=0 c¢ it nhat mot nghiém trén khoang
(-2;0).

b) V6i a =-3; b=0;c =2 thi phuong trinh £ (x)=0 c6 it nhét hai nghiém trén khoang (-2;3)

] , —8+4a-2b+c>0 , y . ,
¢) Véi cac so0 thuc a,b,c thoa man . S0 giao diém cua do thi ham so
8+4a+2b+c<0

y=x +ax’ +bx+c vatruc Ox 1a2.
a+c>b+1

d) Véi cac s6 thuc a,b,c thoa man . Tim sb giao diém cua dd thi ham s6
a+b+c+1<0

y=x+ax’ +bx+c vatruc Ox 1a3.
Loi giai
| ayPing | b)Ping | ¢)Sai | d)Ping

a) Dung
Tacé hamsé f(x)=x’—3x*+2lién tuc trén R.
Suy ra ham s lién trén tuc [-2;0].

f(-2)=-18 : .
Ta co: = f(x) =0 c6 it nhat mot nghiém thudc (-2;0).
f(0)=2
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC
b) Dung
Tacé hamsé f(x)=x’—3x*+2lién tuc trén R.
Suy ra ham s6 lién tuc trén [-2:3].
f(-2)=-18 i '
Ta co: = f(x)=0 c6 it nhat mot nghiém thudc (-2;0).
s(0)=2
/(0)=2
f(2)=-2
Do d6 phuong trinh c6 it nhat hai nghiém thugc khoang (-2;3).

= f(x)=0 c6 it nhat mot nghiém thudc (0;2).

¢) Sai
. f(2)=8+4a+2b+c<0
bat f(x)=x"+ax’ +bx+c.Khido
f(-2)=-8+4a-2b+c>0

/(x) 1a ham da thuc lién tuc trén R .

2)<0 5 . . . .
/() = f(-2)./(2)<0 = do thiham s6 y = f(x) cat truc Ox tai it nhat mot diém
f(-2)>0

trong khoang (-2;2).

{f(2)<0

= d6 thi hams6 y = 1 (x) cit truc Ox tai it nhat mot diém trong khoang

lim f(x)=+o0
(2;+oo).
f(-2)>0 . ) ) ) )
lim £ (x) => d06 thi ham s6 y = f'(x) cat truc Ox tai it nhat mt diém trong khoang
im f(x)=-o0

(—oo J— 2) .
Ma ham s f (x) 1a ham bac ba nén dd thi ctia no cét truc Ox tdi da tai 3 diém.

Véy do thi ham s6 y = f(x) cdt truc Ox tai ding 3 diém.

d) Pung
Vi ham s6 da cho 1a ham da thirc bac ba nén d6 thi ham s lién tuc trén R va sb giao diém cua
d6 thi ham s v6i truc Ox nhiéu nhat 1a 3.

Theo dé baita cd lim y=—o0, lim y=+oo

y(—l):a+c—b—l>0,y(l):a+b+c+1<0,
Do d6 ham s6 di cho c6 it nhat mot nghiém trén mdi khoang (—o0;—1), (=1;1),(1;+00).

Tir d6 suy ra so giao diém can tim 1a 3.

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.
Caul: Cho phuong trinh 4x*+2x*—x—3=0. Phuong trinh c6 dung m nghiém trén khoang (-1;1).

Tim m .
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Cau 2:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC
Loi giai
Tra loi: 2
Xét f(x)=4x"+2x’ —x—3 trén khoang [-1;1].
Taco f(x) lién tyc trén doan [-1;1].
F(=1)=4, £(0)==3,£(1)=2 = £(-1).£(0)<0, £(1).£(0)<0.
Nhu vay phuong trinh f(x)=0 c6 hai nghiém trong khoang (-1;1).
Mit khac f'(x)=6x"+4x—1.Taco f'(-1)=-11, f'(1)=9 = f'(-1).f"(1)<0.
Do d6 phuong trinh f”(x) =0 c6 nghiém trong khoang (-1;1).
f"(x)=18x+4>0 v6i Vxe(~1;1) nén f'(x) la ham sé dong bién trén khoang (-1;1) =
phuong trinh f’(x)=0 c6 duy nhat nghiém trén khoang (~1;1).
Do d6 f(x)=0 c6 toi da hai nghiém trén khodng (-1;1).
Vay phuong trinh 4x"* +2x* —x—3=0 c6 ding hai nghiém trén khoang (-1;1).
Cho ham sd y = f(x) c6 d0 thi sau day:

Biétrang 4= {x eN:0<x<4 vihamsd f(x) lién tyc tai x} . Sb phan tir ctia tap hop 4 1a bao
nhiéu?
Loi giai
Tra 1oi: 2
Phan giai chi tiét:
Trén (O; 1) dd thi ham s6 12 mot dudng 1ién nét nén ham sd lién tuc.
Tai x =1 d6 thi ham sb roi nhau nén ham sé gian doan tai x=1.
Trén (1;4) d0 thi ham s6 12 mot dudng lién nét nén ham so lién tuc.
Vay trén (0; 4) ham sb f(x) lién tyc tai hai diém c6 gi4 tri nguyénla x=2 va x=3.
o | =3x+2| khix > 0
Chohamso y= f(x)= .
x+1  khix<O0
Ham s f(x) gién doan tai bao nhiéu diém?
Loi giai
Tra 10i: 1
Phan giai chi tiét:
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Cau 4:

Ciu 5:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

x*=3x+2 khix>2
—x*+3x-2khil<x<?2
X —3x+2 khiO<x<l
x+1 khi x <0

y=f(x)=

Trén cac khoang (—;0), (0;1), (1;2), (2;+00) ham s6 lién tuc.
Tai x=0: lim f(x) = lim(x+1)=1;lim f(x)= lim(x* —3x+2)=2; /(0) = 2= ham s6 gian
x—>0" x—>0" x—0* x—0"
doan tai x=0.
Tai x=1: lim f(x) = lim(x* =3x+2) =0; lim f(x) = lim(—x* +3x—2) =0; £(1) =0 = ham s
x>0 x—1" x—1" x—l1"
lién tuc tai x =1.
Tai x=2: lim f(x) = lim(—x" +3x—2)=0; lim f(x) = lim(x* —3x+2)=0; /(2) =0= ham
x—27 x—2" x—2* x—2"
sb lién tuc tai x =2.
Vay ham s6 chi gian doan tai 1 diém 14 x =0.
, —t> +4t+12 khi 0<¢<5 , ,
Ham so v(t) = 1, mo ta van toc (m/s) cua mot vat tai thoi diém ¢
at-3 khi 5<¢<10
(gidy) trong khoang thoi gian 10 gidy dau tién ké tir khi vat bit dau chuyén dong. Biét rang v(t)
1a ham lién tuc trén doan [O; 10] va trong 10 gidy dau tién do, o hai 1an vat dat van toc 10m /s
1a vao céac thoi diém ¢, gidy va ¢, gidy. Tinh ¢ +1¢, (Két qua 1am tron dén hang phan 10)
Loi giai
Tra loi: 10,9

Ham sb v(¢) lién tuc trén doan [0;10] nén ham sé lién tuc tai £ =5

Suy ra limv(¢)=limv(¢) =v(5) < lim (at—3) = lim (—t2 +4t+12)= 7

x—>5" x5 x—5" x—5"

S5a-3=-5+45+12<a=2.
—*+4t+12 khi0<¢<5
Khido v(t)={ ' ' .
2t-3 khi 5<1<10
t=2+\/g

BE]
2

. —t* = <t<
Vat dat vin téc 10 m/s néntaco v(1)=10 |+ THFI2=100=0=5)
26-3=10 (5<<10) ‘

Nhu vay ta co ¢, =2+/6 va t :% t+t, :2+\/€+%z10,9.

—8+4a-2b+c>0

. Sb giao diém cia phuong trinh
8+4a+2b+c<0

Cho s6 thuc @, b, ¢ thoa min {

X+axt+bx+c=01a
Loi giai
Traloi: 3
2)=8+4a+2b+c<0
bat f(x)=x3+ax2+bx+c.Khid(') f( )
f(-2)=-8+4a-2b+c>0

/() 1a ham da thirc lién tyc trén R.
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Ciu 6:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

= f(-2).f(2)<0 = do thi ham s6 y = f(x) cét tryc Ox tai it nhat mot diém

f(2)<0
f(-2)>0
trong khodng (—2;2).

{f(2)<0

= d0 thi ham s6 y = f(x) cét truc Ox tai it nhat mot diém trong khodng

lim f(x)=+o0
(2;+).
f(-2)>0 ‘ ’ , ’ 9
lim f( ) o do thi hams6 y = f (x) cat truc Ox tai it nhat mot diém trong khoang
x)=—

(—w;—Z).
Ma ham sb f (x) 12 ham bac ba nén dd thi cta nod cit truc Ox tdi da tai 3 diém.
Vay d6 thi ham s6 y = f(x) cit truc Ox tai dung 3 diém.
Cho céc s6 thuc a,b,cthéa man 4a+c>8+2bva a+b+c<—1. Khi d6 sd nghiém thuc phan
biét ctia phuong trinh x° +ax® + bx + ¢ = 0 bang
Loi giai
Tra loi: 3
Xét phuong trinh: x° +ax’ +bx+c =0
Dat: f(x) =x +ax’ +bx+c.
. |4a+c>8+2b=—-8+4a—-2b+c>0= f(-2)>0.
Tu gia thiét
a+b+c<-1=1+a+b+c<0= f(1)<0.
Do d6 f(-2).f (1) <0nén phuong trinh c6 it nhat mot nghiém trong (-2:1).
Ta nhan thiy:

lim f(x)=—c ma f(-2)>0nén phuong trinh c6 it nhat mot nghiém « e (—o0;-2).

xX—>—00

Tuong ty: lim f(x)=+coma f (1) <0 nén phuong trinh c6 it nhat mot nghiém A e (1;+o0).

Nhu vay phuong trinh da cho c6 it nhat 3 nghiém thuc phan biét, mat khac phwong trinh béac 3
c6 tdi da 3 nghiém.
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| CHUONG |

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

GIOI HAN
HAM SO LIEN TUC

BAI: HAM SO SO LIEN TUC
PE TEST SO 02

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

thi sinh chi chon mot phuong an.

B\ A X+ 2 .y . 2R 3
Hamso y= 3 gian doan tai diém x, bang

A. x, =1. B. x, =-2. C.x =-1. D. x, =3.

Ham s6 nao trong cac ham sb dudi day khong lién tuc trén R ?

A, y=|x+1]. B. y=tanx. C. y=sinx. D. y

Cho phuong trinh 2x* —5x” + x+1=0. Ménh dé nao sau day la dung?

A. Phuong trinh khong c6 nghiém trong khoang (—1; l).

B. Phuong trinh khong c6 nghi¢ém trong khoéng (—2;0).

C. Phuong trinh chi c6 mét nghi¢m trong khoang (—2; 1).

D. Phuong trinh ¢6 it nhat hai nghiém trong khoang (0; 2).

Ham sb nao trong cac ham sé dudi day khong lién tuc trén R?

X

A, y=|x+1|. B. y=cotx. C. y=sinx. D. yzm.

N3+2x -1 khi x> —1
Cho ham sé f(x) = x+1 : . Ménh dé nao sau day sai?
2023x+2024 khi x<-1

A. Ham s lién tuc tai x=-5 B. Ham s lién tuc tai x=—1

C. Ham s6 gian doan tai x =0 D. Ham s6 lién tuc tai x =1

Cho ham sb y = f(x) lién tyc trén doan [a;b] va f(a).f(b)<0.Ménh dé nao sau day dung?
A. Phuong trinh f(x)=0 ¢6 mot nghiém trén (a;b).

B. Phuong trinh f(x)=0 c6 nhiéu nhat mt nghiém trén (a;b).

C.Pothi y= f(x) cat truc hoanh tai mot diém trén (a;b).

D. Phuong trinh f(x)=0 co it nhat mot nghiém trén (a;b).

Page 1

Swu tdm va bién soan



Cau 7:

Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Ham s6 f(x) ¢6 dd thi nhu hinh bén

ol 1 2
Khang dinh nao dung ?
A. Ham sb lién tuc trén (—oc;1). B. Ham s lién tyc trén (—oc;2).
C. Ham sd lién tuc trén R. D. Ham s6 lién tuc trén (0;+00).

10 khi0<t<5
t*=5t+10  khit>5
, trong d6 v(¢) duoc tinh theo don vi m /s va t dugc tinh theo gidy. Tim khing dinh ding?

Mot chét diém chuyén dong véi tdc d6 duoc cho boi ham sb v(t) = {

A. Ham sé v(¢)bi gian doantai r=0. B. Ham s6 v(¢)bi gian doantai r=5.
C. Ham sb v(¢)lién tuc trén R. D. Ham sé v(¢)lién tuc trén [0;+00) .
i A x> +1 A " . i A
Hamso f (x) =— lién tyc trén khoang nao sau day?
x =3x+2
A. (—0;2). B. (-1;2). C. (1;2). D. (1;+0).
x*+x khi x>1
Cho ham sé f(x)=1{ y— . Tim khang dinh sai.
S=12=3 &
x=2
A. f(x) lién tyc trén khoang (1;+c0). B. f(x) lién tuc trén khodng (—oo;1).
C. f(x) khong lién tyc tai diém x=2. D. f(x) lién tyc tai diém x=1.

Phuong trinh 3x” +5x° +10 =0 c6 nghiém thudc khoang nio sau day?

A. (-2-1). B. (-10;-2). C. (0;1). D. (-1;0).

Cho ham s0 f (x)=x"+ax? +bx+c.Biét a+b+c>—1 va 4a+2b+c <-8. Tim khing dinh
dang.

A. Phuong trinh f'(x)=0 c6 ding 3 nghi¢m.

B. Phuong trinh f'(x)=0 c6 dung 2 nghi¢m.
C. Phuong trinh f'(x)=0 c6 nghi¢m duy nhét.
D. Phuong trinh £ (x) =0 v6 nghi¢m.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi y a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

sinh chon ding hoac sai.
Cho ham s0 y = f(x) ¢6 dd thi nhu hinh v& dudi.

Ay

Y=

a) Ham s y = f(x) lién tyc tai diem x=2.
b) Him s6 y = f(x) lién tuc trén khoang R.

¢)Haimsb y = f(x) gian doan tai diém x=3.

: 1
d)Ham s y = lién tuc trén khoang (—0;3).
/(x)
X -x-2 .
Chohamsé y=f(x)=4 x-2 kh1x¢2.
2x—1 Kkhix=2

a) Téap xac dinh cua ham sbla D= R\{2} .

b) Ham so lién tyc tai diém x =2 khi va chi khi lim f(x) = f(2).

¢) Ham sd gian doan tai diém x=2.

d) Ham s6 khong lién tuc trén R .

Cho phuong trinh x> =+/x+1 (1) va phuong trinh x’ =3x+1=0 (2).

a) Piéu kién xac dinh ctia phuong trinh (1) 1a x> —1.

b) Phuong trinh (1) va (2) c6 nghiém trong (l; 2) .

¢) Phuong trinh (1) va (2) c6 nghiém trong (—1; O) .

d) Phuong trinh (1) ¢6 nhidu nhat 1 nghiém.

Mot bai ddu xe 6 t6 duara gid T (x) (ddng) khi thoi gian ddu xe 1a x (gio) nhu sau:
50000, 0<x<2

T(x)=4120000, 2 < x <4
35000x, x >4

a) T(2)=50000.

b) lim 7' (x)=120000.

x—>4*

¢) Ham sd T(x) lién tuc tai x=4.

d) Ham s T(x) lién tyc trén [4;+0).
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:
Cau 5:

Cau 6:

Hamsd y=f (x) ¢ d6 thi dudi day gian doan tai diém c6 hoanh d6 bfmg bao nhiéu?
y

3 (o] \51 3

Mot bai déu xe 6 t6 dua ra gia C(x) (ddng) khi thoi gian ddu xe 13 x (gio) nhu sau:
60000 khi 0 < x <2

C(x)=1100000 khi 2<x<4 . Trén khoang (0;24) ham s6 C(x) c6 bao nhiéu diém gi4n
200000 khi 4 < x < 24

doan?

X .
T khix>0
Cho ham s6 f (x) —JNTx+1-1 . Xét trén toan tap xac dinh ctia ham sb da cho, tim s6

xz—x+% khi x<0

diém gian doan ciia ham s6 do.

Phuong trinh 2x° —6x+1=0 co tat ca bao nhiéu nghiém thudc khoang (—2; 2) ?

Mot chuyén dong thang bién d6i déu trong 5 gidy dau c6 phuong trinh duong di la
s (t) =2t> +10¢, sau d6 tiép tuc chuyén dong theo phuong trinh S (t) =at’ +3¢ trong d6 s tinh
bang mét, ¢ tinh bang gidy. Tim gia tri cia @ .

a-b+c-1>0

. S6 nghiém cua phuong trinh
4a+2b+c+8<0

Cho céac sb thuc 4, b, € théa man: {

X Haxt+bx+c=0 la:
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 3:

Cau 4:

thi sinh chi chon mgt phuwong an.

B\ A X+ 2 .y . 2eR 3
Hamso y= Y gian doan tai diém x, bang

A x, =1. B.x =—2. C.x, =-1. D. =3l
Loi giai

. +2
Vihamsé y =2

3 co TXD: D=R\{3} nén ham s6 gidn doan tai diém x, = 3.
x_

Ham s6 nao trong cac ham sb du6i day khong lién tuc trén R ?

A, y=|x+1]. E.- C. y=sinx. D. y=—> .
|x|+1

Loi giai

Tap xéac dinh ctia ham sé y =tanx 1a R\{%+kﬂ,k € Z}.

Ham s6 lién tuc trén timg khoang ctia TXD nén ham s6 khong lién tuc trén R .
Cho phuong trinh 2x* —5x% + x+1=0. Ménh d¢ nao sau day la dung?
A. Phuong trinh khong c¢6 nghiém trong khoang (—1;1).
B. Phuong trinh khong c6 nghiém trong khoéng (—2; O).
C. Phuong trinh chi c6 mét nghi¢m trong khoang (—2; 1).
b P i it i ong K (02).
Loi giai
Ham sb f(x) =2x*—5x* + x+1 1a ham da thtrc c¢6 tap xac dinh 1a R nén lién tuc trén R .

Ta co
i f(O) = .y A A n R

(1) f(—l) _3 = f(—l)f(o) < 0—)f(x) =0 co6 it nhat mot nghiém x, thudc (_1;0) _
ii f(O) = L S Pn R

(ii) F{1)=-1 = f(0).f(1)<0—> f(x) =0 c6 it nhat mot nghiém x, thudc (0;1).

1)=-1 ,
(iii) {? 22)) 5= £ (1).f(2)<0—> f(x)=0 co it nhat mdt nghiém x, thudc (1;2).
Vay phuong trinh f (x) =0 da cho c6 cac nghi¢ém x,, x,,x, thoa

—I<x <0<x,<l<x<2

Ham s6 nao trong cac ham s6 dudi day khong lién tuc trén R ?

A y=|x+1. g.- C. y=sinx. D. y=|x|%.

Loi gidi
Tép x4c dinh ciia ham s6 y =cotx 1a R\{kz,k€Z}.

Ham s6 lién tuc trén timg khoang ctia TXD nén ham sé khong lién tuc trén R .
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Cau 5:

Cau 6:

Cau 7:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

V3+2x -1 s

Cho ham sb f(x)= x+1 . Ménh dé nao sau day sai?
2023x+2024 khi x<-1

A. Ham s lién tuc tai x = B. Ham s lién tuc tai x =—1

C. _ D. Ham s lién tuc tai x =1
Loi giai

Ta co:

+)Ham s6 f (x) =2023x+2024 lién tyc trén (—o0;—1) nén ham s6 lién tuc tai x =-5.

V3+2x -1 2(x+1) : 2

+) hmf(x)—l ————=lim = lim —————=1

x>-1" x+1 X1t ( 1)(m+1) X1t (MH)
lim f(x)= hn1(2023x—+2024) 1= Lf( )

x—>-1"

Vay ham s6 lién tuc tai x=—1.

V3+2x

+) Ham s6 f(x)= lén tuc trén (—1;+00) nén ham s lién tuc tai x=0. Do d6 dap

an C sai.

\/3+2 1 o .
+)Hams6 f(x)= Y~ Jén tuc trén (—1;+00) nén ham so lién tyc tai x=35.
x+1

Cho ham s y = f(x) lién tyc trén doan [a;b] va f(a).f(b)<0.Ménh dé nao sau ddy dung?
A. Phuong trinh f'(x)=0 c6 mdt nghiém trén (a;b).

B. Phuong trinh f (x) 0 c6 nhiéu nhat mdt nghiém trén (a;b).

C.DPdthi y= f(x) t truc hoanh tai mot diém trén (a;b).

D.

Loi gidi
Néu ham s6 y = f'(x) lién tuc trén doan [a;b] va f(a).f (b) <0 thi phuong trinh f(x)=0
c6 it nhat mot nghiém trén (a;b).

Ham s f(x) c6 d6 thi nhu hinh bén

1 x
ol 1 2 ’
Khiang dinh nao dung ?
A. _ B. Ham s6 lién tuc trén (—oo;2).
C. Ham s lién tuc trén R. D. Ham s6 lién tuc trén (0;+00).
Loi giai

Ta ¢o: linlq f(x)=0+#3= linlq f(x) nén f(x) gian doan tai x =1.Vay dap s6 ding
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

10 khi0<t<5
t*=5t+10  khit>5
, trong d6 v(¢) duoc tinh theo don vi m /s va t dugc tinh theo gidy. Tim khing dinh ding?

Mot chét diém chuyén dong véi tdc d6 duoc cho boi ham sb v(t) = {

A. Ham sb v(7)bi gian doan tai r1=0. B. Ham s v(¢)bi gian doan tai 7 =5.

C. Ham sb v(¢)lién tuc trén R. D. _
Loi giai

Ta c6: v(5) =10 va limv(r) = lim 10 =10; lim v(¢) = thg}(ﬁ —~5t+10)=10.

Suy ra v(5) = lin51 v(t).
Lai c6 ham v(¢) lién tuc trén [0;5) va (Si+90)
Vay ham s6 v(7) lién tuc tai trén [ 0;+c0).

x*+1

Ham s f (x) = lién tyc trén khoang nao sau day?

x*—3x+2

A. (=0;2). B. (-1;2). C (152). D. (1;40).
Loi giai

Ham s6 da cho 1 ham phan thirc, c6 tap xac dinh D =R\ {1;2}.

Str dung tinh chat ham phan thirc lién tuc trén cac khoang xac dinh.

Nén ham s6 lién tuc trén cac khoang (—o031) 5 (152) va (25400, vi thé chondapan  C.

x> +xkhi x>1

Chohamso f(x)=9 x—3 Kb xel Tim khang dinh sai.
y—
A. f(x) lién tuc trén khodng (1;+c0). B. f(x) lién tuc trén khoang (—o0;1).
C. _ D. f(x) lién tuc tai diém x=1.
Loi gidi

Trén khoang (1;+), ta c6 f(x)=x"+x nén f(x) lién tuc. Do d6 f(x)lién tyc tai diém
x =2.Vay C la khang dinh sai.
Phuong trinh 3x° +5x° +10 =0 c6 nghiém thudc khodng nao sau day?
A. (-2-1). B. (-10;-2). C. (0;1). D. (-1;0).
Loi gidi

Pat f(x)=3x"+5x"+10
f(x) lién tyc trén R nén f(x) lién tyc trén [—2;—1] (1)
Ta co: {f(—2) =i

f(-1)=2
Suyra f(-2).f(-1)=-1262=-252<0 (2)
Tu (1) va (2) suy ra f(x) =0 c6 nghiém thudc khoang (—2;—1).
Cho ham s0 f (x)=x"+ax® +bx+c.Biét a+b+c>—1 va 4a+2b+c <-8. Tim khang dinh

dung.
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A. Phuong trinh f(x)=0 c6 dung 3 nghi¢m.
B. Phuong trinh f'(x)=0 c6 dung 2 nghi¢m.
C. Phuong trinh f'(x)=0 c6 nghi¢m duy nhat.
D. Phuong trinh f(x)=0 v0 nghi¢m.

Loi giai
Ta co vlilgof(x) = —oo,xlirgjf(x) =+o0 néntdntai @ <1,4>2 saocho f(a)<0,/(B)>0.
Tur gid thiét tacé £ (1) >0, £(2) <0.
Khi d6: f(a).f(1)<0,7(1).1(2) <0, f(2).f(B)<0. Mt khdc ham s6 lién tyc trén R nén
ham s lién tyc trén cac khoang (a;1),(1;2),(2; B). Suy ra phuong trinh ' (x) =0 c6 it nhét 3
nghiém. Mat khac f(x) la ham s0 bac 3 nén phuong trinh £ (x)=0 co nhiéu nhat 3 nghiém.
Véy phuong trinh f'(x) =0 c6 ding 3 nghi¢m.

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chgn ding hoic sai.
Cho ham sb y = f(x) 6 d6 thi nhu hinh v& dudi.

Ay

Y=

a) Hims§ y = f(x) lién tuc tai diém x=2.
b) Himsé y = f (x) lién tuc trén khoang R .

c)Hams6 y = f(x) gidn doan tai diém x=3.

d)Hamsb y = f(l ) lién tyc trén khodng (—o0;3).
X
Loi giai
| ayPing | b)Sai | oPing | d)Sai |

Tur d6 thi ham s ta thay: Ham s lién tuc trén cac khodng (—0;3) va (3;+00). Ham s gién
doan tai diém x =3. Nhu vay:

a) bung.

b) Sai.

c¢) bung.

. 1 .
d) Him so y = m khong x4c dinh tai x =0 va x =2 suy ra ham s6 gian doan tai
X

x=0,x =2. Suy ra ham s6 khong lién tuc trén khoang (—o0;3). Vay d) sai.
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Cau 3:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

2

X" —=x=2_ .
Chohamsé y=f(x)=4 x-2 kh1x¢2.

2x—1 khix=2
a) Téap xac dinh cua ham s6la D= R\{Z} .
b) Ham s0 lién tyc tai diém x =2 khi va chi khi lim /'(x) = //(2).
c) Ham ) gian doan tai diém x=2.
d) Ham s6 khong lién tuc trén R.

Loi gidi
‘ a) Sai b) Piling ‘ ¢) Sai ‘ d) Sai ‘
a) Tap xac dinh ctia ham s6 14 D =R . Suy ra a) Sai.
b) bing.
o1 . xT=x=2 . (x+1)(x-2 .
¢) Ta co: £1£1’21f(x)=£1£1’21 ) :lglg( x)—(Z )=£1£1;(x+1)=3.f(2):2.2—1:3

Suy ra lirrzlf(x) = f(2) =3. Vay ham s6 lién tuc tai x=2. ¢) Sai.

2

X =x=2 .. i, .. R N ST n

— 1a ham s0 xé4c dinh trén R\{2}. Suy ra ham s0 lién tuc trén
x—

d) Voi x£2 thi f(x)=
timg khoang (—0;2) va (2;+o0). Mt khac ham sd lién tuc tai x =2. Suy ra ham s6 lién tuc
trén R . Vay d) Sai.

Cho phuong trinh x* = Jx+l (1) va phuong trinh x* —3x+1=0 (2).

a) bicu kién xéc dinh cua phuong trinh (1) la x > —1.

b) Phuong trinh (1) va (2) c6 nghiém trong (1;2).

¢) Phuong trinh (1) va (2) c6 nghiém trong (-1;0).

d) Phuong trinh (1) c6 nhiéu nhat 1 nghiém.

Loi giai
| a)Ping | b)Ping | Sai | d)Sai |
a) bung.
b) bung.
Tacod (1) & x> —x+1=0
bat f(x)=x"—v/x+1.
1)=1-42<0
cTacs: 1TV = S ()£ (2)<0.
f(2)=4-3>0

+Hamsb y= £ (x) lién tuc trén (—1;+0) do do lién tuc trén [1;2]

= Phuong trinh £ (x)=0 c6 it nhat 1 nghiém trong (1;2).

Dat g(x):x3 -3x+1.

g(1)=-1

+ Ta co {g(2)=3 = g(l).g(2)<0.

+Hamsb y=g (x) 12 ham da thirc nén lién tyc trén R do do lién tuc trén [1;2]

= Phuong trinh g(x)=0 ¢4 it nht 1 nghiém trong (1;2).
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

¢) Sai.
Xét trén khoang (—1;0)

£(0)=-1

+Ham s6 y = f(x) lién tuc trén [-1;0]

+Ta co {f(_l)zl = £(~1).£(0)<0.

= Phuong trinh f(x)=0 c6 it nhat 1 nghiém trong khodng (-10).

Mot cach tuong tu ta chirng minh dugc phuong trinh g (x) =0 c6 nghiém trén cac khoang
(—2;—1),(0;1),(1;2) .

Mit khac, phuong trinh (2) 1a phuong trinh bac ba nén ¢ nhiéu nhat 3 nghiém phan biét va
(-2;-1),(0;1),(1;2) 1a cac khoang rdi nhau do d6 phuong trinh (2) ¢6 3 nghiém phan biét
thudc 3 khoang nay.

= Phuong trinh (2) khong ¢6 nghiém thudc khoang (-1,0).

d) Sai.
Tir cdu b) va c) suy ra: Phuong trinh (1) ¢6 it nhit 2 nghiém phan biét.
Mot bai dau xe 6 t6 duara gid T(x) (ddng) khi thoi gian dau xe 1a x (gio) nhu sau:
50000, 0<x <2
T(x) =:120000, 2<x<4
35000x, x >4
a) T(2)=50000.
b) lim T(x) =120000.
x—4"
c) Ham s6 7'(x) lién tuc tai x=4.
d) Ham s T (x) lién tuc trén [4;+00).
Loi giai
‘ a) Ding ‘ b) Sai ‘ ¢) Sai ‘ d) Pung

a) Pung

T(2)=50000.

b) Sai

lim T(x) = lim (35000x) =35000.4 =140000 .

x—>4" x—>4"
¢) Sai
Vi lim T (x) =120000 # lim 7'(x) nén khong ton tai lin}T(x) suy ra ham s6 7'(x) khong lién

x—>4" x—4" x—
tuc tai x=4.
d) DPung
Khi x >4, T(x)=35000x la ham da thirc nén lién tyc trén (4;+o).
Talaico lim 7'(x)=7(4) nén ham sO T(x) lién tyc trén [4;+0)

x—4*

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Hamsb y=f (x) ¢ d6 thi dudi day gian doan tai diém co6 hoanh do béng bao nhiéu?
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Cau 3:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

y

Loi giai

Tr4 1oi: 1

Quan sat do thi ta thay lim f(x)=~Llim f(x)=2. Vay lim f(x)=lim f(x) nén lim f(x)
x—1" x>t xX— x> x—>

khong tdn tai. Do d6 ham sb gian doan tai diém x=1.

Mot bai déu xe 6 t6 dua ra gia C(x) (ddng) khi thoi gian ddu xe 13 x (gio) nhu sau:
60000 khi 0 < x <2

C(x)=1100000 khi 2<x<4 . Trén khoang (0;24) ham sb C(x) c6 bao nhiéu diém gi4n
200000 khi 4 < x <24

doan?

Loi giai

Tra loi: 2

Véi x thudc cac khoang (0;2),(2;4),(4;24) thi ham s6 C(x) 1a ham hang nén ham s lién tuc.

Xét tinh lién tuc cua ham s tai diém x=2:

Vi C(2) =60000 va 11_21 C(x)=60000, 1Lr£1 C(x) =100000 nén ham s khong lién tyc tai diém

x=2.

Xét tinh lién tuc cua ham sb tai diém x=4:

Vi C(4)=100000 va lim C(x)=100000, lim C(x)=200000 nén ham sé khong lién tyc tai
x—4" x—4"

diém x=4.
Vay ham sé C(x) lién tuc trén mdi khoang (0;2),(2;4),(4;24) va né gian doan tai hai diém
x=2,x=4.

X .
T khix>0
Cho ham s6 f (x) —NTx+1-1 . Xét trén toan tap xac dinh ctia ham sb da cho, tim s6

xz—x+% khi x<0

diém gian doan ciia ham s6 do.

Loi giai
Tra loi: 0.
+) Tap xadc dinh: D=R.

Page 11

Swu tdm va bién soan



Ciu 5:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

+) Ham ) f (x) = xac dinh trén khoang (O; +oo) nén ham s6 lién tuc trén khoang

_r
JTx+1-1
Uk+w).

+) Ham $6 f (x) =x’—x +% xac dinh trén trén khoang (—oo; O) nén ham sd lién tuc trén
khoéng(—oo; 0) .

+) Tai x=0:

x((\3/7x+1)2 +:/7x+1 +1j
lim f(x) =lim =lim ==

X
x—0" x—0" ,3/7x+ -1 x—0" Tx
3 3
li =1i Tox4+= ==
1mf(x) 1m(x x+7j

x—>0" x—>0" 7

Nhan thay lim f(x) =lim f(x) _3 = lim f(x) = %

x—0" x—0" 7 x—0
Pong thoi f(O):%.
Do do liirolf(x) = f(O) . Suy ra ham s6 lién tuc tai x=0.

Vay ham sb lién tuc trén R, hay sb diém gian doan cua ham sb trén toan tap xac dinh 1a 0.
Phuong trinh 2x° —6x+1=0 c6 tat cd bao nhiéu nghiém thudc khoang (-2;2)?

Loi gidi
Tra loi: 3
Xét ham s6 f (x)=2x"—6x+1. Ham s6 nay x4c dinh va lién tuc trén thp R nén lién tyc trén
doan [-2;2].

Ham s6 f(x) lién tuc trén doan [-2;0] va f(-2).f(0)=-3.1=-3<0 nén phuong trinh da
cho ¢6 it nhat mot nghiém trén khoang ( -2; O) .
Ham s6 f'(x) lién tuc trén doan [0;1] va f(0).f (1) =1.(-3) =—3 <0 nén phuong trinh d cho
c6 it nhat mot nghiém trén khoang (0;1).
Ham s f(x) lién tuc trén doan [1;2] va f(1).f(2)=-3.5=-15<0 nén phuong trinh da cho
¢6 it nhat mot nghiém trén khoang (1;2).
Vi phuong trinh da cho 1a phuong trinh bac ba c6 nhiéu nhat ba nghiém, nén phwong trinh da
cho ¢6 dung ba nghiém trén khoang (-2;2).
Mot chuyén dong thing bién d6i déu trong 5 gidy diu c6 phuong trinh duong di 1a
s (t) =21 +10¢, sau d6 tiép tuc chuyén dong theo phuong trinh S (t) =at’ +3t trong d6 s tinh
bang mét, ¢ tinh bang gidy. Tim gia tri cua a.

Loi giai
Tra 1i: 3,4
2t +10t khi0<¢<5

Ta c6 phuong trinh ctia chuyén dong 1a S(¢) =
Q at’ +3t khit>5
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Cau 6:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Vi day la phuong trinh ctia 1 chuyén dong nén S (t) 1a ham s6 lién tuc.

Ham sd S(t) lién tuc trén cac khoang (0;5) va (5;+00) , dé ham s6 S(t) lién tuc thi n6 phai
liéntuctai £ =35.

lim §(¢) = lim (2¢* +10¢) =100, 1im S (¢) = lim (az +3¢) = 25a +15,5(5) =100.

t—5" t—5" t—5* t—5*

: . . 1
Ham s6 lién tyc tai =15 khi limS(¢)= th(t)=100<:>25a+15=100<:>a=?7=3,4.

t—5 t—>5"
Vay a=3,4.
a-b+c-1>0

. S6 nghiém cta phuong trinh
4a+2b+c+8<0

Cho cac sb thuc @, b, € théa man: {

X +ax’ +bx+c=0 la:
Loi giai
Tra 1oi: 3
Xéthamsd f(x)=x"+ax’ +bx+c, 1a ham so da thirc nén lién tuc trén R .
Ta co

lim f(x)=-o va f(-1)=a-b+c—1>0 nén phuong trinh f(x)=0 c¢ it nhat mot nghiém

trong khoang (—o0;—1).
F(-1).f(2)=(a=b+c—1)(4a+2b+c+8)<0 nén phuong trinh f(x)=0 c6 it nhat mot
nghiém trong khoang (—1;2).

f(2)=4a+2b+c+8<0 va lim f(x)=-+o nénphuong trinh f(x)=0 c6 it nhat mot nghiém

X—>+0

trong khodng (2;+w).
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

O ,
% GIOI HAN
E HAM SO LIEN TUC
O
ON TAP CUOI CHUONG

PE TEST SO 01
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi
thi sinh chi chon mgt phuwong an.
3’ —n* +4

Caul: Tim lim 3 5 .
4dn’ —2n” +3n

A. +o0. B. 3. C. 4. D.

A|w

Cau2: Tim lim(3* -5").
A. 3. B. +o0. C.5. D. —o.
CAu3:  Cho limf(x)=2, limg(x)=-3. Khi d lim[ f (x)~2g(x)] bing

A. —4. B. 4. C. 8. D. —1.
Ciu4: lim (x/1+2x2 —x) bang

A. 0. B. +o00. C.\2-1. D. —oo.

L ()
Caus5: Gid tri im—— bang
x—1 x_l
A. 0. B. 1. C. 2. D. —o0.
. *+1 khix>0 .
Cau 6:  Cho ham s6 f(x) - v . Ménh dé nao sau day sai?
X khix <0

A. f(O) =0. B. f(x) lién tuc tai x, =0.

C. }1_)1(1)1f(x)=0. D. }Lr})}f(x):l.
Cau7: Chohamsé f (x) = 2x+ 23 .Hamsb f (x) lién tuc trén khodng nao trong cac khoang sau?

x_

A. (-2;4). B. (—o0;2) C. (-231). D. (0;+0).

Cau 8: Tinh tong P L 12 Fot (_ll +..
10 10 10"
2 B. 2. c. X .2
10 11 11 10
Cau9: Ham sb nao sau diy khéng lién tuc trén R ?
x+1 x+1
A. f(x)= . B. f(x)=——.
f( ) x*+1 f( ) x—1

C. f(x):sin(x—%j. D. f(x)=x3—2x2+x—7.
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Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

2
lim* TX7° +22x 8 bfmg
x—2 X —
A. i B. é C. i D. é
2 3 3 5
Diy sb nao duéi day co6 giéi han bang 0?
A 2] B.[L]. c.[-2]. p.[2].
3 3 3 2
lim =3 bang
-t x—1
A, —o0, B. -5. C. 2. D. +oo.

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi y a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

Cau 3:

sinh chon ding hoac sai.

Cho céc day s6 (u,) v6i u, = (%)n
a) 86 hang dau tién cua (u, ) bang é
b) (u,) 1a mot cAp sb nhan véi cong boi g = %
¢) S6 hang thir 4 bing %

d) Tong cia cac sd hang cua diy sb (un ) nam trong khoang (0;1) .

Cho ham s6 bac hai y = f(x) c6 d6 thi nhu hinh v& bén dudi.

a) Ham s6 da cho lién tyc trén R.
b) limf(x) =0.

x—l1
¢) lim f(x)=10.

x—3

2 — — —

d) limx x+1—-+2x-1 _9

x—1 f(x)—4x+4
Mot bai dd xe tinh phi 60000 dong cho gid dau tién (hodc mot phan cia gid dau tién) va thém
40000 dong cho mdi gid (hodc mdt phan ctia mdi gio) tiép theo, tdi da 1a 200000 dong.
a) Do thi ham s6 C = C(¢) biéu thi chi phi theo thoi gian 6 xe.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

C (dﬁng) 3

200 000 (r—
180 000 -

'
L]
140000+  ~— !
100000 § "

60 000 1+—

ol 123 4 ¢ (gid)
b) Ham s6 C = C(¢) lién tuc trén [0;+c0) .
¢) Tir db thi ta thiy lim C(r) =180000.
t—>
d) Mot ngudi co thoi gian dd xe ting dan dén 3 gio va mot ngudi c6 thoi gian dd xe giam dan
dén 3 gio thi chénh 1éch chi phi gitta hai ngudi 1a 20000 dong.
Mot bang gia cudc taxi duge cho nhu sau:
Gid mo cia (0,5km) | Gi cudc cac km tiép theo dén 30km | Gia cu6i tir km thir 31
10000 dong 13500 dong 11000 dong
a) Cong thirc ham s6 mo ta so tién khach phai tra theo quing duong di chuyén
{5000+13500(x—0,5); 0,5<x <30

403250 +11000(x —30); x > 30
b) Cong thirc ham s6 mé ta s tién khach phai tra theo quang duong di chuyén
10000x; x<0,5
f(x)=15000+13500(x—0,5); 0,5<x<30.
403250 +11000(x —30); x > 30
10000x; x<0,5
) Him s0 f(x) =15000+13500(x—0,5); 0,5 < x <30 lién tuc trén R.
403250 +11000(x —30); x > 30
d) Khach hang di quing dudng 40km thi sb tién vi khach d6 phai tra 1a 515000 dong.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén ciu 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Tinh lim (\/x2 +x +x) .

c e 2N+ x+/x+4 -4
Tinh 11n;1 .
X—> x

Mot cai hd chira 600/ nude ngot. Ngudi ta bom nudce bién c6 ndong d6 mudi 30g /1 vao hd véi
tbc a6 15// phut. Tinh ndng d6 mubi trong hd khi ¢ dan vé duong vo cing (don vi g/l)

, . 1 3 5 7 2n+1
Tinh lim| —+—+—+—+...+ .

2 2 2 2 2
n—=to\ 1 n n n n
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Cau5: Cho hinh vudng (C1) c¢6 canh bang 2. Nguoi ta chia mdi canh ctia hinh vudng thanh ba phan
bang nhau va nbi cac diém chia mot cach thich hop dé c6 hinh vuong (Cz) (tham khdo hinh vé
bén duoi). Tur hinh vudng (Cz) lai tiép tuc 1am nhu trén ta nhan dugc day cac hinh vuéng C,,

C

2

Cy.. C,. Goi S la dign tich cia hinh wuéng C(i€{l,23,...}). Tinh

n

T=8+8+8+.5 +...

. -5 -1
CAu 6:  Cho hai ham so f(x) va g(x) xac dinh trén R thoa méan lirrll% =2, lirrll% =3.
xX—> x —_ x> x J—
. x).g(x)+4-3 . .
Biét lirrll /(%) g( 1) =%, trong d6 a,b la nhiing s6 nguyén duong va % toi gian. Gia
X—> X —
tri ctia biéu thic P = a+2b bang
---------- HET -
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 3:

Ciu 5:

Ciu 6:

thi sinh chi chon mgt phuwong an.
3’ —n* +4

Tim lim—; > .
4n’ —2n° +3n
A. +o0. B. 3. C. 4. Q.%.
Loi giai
3 1 4
3w —n*+4 .23
Tacod im————=lim— 24 -~
4n® —2n* +3n 2.3 4
n o n
Tim lim<32” —5").
A. 3. B. 9! C.5. D. —w.
Loi giai
Ta co lim(3* 5" ) =lim(9" -5") = lim[9” (1—[5] ]] =40
9
T . 5Y
vi lim9 =+oo;11m(l—(§j J=l>0.
Cho lxlg}f(x)=2, lxlirfg(x):_3 . Khi @6 I;LI}[f(x)—Zg(x)] bang
A. 4. B. 4. c.B D. —1.
Loi giai
Ta co lxlirll[f(x)—2g(x)]:2—2(—3):8.
lim(\/1+2x2 —x) bing
A. 0. B. +oo. C.\2-1. D. —00.
Loi giai
Taco lim (V1+2x% —x)= lim x[ L2
x—+00 x—+00 X
Vi lim x=+oo; lim [‘/iz+2—1]:\/§—1>0 nén lim (Vi42#% —x) = +0.
X—+00 X—+400 X X——+00
o (x3_x2) .
Gia tri lim~— = bang
x—1 x_l
A. 0. B. 1. C. 2. D. —oo.
Loi giai
3.2 20
Tacs fim =) i X ED oy
x—1 x—1 x—1 x—1 x—1

x*+1 khix >0

7 . Ménh dé nao sau day sai?
X khix <0

Cho hamsb f(x)= {
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Cau 7:

Cau 9:

Cau 10:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

A. f(0)=0. B. f(x) lién tuc tai x, =0.
C. lim £ (x) =0, . lim £ (x)=
Loi gidi

f(0)=0

Ta co ; lir}} f(x)= 11%1 x= = ham s6 gian doan tai x = 0.
21—

lim £ (x) = lim (* +1) 0’ +1=1

Cho ham s6 f'(x)= 2x+ 23 .Hamsb f(x) lién tuc trén khodng nao trong céc khoang sau?
r—

A. (-2:4). B. (—o0;2) C. (-231). D. (0;+).

Loi giai
. 3
Hamso y= f(x) co TXD la: D:R\{E}.

Hamsb y= f (x) la ham phan thue hitu ti nén no lién tuc trén ting khoang xac dinh cia no.

Vay no lién tyc trén khoang (—2;1) va khong lién tuc trén cac khoang con lai ¢ trén.

Tinh tong § =1+ 12 raC 1)1
10 10 10"
A 2. B. c. 10 D. 2.
10 11 10
Loi giai
. I -1 (=1)" A s IS A A -1
Taco —1; —; —; ...; ———;... lap thanh cap so nhan c6 cong boi g = —
100 100 7 o P P SR TS

=> diy trén la cap s6 nhan Iui vo han = § = w -t 10

1-¢ 1_(—1) 11
10

Ham s6 nao sau day khéng lién tuc trén R ?

C. f(x)zsin(x—%j. D. f(x):x3—2x2+x—7.

Loi giai

‘ 1 . £ .
Hamso f(x)= x—+1 c6 tap xac dinh R\ {1} nén ham s6 khong lién tuc trén R.
x —

. X +2x-8 .
lim——>—,— bang
A3 B.2 c p. &
2 3 3 5
Loi giai
P +2x-8 . (x-2)(x+4) x+4 3

= lim
x—>2x+2 2

Im ———=1
v 24 eor(x-2)(x+2

N—"
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Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Diy s6 nao dudi day c6 gioi han bing 0?

s e

Loi giai
lim ¢" =0, néu |q|<1.
n—>+00
lim =3 bang
-t x—1
A. —o, B. -5. C. 2. D. +oo.
Loi giai
lim (2x—5) =-3<0
2v_3 x—1"
lim =—0o0 vi 4§ lim (x—l)zO
ot x—1 x—1"
x—=1>0,Vx>1

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi ciu, thi

Cau 1:

sinh chon ding hoac sai.

Cho céc day s6 (u,) v6i u, = (éjn
a) S6 hang dau tién cua (u,) bang %

b) (u,) 1a mot cap s6 nhan véi cong bdi g = %
¢) S6 hang thtr 4 bang é

d) Tong ciia cac sb hang cta day sd (u, ) nam trong khoang (0;1).

Loi giai

‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Pung |
a) Pung
Tacod: u, = l

3
b) Dung
Taco: q =m=%,Vn eN". Vay (u,) 1a mot cép s6 nhan véi cong bdi ¢ :%.

ul’l
¢) Sai

4
Ta co: u, :(lj :L.
3 81

d) Pung
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Je \ A A A A 7. A A 1 ’ A \ A A A A N\ e A
Ta c6: (u,) 1a mot cap so nhan voi cong bdi ¢ = 3 ¢ |g|<1nén (u,)1a mot cAp s6 nhan lui vo
1

han. Khido s=- = 3_-Lc (o).

1
3
Chu2: Cho ham s bac hai y = f(x) c6 dd thi nhu hinh v& bén dui.

vA
-1 1 X

-4
a) Ham s6 da cho lién tyc trén R.
b) lim f(x)=0.
x—1
¢) lim £ (x)=10.
x—3
2
d) T —x+1-+/2x-1 _s
x—1 f(x)—4x+4
Loi giai
‘ a) DPung ‘ b) Ding ‘ ¢) Sai ‘ d) Sai ‘

a) Ham s da cho 1am ham da thirc bac hai nén ham sé lién tuc trén R.
b) Tir d6 thi, tacé (1) =0, ma ham s6 lién tyc tai x=1. Suyra lim f(x)=f(1)=0.

x—l
c) bat f(x)zax2+bx+c.
a-b+c=-4
b “"
D6 thi ham s6 da cho c6 dinh 7(—1;-4) va di qua M (1;0) nén g =l egb=2
a
a+b+c=0 c=-3
Khido lim £ (x) = lim (x* +2x-3) =12,
x—3 x—3
) x2—x+1—\/2x—1 ) xz—x+1—\/2x—1 . x2—2x+l+x—\/2x—1
d) lim = lim = lim
ol f(x)-4x+4 ol x2—2x+1 Xl X —2x+1
lim| 14+ 22Y2¥ =1 —lim(l+;j—i
ol 2 =2x+1) oI x+2x-1) 2

Cau 3: Mot bai dd xe tinh phi 60000 dong cho gid dau tién (hodc mot phan cia gid dau tién) va thém
40000 dong cho mdi gid (hodc mot phan ctua mdi gio) tiép theo, tdi da 1a 200000 dong.
a) P thi ham sé C = C(¢) biéu thi chi phi theo thoi gian dd xe.
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Cau 4:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

C (dﬁng) 3

200 000 (r—
180 000 -

'
L]
140000+  ~— !
100000 § "

60 000 1+—

ol 123 4 ¢ (gid)

b) Ham s6 C = C(¢) lién tuc trén [0;+c0) .

¢) Tir db thi ta thiy lim C(r) =180000.

d) Mot ngudi ¢6 thoi gian dd xe tang dan dén 3 gio va mot ngudi c6 thoi gian dd xe giam dan
dén 3 gio thi chénh 1€ch chi phi gitta hai nguoi 1a 20000 dong.

Loi giai
| a)Ping | b)Sai | ¢)Sai | d)Sai |

a) Pung

D6 thi ham sé C = C(¢) (hinh v&) biéu thi chi phi theo thoi gian dd xe.

b) Sai

Tir d6 thi ta thdy ham s6 C(f)bi gian doan tai r =1 (gi0); ¢t =2 (gid); t =3 (gid)t =4 (gid) nén
ham sb khong lién tyc trén [0;+0).

¢) Sai

ta c6: limC(¢)=180000, limC () = 140000

t—3* t—3"

VilimC(t)# limC() nén khong ton tai ltlil;C(t)

t—3" 13"
d) Sai
Mot nguoi c6 thoi gian d6 xe ting dan dén 3 gid va mot nguoi ¢ thoi gian d6 xe giam dan dén
3 gid thi chénh 1éch chi phi giira hai nguoi ludn 1a 180000 —140000 = 40000 (ddng).
Mot bang gia cude taxi duge cho nhu sau:
Gia mo cua (0,5km) | Gid cude cac km tiép theo dén 30km | Gid cudi tir km thir 31
10000 dong 13500 dong 11000 dong
a) Cong thirc ham s6 mo ta s6 tién khach phai tra theo quang duong di chuyén
5000 +13500(x—0,5); 0,5<x<30

{403250 +11000(x—30); x>30

fx)=

b) Cong thirc ham sé mé ta sb tién khach phai tra theo quing dudng di chuyén
10000x; x <0,5
/(x)=45000+13500(x—0,5); 0,5<x<30.
403250 +11000(x — 30); x>30
10000x; x<0,5
) Him sd f(x) =15000+13500(x—0,5); 0,5 < x <30 lién tuc trén R.
403250 +1 IOOO(x — 30); x>30
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC
d) Khach hang di quing dudng 40km thi sb tién vi khach d6 phai tra 1a 515000 dong.
Loi giai
‘ a) Sai ‘ b) Ping ‘ c) Dung ‘ d) Sai ‘

a) Sai
+) Poan mo cua (0,5 km):
Gia mo cira 13 10.000 dong cho 0,5 km dau tién.
Khi 0<x<0,5, tién cude la: f(x)=10000
+) Poan tir 0,5 km dén 30 km:
Sau 0,5 km, gia cudc 1a 13.500 dong cho mdi km. Ta co:
Khi 0,5 < x <30, tién cude la: £ (x)=10000+13500(x—0,5)
Vi 10.000 ddng 1a gia md cira, va ta trir 0,5 km dau tién da tinh trong gid mo cira.
+) Poan tir km thtr 31 tr¢ di:
Gia cude giam con 11.000 dong mdi km. Ta tiép tuc tir mirc gia cua 30 km dau:
Khi x > 30, tién cudc 1a: £ (x)=10000+13500(30-0,5)+11000(x—30)
b) Ding
+) Poan mo cua (0,5 km):
Gia mo cira 1 10.000 dong cho 0,5 km dau tién.
Khi 0<x<0,5, tién cude la: £ (x)=10000
+) Poan tir 0,5 km dén 30 km:
Sau 0,5 km, gia cudc 1a 13.500 dong cho mdi km. Ta co:
Khi 0,5 < x <30, tién cude la: £ (x)=10000+13500(x—0,5)
Vi 10.000 dong 13 gia ma cira, va ta trir 0,5 km déu tién da tinh trong gia mo cira.
+) Poan tir km thtr 31 tr¢ di:
Gia cude giam con 11.000 dong mdi km. Ta tiép tuc tir mirc gia cua 30 km dau:
Khi x > 30, tién cudc 1a: £ (x)=10000+13500(30-0,5)+11000(x—30)
10000x; x<0,5
Nén f(x)=145000+13500(x—0,5); 0,5<x<30
403250 +11000(x —30); x> 30

¢) Dung
Xét tinh lién tyc ctia ham s6
Ta can kiém tra tinh lién tuc tai cac diém chuyén tiép x =0,5 va x =30.

+) Tai x=0,5:
mef(x)=f(o,5)=sooo.
lim_f (x) =5000+13500(0,5-0,5) = 5000.

Ham s6 lién tuctai x=0,5.
+) Tai x =30:

lim f(x)=f(30)=5000+13500(30-0,5)=403205.
x—0,5"

lim £ (x)=5000+13500(30-0,5)=403205.

x—0,5"

Ham s lién tuc tai x =30.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Ham s6 lién tuc trén R.
d) Sai
Khach hang di quing duong 40km thi s tién vi khach d6 phai tra 1a
£(40) = 403250 +11000(40 - 30) = 513250.
PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Caul: Tinh lim(\/x2+x+x).

X—>—00

Loi gidi
Tra loi: —0,5
2 L2
Taco: lim (Vo +x+x) = limj;:_#: lim a - lim+
rhxex x2(1+1j—x |x| I+——x
X X
= lim a —lim——t—-L1__g5.
—x[ 1+1+1J —(,/1+1+1]
X X
Ciu 2: Tinhhnolz“”“”““_“.
x— X
Loi gidi

Traloi: 1,25.

2NVl+x++x+4 -4
X

zlim(2M—2)+(\/m—2)

x—0 X

Ta c6: lim

x—0

=lim
x—0 X X x—0

2(vV1+x -1 / _
( )+ x+4-2 zlim{ 2 ! }=1+1=1,25.

+
Vi+x+1 ~x+4+2

Cau3: Mot cai hd chira 600/ nude ngot. Ngudi ta bom nude bién c6 ndng d6 mudi 30 g /I vao ho véi
téc do 15!/ phut. Tinh ndng d6 mudi trong hd khi ¢ dan vé duong vo cing (don vi g/l)
Tra loi: 30
Loi giai
Sau ¢ phiit bom nudc vao hd thi lwong nude 1a 600+15¢ (1) va lwong mudi co duoc 1a 30.15¢(g)

) . 30.15¢ 30¢
Nong d6 mudi cua nudc la: C(¢) = = /).
& fomuoted O=G00+15 2058

Khi ¢ dan vé duong vo cung, ta co:
30¢

lim C(r) = lim — 2" = lim ~lim =20 —30(g /).
t—>+0 t->+0 4(O)+¢ to+o [ 40 t—>+0 40
t|—+1 —+1

. 1 2n+1
Cau4: Tinh 11m(—2+%+%+l2+...+ n;r j
n—+o\ pn n n n n

Tra loi: 1
Loi giai
Diy sb 1,3,5,...,2n+1 1a mot cap s6 cong co uy=ld=2vaco n+l s6 hang

Suy ra 1+3+5+...+(2n+1):(n+1)2
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

2
Do d6 lim (Lz+iz+i2+lz+...+2n;1j: lim Lzznﬁz lim (1+3+L2]:1
n—+0\ n n n n n n—>+00 n n—>+00 n n

Cau5: Cho hinh vuong (C1) c6 canh bang 2. Ngudi ta chia mdi canh cua hinh vudng thanh ba phan
bing nhau va ndi cic diém chia mot cach thich hop dé c6 hinh vudng (C,) (tham khdo hinh vé
bén dwoi). Tu hinh vudng (Cz) lai tiép tuc 1am nhur trén ta nhan dugc day cac hinh vuong C,,
¢, CG,, C, Goi &, Tinh
T=8+8+8+.5 +...

Tra loi: 36

Loi giai
Canh cua hinh vudng (C,) 1a: a, =2.
=8 =(a,) =4.
2 Y (1. Y 45
Canh cua hinh vudng (C,) la: a, = \/(5 .alj +(§.alJ = %al.
2
V5 5, 2.5
Szz( 3 a 25( 1) =-S5
2 Y (1 Y 45
Canh ctia hinh vuong (C,) la: a, = \/(E.an_l] +(§.an_lj = %an_l
2
J5 5 2 5
=S, = (Tan—l = 5(%_1) = §Sn_1 :
Vay day sd (Sn) 1a mot cap s6 nhan i v6 han c6 u, = S, va cong bdi g = g .
r=" - 4 3.
l-¢ 1— S
9
. -5 -1
Cau 6: Cho hai ham s0 f(x) va g(x) xac dinh trén R thoa man lin}% =2, lin}% =3.
X—> X — x> X —
. . +4-3 . .
Bict linll /(%) g(xl) :%, trong d6 a,b la nhiing s6 nguyén duong va % toi gian. Gia
xX—> X —
tri ctia biéu thic P =a+2b bang
Tra loi: 29
Loi giai
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Tacod limf(x)=5, limg(x)=1. Khi d6

x—l1 x—l1

xol x—1 x‘”(x—l)( f(x),g(x)+4+3) =l (x—l)( f(x)-g(X)+4+3)

f(x)—S g(x) g(x)—l 5

x>l (x—l) ( f(x).g(x)+4+3)+ (x—l) ( f(x)'g(x)+4+3)
1 5 17 a

. +3. ===
V5.1+4+3 514443 6 b

Viy P=a+2b=29.

lim f(x)-g(x)+4—3:hm f(x).g(x)-5 _hm[f(x)—S].g(x)+5.[g(x)—1]
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| CHUONG |

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

GIOI HAN
HAM SO LIEN TUC

ON TAP CUOI CHUONG
PE TEST SO 02

PHAN L. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 101 tir cdu 1 dén cau 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 5:

Ciu 6:

Cau 7:

Caiu 8:

thi sinh chi chon m¢t phuong an.

Va4 +1-n+2

Tinh lim
2n-3
A2 B. 2. C. 1. D. L.
2 5
Tinh lim™ >
=3 x+3
A. —00. B.2. C.0. D.%.

Cho ham s6 y = f(x) lién tuc trén R va lim £ (x)=—3. Khi d6 gid tri /(1) bing

x—1

A. f(1)=3. B. f(1)=—1. C. f(1)=1. D. f(1)=-3.

- X L. 2" -5, et L, e, N a L. ., ., 4 ,
Day so (u,) voi u, = ——— ¢6 gi6i han bang —— voi (a,b):l. Gia tri cua biéu thiuc

3.2"+2.7" b

P=a’—b"1a
A. P=1225. B. P=1221. C. P=-37. D. P=-34.

: 2 4 2" e 5
Goi S:1+§+§+...+3—n—i—....Glatr1 cua S bang
A. S=3. B. §=5. C.S=6. D. S=4.
lim x(\/x2+5—x) béng:

5

A. 400. B. 5. C. —c0. D. >

Cho céc gi6i han: lim f(x)=2; limg(x)=3,hoi lim[3/(x)-4g(x)] bang

X=X, X=X, X=X,

A. 5. B. 2. C. -6. D. 3.

2
—3x+2 A
Lzﬁtrong do & la phén s6 toi gian. Tinh S =a” +5°.
x’—4 b b

A. §=20. B. §=17. C. §=10. D. §=25.

Cho gidi han ling
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

x—2
, —— khi x#2 .
Cho hamso f(x)=4+/x+2-2 . Chon ménh dé ding?
4 khi x=2
A. Ham sé lién tuc tai x=2. B. Ham s gian doan tai x=2.
C. f(4)=2. D. £1E)121f(x):2.
Cho day s6 (un)cc’) u,= & Khi d6 limu, bang
2.10" +9"
A. 4. B.%. C. —o. D. 0.
2
Gié trj ctia lim ™ 2* =2 13
x——1 X _1
A. 2. B. 0. C.1. D. —0.
Tim gi6i han ctia ham sb lingz_— x3+1
X— x_
A. 4. B. —4. C.l. D. —l.
4 4

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

Cau 2:

Cau 3:

sinh chon ding hoac sai.

Cho hai day s6 (u,),(v,) voi u, =4.3"=7"";v, =7".

a) limizo.
Vl’l

b) 1im”n;vn:i_
3u,+2v, 19

¢) limu =+o.

d) limvy =+o0.

va g(x)=x"=3x+1.
khix > 1

Cho ham so f(x) = 2 340
x> =1

a) Ham s f(x) lién tuc tai diém x, =1.

b) Ham s6 g(x) lién tyc tai diém x, =1.

1

>

d) Him s6 y = f(x)+g(x) lién tuc tai diém x, =1.

¢) G161 han lim f(x) =
x—1*

x* -4 .
Cho cac ham sd f(x)={ x—2 kh1x¢2vé g(x)=il,
5 khi x =2 T
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Cau 4:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

a) Him s6 g(x) lién tyc tai diém x, =3.
b) Gi6i han lim f(x) =4

¢) Him s6 f(x) lién tuc tai diém X, =2.

/()

d) Himsd y = lién tyc tai diém x, =2.
g(x)
—AXZ_Hkhix>2 Nx+2-2 Khix>?2
Cho cic him s6 f(x)=1 * 4—4 va g(x)=1 277 .
34 hix<2 i khi x <2

12
a) Ham s6 f(x) lién tyc tai diém x, =2.

b) Him s6 g (x) gian doan tai diém Xy=2.
¢) Gidi han lim g(x) = i
x—2"

/(%)

d) Ham s y =-—= lién tuc tai diém X,=2.

g(x)

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:
Cau 5:

Caiu 6:

, e 2N+ x+/x+4 -4
Tinh lim .

x—0 X

0 khiz<0

1khiz>0

thai tat/mé cua dong dién tai thoi diém ¢=0). Tinh lim H(¢).
t—0"

. Yx-1
lim ———
1 Ydx+4-2
Bibt ring lim (\/sz +2x+xJ§):a 5+b, a,beQ. Tinh S=5a+b

x—>—0

Cho ham sd H () = { (ham Heaviside, thuong dugc dung dé mé ta viéc chuyén trang

bang

Tai mot co s san xuat nude tinh khiét, nhan vién phu trach san xuat cho biét, néu moi ngay co

sO ndy san xuat x (m3) nudce tinh khiét thi phai chi phi cac khoan sau: 3 triéu dong chi phi c¢b
dinh; 0,12 triéu dng chi phi bdo dudng méy méc cho mdi mét khdi san pham. Goi C(x) 1a chi
phi san suat x (m3 ) san pham mdi ngay va E(x) 1a chi phi trung binh mdi mét khéi san pham.

Khi d6 tinh lim C(x)

X—>+00

VI+4x —31+6x

2
X

Tinh gi6i han lim
x—0
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

HUONG DAN GIAI CHI TIET

PHAN L. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 101 tir cdu 1 dén cau 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

thi sinh chi chon m¢t phuong an.

Va4 +1—=+/n+2

Tinh lim
2n-3
A2 B. 2. C. 1. D. L.
2 5
Loi giai
\/4+1 \/1+2
Jan* +1—+/ IR I S S
Ta co: lim n” +1 n+2 =lim n n_n :2 0:1.
2n—3 ,_3 2
n
Tinh lim™—>.
=3x+3
A. —00 B. 2. C.0 D.%.
Loi giai
Taco lim* > =373 _¢.
=3x+3 343

Cho ham s6 y = f(x) lién tyc trén R va lirrllf(x) =—3. Khi d6 gia tri f(1) bang

A f(1)=3. B. f()=—1. C. r(1)=1. D. £(1)=-3]

Loi gidi
Vihimso y= f(x) lién tyc trén R nén ham so do lién tyc tai x=1. Vi vay lim f (x)= 1 (1).

Suyra f(1)=-3.

n__ n+l . )
Diy s6 (u,)v6i u, = it U gi6i han bing — = véi (a,b)=1. Gia tri cta biéu thuc
32" +2.7" b
P=d’-b"l1a
A. P=1225. B. P=1221. C. P=-37. D. P=-34.
Loi giai
n n+l g _35
, 2" =57 7 . 35
Taco: u, = = = limu, = ——.
3.2" +2.7" 2)" 2
3| +2
7
Vay P=1221.
. 2 4 2" o N
Goi S:1+§+§—|—...+3—”+....Glatﬂ cua S bang
A. §=3. B. §=5. C.S=6. D. §=4.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Loi giai
2 4 ' =1
Ta théy 1,—,—,...,[—] ,.... lamot cép s6 nhan 1ui v6 han co 2.
379777(3 g=2
3
Do dé: §=—1_=3.
l—q
CAu 6:  lim x(\/x2 +5 —x) bang:
5
A. +00. B. V5. g.. D. .
Loi giai
Tacéd lim x(\/xz—l—S—x): lim x? —‘/H—iz—l]
X——00 X—=00 X

Ta co:

lim x* =400

5 = lim x*|— /1+%—1 =—00
lim | 1+ —1|=-2 = x
X——00 X

Cau7:  Cho céc gi6i han: lim f(x)=2; limg(x)=3,hoi lim|3/(x)-4g(x)] bang

A. 5. B. 2. C. 6. D. 3.
Loi giai
Taco lim[3f(x)-4g(x)] =lim3f(x)-lim4g(x)=31lim f(x)—4lim g(x)=-6.
. . X =3x+2 a A S S , 2 12
Cau 8: Cho gidi han 1111212—423 trong do 3 la phan s0 t6i gian. Tinh S =a” +b°.
X—> X —
A. §=20. B. §=17. C. §=10. D. §=25.
Loi giai

2
lim > 23x+2:hm(x D(x 2):limx lzl.
=2 x"—4 =2 (x+2)(x=2) —2x+2 4

Dodd a=1; b=4suyra S=1°+4°=17.

x—2
. ———— khi x#2 \
Cau9: Chohamsd f(x)={x+2-2 . Chon ménh dé dung?
4 khi x=2
A. Ham s6 lién tuc tai x=2. B. Ham sd gian doan tai x=2.
C. f(4)=2. D. £1_r)121f(x):2.
Loi giai
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

(x-2)(Vx+2+2)

lim / (x )‘PB}\/XT  im ~lim(Vx+2+2)=4
f(2)=4

:>11mf( ) f(2)

x—2
Vay ham s lién tuc tai x=2.
6" +8"

Cau 10: Cho day s6 (u,) céu, =————. Khi d6 limu, bang
2.10"+9"
A. +o0. B.%. C. —w D. 0
Loi giai
5G)
limu, = lim—0 > _jjm 3 \5) _¢
2.10" +9" (9]“
24+ —
10
2
Cau 11: Gid tri cua liml% 1a
X—>— X —
A 2. B. 0. C.1. D. —o.
Loi giai
X =2x— 1 . x=3 —1-
Ta co: hmxz—x3 lim GrAhx=3) hmx—3:—3:2.
-1 x" =1 ol (x=1(x+1) =1x-1 -1-1
Vay, hmﬂ 2.
x—-1 _x _1
Céu 12: Tim gi6i han ca ham s6 lm312——x3+1
X— x_
A. 4. B. —4. C.l. D. —l.
4 4
Loi giai
g (=) (24 ) 3y

=lim =lim

2
a3 p)2atd) o (x3) (20 )

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi
sinh chon ding hoac sai.

Caul:  Cho hai ddy s6 (u,),(v,) v6i u, =4.3"-7"";v, =7".

2) lim—=0.
1%

n
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Cau 2:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

u,—v, 8

b) lim——"—=—.
Bu, +2v, 19

¢) limu, =+o.

d) limy =+oo.

Loi giai
| a)ybing | b)Ping | Sai | d)Ping
1 (1) ,
a) 11m—=hm(—j =0. dung.
v, 7
43" —8.7" 4'(3) -8 0-8 8
b)lim—z Y fim—2 %L iy = lim =2 ding.
3u, +2v 12.3" -19.7" 3Y 0-19 19
122 -19

¢) limu = lim(4.3" —7"“) =1im 7" [4(%} 7]

lim7" = +oo;lim|:4(%j - 7} =-7<0= limu, = —c0. sai.

d) lim 7" = +oo . dling.

~ X khix<1
Cho ham sd 1(x) =
A X =3x+2

x* -1

va g(x)=x"-3x+1.
khix >1
a) Ham s6 f(x) lién tuc tai diém x, =1.

b) Ham s6 g(x) lién tuc tai diém x, =1.

¢) Gidi han lim f(x) =%.
x—1*
d) Hams6 y = f(x)+g(x) lién tuc tai diém x, =1.
Loi giai
| ayPing | b)Ping | ¢)Sai | d)Sai |
Tac: f(1)=—— va lim £(x)=lim—~=—L
’ 2 ol PERE) 2’

2_ — — f—
X 3x+2=lim(x D(x 2)=limx 2= 1

lim f(x)=lim :
x_)1+f() -t xt—1 = (x=D(x+1) 1" x+1 2

Vay f()=lim f(x)= —% nén ham sé f(x) lién tuc tai diém x, =1.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

-Taco: g()=—1 va 1in11g(x)=12 —3:141=-1 nén g(l):lirrllg(x).

Vay ham sé g(x) lién tuc tai diém x,=1.

2
Cau3: Cho cac hamsé f(x)= );—_24 khix 22 va g(x):i,
5 khi x =2 -l
a) Haim sd g(x) lién tuc tai diém X, =3.
b) Gidi han £1£121 f(x)=4

¢) Ham s6 f(x) lién tuc tai diém x, =2.

/(%)

d)Hamsd y = lién tyc tai diém X, =2.
g(x)
Loi gii
| a)ybing | b)Ping | Sai | d)Sai |

a) Taco: g(3)= % =1va lirr31g(x) = lin}i =]1;suyra lingg(x) =g(2).
—_ X—> X—>. X — xX—>

Vay ham s6 g(x) lién tuc tai diém x, =2.

x2—4:hm(x—2)(x+2)

b tim )= lim = ~lim(r+2)=4.

x—>2 X —
2 — J—
) Taco: £(2)=5 va lim £(x) = lim >+ = lim F =2 i 0y= 4,
x—2 -2 x—=12 x—2 x—=2 x—2

Suy ra lim f(x) # f(2).
Vay ham s6 f(x) khong lién tuc tai diém x, =2.

f(x)
g(x)

d) Vi ham s6 f(x) khong lién tuc tai diém X, =2 nén ham $6 y= bi gian doan tai

X, =2.
VAT i s 2 VP22 s
Caud: Chocachamsb f(x)=1 * —4 va g(x)=1 277% .
34 hix <2 —11;x khi x <2

a) Ham s6 £ (x) lién tyc tai diém x, =2.
b) Him s6 g(x) gidn doan tai diém x, =2.
¢) Gidi han lim g(x) = %

x—2"

f(x)
g(x)

d) Him s6 y = lién tuc tai diém x, =2.
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DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

Loi giai
a) Pung b) Sai ¢)Sai | d)Ping
. 1
a) Ta co: f(x0)=f(2)=5=lir§1f(x).
V4x 771 fim 4 L im .

i =lim —
xirg f(X) xig}’ x — 4 x—>2" (x + 2) (\/m + 1) 2 x—2"
= lim £ ()= lim /(1) =3 =lim /()= £2).

Vay ham s6 f (x) lién tuc tai diém X, =2.

-1-2 1 —1-x 1
b,c)Tacod: g2)=———=——; hm x) = lim =
) g == ime Hz( 2 j 4

Nx+2-2 ~ lim x+2-4 _l
=T Q-x)(Wxt2+2) o \/x+ 242 4

lim g(x) = lim (
x—2" x—2"

Suy ra 1irr21 g(x)= —% =g(2).

Vay ham ) g(x) lién tuc tai diém Xy =2.

d) Vi ham s6 y = f(x) va ham s6 y = g(x) lién tuc tai x, =2 nén ham s§ y = fEX; lién tuc
g(x

tai diém x, =2.
PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Ciul: Tinh lim2Y F¥Hvx+4-4

x—0 X

Loi gidi

Traloi: 1,25.

) 1+x+\/m_4_hm(2\/E—2)+(x/x+4—2)

Ta co: lim =
x—0 X x—0 X

2{vl+x-1) _
( )+ X+4-21 { 2 ! }:1+i:1,25.

=lim
JI+x+1 «/x+4 +2

x—0 X X x—0

. Okhit<0 . .
Cau2: Chohamso H(t)= {1 Khif>0 (ham Heaviside, thuong dugc dung dé mo ta viéc chuyén trang
it>

thai tat/mé cua dong dién tai thoi diém ¢ =0). Tinh lim H(¢).
t—0"
Loi giai
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Cau 3:

Cau 5:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC
Tra loi: 0
Véi day so (t,) batkisaocho £, <0 vat, >0, tacé H(t,)=0.

Do d6 lim H(¢) = lim H(tn): lim0=0.

=0~ n—>+o0 n—>+0

-1

lim—=— ban
1 Ydx+4 -2 8
Loi giai
Traloi: 1
el (x—1)(3(4x+4)2+2%/4x+4+4)
Tacod lim = lim

o Yfaxpa—2 (4x+4—8)(%—2+€/§+1)
(x—l)(s/(4x+4)2 +234x+4 +4) | (3/(4x+4)2 +234x+4 +4)

— lim =lim

T a3+ A e

=1.

Bibt riing lim (\/5x2+2x+x\/§)=a 5+b, a,beQ. Tinh S=5a+b

Loi giai
Tra loi: -1

Tacé lim (\/sz +2x+ x5 ) - lim 2x
- > [522 1 2x — x5

1
= lim 2 - 2\/_=—%:—%\/§=a 5+b——1"" 5=>8=5a+b=-1.
—\/5+2—«B ~24/5 5 b—0
X

Tai mot co s& san xuat nudce tinh khiét, nhan vién phu trach san xuat cho biét, néu moéi ngay co

sO nay san xuat x (m3) nude tinh khiét thi phai chi phi cac khoan sau: 3 triéu dong chi phi cb
dinh; 0,12 triéu dng chi phi bdo dudng méy méc cho mdi mét khdi san pham. Goi C (x) 1a chi
phi san suat x (m3 ) san pham mdi ngay va E(x) 1a chi phi trung binh mdi mét khéi san pham.

Khi d6 tinh lim C(x)
X—>+00
Loi giai
Tra loi: 0,12

Chi phi mdi ngay la tong céc chi phi nén C(x)=0,12x+3 (triéu dong).

002433

Chi phi trung binh trén mdi khdi san pham 1a E(x)
X X
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Caiu 6:

DE TEST — CHUYEN PE V — TOAN - 11 — GIOI HAN VA HAM SO LIEN TUC

lim C(x)= lim (0,12+2)=0,12.
X

X—>+00 X—>+00

VI+4x —3J1+6x

2
X

Tinh gi6i han lim
x—0

Loi giai
Tra loi: 2

VI+4x —(2x+1)+(2x+1) -1+ 6x

o l+dx—31+6x
m 2

i =lim >
x>0 X x>0 X

) -4 8x+12 -4 12
=lim + =—+—=2.

¥50 (M+(2x+l)) ((2x+1)2+(2x+1)m+m) 2
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