DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

QUAN HE SONG SONG
TRONG KHONG GIAN

| CHUONG |

BAI: PUONG THANG VA MAT PHANG TRONG KHONG GIAN
PE TEST SO 01
PHAN I. Céu tric nghi¢ém nhiéu phwong an lya chon. Thi sinh tra 10i tir cAu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon mgt phuwong an.
Céul: Cho hinh chép S.ABCD . Giao tuyén ciia hai mit phang (SAB) va (SBC) la dudng thing nao
trong cac duong thing sau?
A. S4. B. SB. C. SD. D. AC.
Ciu2: Cho 2 duong thang a,b cat nhau va khong di qua diém 4 . Xac dinh dugc nhiéu nhat bao nhiéu

mit phang boi a,b va A?

A. 1. B. 2. C. 3. D. 4.
Cau 3: Mot hinh chop c6 day 1a ngii gidc c6 s6 mit va s6 canh 1an luot 1a
A. 6 mat, 8 canh. B. 6 mat, 12 canh. C. 6 mat, 10 canh. D. 5 mat, 10canh.

Cau4: Mot mat phrfmg hoan toan dugc xac dinh néu biét no thoa diéu kién nao sau day?
A. Di qua ba diém bét ky.
B. Di qua mot duong thing va mot diém.
C. bi qua hai dudng thang cit nhau.
D. Pi qua bdn diém bat ky trong khong gian.
Ciu 5:  Cho bdn diém khong dong phang, ta co thé xac dinh duoc nhidu nhat bao nhiéu mat phang phan
biét tir bon diém da cho?
A. 3. B. 4. C.2. D. 6.
Chu 6:  Cho hinh chép S.ABCD c¢6 ACNBD =M va ABNCD = N. Giao tuyén ctia mit phing (SAC)

va mit phing (SBD) 1a duong thing nao trong cac duong thang sau?

A. SN . B. SM . C. SB. D. SC.
Cau7: Cho hinh chép S.4BCD co day 14 hinh thang ABCD AD//BC . Goi I la giao diém cia AB

va DC, M latrung diém SC. DM cét mit phang (SAB) tai J . Khang dinh nao sau déy sai
A. S, I, J thanghang. B. DM c mp(SCI). C.JM cmp(SAB). D. SI=(SAB)n(SCD).
Cau 8: Trong mp(a) , cho bon diém 4, B, C, D trong d6 khong c6 ba diém nao thang hang. Diém

Se&mp (a) . C6 miy mit phang tao béi S va hai trong s6 bon diém noi trén?

A. 4. B. 5. C.6. D. 8.
Cau9: Cho tir dién ABCD. G 1a trong tdm tam gidc BCD. Giao tuyén cua hai mit phang (4CD) va
(GAB) la:
A. AM , M 1atrung diém AB. B. AN, N latrung diém CD.
C. AH, H la hinh chiéu cia B trén CD. D. AK, K 1a hinh chiéu cia C trén BD.
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Cau 10:

Cau 11:

Cau 12:

Cho tir dién ABCD. G latrong tam tam giac BCD, M 1a trung diém CD, I 1a diém trén doan
thang AG, BI cit mit phang (ACD) tai J . Khang dinh ndo sau day sai?

A. AM =(ACD)(4BG). B. 4, J, M thing hang.

C. J 1a trung diém AM . D. DJ =(ACD)n(BDJ).

Cho hinh chop S.ABCD c¢6 day 1a hinh thang ABCD (AD || BC ) Goi M 1a trung diém CD.
Giao tuyén ciia hai mat phing (MSB) va (SAC ) la:

A. SI, I 1agiao diém AC va BM . B. SJ, J lagiao diém AM va BD.

C. SO, O la giao diém AC va BD. D. SP, P la giao diém 4B va CD.

Cho tir dién ABCD. Goi M, N lan lugt 1a trung di€ém AB va CD. Mgt phang («) qua MN cit
AD va BC lanluottai P, O.Biét MP cit NQ tai I .Ba diém nao sau ddy thiang hang?

A. 1, 4, C. B.I,B,D. C.1,A4,B. D.1,C,D.

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi cau, thi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

sinh chgn ding hoic sai.

Trong khong gian, cho hai duong thing a,h va mit phang (P).

a) Néu a di qua mot diém thudc (P) thi a nim trong (P).

b) Néu « di qua hai diém phan biét thudc (P) thi a nam trong (P).

¢)Néu a va b cing nam trong (P) thi giao diém (néu cd) ctia a va b ciing thujc(P).

d) Néu ¢ nam trong (P) vaa cit b thi b nam trong (P).

Cho hinh tr dién ABCD.

a) Cac diém A;B;C;D la cac dinh cua hinh t¢ dién ABCD.

b) Céac doan théng AB; AC; BC duoc goi la cac canh bén cua hinh tir dién 4BCD .

¢) C6 ba cip canh dbi dién 1a: ABvaCD; ACvaBD; ADva BC .

d) C6 ba cap dinh dbi dién véi mat.

Cho hinh chép S.ABCD , biét AB cit CD tai E, AC cit BD tai F trong mit phing day.

a) Puong thing EF nim trong mit phang (ABCD) .

b) AB 1a giao tuyén cua hai mit phiang (SAB) va (ABCD).

¢) SF la giao tuyén cua hai mit phang (S4B) va (SCD), SE la giao tuyén ctia hai mit phang
(SAC) va (SBD).

d) Goi G = EF N AD khi d6, SG giao tuyén ctia mt phing (SEF) va mit phang (SAD).
Cho hinh chép S.ABCD, day la tir giac 16i ABCD c6 cac canh d6i khong song song voi nhau.
GoiM la diém trén canh SA, O la giao diém cta AC va BD. Xét tinh dang sai cac khéng dinh
sau:

a) Giao tuyén cua (SAC) va (SBD) 1a SO.

b) Giao tuyén ctia (SAB) va (SCD) 1a SF, F 1a giao diém cua AB va CD.

¢) Giao tuyén ctia (BCM) va (SAD) 1a SM.

d) Giao tuyén ctia (CDM) va (SAB) 1a ME.
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PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 5:

Cau 6:

Cho hinh chép S.ABCD c6 day ABCD 14 tir giac 16i. Goi N, P lan lugt 1a trung diém cua SB va

. . IS
AD. Goi I 1a trung diém ctia NP va G la giao diém cua SI voi mp(ABCD). Tinh ti s0 G-
Cho hinh chép S.ABCD c6 day la hinh thang ABCD v&i1 AD // BC va AD =2BC . Goi M la
diém trén canh SD thoa min SM zéSD. Mat phrfmg (ABM ) cit canh bén SC tai diém N .
Tinh ti 56 20

SC

Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat. Goi M, N theo thu tu 14 trong tam
ASAB; ASCD . Goi G la giao diém cua dudng thing MN v6i mit phang (SAC ), O la tam cua
hinh chit nhat ABCD. Khi d6 ti sb % bang
Cho hinh chop S.4BC. Goi M,N lan luot la trung diém cua S4,BC va P la diém nam trén
canh AB saocho AP :éAB. Goi Q 1a giao diém cua SC va (MNP). Tinh ti s6 % (két qua

lam tron dén hang phan tram)
Cho t&r dién ABCD. Goi M, N, P lan luot thudc cac canh 4B, AC va AD sao cho
AM =2MB | AN = NC va AP =3PD. Goi O 1a trung diém canh BC, I 1a trung diém cta

doan DQ va S la giao diém ctia mit phang (MNP) va duong thang A7 . Ti s6 j—é bang. (két

qua 1am tron dén hang phan tram)
Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh binh hanh. Goi 7, J 14n luot 14 trung diém SA4

va SD . Goi G la giao diém cua BJ va CI va P, O 1a trung diém ctua SB, SC . Tinh %.
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HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 3:

Cau 4:

Caiu 5:

Ciu 6:

thi sinh chi chon mgt phuwong an.
Cho hinh chép S.4BCD . Giao tuyén cua hai mit phing (S4B) va (SBC) la duong thang nao
trong cac duong thing sau?
A. S4. B. SB. C. SD. D. AC.
Loi giai
Vi § va B 1a hai diém chung ciia hai mat phang nén (SAB ) N (SBC ) =35B.
Cho 2 dudng thang a,b cat nhau va khong di qua diém A4 . Xac dinh duoc nhiéu nhét bao nhiéu
mit phang boi a,b va A?
A. 1. B. 2. C. 3. D. 4.
Loi giai
Cé6 3 mat phfmg gém (a,b),(A,a),(A,b).
Mot hinh chép c6 day 1a ngil giac c6 sé mit va sd canh lan luot 1a
A. 6 mat, 8 canh. B. 6 mat, 12 canh. C. 6 mat, 10canh. D. 5 mat, 10canh.
Loi giai
Hinh chop c6 day 1a ngii giac co:
« 6 mat gdm 5 mit bén va | mat déy.
* 10 canh gém 5 canh bén va 5 canh day.
Mot mit phang hoan toan duoc xac dinh néu biét né thoa diéu kién nio sau day?
A. Pi qua ba diém bét ky.
B. Di qua mot dudng thing va mot diém.
C. Pi qua hai duong thang cit nhau.
D. Pi qua bén diém bét ky trong khong gian.
Loi giai
Mot mat phéng hoan toan duge xac dinh néu biét né di qua hai duong théng cit nhau.
Cho bén diém khong dong phing, ta c¢6 thé xac dinh dugc nhidu nhat bao nhiéu mét phang phan
biét tir bon diém da cho?
A. 3. B. 4. C.2. D. 6.
Loi giai
Do bén diém khong ddng phang nén khong ton tai bd ba diém thang hang trong s6 bon diém
d6. Ctr ba diém khong thang hang x4c dinh mot mdt phang nén s6 mat phang phan biét co thé
1ap dugc tir bon diém di cho 1a C; =4..
Cho hinh chép S.ABCD ¢6 ACNBD =M va ABNCD = N. Giao tuyén ctia mit phang (SAC)
va mit phang (SBD) la dudng thang nao trong cac dudng thang sau?

A. SN . B. SM . C. SB. D. SC.
Loi giai

Page 4

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 7:

Cau 8:

]

N
Giao tuyén cua mit phang (S4C) va mit phang (SBD) la duong thang SM..
Cho hinh chép S.4BCD c6 day 14 hinh thang 4BCD AD//BC . Goi I 1a giao diém cia AB
va DC, M latrung diém SC. DM cat mit phang (SAB) tai J . Khang dinh ndo sau day sai
A. S, I, J thinghang. B. DM < mp(SCI). C.JM cmp(SAB). D. SI=(SAB)n(SCD).

Loi giai

1 S, I, J thang hang vi ba diém cung thudc hai mp (SAB) va (SCD) nén A dung.

I MeSC=>M e (SCI) nén DM c mp(SCI) vay B dang.

0 M ¢(SAB)nén JM & mp(SAB) véy C sai.

(] Hién nhién D dung theo giai thich A.

Trong mp(a) ,chobén diém 4, B, C, D trong d6 khong c6 ba diém nao thang hang. Diém
S e mp (a) . C6 miy mit phang tao boi S va hai trong s6 bon diém néi trén?

A. 4. B. 5. C.6. D. 8.

Loi giai
Piém S cung voi hai trong s bébn diém A, B, C, D tao thanh mot mat phéng, ttr bon diém
ta co 6 cach chon ra hai diém, nén c6 tit ca 6 mat phing tao boi S va hai trong s6 bon diém

noi trén.

Cho tir dién ABCD. G 1a trong tim tam giac BCD . Giao tuyén clia hai mat phang (ACD) va
(G4B) la:

A. AM , M 1atrung diém AB. B. AN, N la trung diém CD.
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Cau 10:

Cau 11:

C. AH, H 1a hinh chiéu cia B trén CD. D. AK, K 14 hinh chiéu caa C trén BD.
Loi gii

A 1a diém chung thir nhét cua (ACD) va (GAB)

G 1a trong tdm tam giac BCD, N l1a trung diém CD nén N € BG nén N 1a diém chung thu
hai cua (ACD) va (GAB). Vay giao tuyén ctia hai mat phang (ACD) va (GAB) la AN.

Cho tir dién ABCD. G la trong tam tam giac BCD, M 1a trung diém CD, I 1a diém trén doan
thang AG, BI cit mit phang (ACD) tai J . Khang dinh ndo sau day sai?

A. AM =(ACD)(4BG). B. 4, J, M thing hang.
C. J latrung diém AM . D. DJ =(ACD)(BDJ).
Loi giai

BG

M
Taco Ae(ACD)N(ABG), {M S o Me (ACD)N(A4BG) nén AM =(ACD)N(A4BG).
€

Nén AM =(ACD) m(ABG) vay A dung.
A, J, M cung thuoc hai mat phang phéan biét (ACD),(ABG) nén 4, J, M thang hang, vay

B dung.
Vi I 1adiém tuy y trén AG nén J khong phai ltic ndo ciing 13 trung diém cua AM .

Cho hinh chop S.ABCD c6 day 1a hinh thang ABCD (AD || BC ) Goi M la trung diém CD.
Giao tuyén ciia hai mat phing (MSB ) va (SAC ) la:

A. SI, I 1a giao diém AC va BM . B. SJ, J lagiao diém AM va BD.
C. SO, O la giao diém AC va BD. D. SP, P la giao diém 4B va CD.
Loi giai
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S 1a diém chung thtr nhét cia (MSB) va (SAC).
I 1a giao diém ctia AC va BM nén [ € AC, I € BM do d6 I 1a diém chung tht hai ciia
(MSB) va (SAC ) Vay giao tuyén ctia hai mat phang (MSB ) va (SAC ) la ST.

Cau 12: Cho tr dién ABCD.Goi M, N lan lugt la trung diém AB va CD. Mt phang (o) qua MN cit
AD va BC lanluottai P, O.Biét MP cit NQ tai I . Ba diém nao sau ddy thing hang?

A.1,4,C. B.1,B,D. C.1,4,B. D.1,C,D.
Loi giai

I eMP

Tacoé MP cit NO tai [ = =
I e NQ

= [ €(ABD)N(CBD).
=1eBD.
Vay I, B, D thang hang.
PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi
sinh chon ding hoac sai.
Cau 1: Trong khong gian, cho hai dudng thiang a,b va mit phing (P) .
a) Néu o di qua mot diém thudc (P) thi a nam trong (P).
b) Néu a di qua hai diém phéan biét thugc (P) thi @ ndm trong (P).
¢)Néu a va b cling nam trong (P) thi giao diém (néu co) ctia a va b ciing thudc(P).
d) Néu a nam trong (P) va a cat b thi » nim trong (P).

Loi giai
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Cau 3:

‘ a) Sai ‘ b) Piling ‘ ¢) Pung ‘ d) Sai ‘
a) Néu a chira mot diém nim trong (P) thi @ chwa chic nim trong (P) ma a c6 thé cit
(P)

b) Néu a chua hai diém phan biét thudc (P) thi a nim trong (P).

¢)Néu ¢ va b cing nim trong (P) thi giao diém (néu c6) ciia @ va b cling nam trong (P).
d) Néu a nam trong (P) va a cat b thi » chua chic ndm trong (P) ma b c6 thé cit (P).
Cho hinh tr dién ABCD.

a) Cac diém A;B;C;D la cac dinh cua hinh t¢ dién ABCD.

b) Cac doan thang AB; AC; BC dugc goi 1a cac canh bén cua hinh tir dién ABCD .

¢) C6 ba cip canh ddi dién 1a: ABvaCD; ACvaBD; ADva BC.

d) C6 ba cip dinh ddi dién v6i mat.

Loi giai
‘ a) Pung ‘ b) Sai ‘ c¢) Dung ‘ d) Sai ‘
Y|
B D
C

a) A;B;C;D lacac dinh cta hinh t& dién ABCD nén a dlng.
b) Cac doan thallng AB;AC;AD;BC;BD;CD duoc goi la cac canh cua hinh tir dién ABCD nén

b sai.
¢) Hinh t&t dién ABCD c6 ba cé@p canh ddi dién 1a: ABvaCD; ACva BD; ADva BC nén ¢ ding.

d) Hinh t dién ABCD ¢6: dinh 4 d6i dién véi mat (BCD); dinh B ddi dién véi mit (ACD);
dinh C déi dién véi mat (4BD); dinh D dbi dién v6i mat (ABC) nén d sai.
Cho hinh chép S.ABCD , biét AB cit CD tai E, AC cat BD tai F trong mit phang day.
a) Duong thing EF ndm trong mat phang (ABCD).
b) 4B 1a giao tuyén ciia hai mit phang (S4B) va (ABCD).
c) SF la giao tuyén cua hai mt phang (S4B) va (SCD), SE la giao tuyén cta hai mat phang
(SAC) va (SBD).
d) Goi G = EF N AD khi d6, SG giao tuyén ctia mit phang (SEF) va mat phing (S4D).
Loi giai
‘ a) Pung ‘ b) Ping ‘ ¢) Sai ‘ d) bung ‘
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Ta c6: E=ABNCD = E € AB, AB = (ABCD) = E < (ABCD).

Tuong ty: = ACNBD = F € AC,AC c(ABCD)= F €(ABCD).Vay EF c(ABCD).
Dé thiy A la diém chung cta hai mit phang (SAB) va (ABCD), B ciing 1a diém chung cua
hai mét phang (S4B) va (ABCD).

Suy ra 4B =(SAB)~(ABCD).

D@ thay S 1a diém chung cta hai mét phang (S4B) va (SCD).

E < AB, AB = (S4B)
Ta co: = E €(SAB)N(SCD).

E e CD,CD c(SCD)
Vay SE =(SAB)n(SCD).
D@ thay S 1 diém chung cua hai mét phang (SAC) va (SBD).

F e AC, AC  (SAC)
Ta co: = F €(SAC)N(SBD).

FeBD,BD c (SBD)

Vay SF =(SAC)(SBD).
D@ thay S la diém chung ctia hai mit phang (SEF) va (S4D).
Trong mit phang (ABCD), goi G=EF N AD.

G e EF,EF C(SEF)
Ta co: :>Ge(SEF)r\(SAD).

Ge AD,AD c (SAD)
Vay SG =(SEF)n(S4D).
Cho hinh chép S.ABCD, day 1a tir giac 16i ABCD c6 cic canh d6i khong song song véi nhau.
Goi M la diém trén canh SA, O la giao diém ctua AC va BD. Xét tinh ding sai cac khéng dinh
sau:
a) Giao tuyén cua (SAC) va (SBD) 1a SO.
b) Giao tuyén cua (SAB) va (SCD) la SF, F 1a giao diém ciia AB va CD.
¢) Giao tuyén ciia (BCM) va (SAD) la SM.
d) Giao tuyén ciia (CDM) va (SAB) 1a ME.

Loi giai
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Pung
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“*a) Trong mp (ABCD):
ACNBD={0}
ACc(SAC) =0€(SAC)n(SBD)
BD < (SBD)
Ma Se(SAC)N(SBD) nén SO=(SAC)n(SBD). Vay giao tuyén ciia (SAC) va (SBD) la SO.
Viay y a dung.
b) Trong (ABCD) ta co6:
ABNCD ={F|
ABc(SAB) = Fe(SAB)n(SCD)
CD < (SCD)
Ma Se (SAB) N (SCD) nén SF= (SAB) N (SCD) . Vay giao tuyén cta (SAB) va (SCD) 1a SF.
Vay y b ding.
¢) Trong (ABCD) ta co:
BCNAD={E|
BCc(SBC) = Ee(SAD)n(SBC)
AD c(SAD)
Ma S&(SAD)N(SBC) nén SE=(SAD)(SBC). Vay y c sai.
d) Ta c6: Me(MBC)n(SAD)
EeBCNAD = Ee(MBC)n(SAD)
Nén ME =(MBC)(SAD). Vay y d dung.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.

Cau 1: Cho hinh chép S.ABCD c6 day ABCD la tir giac 16i. Goi N, P lan luot 14 trung diém cta SB va

: , A
AD. Goi I 1a trung di€ém cta NP va G la giao diém cua SI v61 mp(ABCD). Tinh ti s6 G-
Loi giai

Tra loi: 3
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Cau 2:

Cau 3:

S

C
D

Qua N dung duodng thing song song voi SG cit BP tai H. Suy ra G 1a trung diém PH va H 1a
trung diém BG. Suy ra IG = lNH,NH = lSG . Vay sE =3.

2 2 1G
Cho hinh chop S.ABCD c6 day la hinh thang ABCD v61 AD // BC va AD =2BC.Goi M la

diém trén canh SD théa man SM :éSD. Mat phing (ABM) cét canh bén SC tai diem N .

Tinh ti sb S—N
SC

Tra loi: 0,5

Goi F 1a giao diém cia 4B va CD.Né6i F voi M, FM cat SC tai diém N .Khidé N la

giao diém ctia (4BM ) va SC.

Theo gia thiét, ta chirng minh dugc C 14 trung diém DF .

Trong mit phing (SCD) ké CE song song NM (E thudc SD). Do C 1a trung diém DF nén

suy ra E 13 trung diém MD . Khi 46, ta co6 SM = ME = ED va M 1a trung diém SE .

Do MN // CE va M latrung diém SE nén MN 1a dudng trung binh cta tam giac SCE . Tir
SN 1

d6 suy ra N 1a trung diém SC va =—=—.
SC 2

Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh chit nhat. Goi M, N theo tha tu 1a trong tdm
ASAB;ASCD . Goi G la giao diém cuia duong thang MN véi mat phang (SAC ) , Ola tdm cua

hinh chit nhat ABCD. Khi d6 ti sb % bang
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Cau 4:

Cau 5:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Loi gidi

Tra loi: 2

Ta c6: O € FE .Xét hai mit phang (SEF )va(SCD)c6

O e EF c (SEF
=B (OB = 0 €(SEF )N (SAC). Ma S € (SEF )N (SAC) nén (SEF)N(SAC)= SO.
Oe AC c(84C)
, G e MN
Trong mat phang (SEF)ta c6: SONMN =G = 2MNF\(SAC) = {G}
G eSO c(S4C)

Xét tam gidc SFE c6: MG/ /EF (do MN /| EF) 06 _SM _2_ 5G

—_— :> —_—
SO SE 3 GO
Cho hinh chop S.4BC. Goi M,N lan luot la trung diém cua S4,BC va P la diém nam trén
canh AB saocho AP = %AB .Goi O la giao diém cua SC va (MNP) . Tinh ti s6 % . (két qua

lam tron dén hang phan tram)

Loi giai

Tra loi: 0,33

Goi I 1a giao diém ciia NP va AC .Khi d6 Q 1a giao diém cua MI va SC.
Tir A ké duong thang song song voi BC, cit IN tai K .
BN BP 2 IC CN 2
Tur A ké dudng thang song song v6i SC, cat 10 tai E .
Khi d6 AE _AM _ 1= AE =S50, AE_H4 1 AE——CQ Do do DY l
SO SM co IC 2 sCc 3
Cho t&r dién ABCD. Goi M, N, P lan luot thudc cac canh 4B, AC va AD sao cho

AM =2MB | AN = NC va AP=3PD . Goi O la trung diém canh BC, I 1a trung diém cua
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doan DQ va S 1a giao diém cua mit phang (MNP) va duong thang 4/ . Ti s6 % bang. (két

qua 1am tron dén hang phan tram)

Loi giai

Tra loi: 1,54

Goi T 1a giao diém ctia MN v6i AQ va S 1a giao diém cta TP véi AI.

Sedl
Khi d6 = § = Al N(MNP).
S € BT < (MNP)
Tacé£=1(£+£j=1(i+zjzl,
AT 2\aM  4N) 2(2 1) 4
Tacéﬂ=1(£+£j=1(1+£j=3j,
AS 24T 4P) 2\4 3) 24

Ciu 6:  Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi 7, J lan lugt 14 trung diém S4
va SD . Goi G la giao diém cua BJ va CI va P, O 1a trung diém cua SB, SC . Tinh Q

Loi giai
Tra loi: 0,5

Goi O=ACNBD, G'=CI(1SO.Khi d6 G' 1a trong tdm tam giac SAC va SBD . Do d6 BG'
di qua trung diém J ciia SD . Hay J € BG' = (BCI ).
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Tux ddésuyra: G=CIBJ =G =CISO.
Ta c6 AGL/ ~ AGCB. Dodo 2= -9 W _ U _1
GC GB CB 4D 2
G 1a trong tAm tam gidc SAC . Do d6 trung tuyén 40 di qua diém G .
G la trong tim tam giac SBD . Do d6 trung tuyén DP di qua diém G .

Ta co6 AGPQ ~ AGDA . Do d6 GQ:GP:PQ:PQ:A.
GA GD DA CB 2
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QUAN HE SONG SONG
TRONG KHONG GIAN

| CHUONG |

BAIL: PUONG THANG VA MAT PHANG TRONG KHONG GIAN
PE TEST SO 02

PHAN 1. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

thi sinh chi chon mgt phuwong an.

Trong cac khang dinh sau, khang dinh nao sai?

A. Ton tai bdn diém khong cung thuéc mot mit phang.

B. C6 mdt va chi mot mit phang di qua ba diém phan biét.

C. Hai mit phing phan biét c6 mot diém chung thi chiing c6 mot dudng thiang chung duy nhét
chura tit ca cac diém chung cta hai mat phang do.

D. C6 mot va chi mot duong thang di qua hai diém phan biét cho trude.

Cho diém 4 thugc mit phang (P), cach viét nao duéi déy 1a ding

A. (P)ed. B. A¢(P). C. Ac(P). D. Ae(P).
Hinh tt dién c6 s6 canh 1a
A. 3. B. 6. C.5. D. 4.

Cho hinh chép tir gidc S.ABCD c6 day khong 1a hinh thang. Giao tuyén cua hai mit phang
(SAC) va (SBD) la

A. SI (I 1agiao diém cua AB va CD).

B. SK (K la giao diém ctia 4D va BC).

C. SO (O la giao diém ciia AC va BD).

D. SA.

Cho tir dién ABCD. Goi M,N lan luot 1a trung diém cia CD va 4B . Khang dinh nao dudi
day sai?

A. (ABM )N (ACD) =AM . (ABM )N (DCN)=MN .

B.
C. (AMN)N(ACD)=A4B. D. (ACD)n(BDC)=CD.
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Cau 6: Cho tir dién ABCD. Goi G la trong tam cua tam giac ACD . A
Giao diém cua dudng thang CD va mit phang (4BG) 1a

A.diémM (v6i M 1a trung diém cia CD).  B. diémC.
C.diém D. D. diémG .

Cau7:  Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tdm
O . Puong thang S4khong phai 1a giao tuyén ctia hai mat phang
nao sau day? C
A. (SAC) va (SCD). B.(SAB) va (SAC).
C. (SOC) va (S4B). D. (SAC)N(SAD).
CAu8: Cho bén diém 4,B,C,D khong cung nam trong mot mat phéng. Trén AB,AD lan luot léy cac
diém M va N saocho MN cit BD tai E.Piém E khong thudc mit phang nio sao day?
A. (ACD). B. (BCD). C. (4BD). D. (CMN).
Cau9: Cho tir dién 4BCD.Goi M,N 1a hai diém lan luot nam trén cac canh 4B, AD va MN khong
song song v6i BD . Puong thang MN cit BD tai E.Goi O l1a diém nam trong tam giac BCD
. Giao diém clia dudng thing CD va mit phing (OMN) la
A.Diém E. B. Diém D.
C. F (F lagiao diém ciia OE va CD). D. K (K la giao diém ctia OB va CD).
Céu 10: Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N lan luot 1a trung diém cua
canh S4,BC . Giao tuyén cua hai mt phang (MND) va (SBC) la
A. MN .
B. NF (vé6i F latrung diém canh SB).
C. NE (véi E 1a giao diém cua MD va SB).

D. NI (vé6i I 1a diém trén canh SB va SI =§SB).

Céau 11: Cho tr dién ABCD. Goi M, N lan luot 13 trung diém cua AC, CD. Giao tuyén cia hai mat
phiang (MBD) va (ABN) la
A. duong thang MN..
B. duong thang AM..
C. duong thang BG (G la trong tam tam giac ACD).
D. duong thang AH (H 1a truc tam tam gidc ACD).
Céu 12: Cho hinh chép S.ABCD c6 day 1a hinh binh hanh ABCD . Cac diém M, N lan luot thudc cac
canh AB, SC (khong tring voi cac dau mit cia cac canh). Phat biéu nao sau day dang?
A. Puodng thing MN khong cit mit phang (SBD).
B. Giao diém ciia MN véi (SBD) 1a giao diém ctia MN véi SI, trong d6 I 1a giao diém cua
CM véi1 BD.
C. Giao diém cia MN véi (SBD) 1a M .
D. Giao diém ctia MN véi (SBD) 1a giao diém cia MN vé6i BD .
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PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi y a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 3:

Cau 4:

sinh chon ding hoac sai.

Cho tir dién ABCD . Goi [,J lan lugt 1a trung diém cta AD,BC, M 1a mot diém trén canh AB
, N 1a mot diém trén canh AC .

a) IJ la giao tuyén cta hai mét phang (/BC) va (J4D).

b) ND la giao tuyén cta hai mit phang (MND) va (ADC).

¢) BI 1a giao tuyén cua hai mét phang (BCI) va (ABD).

d) Giao tuyén cta hai mat phang (/BC) va (DMN) song song v6i duong thang 1J .

Cho bbn diém A4, B,C,D khong dong phang. Goi M, N lan luot 1a trung diém caa AC va BC
. Trén doan BD léy diém P saocho BP=2PD, E=CDANNP.

a) NM la giao tuyén cua hai mat phang (MNP) va (A4BC).

b) DC la giao tuyén cta hai mét phang (BCD) va (ADC).

¢) Giao diém ciia dudng thang CD va mit phing (MNP) la diém E .

d) Giao diém cua duong thang 4D va mit phang (MNP) 1a giao diém cua duong thang 4D
v6i duong thang MP .

Cho hinh binh hanh ABCD va mét diém S khong thuge mit phang (ABCD), céc diem M, N
lan luogt 13 trung diém cta doan thang AB,SC . Goi O = ACNBD.

a) SO giao tuyén ctia hai mét phang (SAC) va (SBD).

b) Giao diém ctia / ctia dudong thing AN va mit phang (SBD) la diém nam trén duong thang
SO.

¢) Giao diém cta J cia dudng thing MN va mit phing (SBD) la diém nam trén dudng thang
SD .

d) Badiém /,J, B thang hang.

Cho tir gidc ABCD c6 AC va BD giao nhau tai O va mdt diém S khong thudc mat phéng
(ABCD) . Trén doan SC lay mot diém M khong tring v6i S va C,K = AM N SO..

a) SO la giao tuyén cua hai mit phing (SAC) va (4BC).

b) SO 1a giao tuyén ciia hai mit phing (SAC) va (SBD).

¢) Giao diém cuia duong thang SO véi mit phang (ABM ) la diém K .

d) Giao diém cta duong thang SD véi mat phang (ABM ) la diém N thudc duong thang 4K .

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cho hinh chop S.4BC. Goi M,N lan luot 1a trung diém cua S4 va BC, P la diém nam trén

canh AB sao cho % :é' Goi O 1a giao diém ciia SC va mit phang (MNP). Tinh % (Két

qué lam tron dén hang phéan tram)
Cho ttr dién ABCD.Goi M, N lan luot 1a trung diém ctia cac canh AD, BC, diém G 1a trong

tam clia tam giac BCD. Goi I giao diém ctia duong thing MG va mit phang (ABC ) . Khi do ti

A .
1€ AN bang bao nhiéu?
NI
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Cau 3:

Cau 5:

Ciu 6:

Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh binh hanh. Hai diém M, N tht ty 1a trung diém
cua céc canh AB,SC. Goi I1,J theo thir tu 1a giao diém ciia AN, MN véi mit phing (SBD).

Tinh k =20+ 2%
4 IM

Cho tir dién ABCD. Goi 7, J lan luot 1a trung diém cua AC va BC. Trén canh BD léy diém
K sao cho BK =2KD. Goi F 1a giao diém cia AD véi mit phang (IJK ) Tinh ti sb %
Cho hinh chép S.ABCD c6 day la hinh thang ABCD véi AD// BC va AD=2BC.Goi M la

diém trén canh SD thoa mian SM =%SD. Mit phing (ABM) cét canh bén SC tai diéem N .

Tinh ti s6 22
SC
Cho hinh chép S.ABCD day ABCD 14 hinh binh hanh. M, N 1a luot 13 trung diém cua AB
va SC. I la giao diém cua AN va (SBD). J 1a giao diém ctia MN véi (SBD). Khi d6 ti sb
IB

— la:
J
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HUONG DAN GIAI CHI TIET
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.
Cau 1: Trong cac khang dinh sau, khing dinh nao sai?
A. Ton tai bdn diém khong cung thuéc mot mit phang.
B. C6 mot va chi mot mat phang di qua ba diém phan biét.
C. Hai mit phang phan biét c6 mot diém chung thi chiing c6 mot dudng thiang chung duy nhat
chura tit ca cac diém chung cta hai mat phang do.
D. C6 mot va chi mot duong thang di qua hai diém phan biét cho trude.

Loi giai
Chon B
Chu2: Chodiém 4 thudc mat phang (P), cach viét ndo duéi dy la dung
A. (P)eA. B. 4¢(P). C. Ac(P). D. 4¢(P).
Loi giai
Chon D
CAu3: Hinh tir dién c6 s canh la
A. 3. B. 6. C.5. D. 4.
Loi giai
4
"‘ \\\
\

Hinh tr dién c6 6 canh.
Cau4: Cho hinh chép tir giac S.ABCD c6 day khong 13 hinh thang. Giao tuyén cta hai mit phing
(S4C) va (SBD) la

A. SI (I 1agiao diém cua AB va CD).
B. SK (K la giao diém ciia 4D va BC).
C. SO (O la giao diém cia AC va BD).
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

D. 54.
Loi giai

Trong mit phang (ABCD), goi O la giao diém cia AC va BD.
Ta co: S e(SAC)N(SBD) (1)

Oe AC c(S4AC

=AC(SIC) b (s40)n(sBD) (2)

OeBDc (SBD)
Tu (1) va (2) suyra (SAC)N(SBD)=S0.
Cho t&r dién ABCD. Goi M,N lan luot 1 trung diém cua CD va AB. Khang dinh nao duéi
day sai?

A. (ABM )N (ACD) =AM . B. (4BM)"(DCN)=MN .
C. (AMN)N(ACD)=A4B. D. (ACD)N(BDC)=CD.
Loi giai

D

Ta co: Ae(AMN)N(ACD) (1)

M e (AMN)
= M e(AMN)~(ACD) (2)

M eCDc (ACD)

Tur (1) va (2) suyra (AMN)N(ACD)=AM .

Vay khang dinh C sai.

Cho tir dién ABCD. Goi G 1 trong tim cua tam giac ACD . Giao diém cua dudng thang CD

va mit phing (ABG) la
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Cc

A.diémM (v6i M 1a trung diém cua CD).  B.diémC.
C.diém D. D. diémG .
Loi giai

A

Trong mit phang (ACD), goi M 1a giao diém ciia 4G va CD.
Do G la trong tAm cta tam giac ACD nén M 1a trung diém cta CD.
Ta co:

M e CD

M e AG c (ABG)

Cau7: Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tim O. Puong thang S4 khéng phai

1a giao tuyén cta hai mit phang nio sau day?
A. (SAC) va (SCD). B. (SAB) va (SAC). C. (SOC) va (SAB). D. (SAC)m(SAD) :

Loi giai

= (ABG)NCD={M}.

Page 7

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 8:

Cau 9:

Ta co:
Se(SAC)n(SCD
( ) ):(SAC)G(SCD)zSC.
Ce (SAC)F\(SCD)
Véy SA4 khong phai la giao tuyén cta hai mét phang (S4C) va (SCD).
Cho bén diém 4,B,C,D khong cung nam trong mot mat phéng. Trén AB, AD lan luot léy cac
diém M va N saocho MN cit BD tai E.Piém E khong thudc mit phing nio sao ddy?

A. (ACD). B. (BCD). C. (4BD). D. (CMN).
Loi giai
A
4 \
T ~ N \_\’
, \\
N\
D s B > i
) D
-

E e BD= E e(BCD) va (A4BD).

EeMN = Ee(CMN).

Cho tir dién ABCD. Goi M,N 14 hai diém lan luot nim trén cac canh AB,AD va MN khong
song song voi BD . Pudng thing MN céat BD tai E.Goi O la diém nam trong tam giac BCD
. Giao diém cua dudng thang CD va mit phang (OMN) 1a

A.Piém E. B.Diém D.
C. F (F lagiao diém cua OFE va CD). D. K (K la giao diém ciia OB va CD).
Loi giai
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Cau 10:

Trong mit phang (BCD), goi F 1a giao diém ciia CD va OE .
FeCD
Ta co: = (OMN)NCD={F}.
F € OE = (OMN)
Cho hinh chép S.ABCD cé day ABCD 1a hinh binh hanh. Goi M, N 1an luot 14 trung diém cta
canh S4,BC . Giao tuyén cua hai mt phang (MND) va (SBC) la

A. MN .
B. NF (voi F 1a trung diém canh SB).

C. NE(vé6i E 1a giao diém cua MD va SB).
D

. NI (véi I 1a diém trén canh SB va SI =§SB ).

Trong mit phing (ABCD) , 801 DN AB = {E} .
Trong mit phang (SA4B), goi EM NSB={I}.
Ta c6 N e(MND)N(SBC)

1 €SB

=1 e(MND)NSB.
I € ME = (MND)

Mait khac {

Vay NI 1a giao tuyén ciia hai mit phang (MND) va (SBC).
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Cau 11:

Cau 12:

Lai c6 trong tam giac SAE c6 EM va SB 1a duong trung tuyén. Vay I 1a trong tAm clia tam
giac SAE nén SI =§SB.

Cho t&r dién ABCD. Goi M, N lan luot 1a trung diém ctia AC, CD. Giao tuyén cua hai mit
phiang (MBD) va (ABN) la

A. duong thang MN..

B. duong thang AM..

C. duong thang BG (G 1a trong tim tam giac ACD).

D. duong thing AH (H 1a tryc tim tam giac ACD).

Loi giai

o B 1a diém chung thir nhét gifta hai mit phang (MBD) va (ABN).
e Vi M, N lan luot 13 trung diém cia AC,CD nén suy ra AN, DM 1 hai trung tuyén cta tam
giac ACD . Goi G=AN N DM
{GGANC(ABN):GE(ABN) . L,
= G la diém chung thir hai gitra hai mat phang (MBD)
GeDM c (MBD) =Ge (MBD)
va (ABN )
Vay (ABN)N(MBD)=BG..
Cho hinh chép S.ABCD c6 day la hinh binh hanh ABCD . Cac diém M, N lan luot thudc cac
canh AB, SC (khong tring voi cac dau mit cia cac canh). Phat biéu nao sau day dang?
A. Duong thing MN khong cdt mit phang (SBD).
B. Giao diém ciia MN véi (SBD) 1a giao diém cua MN véi SI, trong d6 I 1a giao diém cia
CM véi BD.
C. Giao diém cia MN vé6i (SBD) 1a M .
D. Giao diém ciia MN véi (SBD) l1a giao diém cua MN véi BD.

Loi giai

Page 10

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Goi I la giao diém cua CM véi BD, khi d6 SI va MN cung thuoc (SCM ) nén cdt nhau tai

K.
Vi KeSI nén K € (SBD) . Vay K 1a giao diém ctia MN véi (SBD).

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

sinh chon ding hoac sai.
Caul: Chottdién 4BCD.Goi I,J lan luot 13 trung diém cia 4D, BC, M 1a mot diém trén canh 4B

, N 1a mot diém trén canh AC .
a) IJ la giao tuyén cta hai mat phang (7BC) va (JAD).
b) ND la giao tuyén cta hai mat phang (MND) va (ADC).
¢) BI 1a giao tuyén cta hai mat phing (BCI) va (ABD).
d) Giao tuyén cta hai mat phang (/BC) va (DMN) song song v6i duong thing 1J .
Loi giai
| ayPing | b)Ping | oPing | d)Sai |

IJ la giao tuyén cta hai mit phang (/BC) va (JAD).

Ta cd: I € AD, AD = (JAD)=> I € (JAD) = IJ = (JAD).
J e BC,BC c(IBC)=J e(IBC)= IJ < (IBC).

Vay (IBC)(JAD)=1J .

ND la giao tuyén cta hai mit phang (MND),(ADC).
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BI la giao tuyén cta hai mét phang (BCI),(ABD).
Goi E =DN NCI (trong mp(ACD)) va F = DM N BI (trong mp(ABD)).
. |E€DN,DN c(DMN)
Ta co:
E elIC,IC < (IBC)
= Ee(DMN)n(IBC) (1)

F e DM,DM < (DMN)

F e BI,BI = (IBC) = F &(DMN)N(IBC) (2)

Tuong tu: {

Tir (1) va (2) suy ra (DMN)(IBC) = EF .

Cho bbn diém A4, B,C,D khong dong phang. Goi M, N lan luot 1a trung diém caa AC va BC
. Trén doan BD lay diém P sao cho BP=2PD, E=CDANP.

a) NM 1a giao tuyén cia hai mit phang (MNP) va (A4BC).

b) DC la giao tuyén cta hai mét phang (BCD) va (ADC).

¢) Giao diém ciia dudng thang CD va mit phing (MNP) la diém E .

d) Giao diém ctia duong thang AD va mit phang (MNP) la giao diém cta duong thing AD

v6i duong thang MP .
Loi giai
| aybing | b)Ping | obing | d)Sai |
A

.

NM 1a giao tuyén cta hai mat phang (MNP),(ABC)

DC 1a giao tuyén ctia hai mat phang (BCD),(ADC)
Trong mit phing (BCD), vi NP va CD khong song song nhau nén ta c6 thé goi

E=CDNNP.
{EECD

1

Vi = E=CDN(MNP).

E € NP, NP — (MNP)
Xét mit phang phu 1 (ACD) chita AD . Ta can tim giao tuyén ciia hai mit phang (ACD) va
(MNP).

Vi M € AC,AC < (ACD)= M €(ACD)= M €(ACD)(MNP) (1)
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EeCD,CDc (ACD)

E < (MNP) = E €(ACD)N(MNP) .(2)

Theo cau a), ta co {

Tu (1) va (2) suy ra ME =(ACD)N(MNP).
Trong mit phang (ACD), goi F =ADNME .

FeAD
Vi
{F e ME,ME (MNP)

Cho hinh binh hanh ABCD va mot diém S khong thudc mét phang (ABCD), céc diem M, N

= F = AD N (MNP).

1an luot 1a trung diém cta doan thang AB,SC . Goi O = ACNBD.
a) SO giao tuyén ctia hai mit phang (SAC) va (SBD).
b) Giao diém ctia / ctia dudng thing AN va mit phang (SBD) la diém nam trén duong thing
SO.
¢) Giao diém ciia J ctia duong thing MN va mit phang (SBD) la diém ndm trén duong thang
SD .
d) Badiém /,J,B thang hang.
Loi giai
| a)ybing | b)Ping | Sai | d)Ping

-
N -

SO giao tuyén ciia hai mét phang (SAC) va -(SBD).
Tim giao diém / cia AN va mit phang (SBD):
Trong mét phang (ABCD), goi O=ACNBD.
Trong mit phang (SAC), goi 1 =SONAN .

Tacs: {1 SN = AN ~(SBD
101 e 50,50 < (spp) = | T AN N(SBD).

Tim giao diém J ctia MN va mit phang (SBD):
Trong mét phang (ABCD), goi P=CM N BD.
Trong mit phang (SCM ), goi J = MN N SP.
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 4:

J e MN
Ta co: = J =MN N(SBD).
J € SP,SP = (SBD)

Chung minh 7,J, B thang hang:

D@ thay B € (ABN)n(SBD). (1)
I € AN, AN < (4BN)

Ta co: = 1 e(ABN)N(SBD). (2)
1€850,50 = (SBD)

J € MN,MN < (4BN)

JeSP.SPC(SBD) J &(4BN)N(SBD). (3)

Tuong tu: {

T (1), (2), 3) suy ra B,1,J cung thudc giao tuyén cia hai mit phang (4BN) va (SBD) nén
ba diém nay thang hang.
Cho tir gidc ABCD c¢6 AC va BD giao nhau tai O va mot diém S khong thudc mit phing
(ABCD) . Trén doan SC liay mot diém M khong tring v6i S va C,K = AM N SO..
a) SO 1a giao tuyén cua hai mét phang (SAC) va (A4BC).
b) SO 1a giao tuyén ciia hai mat phing (SAC) va (SBD).
¢) Giao diém cuia duong thang SO véi mat phiang (ABM) la diém K .
d) Giao diém cta duong thang SD véi mat phang (ABM ) la diém N thudc duong thang AK .
Loi giai
| a)Sai | b)Ping | oPing | d)Sai |
AC 1a giao tuyén cta hai mit phang (S4C),(ABC).

SO 1a giao tuyén cua hai mat phang (SAC),(SBD).
Tim giao diém ctia SO va (ABM):
Trong mit phing (SAC), goi K = AM NSO .

= K =SON(4BM)

Vi KEAM,AMC(ABM)
K e SO

Tim giao diém ctia SD va (ABM):
Xét mat phang phy (SBD) chua SD.
D@ thay B 1a diém chung cua hai mét phang (SBD) va (ABM ).
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

K e AM, AM < (ABM)

Ta co: :Ke(SBD)m(ABM).
K € 50,50 < (SBD)

Do d6 BK =(SBD)(ABM).

Trong mit phing (SBD), goi N=BKNSD .

. {N eSD

= N=SDn(4BM)
N e BK,BK < (ABM)

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.

Cau 1:

Cau 2:

Cho hinh chép S.ABC. Goi M, N lan luot 13 trung diém cta SA va BC, P 1a diém nam trén

canh AB sao cho %=% Goi Q la giao diém cua SC va mit phang (MNP). Tinh == Q . (Két

qua 1am tron dén hang phan tram)

Loi giai

Tra loi: 0,33

+)Goi I =PNNAC; goi Q=IM nSC

IC MA _ 1A
+) Ap dung dinh 1i Menalaus trong tam giac SAC ta cé QS C @ =—()
oc’ TAMS QC IC
+) Ap dung dinh i Menalaus trong tam giac ABC ta co EN—Cﬁ =l=— 14 ﬁ = —( )
IC NB PA IC PB 2

+) T (1) va (2) suy ra gi’ =3 hay gg %

Cho tir dién ABCD.Goi M, N lan luot 1a trung diém cta cac canh 4D, BC, diém G 1a trong
tam clia tam gidc BCD. Goi [ giao diém cua dudng thing MG va mit phing (ABC). Khi dé ti

1€ AN bang bao nhiéu?
NI

Loi giai
Traloi: 1
Ap dung dinh 1y Menelaus ddi voi tam gidc AND va cat tuyén IGM ta co:
MA GD IN IN IN 1 AN
———=lel2—=le—==c —=1
MD GN 14 14 4 2 NI
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 3:

Cau 4:

Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh binh hanh. Hai diém M, N tht ty 1a trung diém
cua céc canh AB,SC. Goi I1,J theo thir tu 1a giao diém ciia AN, MN véi mit phing (SBD).
IN JN
=— 9
JM

Tinh &

Loi giai

Tra loi: 1,5

Goi O=ACNBD,BDNMC =K . Trong (SAC):SO(\AN:I.
Trong (SMC):SKﬂMN=J.

. . IN
Ta thay 7 la trong tdm tam gidc SAC nén 7 = %
K 1a trong tdm tam giac ABC, 1y L 1a trung diém KC.Taco MK =KL =LC .
NL 14 duong trung binh cta tam gidc SKC nén NL//SK ,ma K 1a trung diém ML nén KJ 1a
. ) JN IN JN 3
dudng trung binh cua tam gidc MNL . Khi d6 —=1=>—+—=—.
JM 4 IJM 2
Cho tir dién 4BCD. Goi I, J lan luot 1a trung diém cta AC va BC. Trén canh BD léy diém

K sao cho BK =2KD. Goi F 1a giao diém cia AD véi mit phang (IJK ) . Tinh ti s6 %

Loi giai
Tra loi: 2

Trong mit phing (BCD) hai duong thang JK va CD khong song song nén goi
E =JKNCD Khidé E €(ACD).
Suy ra : (ACD) m(]JK) =LEJ.

Trong (ACD) goi F'=EI N AD . Khi d6 (]JK)mAD:F.
Cach 1:
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Cau 5:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Ve DH//BC va HelE. Taco: 22 =88 _ysmup-B yp-Lc.
HD KD 2 2
Suy ra D 14 trung diém cua CE.

Xét AACE ¢6 EI va AD 1a hai dudng trung tuyén nén F 1a trong tm cta AACE .

AF
Vay — =
ay D
Cach 2
Xét ABCD, 4p dung dinh 1i Menelaus c6 : ﬁE—C KD = 1 E—Cl: E—C =2.
JC ED KB ED 2 ED
) EC FD I4 FD FD 1
Xét AACD, &p dung dinh 1i Menelaus c6 : —C.—.—: =22 —l=1l=>—=—
ED I FA 2
Vay E:Z
FD

Cho hinh chép S.ABCD c¢6 day 1a hinh thang ABCD v6i AD// BC va AD=2BC.Goi M la

diém trén canh SD théa man SM =%SD. Mit phing (ABM) cét canh bén SC tai diéem N .

Tinh ti s S—N
SC

Loi giai

Tra loi: 0,5

Trong mit phing (ABCD) :
Goi [ =ABNCD :>IGABC(ABM)
Trong mit phang (SCD):
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Ciu 6:

Goi N=IM NSC va K la trung diém IM .

Trong tam giac IMD c6 KC la duong trung binh nén KC// MD vaKC = %MD

Ma SM:%MDSSM=KC.

Lai co6 KC//SM (do M € SD)
SN _SM . SN 1
= =1.Viy —=—.
NC KC sC 2
Cho hinh chép S.ABCD day ABCD 1a hinh binh hanh. M, N 1a luot 13 trung diém cua AB
va SC. I la giao diém cua AN va (SBD). J 1a giao diém ctia MN véi (SBD). Khi d6 ti sb

IB .
— la:
J

Loi giai

Traloi: 4

Goi O la trung diém ctia AC nén O = AC N BD . Trong mit phang (SAC): AN NSO =1 nén
I 1a giao diém ctia AN va (SBD). Trong (ABN) tac6 MN NBI =J nén J 1a giao diém cua
MN véi (SBD). Goi K 1a trung diém cua SD. Suy ra NK//DC//AB va BINSD =K hay B,

I, J, K thing hang. Khi d6 NK//BM va NK=MA=BM va tir gid&c AKMN 13 hinh binh

hanh. Xét hai tam giac dong dang AKJN va ABJM co NK = MJ = BJ =1 suyra J latrung
BM NJ JK

diém ciia MN va J 1a trung diém caa BK hay BJ = JK . Trong tam giac ASAC c6 I 1a trong

tadm cda tam giac nén M=l Do AK//MN nén £=ﬂ=l:> £=l=£:> £=l

A 2 JK 3 BJ Bl 4

IB
hay —=4.
7
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

| CHUONG |

QUAN HE SONG SONG
TRONG KHONG GIAN

BAI: HAI PUONG THANG SONG SONG
DE TEST SO 01

PHAN 1. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 5:

Cau 6:

Cau 7:

thi sinh chi chon mot phuong an.

Trong cac ménh dé sau, ménh dé nao dung?

A. Hai duong thang khong c6 diém chung thi chéo nhau.

B. Hai dudng thang chéo nhau thi khong c6 diém chung.

C. Hai duong thang phan biét khong song song thi chéo nhau.

D. Hai dudng thing 1an lugt ndm trén hai mat phang phan biét thi chéo nhau.

Cho hai duong thang phan biét ¢ va b . Ménh dé nao sau day sai?

A.Néu a va b c6 mot diém chung thi chung ddng phang.

B. a va b song song véi nhau khi va chi khi ching khéng diém chung.

C. a va b chéo nhau khi va chi khi ching khong dong phang.

D. a va b song song v6i nhau hodc cat nhau khi va chi khi chung déng phang.

Cho hai dudng thiang chéo nhau a va b. Ly cac diém A4, B phan biét thudc a va cac diém
C, D phan biét thudc b . Ménh dé nao sau day dang khi noi vé hai dudong thang AD va BC?
A. Song song véi nhau hodc cat nhau. B. Cit nhau.

C. Song song v&i nhau. D. Chéo nhau.

Cho ba mit phang phan biét (P), (Q),(R) 6 (P)n(Q)=d,; (0)n(R)=d,; (P)n(R)=d,.
Biétrang d, va d, cat nhau. Khi d6 ba dudng thang d,, d,, d,

A. d6i mot cat nhau. B. d6i mot song song.

C. dong quy. D. d6i mot song song hodc dong quy.

Cho ba duong théng a, b, ¢ 361 mot chéo nhau. Co nhiéu nhit bao nhiéu duong théng cit ca ba
duong thing néu trén?

AL B.2. C.0. D. V6 s0.

Cho tir dién ABCD . Goi 1,J lan luot 1a trong tdm céc tam giac ABC va ABD. Khéng dinh nao
sau day dang?

A. IJ songsong CD.

B. 1IJ song song BC.

C. Puong thang IJ cit canh BC

D. Puong thang IJ cit canh BD.

Cho t dién ABCD. E,F lan luot 1a trung diém ACva 4D, G la trong tam tam gidc BCD.

Giao tuyén cua hai mat phang (GEF ) va (BCD) 1a duong thang
A. Qua G va song song voi BC. B. Qua E va song song voi AB.
C. Qua F vasong song véi BD. D. Qua G va song song v6i CD.
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 8:

Cau9:

Cau 10:

Cau 11:

Cau 12:

Cho ttr dién A4BCD. Goi M , N lan luot la trung diém AB va CD.Mait phéng (05 ) qua MN cat
AD va BC lanluottai P, Q. Biét MP cat NQ tai I . Ba diém ndo sau day thang hang?

A. 1,4, C. B.I1,B,D. C.1,A4,B. D.I,C,D.

Cho ttr dién ABCD, M 1a trung diém cta canh CD, G la trong tim tir dién. Khi d6 hai duong
thang AD va GM 1a hai dudng thang

A. Chéo nhau. B. Song song. C. Cit nhau. D. Trung nhau.

Cho tir dién ABCD. Goi I,J lan luot 13 trung diém cua BC va BD. Giao tuyén cua hai mat

phing (AIJ) va (ACD) 1a

A. Puodng thang d diqua Ava d//BC. B. Puong thang d diqua Ava d//BD.

C. Puong thang d diqua Ava d//CD. D. Puong thing AB .

Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Giao tuyén cua hai mit phing (SAD)
va (SBC) 1a

A. SC.

B. Pudng thing qua S va cit SC .

C. Puodng thang qua S va song song voi AD .

D. Duong thang qua S va song song v6i CD .

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N lan luot 1a trung
diém cia 4B, AD . Goi I, J, G lan luot 14 trong tdm tam giac SAB, SAD, AOD . Khing dinh
nao sau day dung?

A. IJ//BD. B. IJ//MG . C. IG// 54. D. I0//SD.

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi y a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.

Cho hinh chép S.4BCD c6 day 1a hinh thang, AD 1a day 1én va AD = 2BC . Goi E 1a giao diém
ctia AB va CD, F latrung diém AD .

a) Giao tuyén cua (SAC ) va (SAD) 1a duong thang S4 .

b) Giao tuyén ciia (SAB) va (SCD) 1a duong thang SE .

¢) Giao tuyén cua (S4D) va (SBC) la duong thing d diqua S va song song canh CD

d) Giao tuyén cua (S4B) va (SFC) la dudng thang d’ di qua S va song song canh CD

Cho hinh chép S.ABCD c¢6 day la hinh binh hanh, AC va BD cit nhau tai O. Goi I 1a trung
diém SO . Mit phang (ICD) cit SA,SB lan luot tai M, N . Trong mit phiang (CDMN), goi K
1a giao diém cuia CN va DM .

a) Giao diém cua ID véi mit phang (SBC) la diem N .

b) OI song song voi SC .

¢) SN=§SB.

d) Hai duong thang SK va BC chéo nhau.
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 3:

Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh.

a) Giao tuyén ciia (S4B) va (SCD) 1a duong thing di qua S va song song v6i AB

b) Giao tuyén (SAD)va (SBC) 1a duong thang di qua S va song song v6i AB

¢) Goi M e SC, giao tuyén ctia (ABM) va (SCD) 1a duong thang di qua M va song song véi
AB

d) Goi N e SB, giao tuyén ciia (SAB) va (NCD) 1a dudng thing di qua N va song song vGi
AB

Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh thang ( AD la day 16n, BC la day nho). Goi
E,F lan lugt 1a trung diém cua S4 va SD. K la giao diém cua cac duong thang 4B va CD.
Khi do:

a) Giao diém M cua duong thang SB va mit phang (CDE) 1a diém thudc duong thang KE
b) Pudng thang SC cat mat phang (EFM) tai N . TG gidc EFNM 1a hinh binh hanh

¢) Cac duong thang AM,DN,SK cung di qua mot diém

d) Cho biét 4D =2BC . Ti sb dién tich ctia hai tam giac KMN va KEF bang Saoy 2

AKEF 3

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau l:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N lan luot 1 trung diém
canh SB, SD.Goi K la giao diém ctia mit phang ( AMN ) va duong thang SC . Ti s % bang
(két qua lam tron dén hang phan tram)

Cho hinh chép S.ABCD c6 day ABCD 1la hinh chit nhat. Goi M, N theo thu tu 1a trong tam
ASAB va ASCD . Goi I 1a giao diém ctia cac duong thang BM ;CN . Khi d6 ti s6 g_ll) bang
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tam O. Goi M, N, P lan luot 1a trung
diém ciia AB, AD va SO. Goi H 1a giao diém cua SC véi (MNP). Ti s6 % 1a

Trong mit phing (P), cho hinh binh hanh ABCD. V& cac tia Bx,Cy, Dz song song véi nhau,
nam cung phia véi mit phang (ABCD) , dong thoi khong nam trong mit phang (ABCD) . Mot
mit phang di qua A, cit Bx,Cy, Dz tuong ung tai B',C’,D’ sao cho BB'=2, DD'=4. Tinh
CcC'.

Cho hinh chop S.ABCD c¢6 day ABCD 1la hinh thang v6i canh day AB va CD. Goi 1,J lan
luot 1a trung diém c4c canh 4D,BC . Biét G l1a trong tim cia ASAB. Mit phing (1JG) cit
SA,SB lan lugt tai N va M . Biétring AB = x.CD thi t gidc MNIJ 14 hinh binh hanh. Tim x

Cho hinh chép S.ABC. Bén trong tam giac ABC ta lay mot diém O bét ky. Tir O ta dung céc
duong thing lan luot song song véi SA4, SB, SC va cit cac mit phang (SBC),(SCA),(S4B)

ot e e e OA' OB OC' . -
theo thir tu tai 4',B',C". Khi d6 giatri T = + + bang bao nhiéu?
S4 SB SC
---------- HET -
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DE TEST — CHUYEN PE IV — TOAN - 11 — QUAN HE SONG SONG TRONG KHONG GIAN

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

thi sinh chi chon mgt phuwong an.
Trong cac m¢nh dé sau, ménh dé nao ding?
A. Hai duong thing khong c6 diém chung thi chéo nhau.
B. Hai duong thing chéo nhau thi khong c6 diém chung.
C. Hai duong thang phan biét khong song song thi chéo nhau.
D. Hai dudng thing 1an lugt nim trén hai mat phang phan biét thi chéo nhau.
Loi gidi
Chon B
Cho hai dudng thang phan biét a va b . Ménh dé nao sau day sai?
A.Néu a va b c6 mot diém chung thi ching dong phang.
B.a va b song song v6i nhau khi va chi khi ching khong diém chung.
C. a va b chéo nhau khi va chi khi chung khong dong phang.
D. a va b song song voi nhau hodc cit nhau khi va chi khi chung dong phang.
Loi gidi
Ta biét rang, a va b chéo nhau khi va chi khi chung khéng dong phang. Do d6 A, C, D dung
va B sai.
Cho hai dudng thing chéo nhau a va b. Ly cac diém 4, B phan biét thudc a va cac diém
C, D phan biét thuoc b . Ménh dé nao sau day dung khi néi vé hai dudng thang AD va BC?

A. Song song v&i nhau hodc cit nhau. B. Cit nhau.
C. Song song v&i nhau. D. C-
Loi giai

Nhan thay 4,B,C,D khong dong phang. Vi vay, AD va BC chéo nhau.
Cho ba mit phiang phan biét (P),(Q).(R) co (P)n(Q)=d,; (Q)n(R)=d,; (P)N(R)=4d,.
Biétrang d, va d, cat nhau. Khi d6 ba dudng thang d,, d,, d,

A. d6i mot cit nhau. B. d6i mdt song song.
C. _ D. d6i mot song song hodc dong quy.
Loi giai

Theo dinh 1y giao tuyén thi d,,d,,d, d61 mot song song hodc ddng quy. Mit khac, do d, cit
d, cit nhau nén ca ba duong thing s& dong quy.
Cho ba duong théng a, b, ¢ 361 mot chéo nhau. Co nhiéu nhit bao nhiéu duong théng cit ca ba

duong thang néu trén?

N B. 2. C. 0. D. Vo sb.
Loi giai
Goi M 1a diém bat ki ndm trén a . Luc nay hai mit phang (M,b) va (M,c) chéc chén cit nhau,
goi giao tuyén 1a A.
Dé thiy A qua 4 dong thoicitca b va c.
Vay ¢6 vo sb6 dudng thang cit ca a,b va c.
Cho tir dién ABCD . Goi 1,J 1an luot 1a trong tim cac tam gidc ABC va ABD . Khang dinh nao
sau day dang?
A. IJ song song CD.

B. IJ song song BC.
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

C. Puong thang IJ cit canh BC
D. Dudng thang IJ cit canh BD.
Loi giai

Goi M 1a trung diém cta doan AB .

Xét tam gidc ABC c6 [ 1a trong tam nén j]\‘/[/[—é =

E;
Xét tam gidc ABD c6 J la trong tam nén M7 _1 .
MD 3
Xét tam gige MCD 6 ML M _ 1 an 17//CD (Theo dinh 1i Ta-1ét dao).
MC MD 3

Chon A
Cau7: Chotadién ABCD. E,F lan luot 1a trung diém ACva AD, G 1a trong tAm tam giac BCD.

Giao tuyén ciia hai mat phang (GEF ) va (BCD) 1a duong thang

A. Qua G va song song v6i BC. B. Qua E'va song song v6i AB.
C. Qua F vasong song voi BD. D. Qua G va song song voi CD.
Loi giai
A
F

B D

X C
Xét tam gidc ACD, c6 EF 1a duong trung binh nén EF //CD .

G € (GEF)n(BCD)

Ta co: < EF //CD = (GEF)n(BCD) = Gx v6i Gx//EF //CD.

EF c (GEF),CD = (BCD)
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

CAu8: Cho tirdién ABCD.Goi M, N lan luot la trung diém AB va CD.Mat phéng (05 ) qua MN cat
AD va BC lanluottai P, Q. Biét MP cat NQ tai I . Ba diém ndo sau day thang hang?

A.1,4,C. B.1,B,D. C.I1,4,B. D.I,C,D.
Loi giai

I e MP {I e(4BD)

Ta co MPcat NO tai I = = .
IeNQ |I1€(CBD)

= 1 (4BD)N(CBD).
= I eBD.Vay I, B, D thang hang.

Cau9: Cho tar dién ABCD, M 1a trung diém cua canh CD,G la trong tam tr di¢n. Khi d6 hai duong
thang AD va GM 1a hai dudng thang

A. Chéo nhau. B. Song song. C. Cit nhau. D. Trung nhau.
Loi giai
A
N
B D
M
C

AD va GM khéng cting ndm trong mot mit phang nén 1a hai dudng thing chéo nhau.

Chon A
Céau 10: Cho tir dién ABCD. Goi I,J lan luot 13 trung diém cia BC va BD. Giao tuyén cta hai mit

phing (AILJ) va (ACD) 1a

A. Puong thang d diqua Ava d//BC. B. Puong thang d diqua Ava d//BD.
C.Puong thang d diqua Ava d//CD. D. Puong thing AB .
Loi giai
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Cau 11:

C

Xét tam gidc BCD c6 IJ la duong trung binh nén 1J //CD .

Ae(ALJ)N(ACD)
Taco: {1J//CD = (ALJ)N(ACD)=d véi d diqua 4 d//1J//CD.

IJ < (AIJ),CD = (ACD)
Chon C
Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Giao tuyén cua hai mit phing (SAD)
va (SBC) la
A. SC.
B. Buong thang qua S va cat SC.

C_ Pt thing qua S v song song v6i 4D

D. Puodng thing qua S va song song v&i CD.
Loi giai

S

Taco S 1a diém chung cta hai mat phang (SAD) va (SBC )
AD < (84D),BC = (SBC) va AD//BC .

Do d6 giao tuyén cua hai mit phang (SAD) va (SBC) 1a dudng thang di qua S va song song véi

Cau 12:

AD.
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Goi M, N lan luot 1a trung

diém cia 4B, AD . Goi I, J, G lan luot 14 trong tdm tam giac SAB, SAD, AOD . Khing dinh

nao sau day ding?
A. 1J/IBD. B. IJ /| MG . C. IG//SA. D. 10//SD.

Loi giai
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Ta co6: I latrong tam tam giac SAB néni = 2 .
SM 3
J 1a trong tam tam gidc SAD nénS—J = 2 .
SN 3
/i 2
Xét tam giac SMN c¢o S—: S—J: —= IJ//MN (1).
SM SN 3

Mit khac MN 1a duong trung binh tam giac ABD nén MN // BD (2).
Tu (l)va(2)suyra IJ//BD.

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hoac sai.

Cho hinh chép S.4BCD c6 day 1a hinh thang, AD 1a day 1én va AD = 2BC . Goi E 1a giao diém
ctia AB va CD, F latrung diém AD .

a) Giao tuyén cua (SAC ) va (SAD) 1a duong thang S4 .

b) Giao tuyén ctia (SAB) va (SCD) la dudng thing SE .
¢) Giao tuyén cua (S4D) va (SBC) la duong thing d diqua S va song song canh CD
( (SFC)

d) Giao tuyén cua SAB) va (SFC) 1a duong thang d' di qua S va song song canh CD
Loi giai
‘ a) DPung ‘ b) Ping ‘ ¢) Sai ‘ d) Sai ‘
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S d

E

a) Bung, vi: (SAC)N(S4AD)=S4.
b) bung, vi:
S €(S4B) N (SCD) (1)
EeABc (SAB)
EeCDc (SCD)
Tu (1) va (2) = (S4B)N(SCD) = SE .
¢) Sai, vi:

S €(S4D)N(SBC)
Ta c6: < AD//BC = (84D)(SBC)=d, vé6i d diqua S va song song AD .

AD < (SAD); BC = (SBC)
d) Sai, vi:

Trong (ABCD) ,taco { =>FEe (SAB)m(SCD) 2)

BC//AF
Xét tir giac ABCF', ta co: 3 4D = ABCF 1a hinh binh hanh.

C=AF =—
2

S e(S4B)N(SCF)
Taco: S AB//FC = (S4B)N(SCF)=d',véi d' di qua S va song song AB.

AB < (S4B); FC — (SCF)
Cho hinh chép S.ABCD cé day la hinh binh hanh, AC va BD cét nhau tai O. Goi I 14 trung
diem SO . Mit phang (ICD) cat SA,SB lan lugt tai M, N . Trong mat phang (CDMN), goi K
1a giao diém caa CN va DM .
a) Giao diém cta ID voéi mit phang (SBC) la diém N .
b) OI song song v4i SC .
¢) SN = %SB.
d) Hai duong thing SK va BC chéo nhau.

Loi giai
| a)Ping | b)Sai | obing | d)Sai |
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Cau 3:

i
a)

Ta c6: ID nam trong mit phang (SBD).

(SBD) N (SBC) theo giao tuyén 1a SB

Kéo dai IDcit SBtai N .

= N la giao diém ctia ID v&i mit phiang (SBC ) )
b)

Ta thay OI cat SC tai S.

c)
Goi E la trung diém BN,OE la dudng trung binh cta tam giac BDN = OE // DN va

NE =EB.
Trong tam giac SOE ,ta c6 NI qua trung diém I cua SO va NI//OE nén N la trung diém

cua SE, suyra SN = NE
Vay SN = NE = EB hay SN=§SB.
d)
D¢ thay S 1a diém chung cua hai mat phang (SBC) va (SAD).
) {K e CN,CN c (SBC)
Ta co:
K € DM ,DM c (SAD)
Vivay SK =(SBC)N(SA4D).
SK = (SBC) N (SAD)
Khi d6: { BC < (SBC), AD — (SAD) = SK // BC'// AD.
BC/I AD
Cho hinh chop S.4BCD c6 ddéy ABCD 1a hinh binh hanh.
a) Giao tuyén ctia (S4B) va (SCD) 1a duong thing di qua S va song song vdi AB
b) Giao tuyén (SAD)va (SBC) 1a duong thang di qua S va song song v6i AB

= K € (SBC) N (SAD).

¢) Goi M e SC, giao tuyén ctia (ABM) va (SCD) 1a duong thang di qua M va song song véi
AB
d) Goi N e SB, giao tuyén cia (SAB) va (NCD) 1a duong thing di qua N va song song voi
AB
Loi gii
| a)ybing | b)Sai | obing | d)Ping
a) T giac ABCD la hinh binh hanh nén AB//CD;AD//BC .
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AB//CD
. | AB c (S4B) Sx =(SAB)N(SCD)
a) Ta co: =
CD c (SCD) Sx//AB//CD
S e (SAB)N(SCD)
AD//BC
| AD c (8S4D) Sy =(SAD) N (SCD)
b) Ta co: =
BC < (SBC) Sy//AD//BC
S € (SAD)N(SBC)
AB//CD
. |AB c (MAB) Mt =(MAB) " (SCD)
c) Ta co: = .
CD c (SCD) Mt/ /AB//CD
M € (MAB) " (SCD)
AB//CD
| AB c (S4B) Nz =(SAB)N(NCD)
d) Ta co: = .
CD c (NCD) Nz//AB//CD
N € (SAB)N(NCD)

Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang ( AD la day 16n, BC la day nho). Goi
E,F lan luot 14 trung diém ctia S4 va SD. K 1a giao diém cua cac duong thing AB va CD.
Khi do:

a) Giao diém M cua duong thang SB va mit phang (CDE) 1a diém thudc duong thang KE
b) Puong thing SC cit mit phang (EFM) tai N . TG gidc EFNM 1a hinh binh hanh

¢) Cac duong thang AM,DN,SK cung di qua mot diém

d) Cho biét 4D =2BC . Ti s6 dién tich cuia hai tam gisc KMN va KEF bang S =§
AKEF
Loi giai
‘ a) Pung ‘ b) Sai ‘ c¢) Dung ‘ d) Sai ‘
a) Co SK =(SAB)N(SCD).
Trong mp (SAB), goi M = KENSB,c6 KE c (CDE).Do d6 SBN(CDE)=M .
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s

A

b) Trong mp (SCD), goi N =KFNSC,cd6 KF c(EFM).
Do d6 SCN(EFM)=N .
Co - {MN =(EFK)N(SBC)

EF //BC;EF c (EFK),BC c (SBC)
— MN//EF//BC.
Suy ra tr giac EFNM 1a hinh thang.
¢) Trong mp (ADNM), goi I = AM N DN .
Ma {1 € AM ,AM — (SAB)

1 eCD,CD c (SCD)

Hay e SK . Két luan 3 dudng thang AM,DN,SK d6ng quy tai diém 7 .
d)Khi 4D =2BC d& dang ching minh dugc B,C lan luot 14 trung diém ciia KA va KD . Suy
ra M, N lan luot 13 trong tAm cua hai tam giac SAK va SDK .

— [ € (SAB)"(SCD),

Do d6 MN = %EF , 20i Ay, h, 1an luot 1a d6 dai duong cao xuat phat tir dinh K xudng hai day

MN va EF , dé thay h, =§h2.

lMN~h gEFZh
S 1 2 4
Va AKMN:2 — 3 3 =—
i 1 EF-h 9
2

S sxer —EF-h,
2

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.
Cau 1:  Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Goi M, N lan luot I3 trung diém

canh SB, SD . Goi K la giao diém cua mat phang (AMN ) va duong thang SC . Ti s6 i—c bang
(két qua lam tron dén hang phan tram)

Loi giai
Tra loi: 0,33
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Cau 2:

Goi O la tam cua hinh binh hanh ABCD . Goi H = MN NSO, khi 46 K =SC N AH .
Xét ASBD c6 MN la dudng trung binh nén ta cé SH = M = 1 .
SO SB 2
Suy ra H 1a trung diém SO .
Goi E la trung diém CK , xét tam gidc AKC ¢6 OE 1a dudng trung binh nén OF //HK .
Xét ASOE ¢6 H 1a trung diém cua SO va HK //OE nén HK la duong trung binh, suy ra K
1a trung diém cta SE .
Viy ti sb SK_1
SC 3
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat. Goi M, N theo thu ty 14 trong tam

. . .2 ° . Y N
ASAB va ASCD . Goi I 1a giao diém cua cac duong thang BM ;CN . Khi d6 ti s D bang

Loi giai
Traloi: 1

Goi E va F lan luot 1a trung diém AB va CD.
I € BM c(S4B)

1 €(SAB)(SCD).
IeCNc(SCD)j =(S4B)n(SCD)

Ta co {[}:BMmCN:{

Ma S €(S4B) N (SCD). Do d6 (SAB)N(SCD) = SI.

AB/ICD
AB < (S4B)
Ta co: = SI1//AB//CD . Vi SI//CD nén SI//CF .
CDc (SC’D)
(SAB)N(SCD)=SI
Theo dinh ly Ta — let ta c6: ﬂzS—N=2:>S1:2CF:CD :>£=1.
CF NF CD
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tam O. Goi M, N, P lan luot 1a trung

: : . ez . . SH .
diem cua AB, AD va SO. Goi H 1a giao diém cua SC voi (MNP) . Tiso 5 la

Loi giai

Tra loi: 0,25

Trong mit phang (ABCD), goi I 1a giao diém ciia MN véi AO.
SC < (54C)

Ta c6: (SAC)(MNP) = IP} = {H} = SC ~(MNP).
{H}=IPNSC

. 2 Al 1
Do MN la duong trung binh cua tam gidc ABD nén [ 1a trung diém 4O . Suy ra i = 2 va

PI 1a duong trung binh cia tam giac OSA. Do do: IP//SA= IH // SA .
. : H Al 1
Ap dung dinh li Thales ta co: SH =—=—.

SC AC 4
Trong mit phing (P), cho hinh binh hanh ABCD. V& céc tia Bx,Cy, Dz song song véi nhau,
nam cing phia véi mit phang (ABCD) , dong thoi khong nam trong mit phang (ABCD) . Mot
mit phang di qua A, cit Bx,Cy, Dz tuong ung tai B',C’,D’ sao cho BB'=2, DD'=4. Tinh
cC'.

Loi giai

Traloi:3

Ta c6: AB'C'D' 1a hinh binh hanh.
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Cau 6:

AC'nBD'=1 va ACNBD =0 = OI la duodng trung binh cta tam giac ACC'

= CC'=20I.
BB'D'D 1a hinh thang c6 OI 1a dudng trung binh = OI = @ =3

Vay CC'=6.

Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang véi canh ddy 4B va CD. Goi I,J lan
luot 1a trung diém céc canh 4D, BC . Biét G 1a trong tim ciia ASAB. Mit phang (1JG) cit
SA4,SB lan luot tai N va M . Biétrang AB = x.CD thi tir gioc MNIJ 1a hinh binh hanh. Tim x

Loi giai
Tra loi: 3
T A (IJG)N(S4B) 1ad ha G i
a co: = M a duong thang qua G, song song AB cat
(G} =(1JG)(S4B) s aned S 50n8
SA4,SB lan luot tai N,M = IJMN 1a hinh thang.
Taco: IJ = AB+CD; MN =E=z:>MN:£AB.
2 AB SE 3 3
Pé IJMN 13 hinh binh hanh thi MN = I.J < @ _ %AB & AB=3CD.

Cho hinh chép S.4BC. Bén trong tam giac ABC ta ldy mot diém O bat ky. Tir O ta dung cac
duong thing 1an luot song song véi SA4, SB, SC va cit cac mit phang (SBC),(SCA),(S4B)
0A' OB' OC' .

+ + bang bao nhiéu?
S4 SB SC

Loi giai

theo thtr tu tai A4, B',C". Khido giatri T =

Traloi: 1
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B M C

Goi M, N, P lan luot 14 giao diém ciia 40 va BC, BO va AC, CO va AB.
o4 MO S,
s4 MA S,
OB NO S,

Ta ¢ _ SBMO _ SCMO +SBMO _ SOBC

SBMA SCMA + SBMA SAB C

_Sevo _ S.vo +Sewo _ Souc

SB NB SANB S CNB S ANB + S CNB SABC
OC’_PO_SAPO_SBPO SAPO+SBP0_S

OAB

SC  PC  S,pc Spe Surc tSpe Suse
OA'+ OB' N ocC' _ Sosc + Souc + Soas
S4 SB  SC S S Sise

Twdd T = :SABC:L

SAB C
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| CHUONG |

QUAN HE SONG SONG
TRONG KHONG GIAN

BAI: HAI PUONG THANG SONG SONG
PE TEST SO 02

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 3:

Cau7:

thi sinh chi chon mot phuong an.

Trong cac khang dinh sau, khang dinh nao dung?

A. Hai duong thang chéo nhau thi chung c6 diém chung.

B. Hai duong thang khong c6 diém chung 1 hai dudng thang song song hodc chéo nhau.

C. Hai duong thing song song v&i nhau khi ching & trén cting mot mit phang.

D. Khi hai dudng thang & trén hai mat phang phan biét thi hai duong thang d6 chéo nhau.

Cho hinh chép S.4BCD , v6i ABCD 1a hinh binh hanh. Goi M, N, P, O lan luot 1a trung diém
clia cac canh S4, SB, SC,SD. Puong thing ndo sau day khong song song voi duong thing
MN?

A. CD. B. 4B. C. PQO. D. CS.

Cho tir dién ABCD. Goi M, N 1a hai diém phan biét cung thuoc duong thing AB;P,Q 1a hai
diém phan biét ciing thudc dudng thing CD. Xét vi tri trong d6i clia hai dudng thang MP, NQ.
A. MP || NQ. B. MP=NQ.

C. MP cit NO. D. MP va NQ chéo nhau.

Cho tir dién ABCD, goi 1,J,K lan luot 1a trung diém cua 4B, BC, BD . Giao tuyén cua hai mat
phang (ABC) va (IJK) 1a

A. KI . B. IJ.

C. Puong thang di qua K va song song voi AB . D. KJ.

Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh. Goi M, N, P lan luot 14 trung diém
cua AB,CD,SA. Giao tuyén clia hai mit phang (MNP) va (SAD) la

A. NP. B. Puong thing di qua M va song song AC .
C. Puong thang di qua S vasongsong 4D. D.Puodng thang di qua P va song song AD .
Cho tir dién ABCD, goi G la trong tam tam giac BCD, E la diém thudc canh AD sao cho
DE =2A4FE, M 1atrung diém cta canh BC. Ménh dé nao dang?

A. EG cit 4B. B. EG cit AC. C. EG//AM . D. EG cat AM .

Cho tir dién ABCD, goi M 1a diém thudc canh AB sao cho AM =§AB, N la diém thuoc

canh 4D sao cho AN =2ND, P,Q lan luot 1a trung diém BC,CD. Giao tuyén cua hai mat
phang (ABD) va (MPQ) 1a
A. MD. B. MB. C. MP. D. MN .
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cho hinh chép S.4BCD ¢6 ddy ABCD la hinh binh hanh tim O. Goi M, N lan luot 1a trung
diém cua S4 va SD . Trong cac khang dinh sau, khang dinh nao sai?

A. MN//BC. B. ON//SC. C.ON//SB. D. oM //SC.

Cho ttr dién SABC. Goi E va F lan luot 1a trung diém cia cac canh SB va AB, G la mot diém
trén canh AC . Giao tuyén cia hai mat phang (SAC) va (EFG) song song véi duong thang nao
sau day?

A. SC. B. S4. C. 4B. D. SB

Cho hinh chép S.ABCD. Goi A, B, C',D' lan luwot la trung diém cia cic canh
SA4, SB, SC, SD . Trong cic dudng thing sau dy, dudng thang nao khong song song voi A'B' ?
A. AB. B. CD. C.CD'. D. SC.

Cho t dién ABCD Cac diém M, N 1an luogt 1a trung diém BD, AD . Cac diém H, G 1an lugt
1a trong tAm cac tam giac BCD ; ACD . Pudng thang HG chéo vé&i dudng thang nao sau day?
A. MN . B. CD. C. CN. D. 4B.

Cho hinh chdp S.ABCD c6 day 1a hinh thang day 16n 1a CD. Goi M 1a trung diém cua canh
S4, N la giao diém cta canh SB va mit phing (MCD) . Ménh d& nao sau day 1a ménh dé dung?
A. MN va SD cét nhau. B. MN j/CD.

C. MN va SC cit nhau. D. MN va CD chéo nhau.

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 3:

sinh chon ding hoac sai. ‘ 7
Cho hinh chép S.ABCD c6 day la hinh thang, day 16n 4B . Goi /,J,K lan luot l1a trung diém
cua AD,BC,SB . Khi do:

a) Giao tuyén ctia mt phang (IJK ) v6i mit phang (SBC ) la JK .

b) Giao tuyén clia mt phing (SAB) va (SCD) la Sx théa man diéu kién song song v6i 4B,
song song v4i BC'.

¢) Giao diém ctia S4 va (IJK) 1a N, véi N 1a giao diém cia Kx véi S4 (Kx// AB//DC).
d) Dién tich thiét dién cdt boi mat phang (LK) va hinh chép 1a 5,5 (biét thiét dién c6 chidu
caobang 2, SA=SB=SC=SD=4, AB=2DC=4). ‘

Cho hinh chép S.ABCD, ¢6 ddy ABCD 1a mot hinh binh hanh tdim O. Goi /,K lan luot I1a
trung diém cua SB va SD . Khi do:

a) SO la giao tuyén cua (SAC) va (SBD).

b) Giao diém J ciia SA véi (CKB) thuc duong thang di qua K va song song voi DC .

¢) Giao tuyén ciia (OIA) va (SCD) la dudng thiang di qua C va song song voi SD .

d) CD//1J.

Cho hinh chop S.ABCD c6 ABCD la tir gidc khong c6 canh nao song song véi nhau. Goi O la
giao diém ciia 4C va BD, M 1a diém thudc mién trong ctia tam giac SAB, I 1a giao diém cua
AB va CD. Xét tinh ding sai cac khang dinh sau:

a) Diém / 1a mét diém chung cua hai mgt phang (SAC) va (SBD).

b) Giao tuyén cua hai mat phang (SAC) va (SBD) la dudng thing SO .

¢) Giao tuyén ctia hai mat phang (S4B) va (SCD) 1a duong thang SM .

d) Néu BC// AD thi giao tuyén cua hai mit phing (MBC) va (S4D) la duong thang d song
song v&i AD va di qua diém M .
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Cau 4:

Cho hinh chop S.ABCD c6 day ABCD 14 hinh binh hanh. Goi Az, N 1an luot 13 trung diém cua
S4, SB, O 1a giao diém cia AC va BD . X¢ét tinh dung sai cac khang dinh sau:

a) Giao diém cta dudng thang S4 va (ABCD) 1a diém D.

b) Giao diém cuia dudng thang BD va (SAC ) 1a trung diém ctia doan thang AC.

¢) Giao diém ciia dudng thing SO va (4BNM ) la diém D.

d) Goi E giao diém ciia DM va mit phang (SBC). Khi d6 SE =2BC.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau l:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Cho hinh chép S.ABCD c¢6 ddy ABCD 14 hinh thang AD// BC . Goi E la diém thudc canh SA4
sao cho g—j = % Mit phang (BCE) cit SD tai G.Biét SD=x.GD. Tim x.

Cho tir dién ABCD | Goi K,L lan luot 1a trung didm cua 4B va BC . Nla diém thudc doan
CDsao cho CN =2ND Goi P 1a giao diém ctia 4D v&i mit phang (KLN) . Tinh ti sb %
Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. Goi M , N lan luot 1a trung diém ctia 4B,
AD va G 1a trong tAm tam gidc SBD . Mit phang (MNG) cit SC tai diém H . Tinh ‘;—2[

Cho tir dién ABCD, M 1a diém thudéc BC sao cho MC =3MB. Goi N, P lan luot la trung
diém cua BD va AD.Diém Q la giao diém ctia AC véi (MNP). Tinh Q—j.

Cho hinh chép S.ABCD c6 day 14 hinh binh hanh. Goi N 14 trung diém cta canh SC . Ly diém
M dbixtung véi B qua A.Goi giao diém G cua duong thaing MN v6i mit phing (SAD). Tinh
ti sd %

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi 4’ 1a diém trén SA sao cho
A'A :%A’S . Qua A' ké dudng thing song song voi AC cit SC tai C' Mt phing (ar) chira

SB  SD

A'C' ciat cac canh SB, SD lan luot tai B, D'. Tinh gia trj ctia biéu thuc 7 = B +§.
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HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén cau 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

thi sinh chi chon mgt phuwong an.
Trong cac khang dinh sau, khang dinh nao dung?
A. Hai duong thiang chéo nhau thi chung c6 diém chung.
B. Hai duong thing khong co diém chung 14 hai duong thang song song hoc chéo nhau.
C. Hai duong thang song song v6i nhau khi ching & trén cting mot mit phang.
D. Khi hai dudng thang & trén hai mat phang phan biét thi hai duong thang d6 chéo nhau.
Loi giai
Chon B
Cho hinh chép S.ABCD , véi ABCD 14 hinh binh hanh. Goi M, N, P, O lan luot Ia trung diém
cta cac canh S4, SB, SC,SD . Puong thing nao sau day khong song song véi duong thiang

MN?
A. CD. D. |5}
B
MN //AB MN //AB
Taco: sAB//CD ,dodo \MN//CD.
CD//PQ MN //PQ

Cho tir dién ABCD. Goi M, N 1a hai diém phan biét cung thudoc duong th'flng AB; P,Q 1a hai
diém phan biét cing thudc dudng thang CD. Xét vi tri tuong ddi ctia hai duong thang MP, NQ.
A. MP [/ NO. B. MP=NQ.

C.Mp it No. b ENAINOEHEHHAR

Loi giai

Ta c6 M,N nam trén duong thang AB va P, Q nim trén CD ma AB va CD chéo nhau. Do
d6 M,N, P, O khong dong phang, thic MP va NO chéo nhau.
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Cau 4:

Cau 5:

Cho tir dién ABCD, goi 1,J,K lan luot 1a trung diém cua 4B, BC, BD . Giao tuyén cua hai mat
phang (A4BC) va (IJK) 1a

A. KI . B. 8
C. Puong thang di qua K va song song voi AB . D. KJ.
Loi giai
A
I
B D
J
C

Tacd e ABC (ABC) vale (IJK) nén 7 1a diém chung thi nhit cta hai mit phang (ABC)
va (IJK ) . Tuong ty J 1a diém chung thtr hai ctia hai mit phang do.

Viy giao tuyén ciia hai mét phang (4BC) va (IJK) 1a 1J .

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N, P lan luot 14 trung diém
clia AB,CD,SA. Giao tuyén cia hai mét phang (MNP) va (SAD) la

A. NP. B. Pudng thing di qua M va song song AC.
C. Duong thing di qua S va song song AD. D. Puong thang di qua P va song song AD .
Loi giai

Ta ¢6 (SAD)N(ABCD) = AD,(ABCD)(MNP)=MN,(SAD)(MNP)= Px
ma MN//AD = MN//AD//Px .
Viy giao tuyén cta hai mat phang (MNP) va (SAD) dudng thing di qua P va song song AD.
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Cau 6: Cho tor dién ABCD, goi G la trong tdm tam gidc BCD, E la diém thudc canh AD sao cho
DE =2A4F, M latrung diém cua canh BC . Ménh dé nao dang?
A. EG cit 4B. B. EG cit AC. C. EG//AM . D. EG cit AM .
Loi giai

A

M
C

Vi G la trong tdm tam giac BCD suy ra (l;)_j\j =2 ma

DE:2AE:>E=2:>%=D—G:>EG//AM.ChQn. C.
EA EA M

Cau7: Cho tor dién ABCD, goi M 1la diém thudc canh 4B sao cho AM =§AB, N 1a diém thudc

canh AD sao cho AN =2ND, P,Q lan luot 13 trung diém BC,CD. Giao tuyén cua hai mait
phang (A4BD) va (MPQ) la

A. MD. B. MB. C. MP. D. [MN..
Loi giai

ViAM=%AB:>ﬂ=%VéAN=2ND:>ﬂ=2:> AN __2 :>AN=%suyra
3 AB 3 ND AN+ND 2+1 AD 3

AM _ AN yinviiBD (1).

AB  AD

Vi P,Q lan luot 1a trung diém BC,CD suy ra PQ//BD (2)
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Cau 8:

Cau 9:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Tu (1),(2) = MN//PQ= N € (MPQ). Hai mat phang (MPQ) va (ABD) c6 hai diém chung

M va N.Vay (MPQ)N(ABD)=MN .
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O. Goi M, N lan luot 1a trung
diém cta S4 va SD . Trong cac khang dinh sau, khang dinh nao sai?
A. MN //BC. B. ON//SC. C.ON//SB. D. OM //SC.
Loi giai

Ta c6: MN la duong trung binh cia tam giac SAD . Suy ra, MN //AD ma AD//BC nén
MN //BC.
Xét tam gidc SBD c6 ON la duong trung binh. Suy ra, ON //SB.
Xét tam gidc SAC c6 OM la dudng trung binh. Suy ra, OM //SC .
Vay khing dinh ON //SC 1 sai.
Cho ttr dién SABC. Goi E va F lan luot 1a trung diém cua cac canh SB va AB, G la mot diém
trén canh AC . Giao tuyén cta hai mit phing (SAC) va (EFG) song song vé6i dudng thang ndo
sau day?
A. SC. B. 84. C. 4B. D. SB

Loi giai

S

Xét tam gidc SAB, cd EF la duong trung binh nén EF //SA.
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G €(GEF)N(SAC)
Ta co: < EF //SA4 = (GEF)N(SAC)=Gx véi Gx//EF | /54.
EF < (GEF),S84 < (SAC)

Ciu 10: Cho hinh chép S.4BCD. Goi A',B,C', D lan luot 1a trung diém cua cac canh

SA4, SB, SC, SD . Trong cac dudng thang sau ddy, dudng thiang nao khong song song voi A'B’ ?
A. AB. B. CD. C.CD'. D. SC.
Loi giai

Chon D

Do A'B’' va SC khong ddng phing nén A4'B’ va SC khoéng song song nhau.
Cau 11: Cho tirdién ABCD Céac diém M, N lan lugt 1a trung diém BD, AD . Cac diém H, G lan lugt
13 trong tAm cac tam giac BCD ; ACD . Puong thang HG chéo véi dudng thang nao sau day?

A. MN. B. CD. C.CN. D. 4B.

Loi gidi
Chon B

A

N
D B
0]
C
096 _OH 1 _ 4Gy 4B (Dinh Iy Talet)

04 OB 3
Xét tam gidc ABD c6: MN [/ AB (do MN la duong trung binh cua tam giac)= HG /| MN
Laico: HGNCN =G
Vay HG va CD chéo nhau.
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Céu 12: Cho hinh chép S.ABCD c6 day 1a hinh thang day 16n 1a CD. Goi M 1a trung diém cta canh

S4, N la giao diém cta canh SB va mit phiang (MCD) . Ménh dé nao sau ddy 1a ménh dé dung?
A. MN va SD citnhau.B. MN //CD .
C. MN va SC cit nhau.D. MN va CD chéo nhau.
Loi giai
Chon B

A B
MN =(MCD)N(SAB)
Ta co: CD = (MCD) ; AB<=(SAB) = MN [/ CD j| AB.
CD /| AB

PHAN II: Cau tric nghiém ding sai. Thi sinh tra 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

Cau 1:

sinh chon ding hoac sai. ‘ 9
Cho hinh chép S.ABCD c6 day la hinh thang, day 16n 4B . Goi /,J,K lan luot 1a trung diém
cua AD,BC,SB . Khi d6:
a) Giao tuyén ctia mt phang (IJK ) v6i mit phang (SBC ) la JK .
b) Giao tuyén ctia mit phing (SAB) va (SCD) la Sx théa man diéu kién song song v6i 4B,
song song v4i BC'.
¢) Giao diém ctia S4 va (IJK) 1a N, véi N 1a giao diém cta Kx véi S4 (Kx// AB//DC).
d) Dién tich thiét dién cat béi mat phang (/K ) va hinh chop 1a 5,5 ( biét thiét dién c6 chiéu
caobang 2, SA=SB=SC=SD=4, AB=2DC=4).
Loi giai
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘
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Cau 2:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

5 c
a)
K eSB < (SBC) y ,
= K la diém chung tha nhat.
K e (LK)
JeBCc(SBC) . _
=J la diém chung thtr hai.
Je(lK)
Vay giao tuyén clia mit phang (LK) véi mét phang (SBC) 1a KJ .
b)
S e (S4B) B .
= S 1a diém chung thir nhat.
S €(SCD)
AB c(S4B)
DC < (SDC) = Giao tuyén la Sx// AB//CD.
AB// DC
¢)

- S4 ndm trong mt phang (SAB).
—(8AB)(1JK) theo giao tuyén la Kx// AB//1J /| DC
Kéo dai Kx cit SA tai N
= N 1a giao diém can tim.
d)
AB+CD _4+2 5 e L p o a0
2 2 2
Thiét dién cit boi mp (LK) va hinh chép la hinh thang ZJKN ¢6 dién tich 1a
L+NK , _3+2

2 2
Cho hinh chép S.ABCD, c6 ddy ABCD 1a mdt hinh binh hanh tim O. Goi I,K lan luot 1a
trung diém cua SB va SD . Khi do:
a) SO 1a giao tuyén cua (SAC) va (SBD).
b) Giao diém J ciia SA véi (CKB) thuc duong thang di qua K va song song voi DC .

Taco: IJ =

¢) Giao tuyén ctia (OI4) va (SCD) 1a dudng thing di qua C va song song v6i SD .
d) CD//1J.
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Loi gidi
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Pung

{0 €ACSAO) | (saB)n(SCD)

O € BD c (SBD)
S € (SAB) N (SCD)
= SO =(SAC)N(SBD).
b) Tt gidc ABCD 1a hinh binh hanh nén 4B //CD; AD// BC.

AD// CB
| AD c (S84D) Kx =(KBC)N(SAD)
Ta co: = .
BC c (KBC) Kx// AD// BC
K € (KBC)N(SAD)
. J e SA
Trong (SAD) goi J=KxNS4,co = =J=SAN(BKC)
J e Kx c (BKC)
¢) Ta c6d OI 1a dudng trung binh cia ASBD = Ol // SD .
Ol // SD
|0l c(0I4) Cy =(0IA) N (SCD)
Ta co: = .
SD c (SCD) Cy//SD//OI
C e (0IA) N (SCD)

d)
Taco: 1J// AB (1J la duong trung binh cua ASAB)
AB//CD (tu giac ABCD la hinh binh hanh) = CD// IJ .
Cau 3: Cho hinh chop S.ABCD cb6 ABCD la tir gidc khong c6 canh nao song song vdi nhau. Goi O la
giao diém cia AC va BD, M 1a diém thudc mién trong cua tam gidc SAB, I 1a giao diém cua
AB va CD. Xét tinh ding sai cac khang dinh sau:
a) Diém I 1a mdt diém chung ctia hai mit phang (SAC) va (SBD).
b) Giao tuyén cua hai mit phang (SAC) va (SBD) la duong thang SO .

¢) Giao tuyén ciia hai mit phiang (S4B) va (SCD) la duong thang SM .

Page 11

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

d) Néu BC// AD thi giao tuyén ciia hai mt phing (MBC) va (SAD) la dudng thang d song
song véi AD va di qua diém M .
Loi giai
| a)Sai | b)Pumg | ¢)Sai | d)Sai |

® X¢t hai mat phang (SAC) va (SBD).
S e(SAC),S (SBD)
Ta c6: {0 € AC, AC =(SAC) nén giao tuyén cia hai mit phang (SAC) va (SBD) 1a duong
O BD,BD — (SBD)
thang SO, ma SO khong di qua diém 7 nén a) 1a ménh d¢ sai, b) 1a ménh dé dung.
® X¢t hai mit phang (SAB) va (SCD) c6:
S €(S4B) . ) ,
nén S la mét diém chung ctia hai mat phang (SA4B) va (SCD).
S e(SCD)
Il e AB,AB c (SAB)

IecD,cp e (scp) nén / 1a mot diém chung cta hai mit phing (SAB) va (SCD)

Mat khac, {

. Vay giao tuyén clia hai mit phing (SAB) va (SCD) la dudng thang S7. Do dé, c) 1a ménh dé

sai.
® Néu BC// AD, xét hai mit phang (MBC) va (S4D).

Trong mit phing (SAB) goi E 14 giao diém cua BM va S4, ta co:
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DE TEST — CHUYEN PE IV — TOAN - 11 — QUAN HE SONG SONG TRONG KHONG GIAN

BC /I AD
E < BM,BM < (MBC)
nén E e(MBC)N(SAD). Mit khac, ¢c6 < BC = (MBC) nén giao
Ee84,54 (SAD)
AD c (S4D)

tuyén cua hai mat phang (MBC) va (SAD) 1a dudng thang d song song véi AD va di qua diém
E . Vay d) 1a ménh d@ sai.
Cho hinh chép S.ABCD c6 didy ABCD 1a hinh binh hanh. Goi Az, N lan luot 1a trung diém cta
S4, SB, O 1a giao diém cua AC va BD. Xét tinh dung sai cac khing dinh sau:
a) Giao diém ciia duong thing S4 va (ABCD) 1a diém D.
b) Giao diém ctia duong thing BD va (SAC ) 1a trung diém cta doan thing AC.
¢) Giao diém cua dudng thang SO va (ABNM ) 1a diém D.
d) Goi E giao diém ciia DM va mit phing (SBC). Khi do SE =2BC.
Loi giai
| a)Sai | b)Ping | Sai | d)Sai |

a) Giao diém cua dudng thing S4 va (AB CD) 1a diém D.

st a5c0) | R
b) Giao diém cta duong thang BD va (SA C ) 1a trung diém ctia doan thang AC.
{0 € BD

0cACc(s4C) ™ BD(S4C)=10}.

¢) Giao diém cua dudng thing SO va (4BNM ) 1a diém D.
{SESO

ABNM)={S}.
SeAMc(ABNM):SOH( NM)={5}
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d) Goi E giao diém ciia DM va mat phing (SBC). Khi d6 SE =2BC.
S €(SAD)N(SBC)

AD // BC (ABCD la hbh)

AD c (S4D)

BC = (SBC)

= (S4D)\(SBC) =Sy (Sy // AD // BC)

Taco

Trong mit phing (SAD) , 801 E =Sy DM
EeSyc(SBC)
EeDM
Vi M 1a trung diém cta S4 va SE//AD nén tt giac SEAD 13 hinh binh hanh.
= SE = AD = BC. Vay y d) sai.
PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.
Cau 1: Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang AD// BC . Goi E 1a diém thudc canh S4

= E =DM n(SBC)

sao cho g—j - % .Mt phing (BCE) cit SD tai G . Biét SD =xGD. Tim x.
Lovi gidi

Traloi: 3

S

B C

Ta thdy hai mit phing (SAD) va (BCE) lan luot di qua hai duong thang AD//BC va c6 E,G

1a hai diém chung nén chung cit nhau theo giao tuyén EG//AD//BC .
Lai cé vi EG//AD suy ra SE_S6_2 nén SD =3GD .
S4 SD 3
CAu2: Cho ta dién 4BCD  Goi K, L lan luot 1a trung didm cua 4B va BC . N3 diém thudc doan
CDgao cho CN =2ND Goi P 1a giao diém ctia 4D v&i mit phang (KLN) . Tinh ti sb %

Loi giai
Tra loi: 2
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

A

Gia st LNNBD=1.Nbi K v6i I cat ADtai P Suyra (KLN)NAD =P
PA_NC _,

Taco: KL//AC = PN//AC Suyra: —=——
PD ND

Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. Goi M , N lan luot 1a trung diém ciia 4B,

AD va G 1a trong tAm tam gidc SBD . Mit phang (MNG) cit SC tai diém H . Tinh ‘;—Z
Loi giai

Tra loi: 0,4

Trong mit phing (ABCD), goi E=MN N AC.
Trong mit phing (SAC), goi H=EGNSC.
H € EG;EG < (MNG)
Ta co:
HeSC

Goi I, J lan luot 1a trung diém cua SG va SH .
{IJ /I HG

= H = SCN(MNG).

4

Ta co = 4,1 ,J thiang hang

IA /] GE

cH_ce

Xét AACJ ¢c6 EH /1 AJ = =3=CH =3HJ.
HJ EA

Laic6 SH =2HJ nén SC=5HJ .
SC 5

Page 15

Swu tdm va bién soan



Cau 4:

Cau 5:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cho t&r dién ABCD, M 1a diém thudéc BC sao cho MC =3MB. Goi N, P lan luot la trung
diém cia BD va AD . Piém Q la giao diém cta AC véi (MNP) . Tinh %

Loi giai
Traloi: 3

Taco NP/ AB.
NP < (MNP), AB<(A4BC), (ABC) va (MNP) c6 diém M chung nén giao tuyén cua (4BC)
va (MNP) 1a duong thang MQ // AB (Q € AC).
Ta co: £=M—C=3. Vay gz?)

04 MB 04
Cho hinh chép S.ABCD c6 day 14 hinh binh hanh. Goi N 14 trung diém cta canh SC . Ly diém
M d6ixtimg véi B qua A.Goi giao diém G cia duong thang MN véi mit phang (SAD). Tinh

. 2 GM
ti s0 —.

Loi giai

Tra loi: 2

Goi giao diém ctia AC va BD 1a O vaké OM cit AD tai K. Vi O 1a trung diém AC,

N l1a trung diém SC nén ON//SA (tinh chat dudng trung binh). Vay hai mit phang (MON)
va (SAD) cit nhau tai giao tuyén GK song song véi NO. Ap dung dinh li Talet cho

GK //ON , ta co:

GM KM

N - KO (M

Goi 7 1a trung diém ciia 4B, vi O la trung diém ciia BD nén theo tinh chit duong trung
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binh, OI // AD , vay theo dinh i Talet:

KM _AM 4B _
KO Al Al

2.2)

GM
Tu(l)va(2),tac6 ——=2.
(D) va(2) N

Caiu 6:

Cho hinh chop S.4BCD c¢6 ddy ABCD la hinh binh hanh. Goi 4’ 1a diém trén SA4 sao cho

A'A =%A’S . Qua A’ ké dudng thang song song véi AC cat SC tai C' Mait phang (cr) chira

A'C' cit cac canh SB, SD lan luot tai B, D'. Tinh gia trj ctia biéu thie 7 =

Traloi: 3

Goi O la giao cia ACva BD.Taco O la trung diém cua doan thang 4C, BD.

Loi giai

B

Céc doan thang SO, A'C’, B'D' ddng quy tai [ .

SB  SD

SB' SD'

Ta Cé' S +S _ S = SSA'I SSC’I _ SSA’C’ SSA'[ SSC'I _ SSA’C'
. SA'T SC'T — MSsA'C - -
SSAC SSAC SSAC 2SSAO 2SSCO SSAC
SA' ng SC' SI 84" SC' - SI (S_1<1'+S_C"j_SA’ SC' - SA+ sC . SO
284SO 28C SO SA SC 250\ S4 SC) SA SC ~ sS4 SC' ~SI°
Tuong tu: S—B+ SD :2.&
SB'  SD' SI
Tacé: ACYAC = A _5C _3
sS4 SC' 2
SB SD S4 SC 3 3
Suy ra: —+ =—+ =—+—=3.
SB' SD' SA' SC' 2 2
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| CHUONG |

QUAN HE SONG SONG
TRONG KHONG GIAN

BAI: PUONG THANG VA MAT PHANG SONG SONG
PE TEST SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

thi sinh chi chon mot phuong an.

Cau 1: Trong cac khang dinh sau khang dinh nao sai?
A. Néu hai duong thing song song thi chiing cting nam trén mot mit phang.
B. Néu ba mit phang d6i mot cat nhau theo ba giao tuyén phan biét thi ba giao tuyén iy dong
qui.
C. Néu mot duong thang song song voi mot mit phang thi no song song véi mot duong thing
nao d6 trong mit phang.
D. C6 mot mit phang duy nhat di qua hai duong thang cét nhau cho trude.
Céu2: Cho hai dudng thang phan biét a, b va mit phing (). Gia stt a//b va b//(a). Ménh dé nao
sau day dang?
A. all(a). B.ac(a).
C. a cit (a). D. a//(a) hodc a c(a).
Cau3: Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi 4’ B’ lan luot 13 trung diém cua
SA4,SB . Puong thang 4’ B’ song song v6i mit phang nao dudi day?
A. (84B). B. (4BCD). C. (S4D). D. (SBC).
Chu4: Cho duong thing a song song v6i mit phang (o). Mt phiang (3) chira a va cit mét phang («)
theo giao tuyén o . Két luan nao sau ddy ding?
A.a va d citnhau. B. a va d tring nhau. C. @ va d chéo nhau. D. a va d song song.
Cau5:  Cho hai dudng thing chéo nhau a va b . C6 bao nhiéu mit phing chira dudng thing a va song
song véi dudng thang b ?
Al B.2. C.3. D. Vo sb.
Cau 6:  Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh binh hanh. Giao tuyén cta hai mit phang (SAB)
va (SCD) song song véi dudng thang nao sau day?
A. AB. B. 4D. C. BC. D. BD.
Cau7: Cho ta dién ABCD c¢6 M,N lan luot 13 trong tAm tam gidc ABC va tam gidc ABD . Puong
thaing MN song song v6i mit phang nao dudi day?
A. (4BC).. B. (4BD). C. (BCD).. D. (AMN).
Cau 8: Cho tir dién ABCD. Goi G la trong tam tam giac ABD, E la diém thudc canh BC sao cho
EB =2EC . Ménh dé nao sau day dtng ?
A. EG//(4BC). B. EG//(BCD).  C.EG//(4BD).  D.EG//(ACD).
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Cau9:

Cau 10:

Cau 11:

Cau 12:

Cho hinh chép S.ABCD cé day 1a hinh binh hanh. Goi M, N lan luot 14 trung diém cia 4B va
CD, diém P thudc canh SA. Giao tuyén ciia hai mat phang (S4D) va (PMN) 1a

A. dudng thang qua P va song song song véi AB.

B. duong thiang qua P va song song song voi AD .

C. PD.

D. duong thiang qua P va song song song véi MC .

C6 bao nhiéu mat phing song song v4i ca hai dudng thang chéo nhau?

Al B. 2. C.3. D. V6 sb.

Cho hinh chép S.ABCD c¢6 mit ddy ABCD 1a hinh binh hanh. Giao tuyén cta hai mat phang
(S4D) va (SBC) la dudng thing song song véi dudng thang nao sau day?

A. AC. B. DC. C. BD. D. AD.

Cho tir dién ABCD, G 1a trong tim A ABD va M 1a diém trén canh BC sao cho BM =2MC
. Puong thing MG song song v6i mit phing nio sau day?

A. (BCD). B. (4BD). C. (4BC). D. (ACD).

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.

Cho hinh chop S.ABCD c6 ddy ABCD l1a hinh binh hanh tdim O. Goi M, N lan luot 1a trung
diém cac canh AB va CD, P la trung diém canh S4 . Khi do:

a) MN //(SBC)

b) MN //(SAD)

¢) SB cit v6i mit phang (MNP)

d) SC cat v6i mit phang (MNP)

Cho hinh chép S.4ABCD ¢6 ddy ABCD la hinh binh hanh. Ly diém M trén canh 4D sao cho
AD =3A4M . Goi G, N theo thir ty 1a trong tam cac tam giac SAB, ABC .

a) Giao tuyén ctia hai mit phang (SAB) va (SCD) 1a duong thang di qua S va song song véi
AC,BD

1

by OV _1
DB 3

¢) MN song song v&i mit phang (SCD)

d) NG cit v6i mat phiang (SAC).

Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. Piém M thudc canh S4, diém E va F lan
luot 1a trung diém ciia 4B va BC . Khi do:

a) EF //AC

b) Giao tuyén cta hai mit phang (SAB) va (SCD) la dudng thing qua S va song song voi
AC.

¢) Giao tuyén ctia hai mat phang (MBC) va (SAD) dudng thang qua M va song song v6i BC

d) Giao tuyén cta hai mit phang (MEF) va (SAC) 1a duong thang qua M va song song véi
AC.

Page 2

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 4:

Cho hinh chop S-ABCD ¢4 day 1a hinh binh hanh tim O . Goi M | N va P lan luot 14 trung

diém cua SC, SA va SD . Cac ménh dé sau ding hay sai?

a) CD//(SA4B).

b) Giao tuyén cua hai mit phang (SAD) va (SBC ) 1a duong thiang d di qua S va song song

véi AB,CD.

¢) Giao tuyén ciia hai mit phing (BMN) va (ABCD) 1a duong thang A di qua B va song

song voi AC.

d) Goi E,F lan luot la giao diém cua mit phang (BMN) véi céc dudng thang AD,CD . Khi
MN 1

do ——=—.
EF 4

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 6:

Cho tir dién ABCD. Goi I va J lan luot 13 trung diém cia AC,BC . Goi K 1a mot diém trén

, , . AH
canh BD sao cho KB =2KD.Mit phang (1JK) cat AD tai H.Tinh D

Cho tir dién ABCD ¢6 AB =6, CD=8. Mit phiang (P) song song v6i AB, CD cit cac canh
BC,BD, AD, AC lan lugt tai M, N,I,K . Khi t&r gidc MNIK 1a mot hinh thoi, thi canh ctia hinh
thoi d6 bang (két qud lam tron dén hang phan tram)

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a trung diém canh BC, (a)

12 mat phiang qua 4, M va song song véi SD. Mit phang (a) cit SB tai N, tinh ti s6 ‘;—];[

(két qua lam tron dén hang phan tram)

Cho hinh chop S.ABCD c¢6 ddy ABCD 1a hinh thang voi AB 1a day 1on. Biét AB =5a,CD =2a

. Goi E la diém thudc canh SB thoa min ES _m voi 2 1a phan sb ti gian. Biét rang CE
n n

song song v&i mit phang (SAD). Gié tri cia 2m +3n bang

Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi G 1a trong tdm cua tam giac

ABC va E 1a didm thuoc canh SA thoa man SE = .54 véi 2 1a phan sb tdi gian. Biét ring

n n

GE song song v6i mit phang (SCD). Gia tri ciia m.n bang

Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh thang véi 4D song song voi BC va AD =2BC

.Goi E la diém thudc canh BC sao cho BC =4BE.Lay F thudc canh SA4 sao cho FA=k.FS

. Biét rdng EF song song v6i mit phing (SCD). Khi d6 gid tri cua k béng bao nhiéu? (két qua

lam tron dén hang phan trdm)

Page 3

Swu tdm va bién soan



DE TEST — CHUYEN PE IV — TOAN - 11 — QUAN HE SONG SONG TRONG KHONG GIAN

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 3:

Cau 4:

thi sinh chi chon mgt phuwong an.
Trong cac khang dinh sau khang dinh nao sai?
A. Néu hai duong thiang song song thi chiing ciing nim trén mot mit phang.
B. Néu ba m3t phang doi mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén dy dong
qui.
C. Néu mot duong thang song song voi mot mat phang thi no song song véi mot duong thing
nao do6 trong mat phang.
D. C6 mot mat phang duy nhét di qua hai duong thang cét nhau cho trude.
Loi giai
Néu ba mit phang d6i mot cét nhau theo ba gieo tuyén phan biét thi ba theo tuyén Ay song song
hoic dong qui.
Vay phuong an B sai.
Cho hai duong thang phan biét a, b va mit phang (). Gid st a//b va b//(a). Ménh dé nao
sau day diang?
A. all(a). B. ac(a).

Cocii). o RS

Loi giai
Dua vao li thuyét hai mit phang song song thi phuong an D ding.
Cho hinh chép S.4ABCD c6 ddy ABCD 1a hinh binh hanh. Goi 4’ B’ lan luot 1a trung diém cua
SA,SB . Pudng thang A’ B’ song song v&i mat phang nao dudi day?

A. (S4B). B. (4BCD). C. (84D). D. (SBC).

Ta cd

A'B'/ /AB
AB C(ABCD) (= A'B"/(ABCD).
A'B' ¢ (ABCD)
Cho dudng thing a song song voi mit phing (a). Mit phing ( g ) chtra a va cit mit phing (a)
theo giao tuyén d . Két luan nao sau ddy dung?
A.a vad citnhau. B. a va d tring nhau. C. @ va d chéo nhau. D. _
Loi giai
d =(a)n(p)
Tac6 a C(B) =d//a.
al//(a)
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Cau 5:

Caiu 6:

Cau 7:

Cho hai dudng thang chéo nhau a va b . Cé bao nhiéu mit phang chira dudng thing a va song
song voi duong thang b ?
A B. 2. C. 3. D. V6 sb.
Loi giai
C6 duy nhat mot mét phang chira duong thing a va song song v6i dudng thiang b .
Cho hinh chép S.4BCD c6 ddy ABCD la hinh binh hanh. Giao tuyén ciia hai mét phing (S4B)

va (SCD) song song véi dudng thang nao sau day?

A. B} B. AD. C. BC. D. BD.
Loi giai

S €(S4B)N(SCD)
, ABC(S4B)
Ta co
CD C (SCD)
AB//CD

duong thang 4B va CD.
Cho tir dién ABCD ¢6 M, N lan luot 14 trong tim tam gidc ABC va tam giac ABD . Pudng
thaing MN song song v6i mit phang nao dudi day?

L = Giao tuyén ctia hai mit phang (SAB) va (SCD) song song voi

A. (4BC).. B. (4BD). C. (BCD).. D. (AMN).
Loi gidi
A
D
B
E
C

Goi E,F lan luot 1a trung diém cua BC va BD.

Ta co ﬂ:ﬂzéﬁMN//EF

Ma EF C(BCD),MN ¢ (BCD)
Suy ra MN //(BCD)..
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Cau8: Cho tt dién ABCD. Goi G 1a trong tAm tam giac ABD, E 1a diém thudc canh BC sao cho
EB =2EC . Ménh d nao sau ddy dung ?

A. EG//(4BC). B. EG//(BCD).  C.EG//(4BD).  D.[BGI/(4ED)|

Loi giai
A
F
D
B
E

C
Goi F 1a trung diém cta 4D .
Trong tam giac BCF ¢o BG _BE_ 2 = GE//CF

BF BC 3

Ma CF C(ACD),EG ¢ (ACD)
Suyra EG//(ACD)..

Cau9:  Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. Goi M, N 1an lugt la trung diém ctia 4B va
CD, diém P thudc canh SA. Giao tuyén clia hai mit phang (S4D) va (PMN) 1a

A. duong thing qua P va song song song v&i AB .

B.

C. PD.

D. dudng thang qua P va song song song voi MC .
Loi giai

MN //AD

MN C (PMN) , 7
Ta co - = Giao tuyen cua hai mt phang (SAD) va (PMN) 1a dudng

AD C (84D)

P c(PMN)N(S4D)

thing qua P va song song song véi AD .
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Cau 10:

Cau 11:

Cau 12:

C6 bao nhiéu mit phing song song véi ca hai dudng thiang chéo nhau?
A. L. B. 2. C. 3. D. V6 sb.
Loi giai

a

i

Goi @ va b 1a hai duong thang chéo nhau, ¢ 1a dudng thing song song voi a vacit b.
Goi (a)=mp(b,c). Do a//c néntaco a/l(a).

Giasu (a)//(f).Ma b (a). Suyra b//(B).
Mt khac a//(a)= all(B).
Ta c6 vo s6 mit phang (,B)//(a).

Viy ¢6 vo s mit phang song song voi ca hai dudng thiang chéo nhau.
Cho hinh chép S.ABCD c6 mit ddy ABCD 1a hinh binh hanh. Giao tuyén ctia hai mit phang
(SAD) va (SBC) la dudng thang song song v6i duong thing nao sau dy?

A. AC . B. DC. C. BD. D. D)
Loi giai

Giao tuyén ciia 2 mit phang chira 2 duong thang song song v6i nhau 1a duong thang di qua 1
diém chung cua 2 mdt phang do va song song vdi 2 duong thang song song trén.
AD// BC
AD = (84D) ‘
Ta co: .Suyra d =(SAD)N(SBC) v6i Sed va d// AD//BC.
BC = (SBC)
S €(S4D)N(SBC)
Cho tir dién ABCD, G latrongtam AABD va M 1la diém trén canh BC sao cho BM =2MC
. Puong thing MG song song v6i mit phang nao sau day?
A. (BCD). B. (4BD). C. (4BC). D. (ACD).

Loi giai
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D

Goi N latrung diém ctia AD . Do G 1a trong tdm cua tam giac ABD nén % =2.

Xét trong tam giac BCN , ta co GB _MB _ 2
GC MC
Do d6 MG//CN .Ma CN c (ACD) va MG Z (ACD).

Vay MG//(ACD).

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi ciu, thi

Cau 1:

sinh chgn ding hoic sai.
Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N lan luot la trung
diém cac canh AB va CD, P la trung diém canh SA4 . Khi do:
a) MN //(SBC)
b) MN //(SAD)
¢) SB cit voi mit phang (MNP)
d) SC cat véi mat phang (MNP)
Loi gidi
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Sai ‘

a) b) Ching minh MN //(SBC), MN / /(SAD) :

Vi MN la duong trung binh cua hinh binh hanh 4ABCD nén MN //BC, ma
BC < (SBC)= MN //(SBC).

Tuong tu: MN //AD,AD c (SAD) = MN / /(SAD) .

¢) d) Ching minh SB//(MNP),SC / /(MNP):
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Ta cd MP la duong trung binh cta tam giac SAB nén SB//MP , ma MP — (MNP) nén
SB//(MNP).

Tuong tu: OP la dudng trung binh cua tam gidc SAC nén SC//OP, ma OP — (MNP) nén
SC//(MNP).

Cho hinh chép S.ABCD ¢6 ddy ABCD la hinh binh hanh. Ly diém M trén canh 4D sao cho
AD =3A4M . Goi G, N theo thir ty 1a trong tam cac tam giac SAB, ABC .

a) Giao tuyén ctia hai mit phang (SAB) va (SCD) 1a duong thang di qua S va song song véi
AC,BD

1

by OV _1
DB 3

¢) MN song song v&i mit phang (SCD)
d) NG cit v6i mat phiang (SAC).

Loi gii
| a)Sai | b)Sai | oPing | d)Sai |
S € (S4B) N (SCD)
a) Taco: AB//CD = (S4B) N (SCD) = Sx

AB < (S4B),CD < (SCD)
(v6i Sx qua S va Sx//AB//CD).

¢) Ching minh MN song song véi mit phang (SCD):
Goi O la tam hinh binh hanh ABCD.
1 DN

BD:—BD:>—:§.

Vi N la trong tdm ciia A4BC nén BN:gBOzg-l
3 32 3 B

Mat khac, ta co: AD=3AM:>%ZE.
D4 3

Xét tam gidc ADB, ta co: %=%=% nén MN//AB = MN //CD,

DA DB 3

ma CD c (SCD)= MN //(SCD).
d) Chtrng minh NG song song (SAC):
Goi P la trung diém AB . Tam gidc SPC cb:
PG = N = 1 (tinh chét trong tam)
PS PC 3
= NG//SC,8C c (SAC)= NG/ /(S4AC)
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Cau 3:

Cho hinh chdp S.4BCD c6 day 1a hinh binh hanh. Piém M thudc canh S4, diém E va F lan
luot 12 trung diém cua 4B va BC . Khi do:

a) EF//AC

b) Giao tuyén ciia hai mit phang (S4B) va (SCD) la duong thang qua S va song song voi
AC.

¢) Giao tuyén cuia hai mit phang (MBC) va (SAD) duong thing qua M va song song véi BC

d) Giao tuyén cta hai mat phang (MEF) va (SAC) 1a dudng thing qua M va song song voi
AC.

Loi giai
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Pung
b) Xac dinh giao tuyén cta hai mat phang (SAB) va (SCD):
S € (SAB) N (SCD)
Ta c6: { AB < (SAB);CD c (SCD).
AB//CD

Suy ra Sx =(SAB) N (SCD), véi Sx 1a duong thang qua S va Sx//AB//CD .

¢) Xac dinh giao tuyén ctia hai mit phang (MBC) va (SAD):
) {M € SA,S4 < (SAD)
Ta co:
M e (MBC)
M € (MBC)N(SAD)
Khi do6: < BC < (MBC); AD c (SAD).
BC//AD
Suy ra My = (MBC)(SAD), My 1a duong thang qua M va My//BC//AD .
d) Xac dinh giao tuyén ctia hai mit phiang (MEF) va (SAC):
, {M € SA,84 < (SAC)
Taco : =M e (MEF)N(SAC).
M € (MEF)
Xét tam gidc ABC ,tacd EF 1a duong trung binh = EF //AC .
M e (MEF)N(SAC)
Khi d6: < EF < (MEF); AC < (SAC).
EF//AC
Suy ra Mt =(MEF)N(SAC), Mt 1a duong thang qua M va Mt/ /EF //AC .

— M e (MBC)(SAD).
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Cau 4:

Cho hinh chop S-ABCD ¢4 day 1a hinh binh hanh tim O . Goi M | N va P lan luot 14 trung
diém cua SC, SA va SD . Cac ménh dé sau ding hay sai?

a) CD//(SA4B).

b) Giao tuyén cua hai mit phang (SAD) va (SBC ) 1a duong thiang d di qua S va song song
voi AB,CD .

¢) Giao tuyén ciia hai mit phing (BMN) va (ABCD) 1a duong thang A di qua B va song

song voi AC.
d) Goi E,F lan luot la giao diém cua mit phang (BMN) véi céc dudng thang AD,CD . Khi
go MV _1
EF 4
Loi giai
| a)ybing | b)Sai | o bPing | d)Ping

o
I".'
s

CD//AB — (SAB) 5
= CD//(SAB). Vay ménh dé dung.
CD  (SAB)
b) Xét hai mat phing (SAD) va (SBC) co:
S chung

AD//BC; AD < (S4D); BC (SBC)} = Giao tuyén cua hai mit phang (S4D) va (SBC) 1a
duong thing d di qua S va song song véi AD, BC . Viy ménh dé sai.

¢)

B e(BMN)N(ABCD)

MN//AC = A=(BMN)N(ABCD) véi A la dudng thing di qua B va
MN < (BMN), AC < (ABCD)

song song véi MN, AC . Vay ménh d& diing.
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d)
Budc 1: Xét giao tuyén clia mit phang (BMN)va (ABCD) cé:

B chung

MN /LA, MN < (BMN); AC (ABCD)} = Giao tuyén ciia hai mit phing (BMN ) va
(ABCD) 1a dudng thang A di qua B va song song véi AC.

Buéc 2: E,F lan luot 1a giao diém ctia mit phang (BMN) véi cac duong thing AD,CD nén
E=ADNA

T at hc ABCD)t )
rong mat p ang( ) aco {F:CDmA

Bude 3: Tinh ti sb

AC =2MN
F DF DB 2 EF 2 E 4
Vay ménh dé ding.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.
Caul: Cho tirdién ABCD. Goi I va J lan luot 13 trung diém cua AC, BC . Goi K 1a mot diém trén

canh BD sao cho KB =2KD.Mait phéng ([JK ) cit AD tai H. Tinh 2—1;

Loi gidi
Tra loi: 2

A

Hai mt phiang (A4BD),(1JK) ¢6 K l1a diém chung.

Mat khac: IJ < (IJK),AB = (ABD) va 1J// AB suy ra (IJK)~(ABD)=d , biét d diqua K
vad//AB//1J; d " AD = H .Khi do6 ta co

(UK)N(ABC)=1J,

(LK) (BCD)=JK ,

(IJK)N(ABD)=KH ,

(LK) (ACD)=HI .

Viy thiét dién cta (IJK) véi tir dién ABCD1a hinh thang IJKH .

Vi HK // AB// 1J nén ta co A—H:%=2
HD KD
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Cau 2:

Cho tir dién ABCD ¢6 AB =6, CD =8 . Mit phiang (P) song song véi 4B, CD cit cac canh
BC,BD, AD, AC lan luot tai M,N,I,K . Khi tir giac MNIK 1a mdt hinh thoi, thi canh cua hinh
thoi d6 bang (két quda lam tron dén hang phan tram)

Loi giai
Tra loi: 3,43
A
I
B D
C
Gia sir mot mat ph'fmg song song voi AB va CD cit t dién ABCD theo mét thiét dién 1a hinh
MK /| AB /] IN
thoi MNIK nhu hinh v€ trén. Khi d6 ta c6: {MN //CD//IK .
MK = KI
MK CK MK AC-A4K
Cach 1: Theo dinh i Ta — 1ét ta co: 43 AC = 6 AC

KI_AK " |KL_AK
CD AC 8 AC
MK AK MK KI MK MK 7 24

= =1- = =l-——=l-—© —MK=1MK=—.
6 AC 6 8 6 8 24 7

Vay hinh thoi ¢ canh béng % )

MK _CK
AB  AC MK MK CK  AK
= + = +
KI _ 4K AB CD AC AC
CD AC
MK+MK:AK+KC :>7MK:AC:1:>MK:£.
6 8 AC 24 7
Cho hinh chép S.4BCD c6 day ABCD 1a hinh binh hanh. Goi M 1 trung diém canh BC, (a)

Cach 2: Theo dinh li Ta — 1ét ta co:

la mt phang qua A,M va song song véi SD. Mit phing (a) cit SB tai N, tinh ti s6 :S;—];]
(két qua lam tron dén hang phan tram)

Loi giai
Tra loi: 0,67
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Goi I 1a giao diém ctia AM va BD.Tacé I la trong tAm tam giac ABC.
BI 1 ID 2
Suyra: —=—;——=—.

Ta cé: () va mit phing (SBD) c6 chung diém 7, («)||SD, SD = (SBD) nén giao tuyén
ciia (@) va mit phang (SBD) la dudng thing qua I song song véi SD cit SB tai N .
vay SV _ID 2
SB BD 3
Ciu4: Chohinh chop S.ABCD c6 day ABCD la hinh thang voi AB 1a day 1on. Biét 4B =5a,CD =2a
. Goi E la diém thudc canh SB théa mén £S =7 vsi M a phan sé t6i gian. Biét rang CE
n n
song song véi mit phiang (S4D). Gié tri ciia 2m+3n béng
Loi giai
Traloi: 13
S

Goi H la giao diém cia AD va BC trong mit phang (ABCD).
Theo hé qua Talet, ta co: E = 2 = E

AB 5
Ta co:
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Cau 5:

CE c(SBH)
CE//(S4D) = CE//SH
(SBH)~(SAD) = SH
SE HC 2
> — ==
SB HB 5
:E—S:2:>2m+3n:13.
EB 3
Cho hinh chop §.4BCD c6 ddy ABCD la hinh binh hanh. Goi G 1a trong tam cua tam gidc

= SE:%SB

2 m . \ A A L Ks s ALY
ABC va E la diém thudc canh SA4 thoa man SE = —.54 véi ” 1a phan so toi gian. Biet rang
n n

GE song song v6i mit phang (SCD). Gia trj ciia m.n bang

Loi giai

Traloi: 6

Goi M 1a trung diém ciia BC, F 1a giao diém ctia AM va CD trong mit phang (ABCD).

Theo dinh ly Talet, ta co6: ﬂ=@=1:>MA=MF — M 1a trung diém cta AF
MF MC
AG AG 1
> — = = —
AF  24AM 3
Ta co:
GEC(SAF)
GE//(SCD) = GE//SF
(SAF) m(SCD) =SF
:A—Ezﬁzl:AE:lAS
AS AF 3 3
SE=2s4=" 225 mn=s.

n
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 6:  Cho hinh chop §.4ABCD c¢6 day ABCD la hinh thang v61 AD song song voi BC va AD =2BC
. Goi E 1adiém thudc canh BC sao cho BC =4BE . Léy F thudc canh SA4 sao cho FA=k.FS

. Biét ring EF song song v6i mét phang (SCD). Khi do6 gié tri cua k bang bao nhiéu? (két qud

lam tron dén hang phan tram)

Tra loi: 1,67

Goi H la giao diém ciia AE va CD trong mit phing (ABCD).

Theo hé qua Talet, ta co: HE = CcE = 3
AD 8

Ta co:

EF < (S4H)

EF//(SCD) = EF//SH

(SAH )N (SCD) = SH
:>S—F=E:§:>SF:§SA

SA HA 8 8

:>FA:§FS:>k=§z1,67
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

| CHUONG |

QUAN HE SONG SONG
TRONG KHONG GIAN

BAI: PUONG THANG VA MAT PHANG SONG SONG
PE TEST SO 02

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

Cau 6:

thi sinh chi chon mot phuong an.

Cho hinh chép tir gidc S.4BCD . Goi M va N lan luot 1a trung diém cia S4 va sc. Khang
dinh nao sau day dung?

A. MN//mp(ABCD). B. MN//mp(SAB). C. MN//mp(SCD). D. MN//mp(SBC).

Cho hinh chép S.4BCD c6 ddy 4BCD 1a hinh binh hanh, A7 va N 14 hai diém trén SA4, SB
SM SN 1

sao cho =— =2"" = __ Ménh dé nao sau diy la dang:

sS4 SB 3
A. MN song song mp (SAB). B. MN cit mp (ABCD).
C. MN song song mp (SCD). D. MN cit mp (SCD)

Cho hinh chép S.4BCD ¢6 ddy ABCD 14 hinh thoi tim ©O. Goi 7 1a trung diém cua BC, K
thudc canh SD sao cho SK = %KD. M 1a giao diém ctia BD va AI. Tim khang dinh ding
trong cac khang dinh sau?

A. MK//(ABCD). B. MK//(SBD). C. MK//(SBC). D. MK//(SCD).

Cho hinh chép S.4BCD c6 ddy 4BCD 1a hinh binh hanh. Goi & 1a giao tuyén ctia hai mit
phang (SAD) va (SBC). Khang dinh nao sau ddy 1a khiang dinh dtng?

A. d qua S vasong song v&i AB. B. 4 qua S vasong song véi BC.

C. d qua S vasong song véi DC . D. 4 qua S vasong song v6i BD.

Cho tir dién 4BCD. Goi M , N lan luot 1a trung diém cta 4B va AC . Puong thing MN song
song véi mat phang

A. (ACD). B. (4BD). C. (BCD). D. (4BC).

Cho hinh chép S.4BCD c6 day la hinh binh hanh. Cac diém /,J 1an luot 14 trong tm cac tam
gidc va S4B va SAD.Goi M 1a trung diém ¢p. Chon ménh dé dung trong cac ménh dé sau
A. 1J//(SBD). B. 1J//(SBM). C. 1J//(SCD). D. 1J//(SBC).

C6 bao nhiéu mit phing song song v4i ca hai dudng thiang chéo nhau?

Al B. 2. C. 3. D. Vb sb.

Cho tor di¢gn 4BCD, G la trong tdm tam gidc ABD . Trén doan BC léy diém M sao cho
MB = 2MC . Khang dinh nao sau diy dang?

A. MG song song v6i (ACD) B. MG song song v6i (ABD).

C. MG song song v6i (ACB). D. MG song song v4i (BCD).
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cho hinh chop tt gidc S.4BCD . Goi M va N lan luot 1a trung diém cua S4 va sC. Khing
dinh nao sau day dung?

A. MN//mp(ABCD). B. MN/Imp(S4B). ~ C. MN//mp(SCD). D. MN//mp(SBC).
Cho hinh chdp S.4BCD c6 ddy ABCD 1a hinh thoi tim ©. Goi 7 1a trung diém cia BC, K

thudc canh SD sao cho SK = % KD. M la giao diém ctia BD va AI. Tim khang dinh dung

trong cac khang dinh sau?

A. MK//(ABCD). B. MK//(SBD). C. MK//(SBC). D. MK//(SCD).

Cho hinh chép S.4BCD c6 day la hinh binh hanh. Cac diém /,J 1an luot 14 trong tm cac tam

gidc va SAB va sAD.Goi M 1a trung diém ¢p. Chon ménh dé dung trong cac ménh dé sau

A. 1J//(SBD). B. [J//(SBM). C. 1J//(SCD). D. 1J//(SBC).

Cho hinh chép $.4BCD c6 ddy ABCD 1a hinh binh hanh. 14 trung diém SB . /. x 14 diém
BJ DK 1

thudc s, 4p sao cho ——==""=—__M la trung diém SA. Hoi SC song song véi mit phang
BC D4 3

nao sau day?

A. (MIK) B. (LK) c. (IBK) D. (L/A)

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.

Cho tir dién 4BCD. Gia sit M thudc doan thang BC. Mit phang (@) qua M song song Vi
AB va ¢D. Khi do:

a) Giao tuyén ctia mit phang (@) voi mit phang (ABC) 1a duong thang di qua A va song
song v&1 AB

b) Giao tuyén ctia mat phang () véi mat phang (BCD) 1a duong thiang di qua A va song
song voi CD

¢) Giao tuyén ctia mit phang (@) voi mit phang (4BD) 1a duong thang di qua N va song song
vo1 AB

d) Hinh tao boi cac giao tuyén ctia mit phang (@) voi cac mit cia tir dién (ta goi 1a thiét dién)
1a hinh thang

Cho hinh chép S.4BC. Goi I,J lan luot 14 trung diém ctia 4B va BC.Goi H,K lan lugt 1a
trong tdm ciia ASAB va ASBC . Khi do:

a) AC//(SL).

b) HK cat 1J

c) HK / /(SAC).

d) Giao tuyén ctua (BHK) va (ABC) l1a duong thang di qua B va song song voi AC .

Cho hinh chop S.ABCD c¢6 day ABCD 14 hinh chit nhat. Goi G 14 trong tAm tam giac SAD va
E 1a diém trén canh DC sao cho DC =3DE, I 1a trung diém 4D . Khi d6:

a) Ol song song voi mat phiang (SAB)

b) OI song song véi mit phing (SCD)

¢) IE song song voi AC

d) GE//(SBC)
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 4:

Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang, AB 1a d4y 16n, O 1a giao diém cua AC va
BD. Goi M, N 1an luot 1a trung diém ctia SB va SD. Cac ménh dé sau dting hay sai?

a) CD//(S4B).

b) Giao tuyén cua hai mit phiang (CMN)va (ABCD)1a dudng thing di qua C va song song
Vo1 BD.

¢) Giao tuyén cta hai mit phang (S4AD)va (SBC)la duong thang di qua S va song song voi
AD,BC .

d) Goi P 1a trung diém cta SC, I 1a giao diém cta OP va (CMN) . Khi d6 % =—.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén céu 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho hinh chop S.4BCD c6 day ABCD 1a hinh binh hanh, G 1a trong tdm tam giac Scp, 7 la
diém thudc canh 4B théa 47 =2/B. Pudng thing BG cit mit phang (SIC) va mat phang

(54D) 1an luot tai K, H . Tinh i s6 %.

Cho hinh chép S.ABCD c6 ddy 4BCD la hinh thang véi cac canh day 1a 4B va ¢D. Goi 7,7
lan luot 13 trung diém cua cac canh 4D va BC va G la trong tdm cua tam giac S4B . Khi
AB =k.CD,k e N thi tir giac tao bdi cac giao tuyén cua (IJG) v6i cac mdt cua hinh chop 1a mot
hinh binh hanh. Tim £ ?

Cho hinh chép S.4BCD ¢6 ddy 4BCD 1a hinh binh hanh. Goi I,K 1an luot 1a trung diém cua
BC va ¢D. Goi M 1a trung diém cua SB. Goi F 1a giao diém caa DM va (SIK). Tinh ti sb
MF

MD'

Cho hinh chép S.4BCD c6 ddy 4ABCD 1a hinh binh hanh. Goi G 1a trong tdm cua tam giac
SAD va M 1a diém thudc canh BC sao cho GM song song v6i mit phang (SCD). Khi do ti 5O
dién tich ctia hai tam gidc MAB va MAC bang

Cho hinh chép S.4BCD c¢6 ddy 4BCD 14 hinh vudng. Goi E 14 trung diém cta BC, F 13 diém
thudc canh €D sao cho EAF =45° va G thudc canh S4. Biét FG song song voi mit phang

(SBC). Khi d6 ti sb G4 ing

GS
Cho tir dién déu 4BCD canh 3, G la trong tim tam gidc BDC . Mit phang qua 4,G va song
song véi BC cat DB,DC lan luot tai M, N . Tinh dién tich tam gidc AMN .
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HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

thi sinh chi chon mgt phuwong an.
Cho hinh chép tir gide S.4BCD . Goi M va N 1an luot 1a trung diém cta S4 va SC. Khang
dinh nao sau day dung?

A. [MNUmp(ABED)|  B. MN//mp(SAB).  C. MN//mp(SCD). D. MN//mp(SBC).

Loi giai
A
M
A D
C
B
MN 1a duong trung binh cia AS4C nén MN//AC.
Ta co
MN//AC
AC  (ABCD) t = MN//( ABCD).
MN & (ABCD)

Cho hinh chdp S.4BCD c6 ddy 4BCD 14 hinh binh hanh, A7 va N 14 hai diém trén SA, SB
SM SN 1

sao cho 2— =2 = __ M¢énh dé nao sau dy 1a dung;
S4 SB 3 ’
A. MN song song mp (SAB). B. MN cit mp (ABCD).
C. M song song mp (SCD). D. M cit mp (5CD)
Loi giai

B c

Theo dinh li Talet, ta co i—]\j = i_]; suy ra MN song song voi AB.

ma 4B song song véi CD.
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Cau 3:

Cau 4:

Cau 5:

Ma D nim trong mit phing (SCD) suy ra MN//(SCD).
Cho hinh chép S.4BCD c6 didy ABCD 14 hinh thoi tim ©. Goi 7 1a trung diém cua BC, K

thudc canh SD sao cho SK = % KD. M la giao diém ctia BD va A7 . Tim khang dinh dung

trong cac khang dinh sau?
A. MK//(ABCD). B. MK//(SBD). C. MK//(SBC). D. MK//(SCD).

Loi giai

roaiR \ A , . \ \ . , N 1
Co diém M la trong tdm cua tam gidc 4BC va O la trung di€ém cia BD nén BM = EMD.

Theo gia thiét ta c6 SK = %KD .

MK //SB
Do d6 4 SB = (SBC) = MK//(SBC).
MK & (SBC)
vay MK//(SBC).
Cho hinh chép S.4BCD c6 ddy 4BCD la hinh binh hanh. Goi & 13 giao tuyén cia hai mait
phing (SAD) va (SBC). Khing dinh ndo sau day la khang dinh dung?

A. d qua S vasong song voi A4B. B. @ qua s vasong song v6i BC.
C. d qua S vasong song voi DC . D. 4 qua S vasong song véi BD.
Loi giai

Tacd S e(SAD)(SBC), AD | BC = giao tuyén ctia hai mit phang (S4D) va (SBC) la
duong thang & qua qua S va song song v4i BC.

Cho tir dién 4BCD. Goi M , N lan luot 1a trung diém cua 4B va 4C. Duong théng MN song
song véi mat phang
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A. (ACD). B. (4BD). C.(BCD). D. (4BC).

Loi giai

Tacd M, N lan luot 1a trung diém cua AB, AC

— MN la dudng trung binh cua tam gidc 4BC = MN//BC .

o {MN//BC, BC c(BCD)
a

= MN //(BCD).
MN & (BCD)

Céau 6:  Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. Céac diém 1,J 14n luot 14 trong tAm cac tam
gidc va SAB va S4D.Goi M 1a trung diém ¢D. Chon ménh dé dang trong cic ménh dé sau
A. J//(SBD). B. 17//(SBM). C. 1J//(SCD). D. 1J//(SBC).

Loi giai

Ta co =—=—=1J//NP ma NP//BD suyra IJ//(SBD).

Cau7:  C6 bao nhiéu mit phing song song vdi ca hai dudng thing chéo nhau?
A 1. B. 2. C. 3. D. Vb sb.
Loi giai

o b

Goi @ va » 132 duong thang chéo nhau, ¢ 1a dudng thing song song voi @ va cét » .
Goi (Oé)E(b,C). Do aj/c= a//(a).
Giast (8)// (o). Ma be(a)=b//(5).

Page 6

Swu tdm va bién soan



Cau 8:

Cau 9:

DE TEST — CHUYEN PE IV — TOAN - 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Mat khac, a//(a) = a//(ﬂ) .

C6 vd s6 mat phang (3)//(«). Vay co vo sb mit phang song song véi 2 dudng thang chéo nhau.
Cho t&r dién 4BCD, G 1a trong tAm tam gidc ABD. Trén doan BC liy diém M sao cho
MB = 2MC . Khing dinh nio sau day ding?

A. _ B. MG song song v6i (ABD).

C. MG song song vGi (ACB). D. MG song song véi (BCD) .

Loi giai

Goi N 1a trung diém cua 4D.

Vi G la trong tim A4ABD nén g—f] =2(1).

ma MB =2MC =5 _5(2).
MC
Tur (1) va (2) suyra B—G=%:>MG||NC.
GN MC

MG ¢ (ACD)
co: = MG ||(ACD).
MG || NC,NC < (ACD)

Cho hinh chép tir gide S.4BCD . Goi M va N lan luot 1a trung diém ctia S4 va SC. Khang
dinh nao sau day dung?

A-_ B. MN//mp(S4B).  C. MN//mp(SCD). D. MN//mp(SBC).
Loi giai
S

B

MN 1a duong trung binh cila AS4C nén MN//AC.
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Cau 10:

Cau 11:

Tacod

MN//AC

AC < (ABCD) = MN//( ABCD).
MN & (ABCD)

Cho hinh chdp S.4BCD c6 day ABCD 13 hinh thoi tim ©. Goi 7 1a trung diém cua BC, K

thugc canh SD sao cho SK = %KD. M 1a giao diém cta BD va AI. Tim khang dinh ding

trong cac khang dinh sau?
A. MK//(ABCD). B. MK//(SBD). C. MK//(SBC). D. MK//(SCD).
Loi giai

r A \ A 5 .7 B \ < A 5 A 1
Co diem M la trong tdm cua tam gidc 4BC va O la trung diém cua BD nén BM = EMD.

Theo gia thiét ta c6 SK = %KD .

MK //SB
Do d6 < SB < (SBC) = MK//(SBC).
MK & (SBC)

Vay MK//(SBC).
Cho hinh chép S.4BCD c6 day l1a hinh binh hanh. Cac diém I,J 1an luot 14 trong tm cac tam
gidc va SAB va SAD.Goi M 1atrung diém cD. Chon ménh dé dung trong cic ménh dé sau
A. 1J//(SBD). B. 1J//(SBM). C. 1J//(SCD). D. 1J//(SBC).

Loi giai

Goi N, P lan luot 1 trung diém cua 4B, AD .
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Ta co S L = 1J//NP ma NP//BD suyra [J//(SBD).
SN SP 3
Cho hinh chép §.4BCD ¢6 ddy 4BCD 1a hinh binh hanh. | 13 trung diém SB . s, x 1a diém
thudc gc, 4p sao cho BJ _DK _ l, M la trung diém SA. Hoi SC song song v6i mit phang
BC D4 3
nao sau day?
A (MIK) B. (LK) c. (1BK) D. (1/4)
Loi giai

BJ _DK 1
va BC = AD nén BJ = DK hay JC = AK
BC DA 3
OA _AK
Goi O 1a giao diém cua 4C va JK . Khi do: oC - JC 2 1= 0 latrung diém 4AC

= MO la duong trung binh tam gidc s4C = MO/ SC, MA MO = (MJIK)

vay SC//(MIK).

PHAN II: Cau tric nghiém diing sai. Thi sinh tra 10i cAu héi. Trong mdi y a), b), c), d) & méi cau, thi

Cau 1:

sinh chon ding hoac sai.
Cho tir dién 4BCD. Gia st M thudc doan thang BC. Mit phing (@) qua M song song voi
AB va ¢D. Khi do:
a) Giao tuyén cua mit phang () voéi mat phang (ABC) 1a duong thang di qua M va song
song voi AB
b) Giao tuyén ctia mit phang (@) véi mat phang (BCD) 1a duong thang di qua A/ va song
song voi CD
¢) Giao tuyén ctia mit phang (@) v&i mat phang (ABD) 1a duong thang di qua N va song song
voi AB
d) Hinh tao béi cac giao tuyén ctia mit phiang (@) véi cac mat cua tir dién (ta goi 1a thiét dién)
12 hinh thang
Loi giai

| a)ybing | b)Ping | oPing | d)Sai |

Vi (@)//AB nén giao tuyén cta mit phang (@) voi mat phang (4BC) 1a dudng thang di qua

M vasong song véi AB vacit 4C tai Q.
Vi (a)//CD nén giao tuyén ctia mat phang (@) voi mit phang (BCD) 1a duong thang di qua
M vasong song véi CD va cat BD tai N.
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Vi («)//AB nén giao tuyén ctia mit phang (@) .voi mit phang (ABD) 1a duong thang di qua
N vasong song v&i AB vacat AD tai P.

Taco MN//PQ//CD,MQ//PN//AB.

Vay hinh tao boi cac giao tuyén cua mat phéng (&) v&i cac mit ctia tr dién (ta goi 1a thiét dién)

14 hinh binh hanh MNPQ .

Cau2: Cho hinh chép S.4BC. Goi I,J lan lugt 14 trung diém cia 4B va BC . Goi H,K lan luot 1a
trong tdm cuia AS4B va ASBC . Khi do:
a) AC//(SLJ).
b) HK cit 1J
c) HK //(S4C).
d) Giao tuyén cua (BHK) va (ABC) 1a dudng thang di qua B va song song véi AC .
Loi giai
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Pung

A c

B

a) Vi 77 la duong trung binh A4ABC nén 1J//AC.

AC/ /1T
Taco: 1 1J  (SIJ) = AC//(SIJ).
AC & (SL))
b) Ta co SH _ % =2(H,K lan luot 1a trong tim AS4B va ASAC).
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Caiu 3:

= HK //1J
HK | /AC(HK | /1], AC /I 1J)
Lai c6 { AC = (SAC) — HK / /(SAC)
HK ¢ (SAC)
HK /] AC
HK < (BHK)
AC = (4BC)
B e (BHK) N (ABC)

c) Tacod

Viy giao tuyén cta (BHK) va (ABC) 1a duong thang Bx di qua B va song song v6i AC va
HK .
Cho hinh chop S.ABCD ¢o day ABCD 1a hinh chix nhat. Goi G 1a trong tam tam gidc SAD va
E 1a diém trén canh DC sao cho DC =3DE, I 1a trung diém AD . Khi do:
a) Ol song song v6i mat phing (SAB)
b) Ol song song véi mit phing (SCD)
¢) IE song song voi AC
d) GE//(SBC)
Loi gidi
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Pung

s

Ta co = OI || (S4B)

Ol | AB
{01 ¢ (SCD),CD c (SCD)
Tuwong tu,

2 ) {O]ct(SAB),ABc(SAB)

= OIl[(SCD).
oIl llcD

b) Vi br_1 * 1_DE nén /E khong song song v6i AC . Trong hinh chit nhat ABCD, goi
DA 2 3 DC
P=IENnBC

= P=IEN(SBC).
Goi K 1a trung diém cua BC,G' 1a trong tAm tam giac SBC .

Khi do ﬁzﬁzﬁzg,suyra GGl KIIICE va :>G'G=EK[=ZCD=CE.
SK ST KI 3 3 3

Do dé tit giic G'GEC 14 hinh binh hanh, suy ra CG' | CE = CG I (SBC).
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Cau 4:

Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang, AB 1a d4y 16n, O 1a giao diém cua AC va
BD. Goi M, N 1an luot 1a trung diém ctia SB va SD. Cac ménh dé sau dting hay sai?

a) CD//(S4B).

b) Giao tuyén cua hai mit phiang (CMN)va (ABCD)1a dudng thing di qua C va song song
Vo1 BD.

¢) Giao tuyén cta hai mit phang (S4AD)va (SBC)la duong thang di qua S va song song voi
AD,BC .

d) Goi P 1a trung diém cta SC, I 1a giao diém cta OP va (CMN) . Khi d6 % =—.

Loi gidi
| a)yPing | b)Ping | Sai | d)Sai |

a) CD//AB (tinh chat hinh thang)
CD £ (SAB), AB = (SAB)

= CD//(S4B)

Vay ménh dé ding.

b)

Ce(CMN)N(ABCD)

MN //BD;MN < (CMN ); BD = (ABCD) (dudng trung binh)
= (CMN)N(ABCD)=Cx//MN //BD

Vay ménh dé ding.

¢) Xét hai mat phang (S4D)va (SBC) co:

Diém s chung
Hinh thang 4BCD c6 AB 1a day 16n nén AD cat BC. Goi K = AD ~ BC = K la diém chung.
Giao tuyén ctia hai mat phang (S4D)va (SBC)la SK (cit AD;cat BC).

Vay ménh d¢ sai.
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d)
OP < (S4C)
Trong (SBD), goi E la giao diém ciia MN Vi SO
E € MN,MN — (CMN)
= {E € SO,S80 c (SAC)
= E e (CMN)N(SAC)
= CE =(CMN)N(SAC)
[rong (S4C)goi 7 la giao diém ciia OP va CE
1 eOP
= 1 € CE c (CMN)
ME /DO, M 1atrung diém sp = E 1a trung diém SO .

}:I:OPm(CMN)

P la trung diém sC = EP//OC,EP:%OC.
P EP 1

>—=—=—.
10 0C 2

Vay ménh dé sai.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.
Cau 1:  Cho hinh chép S.4BCD c6 ddy 4BCD la hinh binh hanh, G 1a trong tdm tam gidc SCD, 7 1a
diém thudc canh 4B théa 47 =2/B. Pudng thing BG cit mit phang (SIC) va mat phang

(54D) 1an luot tai K, H . Tinh i s6 %.

Loi giai

Tra loi: 0,33

Tacod BG,IM, AN < (ABMN) va BG khong song song voi IM, AN .
Gol K =BG NIM,IM < (SIC)= K = BGN(SIC).
Goi H:BGF\AN,ANC(SAD):H:BGM(SAD).

Xét tam gidc ABH tacod IK//AH :ﬁzﬂ:le,B.
BH BA 3

Cau 2:  Cho hinh chép S.4BCD c6 ddy 4BCD la hinh thang v6i cac canh day la 4B va ¢D. Goi 7,7

lan luot 13 trung diém cua cac canh AD va BC va G la trong tdm cua tam giac S4B . Khi
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AB =k.CD,k e N" thi tir giac tao boi cac giao tuyén clia (4JG) v6i cac mat cua hinh chop la mot
hinh binh hanh. Tim 4 ?

Loi giai

Traloi: 3

Tacd ABCD la hinh thang va 7, s 1a trung diém ciia 4p, sc nén 1J//AB.
G €(S4B)N(1JG)
AB = (S4B)

IJ < (1JG)
AB||1J

Vay

= (S4AB)N(IJG)=MN || IJ || AB VGi
M e SA,N € SB .

D@ thay hinh da giac tao boi cc giao tuyén cua (4JG) v6i cac mat cua hinh chop la tr gide

MNJT .

\ " . . ~ MN
Do G latrong tdm tam giac S4B va an || 4B NEN —— = — =

SG_2
AB SE 3

( E 1a trung diém cua AB):MN:%AB.

Laico IJ = %(AB +CD). Vi mn || s nén MNIJ 1a hinh thang, do &6 As/NZ7 13 hinh binh

hanh khi MmN = 1J
2 1
=348 :5(AB+CD) < AB=3CD.

Vay thiét dién 14 hinh binh hanh khi 4B =3cCD.

Cho hinh chép S.4BCD ¢6 ddy 4BCD 1a hinh binh hanh. Goi 1,K 1an luot 1a trung diém cua
BC va ¢D. Goi M 1a trung diém cua SB. Goi F 1a giao diém cua DM va (SIK). Tinh ti sb
MF
D

Loi giai
Traloi: 1
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Cau 4:

X

-Taco S e(SIK)N(SAC).
E e IK c (SIK)

T it phang (ABCD) , goi E =IK N AC = = E e(SIK)N(SAC).
rong mit phang ( ), goi {EeACc(SAC) e (SIK) N (SAC)

Suy ra SE = (SIK) N (SAC).
S e (SIK) " (SBD)
Tacé { BD = (SBD),IK < (SIK) = (SIK) " (SBD) = Sx,( Sx || BD || IK).
BDI IK

. SeDM
-Trong mp (SBD), goi F =SxNDM = = F =DM n(SIK).
S e Sxc (SIK)

MP_MS
MB

Cho hinh chép S.4BCD c6 ddy 4BCD 1a hinh binh hanh. Goi G 1a trong tdm cua tam gidc

SAD va M 1a diém thudc canh BC sao cho GM song song v6i mit phang (SCD). Khi do ti 5O

Tacd SFI|BD =

dién tich cua hai tam gidc MAB va MAC bang
Loi gidi

Tra loi: 2

Cach 1:
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Cau 5:

Goi E 1a trung diém cua SD, F 1a giao diém ciia AM va CD trong mit phing (ABCD) .

Ta co:
GM < (AEF)
GM //(SCD) — GM / |EF
(AEF)n(SCD)= EF
FM EG 1
== —
FA EA 3
Theo hé qua Talet, ta co: Mc _FM 1
AD FA 3
= MC=2ap=Lpc=E )
3 3 MC
Nhan xét: AMAB va AMAC c6 chung duong cao ké tr 4
S MB
Do do: = =——=2
Suuc MC

Cich 2: Sir dung 2 mit phing song song

Goi E 1a trung diém cua SD va v& GF song song voi SD (FedD).
Ta ching minh dugc: (GMF)//(SCD)= MF //CD

Twr d6 suy ra dugc:
BC AD EA 3 3
Cho hinh chép S.4BCD c6 ddy 4ABCD 14 hinh vudng. Goi E 1a trung diém cta BC, F 1a diém

thudc canh CD sao cho EAF =45° va G thuoc canh S4.Biét #G song song v&i mit phang
(SBC). Khi do ti s6 2 bing
GS

Loi giai
Tra loi: 0,5
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S

-

-
-
-
S

H
Ta co: @+E477+@7:9O”
= BAE + DAF = 45°
3tan(@+5477)=1

tan lﬁ + tan @‘
=

l—tanB/AE?.tan@'

Ma tanfiﬂ*?zﬁz1

BA 2
Néen tanDAF =+ =P 1 L pp_tps—Lpc
37 DA 3 3

Goi H 1a giao diém ciia AF va BC trong mit phang (ABCD)

=1

Ta co:
GF (SAH)

GF //(SBC) = GF //SH
(SAH ) (SBC)=SH
AG _AF
=>—=——
AS ~ AH
Ma AL _DE 1
AH DC 3
Nen AG 1, G4 _1

AS 3 GS 2
Cho ttr dién déu 4BCD canh 3, G 1a trong tAm tam giac BDC . Mit phang qua 4,G va song
song voi BC cat DB,DC lan luot tai M, N . Tinh dién tich tam gidc AMN .

Loi giai
Tra loi: 2,45

Page 17

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Goi () la mat phiang qua 4,G va song song voi BC.
Vi (&) va (BCD) ¢6 G chung, ()|l BC,BC = (BCD) nén giao tuyén cua («) va (BCD)
1a dudng thang di qua G va song song voi BC cat DB,DC lan luot tai M, N .

Vit dién 4BCD déu canh 3 , G la trong tdm tam gidc BDC nén

MN=2BC=22 20 BM =2
3 3 3

AM = AN =~/3* +12 =2.3.1.c0s60° =7, 4G =/6

Vay dién tich tam gidc AMN la: S = %\/62 =6.
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QUAN HE SONG SONG
TRONG KHONG GIAN

| CHUONG |

BAI: HAI MAT PHANG SONG SONG
PE TEST SO 01

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén cau 12. M&i cau hoi
thi sinh chi chon mot phuong an.

Cau 1:  Ménh dé nao sau day sai?
A. Néu hai mit phing song song v&i nhau thi chiing khong c6 diém chung.
B. Néu hai mit phiang cling song song voi mot mit phing thi ching song song véi nhau.
C. Néu hai mit phang song song v6i nhau thi moi dudng thing nam trong mit phang nay déu
song song voi mit phang kia.
D. Néu mot mat phang cit hai mit phang song song voi nhau cho trudc theo hai giao tuyén thi
hai giao tuyén nay song song véi nhau.

Ciu2: Cho duong thang a song song v&i mit phang (P) C6 bao nhiéu mit phang chira @ va song

song v6i (P)?

A. 0. B. 1. C.2. D. Vo sb.

Cau3: Cho hai hinh binh hanh 4BCD va ABEF nam trong hai mit phang phan biét. Ménh d¢ nao sau
day dang?
A. AD||(BEF). B. EC||(ABF). C. (4BD)||(EFC). D.(ADF)||(BCE)

Céu4:  Cho hai mit phang phan biét (P)va (Q), dudng thing a = (P);b = (Q). Tim khang dinh sai:
A.Néu (P)//(Q) thi a//b.
B.Néu (P)//(Q) thi b//(P).
C.Néu (P)//(Q) thi ava b song song hogc chéo nhau.
D. Néu (P)//(Q) thi a//(Q).

Chu5:  Cho hinh hop ABCD.4'B'C'D' . Mit phang (AB'D') song song v6i mit phang nao sau day?
A. (BC4'). B. (BD4'). C.(4'Cc'C). D. (BC'D).

Cau 6: Cho hinh chép S.ABC .Goi M, N, P lan lugt 1a trung diém cua cac canh SA, SB, SC. Goi
A, B, ?' lan luot 1a giao diém cua cac cap duong thang BP va CN, CM va AP, AN va
BM . Khang dinh nao sau day sai?
A. (MNP)||(ABC). B. (4'B'C’) | (ABC).
C. (A'B'C") || (MNP). D. (ABC) cét (MNP).
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Cau7:

Caiu 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cho lang tru tam gidc ABC.A'B'C'.Goi D, E, F, P, O theo tht tu 1a trung diém ctia cac canh
CC', AB, A4, BB' va B'C’. Khi d6, mit phang (DEF) song song véi mit phing ndo duéi
day?

A. (4'BO). B. (4'PQ). C. (4'PC'). D. (4'BC').

Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh, goi M, N, P, () 1an luot 1a trung
diém cac canh SA, SA, SB. Chon khang dinh dung

A. (CMN) i (BPQ). B. (CMQ) i (DMN).

c. (MNP) i (BCD). D. (PQD) // (MNB)

Cho hinh chép ti giac S.ABCD. Goi M va N lan luot 14 trung diém ctua SA va SC. Khang
dinh nao sau day la dung?

A. MN//(ABCD).  B.MN//(SAB). ~ C.MN//(S4D).  D. MN//(SCD).

Cho hinh chép S.ABCD ¢6 M,N,P,Q lan luot 1a trung diém ctua S4, SB,SC, SD. Khang dinh

nao sau day dung?
A. MNPQ la hinh binh hanh. B. MNPQ la hinh vudng.

C. (MNPQ)/ /(ABCD) D. (MNP)//(SCD).

Cho hinh chép S.ABCD c6 déy ABCD 14 hinh binh hanh tim O. Goi M, N, P theo thir ty 1a
trung diém ctia S4, SC va AB . Khang dinh nao sau day ding?

A. (ONP)//(SBC).  B. (OMN)//(SAD). C.(OMP) cit (SBC).D. (ONP)//(SAD)
Cho hinh hép 4BCD.4’B'C’'D’ . Ménh dé nao sau day sai?

A. (4BB'A') I/ (CDD'C"). B. (BDA') // (D'B'C).

C. (BA'D') I/ (ADC). D. (ACD') // (4'C'B).

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

sinh chon ding hoac sai.
Cho ling tru tam gidc ABC.A'B'C' c¢6 I,K,G lan luot 13 trong tAm cic tam giac
ABC,A'B'C', ACC" . Goi M, M’ 1an luot 1a trung diém cua BC,B'C’.
a) AMM'A' 14 hinh binh hanh
by AL_AG _1
AM AN 3
¢) (IKG) cit (BCC'B')
d) (4KG)//(AIB).
Cho hinh chép S.4BCD ¢6 ddy ABCD 1a hinh binh hanh. Goi H,7,K lan luot 14 trung diém
ctia S4,SB,SC . Goi M 1a giao diém ciia Al va KD, N 1a giao diém cua DH va CI .
a) HI | /(ABCD).
b) (HIK)//(ABCD).
¢) SM va HI chéo nhau.
d) (SMN) cat (HIK).
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Cau 3:

Cho hinh chép S.ABCD c6 déy 1a hinh binh hanh tim O. Goi M, N lan luot 13 trung diém cua
SA va SD.

a) MN //(SBC)

b) (OMN)//(SBC).

c) GQi E 1a trung diém doan AB va F 1a mot diém thudc doan ON . Khi 36 EF cit v6i mit
phang (SBC).

d) Goi G 1a mot diém trén mat phang (4ABCD) cach déu AB va CD.Khi d6 GN cit (SAB)
Cho hinh hop ABCD- A'B'C'D'. Goi G,,G, la trong tdm cuia cac tam giac A'BD,B'D'C .

a) A'D'CB 1a hinh binh hanh

b)(A'BD)//(B'D'C)

¢) G,,G, cung thugc AC’

d) GG, =§AC’

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén ciu 6.

Cau l:

Cau 2:

Cau 6:

Cho hinh chép S.4BCD c¢6 ddy ABCD 14 hinh binh hanh. Goi £, F, K lan luot 1a cac diém

X EA FA KD . . %
thudc cac canh AB, S4, SD (khac ddu mut) sao cho —=—=——— va goi H la giao diém
EB FS KS

cua canh CD va mit phing ( EFK ). Xét cac khang dinh sau:

(1) EK// (SBC).(2) KH // (SBC).

(3) EH // (SAD). (4) FK// (SAD).

Trong cac khang dinh trén c6 tat ca bao nhiéu khang dinh dung?

Cho 3 mit phing (P),(Q),(R) d6i mét song song véi nhau. Dudng thing a cét cdc mit phing

(P),(Q),(R) lan luot tai 4,B,C sao cho %:% va duong thang b cit cic mat phang

(P).(0).(R) lanluot tai A,B,C . Tisd %béﬂg (két qua lam tron dén hang phan tram)
Cho hinh hop ABCD.A'B'C'D'. Goi M nam trén canh AA' sao cho AA'=4MA'. Mat phang
qua M va song song (A'B'C'D') cit BB tai N. Tiso % bang (két qua lam tron dén hang
phan tram) i .

Cho tir dién ABCD vaba diem P,Q,R lan lugt trén ba canh AB,CD, BC sao cho PR || AC va
CQ =30D. Goi giao diém cia AD va (PQR) la S.Khi d6, AD =x.DS.Tim x.

Cho hinh binh hanh ABCD.Qua A, B, C, D lan luot v& cac nira duong théng Ax, By, Cz,
Dt & cung phia so véi mét phang (ABCD) , song song v6i nhau va khong nam trong (ABCD)
. Mot mat phéng (P) cit Ax, By, Cz, Dt tuong ung tai A', B', C', D' sao cho A44'=6,

BB' =10, CC'=8.Tinh DD'.
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh, cac diém M , N lan lugt thudc cac
BM CN

canh SB, AC saocho —=——=ux, (0<x=#1).Goi G la trong tdm tam gidc SCD. Tim x
MS NA

dé (MNG)//(SAD).
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HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 2:

thi sinh chi chon mgt phuwong an.
Ménh dé nao sau déy sai?
A. Néu hai mit phing song song v6i nhau thi ching khong c¢6 diém chung.
B. Néu hai m3t phang cung song song voi mdt mét phang thi ching song song v6i nhau.
C. Néu hai mit phang song song v6i nhau thi moi dudng thang nam trong mit phang nay déu
song song voi mit phing kia.
D. Néu mot miat phing cit hai mat phang song song véi nhau cho truée theo hai giao tuyén thi
hai giao tuyén nay song song véi nhau.
Loi giai
Hai mit phang cung song song v6i mot mat phiang thi song song voi nhau hodc trung nhau.
Cho duong thang a song song voi mit phang (P) C6 bao nhiéu mit phang chira a@ va song
song v6i (P)?

A. 0. B. [l C.2. D. V6 sb.
Loi giai

P

C6 duy nhat mot mat phang chira @ va song song véi (P)

Cho hai hinh binh hanh 4BCD va ABEF nam trong hai mit phang phan biét. Ménh d& nao sau
day dang?

A. AD||(BEF). B. EC||(4BF).  C.(4BD)|I(EFC). D.(ADF)|I(BCE)

Loi gidi
D C
F E

AD|| BC AF|| BE
AD & (BCE) = AD||(BCE) va < AF ¢ (BCE) = AF ||(BCE)
BC = (BCE) BE c(BCE)

Ta co:
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AD || (BCE)

AF || (BCE)

AD N AF ={4}
AD, AF < (ADF)

= (ADF)||(BCE).

Cho hai mat phéng phan biét (P)va (Q), dudng thang a = (P);b = (Q). Tim khang dinh sai:
A N&& (P)//(0) [l a/ /b
B. Néu (P)//(Q) thi b//(P).
C.Néu (P)//(Q) thi ava b song song hogc chéo nhau.
D.Néu (P)//(Q) thi a//(Q).
Loi gidi
Pap an A: Vi khi cho hai mit phang phén biét (P) va (Q), duong thang a C (P);b C (Q) ,
(P)//(Q) thi @ va b c6 thé song song hodc chéo nhau.

Cho hinh hop ABCD.A'B'C'D' . Mt phing ( AB'D') song song véi mit phing nao sau day?

A. (BCA). B. (BDA'). C. (4C'C). n. (BED)!

Loi giai

Ta co:
AB'||C'D AD'||C'B
AB' ¢ (BC'D) = AB'||(BC'D) va < AD' ¢ (BC'D) = AD'||(BC'D)
C'D < (BC'D) C'B<(BC'D)
AB'||(BC'D)
AD'||(BC'D
I ) = (4B'D')||(BC'D).
AB' " AD' = {4}
AB', AD' = (AB'D")
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Cau 6:  Cho hinh chép S.ABC.Goi M, N, P lan luot 1a trung diém cua cac canh SA, SB, SC . Goi
A4, B', C' lan luot 1a giao diém cua céc cap duong théng BP va CN, CM va AP, AN va
BM . Khang dinh nao sau day sai?
A. (MNP)|(ABC). B.(A'B'C’)||(ABC).

C. (A'B'C")|| (MNP). D. _

Loi giai

S

R : . JMN|| 4B
Tu tinh chat duong trung binh ta c6 .
MP|| AC
Ta co:
MN || AB MP|| AC
MN ¢ (ABC)= MN ||(ABC) va {MP ¢ (ABC)= MP||(ABC)
AB = (ABC) AC =(4BC)
MN || (ABC)
MP||(ABC)
= (MNP)|| (4BC).
MNNMP={M}
MN,MP = (MNP)

Cau7: Cho ling tru tam giac ABC.A'B'C'. Goi D, E, F, P, Q theo thir ty 14 trung diém ctia cac canh
CC', AB, A4, BB' va B'C’. Khi d6, mit phang (DEF) song song v6i mit phing ndo duéi
day?

A. (4'BQ). B. (4'PQ). C. (4PC). D. [(4B¢Y)

Loi giai
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C

Tir tinh chit duong trung binh ta c6 EF || A'B.
T giac A'C'DF 14 hinh binh hanh = FD || 4'C’
Ta co:

EF || A'B DF || A'C'

EF ¢ (A'BC") = EF || (A'BC") va < DF ¢ (A'BC") = DF||(4A'BC")

A'Bc(A'BC) A'C' < (A4'BC')

EF ||(A'BC")

DF || (4'BC’

I ) = (DEF)||(4'BC").
EF N DF ={F}
EF, DF c (DEF)

Cau8: Cho hinh chép S.ABCD c6 day ABCD 1ahinh binh hanh, goi M, N, P, 1an luogt 14 trung
diém cac canh SA, SA, SB. Chon khang dinh dung
A. (CMN) i (BPQ). B. (CMQ) i (DMN).
C

_._ p. (PQD) 1 (MNB)

Loi giai

C
Dé dang thay cac phuong 4n khac 12 sai.

Cau 9:  Cho hinh chép tir gide S.ABCD. Goi M va N lan luot 1a trung diém cua SA va SC. Khing
dinh nao sau day la dung?
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A. [MNTI(ABED)|  B. MN//(S4B).  C. MN//(SAD).  D. MN//(SCD).

Loi giai
=

I

Vi MN la dudng trung binh cta tam gidc SAC = MN //AC.
Mit khac AC < (ABCD)=> MN / /(ABCD) .

Céu 10: Cho hinh chép S.ABCD c6 M,N,P,Q lan lugt 13 trung diém cua S4,SB, SC,SD. Khing dinh

nao sau day dung?

A. MNPQ la hinh binh hanh. B. MNPQ 1a hinh vudng.
C. (MNPQ)/ /[(ABCD) D. (MNP)//(SCD).
Loi giai
M ‘Q

B
c

Tacd M,N lan luot 12 trung diém cua S4,SB nén MN 1a dudng trung binh cta tam giac
SAB=> MN //AB, AB — (ABCD)=> MN / /(ABCD) ).
Ching minh tuong tu, NP//(ABCD) (2).
Tu (1),(2) két hop MN ~ NP = N = (MNP)/ /(ABCD).
Chimg minh tuong tu, (NPQ)//(ABCD).
= (MNP) = (NPQ) = (MNPQ)/ /(ABCD).
Cau 11: Cho hinh chop §.4BCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N, P theo thu tu la
trung diém cua S4, SC va 4B . Khing dinh ndo sau day dung?
A. (ONP)//(SBC).  B.(OMN)//(84D). C.(OMP) cit (SBC).D. (ONP)II(S4D)

Loi giai
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Cau 12:

Ta c6 ON la duong trung binh cia tam giac SAC suy ra ON // SA (1)
OP la dudng trung binh cta tam gidc BAD suyra OP /| AD (2)

Tir (1),(2) suy ra (ONP)//(SAD).

Cho hinh hép 4BCD.4'B'C'D’ . Ménh d nio sau day sai?

A. (4BB'A') I/ (CDD'C"). B. (BDA') // (D'B'C).
C. (BA'D') /I (ADC). D. (ACD') /| (A'C'B).
Loi giai

Ta c6 (BA'D')=(BCA'D') va (ADC)=(ABCD).
Ma (BCA'D')~(ABCD)=BC, suyra (BA'D') // (ADC) sai.

PHAN II: Ciu tric nghiém ding sai. Thi sinh tra 101 cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hodc sai.
Cho lang tru tam giac ABC.A'B'C' c¢6 I,K,G lan luot 1a trong tdm cac tam giac
ABC,A'B'C', ACC" . Goi M, M’ 1an luot 13 trung diém cua BC,B'C’.
a) AMM' A 14 hinh binh hanh
by AL _AG _1

AM AN 3
¢) (IKG) cét (BCC'B')
d) (A'KG)//(AIB').

Loi giai
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‘ a) Ding ‘ b) Sai ‘ ¢) Sai ‘ d) Pung

Goi M, M lan luot 1a trung diém cua BC,B'C'.

MM 1a duong trung binh ctia hinh binh hanh BCC'B’ nén
{MM’ /IBB {MM /1AA

a) =

, . = AMM ' A’ 1a hinh binh hanh.
MM = BB MM = AA

Vi I,K theo thi ty 1a trong tAm cic tam giac ABC, A B'C' nén
IM =KM' = %A’M’ = %AM, ma IM / /KM nén IKM M 1a hinh binh hanh.

Suyra IK / /MM .MM  <(BCC'B')=IK //(BCC'B') (1)

Goi N lé trung diém cua CC', tam giac AMN c6
) —= A6 = 2 (tinh chat trong tAm)
AM AN 3

Suyra IG//MN ma MN <(BCC'B') nén IG//(BCC'B').(2)
¢) Tir (1) va (2) suy ra (IKG)//(BCC'B').

Vi (4KG)=(4M'C),(4IB')=(AMB'), ta cin chimg minh
(4M'C)//(AMB').
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Cau 2:

D& thdy AMM A’ 1a hinh binh hanh nén AM //AM ma AM < (A’M’c) nén
AM | /(AM'C).(3)

M //BM o

Taco : CM /1 ., =>CMB M 1a hinh binh hanh, suy ra:
CM =BM
BM/ICM',CM' <(AM'C)=BM//(AMC).(4)
d) Tir (3) va (4) suy ra (A M'C)//(AMB'), hay (AKG)//(AIB').
Cho hinh chép S.4BCD ¢6 day ABCD 1a hinh binh hanh. Goi H,7,K lan luot 14 trung diém
ctia SA,SB,SC . Goi M 1a giao diém cia Al va KD, N 1a giao diém cua DH va CI .
a) HI / /(ABCD)
b) (HIK)//(ABCD).
c) SM va HI chéo nhau
d) (SMN) cit (HIK)
Loi giai
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Sai ‘
N

c

a) b) Vi HI 1a duong trung binh cta tam giac SAB nén HI//AB,

ma AB c (ABCD)—= HI//(ABCD). (1)

Tuong tu ta c6: KI//BC,BC c (ABCD)= KI//(ABCD). (2)

Mat khac: HI — (HKI),KI c (HKI),HINKI=1.(3)

Tu (1), (2) va (3) suy ra (HIK)//(ABCD).

¢)d)

. {M € Al, Al — (SAB)

Vi = M € (SAB) N (SCD)
M € DK, DK < (SCD)

= SM =(SAB) N (SCD).

Page 11

Swu tdm va bién soan



Cau 3:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

(SAB)N(SCD) = SM
Khi d6: < AB < (SAB),CD c (SCD)= SM //AB//CD = SM / /HI (1)
AB//CD
Vi {N e DH,DH c (SAD)
N eCI,CI c (SBC)

= SN =(S4D) N (SBC).
Khi dé, ta co:

(SAD)N(SBC)=SN

AD < (SAD),BC c (SBC)= SN //AD//BC = SN //KI (2)

AD//BC
Mit khac ba diém S, M, N khong thiang hang. (3)
Tu (1), (2), (3) suy ra (SMN)//(HIK) .
Cho hinh chép S.4BCD c6 day 14 hinh binh hanh tim O. Goi M, N lan luot 14 trung diém cta
S4 va SD.
a) MN //(SBC)
b) (OMN)//(SBC).
¢) Goi E la trung diém doan 4B va F 1a mot diém thudc doan ON . Khi d6 EF cit voi mit
phang (SBC).
d) Goi G 1a mot diém trén mat phang (4BCD) cach déu AB va CD.Khi d6 GN cit (SAB)

Loi giai
‘ a) DPung ‘ b) Ping ‘ ¢) Sai ‘ d) Sai ‘

a)b) Vi MN 1la duong trung binh cua tam giac SAD
nén MN//AD = MN //BC = MN //(SBC). (1)
Tuong tu, ta cd6 O, N theo thir tu 1a trung diém cua BD,SD nén ON la duong trung binh cua
tam gidc SBD = ON //SB = ON //(SBC). (2)
Tu (1) va (2) suy ra (OMN)//(SBC).

— N e (SAD) N (SBC)

¢) Tacod OF la duong trung binh cta tam giac ABD nén OFE//AD = OE //MN .
Do d6 E € (OMN). Mitkhéc F € ON,ON c (OMN)= F € (OMN).
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Cau 4:

— EF / [(SBC).

. [EF < (OMN)
(OMN)/ [(SBC)
d)

Vi G thudc mit phing (4BCD) va cach déu AB,CD nén G thudc duong trung binh ctia hinh
binh hanh ABCD (ttng v&i hai canh 4B, CD).

Goi I 1a trung diém BC thi 7,0,G thang hang.

Ta c6 OI 1a duong trung binh cua AABC nén OI //AB = OI / /(SAB) .(3)

Tuong tu, ta c6 ON //SB = ON / /(SAB) .(4)

Tu (3), (4) suy ra (OIN)//(SAB) ma NG c (OIN) nén NG/ /(SAB).

Cho hinh hop ABCD- A'B'C'D'. Goi G,,G, la trong tdm cua céac tam giac 4'BD,B'D'C .

a) A'D'CB 1a hinh binh hanh

b)(A'BD)//(B'D'C)

¢) G,,G, cung thugc AC’

d) GG, :§AC’
Loi giai
‘ a) Ding ‘ b) Diing ‘ ¢) Pung ‘ d) Sai ‘
a)b)
VS AD //B o

Vi ABCD-A B C D 1a hinh hop nén {A’ , [ g = A D CB 1a hinh binh hanh.
Suyra AB//CD' = AB//(BDC).(1)

AB//CD
Tuong tu, ta co: < | c = A B CD la hinh binh hanh.

AB =CD

Suyra AD//BC= AD//(BDC).2)

Tir (1) va (2) suyra (4BD)//(BDC).

c)d)

Goi 0,01 theo thir tu 1a tAm cua cac hinh binh hanh ABCD,ABC'D', ACC A .
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Vi G, 1a trong tAm tam gidc AB' D nén i—(g =§ = G, la trong tdm tam gidc 4 AC, suy ra
G =AI~A0.(3)

Tuong tu, G, 1a trong tAm tam gidc B D'C nén CGZ, _2

co 3

= G, la trong tim tam gidc AC'C,suyra G,=CINCO . (4)

Tir (3) va (4) suy ra G, G, cung thuoc AC'.

A B
pe
e
v O
s
Y .~
1 [y =t -7
: f‘ -
— Gya
T L
/ -
D : ¢ C
~ T ra [y -
.. G N
-~ [t - b o
S P S \ K
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?i-\t ........ ._F-. cepenesfencanead Br
A ‘ - - -
! Y r’ Pt e
‘ ~ -
K s
’ ’ ‘Gz.
/ ~ T
s e .
s _,-“‘- A
J e PAE
r) ‘-- -
I T -~
s - ~
- C
I3 )
D c’

Ching minh 4G, =G,G, =G,C = %AC' ;

. AG, 2 4G, 1CG, 2 CG, 1
TacH): —L=——T=—— 2 =" 2 —_,

Al 3  4AC 3 CI 3 AC 3
Do vdy AG, =G,G, =G,C =%AC’.

Vay G,,G, cing thuoc AC', ddng thoi chia AC thanh ba phan bang nhau.

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 15i tir cdu 1 dén cau 6.

Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh binh hanh. Goi £, F, K lan luot 1a cac diém
X EA FA KD . . %
thudc cac canh AB, S4, SD (khac ddu mut) sao cho —=—=—— va goi H la giao diém
EB FS KS

ctia canh CD va mit phang (EFK). Xét cac khang dinh sau:
(1) EK// (SBC).(2) KH // (SBC).
(3) EH // (SAD). (4) FK// (SAD).

Trong cac khang dinh trén c6 tat ca bao nhiéu khang dinh dung?
Loi giai
Tra loi: 3
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Theo dé bai, ta c6: E:E:Q suyra EF//SB, FK// AD hay FK//BC.
EB FS KS
Do do, (EFK)//(SBC).
Vi (EFK)//(SBC) va (SBC)n(SCD)=SC nén (EFK)Nn(SCD)=KH, Véi
KH//SC,H € CD.
Tu d6 suy ra E—A=F—A=Q=@ hay EH// AD .
EB FS KS HC
Khi do:
(1) EK// (SBC) dung vi EK — (EFK) va (EFK)//(SBC).
(2) KH // (SBC) dung vi KH « (SBC); KH//SC; SC = (SBC).
(3) EH // (S4D)

dung vi EH ¢ (SAD); EH // AD; AD < (SAD).
(4) FK// (SAD) sai vi FK < (SAD).

Vay ¢6 3 khang dinh dung.
Cho 3 mit phing (P),(Q),(R) d6i mot song song véi nhau. Puong thing a cat cc mét phang

(P),(Q),(R) lan luot tai 4,B,C sao cho ;—€:§ va duong thang b cit cic mat phang

(P).(0).(R) lan luot tai A", B ,C". Tisé ;,g biing (két qua lam tron dén hang phén tram)

Loi giai
Tra 10i: 0,67
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Theo dinh li Thales trong khong gian, Ta co: AB _ ﬂ _2 .
BC BC 3
Cau3: Cho hinh hop ABCD.A'B'C'D'. Goi M nam trén canh AA' sao cho A4’ =4MA'. Mit phang
qua M va song song (A'B'C'D') cit BB tai N. Tiso % bang (két qua lam tron dén hang

phan tram)
Loi giai
Tra loi: 0,33

A'M _BN _1

AM BN 3

Cau4: Cho tir dién ABCD vaba diém P,Q,R lan luogt trén ba canh AB,CD, BC sao cho PR || AC va
CQ =30D. Goi giao diém cia AD va (PQR) la S.Khi d6, AD =x.DS.Tim x.

Theo dinh li Thales trong khong gian, Ta co:

Loi giai
Traloi: 4
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Goi I la giao diém cta BD va RQ. Goi S =IPN AD.

. DI BR CQ . CO DI BR 1 DI 1 RC
Tacd === —-S=1va —==3Suyra —.— =~ & —=—.—.
1B RC QD oD IB°RC 3 IB 3 BR
‘ . RC AP DI 1 AP
Vi PR song song voi AC suyra — =-—— = —=—
BR PB 1B 3 PB
Laico A DLBP_ | SATAPBP | S4 5 s4—s3sp.
SD 1B PA SD'3 PB PA SD

Suy ra 4D =4Ds.

Cho hinh binh hanh ABCD.Qua 4, B, C, D lan luot v& cac nira duong th:fmg Ax, By, Cz,
Dt & cung phia so véi mit phing (ABCD), song song voi nhau va khong ndm trong (ABCD)
. Mot mit phéng (P) cit Ax, By, Cz, Dt tuong tmg tai A', B', C', D' sao cho AA'=6,
BB'=10, CC'=8. Tinh DD'.

Loi giai

Tra loi: 4

Do (P) cit mit phing (Ax, By) theo giao tuyén A'B' va ct mit phang (Cz, Dt) theo giao tuyén
C'D', ma hai mét phang (Ax, By) va (Cz,Dt) song song nén A'B'//C'D'.
Tuong tw c6 A'D'//B'C" nén A'B'C’'D’ 1a hinh binh hanh.
Goi O, O’ 1an luot 1a tAm ABCD va A'B'C'D'. Dé dang c6 OO’ 1a duong trung binh cua hai
AA'+CC'_ BB'+ DD’

2 2

hinh thang 44'C'C va BB'D'D nén OO' =

Tudotacd DD' =4.
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Ciu 6:

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh, cac diém M , N 1an luot thudc cic
canh SB, AC sao cho % :%z x, (0<x=1).Goi G la trong tdm tam giac SCD . Tim x

dé (MNG)//(SAD).

Loi giai

Tra loi: 2

Tacd ——=——=x, (0<x=#1) nén BC, MN, SA lan luot ndm trén ba mit phing song song,

suy ra MN//(SAD), Vxe(0<x#1). Do d6

NC _QC _ NC_GC _,
NA OD  NA GL
Vay voi x =2 thi (MNG)//(SAD).

(MNG)//(SAD) < NQ//AD <
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| CHUONG |

QUAN HE SONG SONG
TRONG KHONG GIAN

BAI: HAI MAT PHANG SONG SONG
PE TEST SO 02

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén cau 12. M&i cau hoi

Cau l:

Cau 2:

Cau 5:

Cau 6:

thi sinh chi chon mot phuong an.

Cho hai mét phiang (P) va (Q) song song v6i nhau. Ménh dé nao sau day sai?

A. Duong thing d = (P) va d' = (Q) thi d//d".

B. Moi duong thang di qua diém A4 e (P) va song song v&i (Q) déu nam trong (P) )

C. Néu duong thang A cit (P) thi A ciing cat (Q)

D. Néu dudng thang a = (Q) thi a//(P).

Cho hai mit phang phan biét (P) va (Q); dudng thang a = (P);b <= (Q). Tim khing dinh sai
trong cac ménh dé sau.

A.Néu (P)//(0Q) thi a//(Q).

B. Néu (P)//(Q) thi b//(P).

C.Néu (P)//(Q) thi a va b hoic song song hogc chéo nhau.

D. Néu (P)//(Q) thi a//b.

Chon ménh dé sai trong cdc m¢nh dé sau day

A. Hai mat phing song song v6i nhau thi moi duong thing nam trong mit phang nay déu song
song véi mat phang kia.

B. Mot mit phing cit hai mat phang song song cho trudc theo hai giao tuyén thi hai giao tuyén
d6 dong qui v6i nhau.

C. Hai mit phang song song thi khong c¢6 diém chung.

D. Hai mit phang phan biét khong song song thi cat nhau.

Cho hinh hop ABCD.A'B'C'D' . Mit phang (BC'D) song song véi mit phing nao trong céc mit
phang sau day?

A. (AB'D). B. (4'C'C). C. (BDA'). D. (BCA).

Cho hinh chép S.4BCD c6 day 14 hinh thang (4B//CD) va AB=2CD . Goi I,J lan luot 1a
trung diém cia SB va AB . Mit phing nio song song v4i mit phang (SAD)?

A. (BCI). B. (BlJ). C. (8JO). D. (CLJ).

Cho tir dién ABCD. Goi I,J,K lan luot 1a trong tam cac tam giac ABC, ACD,ABD va M,N
1an luot 1a trung diém cta cac canh BC,CD . Khang dinh nao dung?

A. (DJK)//(ABC) . B. (KMN) //(ABC) . C. (IJK)//(BCD) . D. (IJK)//(KMD) .
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Cau7:

Cau 10:

Cau 11:

Cau 12:

Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh tdim O. Goi M,N, P theo tht tu l1a
trung diém ctia S4,SD va AB . Khang dinh nio sau day dung?

A. (NOM)//(SAC).  B.(MNO)//(SBC). C.(PON)//(SAD). D.(NMP)//(SBD).
Cho hinh chép S.ABCD day 1a hinh thang, AB//CD, AB=a; CD =2a, goi I 1a giao diém cta
AC va BD.Qua I ké duong thang song song CD cit BC tai M . Trén canh SC liy diém N
sao cho: CN = 2NS . Khing dinh nio sau ddy dung?

A. (IMN)//(S4B).  B.(IMN)//(SAD). C.(IMN)//(SAC). D. (IMN)//(SBD).
Cho hinh chép S.ABCD c¢6 ddy ABCD 1a mét hinh binh hanh. Goi 4', B, C', D' lan luot 1a
trung diém cua céac canh S4, SB, SC, SD. Tim ménh dé dlng trong cadc ménh dé sau:

A. A'C'//(SBD). B. (A'B'C")//(ABC). C. A'B'//(SAD). D. A'C'//BD.

Trong khong gian, cho dudng thang d va hai mit phang phan biét (P) va (Q). Ménh dé nao
dudi day ding?

A.Néu (P) va (Q) cung cat d thi (P) song song véi (Q) .

B. Néu (P) va (Q) cung song song vé6i d thi (P) song song véi (Q).

C. Néu (P) song song v6i (Q) va d nam trong mp (P) thi d song song véi (Q) .

D. Néu (P) song song véi (Q) va d cit (P) thi d song song véi (Q).

Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh tam O. Goi M, N, P theo tht tu
1a trung diém ctia S4, SD va 4B .Khang dinh nao sau day ding?

A. (MNP)// (SBO). B. (OMN) cit (OPM).

C. (MPN)//(SBC). D. (PON)N(MNP)= NP .
Cho hinh hop ABCD.A'B'C'D’ . Ménh dé nao sau diy SAI?

A. (ABCD)// (A'B'C'D"). B. (44'D'D)// (BCC'B').
C. (BDD'B')// (ACC'4"). D. (ABB'A")// (CDD'C").

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi

Cau l:

sinh chon ding hoac sai.
Cho hinh binh hanh ABCD va ABEF nam ¢ hai mit phang khac nhau. Goi M 1a trong tdm
AABE . Goi (P) 1a mit phang di qua M va song song v6i mit (ADF). Liy N 1a giao diém ciia
(P) va AC.
a) EFDC la hinh thang
b) FD//EC
c) (ADF)//(BCE).
a) AN _;
NC
Cho hinh chép S.4BCD c6 ddy ABCD la hinh binh hanh tim O. Goi M, N lan luot 14 trung
diém ciia S4 va SD . Khi do:
a) ON chéo nhau voi SB
b) (OMN)//(SBC).
¢) Goi P va O la trung diém ciia AB va ON . Khi d6 PO cit (SBC)
d) Goi R 1a trung diém AD . Khi &6 (MOR)//(SCD) .
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 3:

Cau 4:

Cho lang tru tam giac ABC.A'B'C'. Goi I va I' 1an luot 13 trung diém ctia BC va B'C’. Khi
do:

a) 1I'//BB'.

b) AA'I'l 1a hinh binh hanh.

c) 14" song song (AB'C").

d) Giao tuyén ctia (AB'C’") va (A'BC’) la duong thing di qua giao diém cua hai duong thang
Al A'T .

Cho hinh hop ABCD.A'B'C'D' ¢6 cac canh 4A4',BB',CC', DD’ song song voi nhau.

a) (BDA')//(B'D'C').

b) Duong chéo AC" di qua trong tim G,,G, clia tam giac BDA' va B'D'C.

¢) AG, =2GG,

d) Mat phing (4'B'G,) cit hinh hop ABCD.A'B'C'D’ tao thanh mét tir gidc 1a hinh binh hanh

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 5:

Cau 6:

Cho hinh chép S.4ABC ¢6 G 1a trong tim tam giac ABC . Goi () 1a mit phang qua G va song
song véi mat phang (SBC). Goi thiét dién cua hinh chop S.ABC cit boi mat phang () 1a tam

. . o 2 SM 4
gidc MNP v61i M € SA,N € AB, P € AC . Tinh gia tri ctia biéu thuc TR (ket qua lam tron deén

hang phan tram)
Cho hinh chép S.4BCD c6 day ABCD 1a hinh binh hanh. Goi M, N 1an luot 14 trung diém cta

cac SB,SD; K la giao diém cua mit phang lan (AMN) va duong thang SC . Ti sb %bﬁmg
Cho hinh chép S.4BCD c6 ddy ABCD la hinh binh hanh. Goi A, N 1an luot 1a trung diém ciia
cic SC,0OB v6i O=ACNBD;I =SDN(AMN). Ti 5O }% bang (két qua lam tron dén hang

phan tram)

Cho hinh chép S.4BCD . Cé ddy ABCD 1a hinh vuéng canh 3a~2 . SA L (ABCD), SA=2a7

.Goi M, N lan luot thudc cac canh SB,SD sao cho SM =2MB, SN =2ND . Mit phfmg (AMN)

cat canh SC tai /. Tinh dién tich t& giac AMIN khi a =3.

Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tdim O. Trén céc canh SB,SD lan
SM SN 2

luot lay cac diém M, N sao cho <5 = ) = 3 Mit phang (a)di qua diém O va song song

v6i mit phang (AMN) cét SC tai J. Tinh ti s6 g—é

Cho hinh chép S.4BCD cé day 1 hinh binh hanh tim O, E 1a trung diém ctiia SB . Biét rang
AEAC déu, BD=2A4C=2. Léy I trén doan OD vé1 DI = x (0 <x< l). Goi (a) la matphéng
qua [ va song song voi (ACE ) Mat phéng (a) cit AD,CD,SC,SB,SA lan luot tai
M,N,P,0,R . Tim dién tich 16n nhat cta ngii gi\c MNPOR ? (két qud lam tron dén hang phan

tram)
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HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

Cau 3:

Cau 4:

thi sinh chi chon mgt phuwong an.

Cho hai mat phang (P) va (Q) song song v6i nhau. Ménh d€ nao sau déy sai?

D thing () v (€)1

B. Moi duong thing di qua diém A € (P) va song song v6i (Q) déu nam trong (P).
C. Néu duong thang A cit (P) thi A ciing cat (Q)
D. Néu duong thing a = (Q) thi a//(P).
Loi giai
Néu (P) va (Q) song song v6i nhau va dudng thing d = (P), d' =(Q) thi d,d" c6 thé chéo
nhau. Nén khang dinh A 14 sai.
Cho hai miat phang phan biét (P) va (Q) ; duong thing a (P);b c (Q) Tim khang dinh sai
trong cac ménh dé sau.
A.Néu (P)//(Q) thi al/(Q).
B. Néu (P)//(Q) thi b//(P).
C.Néu (P)//(Q) thi a va b hodc song song hodc chéo nhau.

DN (P)1(Q) 0 0
Loi giai

Pép an D sai vi khi cho hai mat phéng phan bi¢t (P)//(Q) ; duong théng ac (P);b c (Q) thi
a va b ¢6 thé chéo nhau.
Chon ménh d¢ sai trong cac ménh dé sau day
A. Hai mit phing song song v&i nhau thi moi duong thang ndm trong mit phang nay déu song
song v6i mat phang kia.
B. Mot mét phing cit hai mit phing song song cho trude theo hai giao tuyén thi hai giao tuyén
C. Hai mit phing song song thi khong c6 diém chung.
D. Hai mit phang phan biét khong song song thi cit nhau.

Loi giai
St dung tinh chét ciia hai mit phiang song song.
Cho hinh hop ABCD.A'B'C'D' . Mit phang (BC'D) song song v6i mat phing nao trong cac mat
phing sau day?
A. (4B'D'). B. (4'C'C). C. (BDA'). D. (BC4').

Loi giai
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Cau 5:

Ciu 6:

B'

/
A l

Ta c6 ADC'B' 1a hinh binh hanh nén AB'//DC"; ABC'D’ 1a hinh binh hanh nén AD'//BC’
Suy ra (4B'D")//(BC'D).
Cho hinh chép S.4BCD c6 day 14 hinh thang (4B//CD) va AB=2CD . Goi I,J lan luot la
trung diém cua SB va AB . Mit phang nao song song véi mat phang (S4D)?
A. (BCI). B. (BlJ). C. (8JO). D. (CL)).
Loi giai

Xét tam gidc SAB,tacd 1J//SA
1J//S4
C6 < SAc(S4D)= 1J //(SAD)(1)
1J & (SA4D)
Ta c6 tir gidc ADCJ 1a hinh binh hanh suy ra CJ //AD
CJ//AD
AD < (8S4AD)=CJ | /(SAD)(2).
CJ & (S4D)
Tu (1), (2) suy ra (C1J)//(SAD) .
Cho tir dién ABCD . Goi 1,J,K lan luot 1a trong tdm cac tam giac ABC, ACD,ABD va M,N
lan luot 14 trung diém cua cac canh BC,CD . Khang dinh nao ding?
A. (DJK)/I(ABC).  B.(KMN)//(ABC). C.(UK)/(BCD)! D. (LJK)//(KMD).

Loi giai
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Cau 7:

A

Ta co
Goi M, N, P lan luot 1a trung diém ciia BC,CD,BD .
Khi dé 1,J,K lan luot 1a trong tam cac tam giac ABC, ACD, ABD nén [,J,K lan lugt nam
trén SM,SN,SP va i=£=S—K=%

SM SN SP 3
Suy ra IK//MP va KJ//PN

IK//MP

Ta co: + < MP < (BCD) = IK//(BCD)

IK « (BCD)

KJ/IPN
+ 4PN < (BCD)= KJ//(BCD)
KJ ¢ (BCD)

IK//(BCD)
JK//(BCD)
IK,JK < (1IK)
IK nJK ={K}
Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh tdim O. Goi M,N, P theo tht ty l1a
trung diém cua S4,SD va AB . Khing dinh nao sau diy ding?

A. (NOM)//(SAC).  B.(MNO)//(SBC). C.(PON)//(SAD). D.(NMP)//(SBD).

Loi giai

Viy = (1K )//(BCD)
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Vi M, N theo thu ty la trung diém ctua S4,SD va O la trung diém ciia AC va BD nén
MO//SC

MO & (SBC)= MO//(SBC) (1).

SC c (SBC)

NO//SB

NO & (SBC)=> NO//(SBC) (2).

SB < (SBC)

MO//(SBC)

NO//(SBC)

Tu (l)va(2): {\MONNO=0= (MNO) //(SBC).

MO = (MNO)

NO < (MNO)

Cau 8:  Cho hinh chop S.ABCD day 1a hinh thang, AB//CD, AB=a; CD =2a, goi I 1a giao diém cua

AC va BD.Qua I ké duong thang song song CD ciat BC tai M . Trén canh SC liy diém N
sao cho: CN = 2NS . Khang dinh nio sau day dung?

A. (IMN)//(S4B).  B. (IMN)//(SAD). C.(IMN)//(SAC). D.(IMN)//(SBD).

Loi giai

Ta co:
IM//CD = IM//AB.

IM//AB
IM & (SAB)= IM//(S4B) (1).
AB = (S4B)

Trong (ABCD):%:%:%: jICC" —g— (gg

Ma CN=%:>ﬂ=%:>MN//SB.
cS 3 CS CB
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MN//SB
MN & (SAB)= MN//(SAB) (2).
SB — (SAB)

IM//(SAB)

MN//(SAB)

Tu (1) va (2): {IM "MN =M = (IMN)//(SAB).

IM < (IMN)

MN < (IMN)

Cau9: Cho hinh chép S.ABCD c6 ddy ABCD la mot hinh binh hanh. Goi 4, B', C', D' lan luot 1a
trung diém cua cac canh S4, SB, SC, SD. Tim ménh dé dlng trong cdc m¢nh dé sau:

A. A'C'1/(SBD). B. [(AB'CYI(4BE). C. 4'B'//(S4D).  D. AC'/IBD.

Loi giai

A'B'// AB A'B'//(ABC
{ ! { (5C) _ wweryiasc).

Vi =
B'C'//BC ~ |B'C'//(ABC)

Cau 10: Trong khong gian, cho duong thang d va hai mat phang phéan biét (P) va (Q). Ménh dé nao

dudi day dang?

A.Néeu (P) va (Q) cung cat d thi (P) song song vdi (Q) .

B. Néu (P) va (Q) cung song song v6i d thi (P) song song véi (Q).

C. Néu (P) song song v6i (Q) va d nam trong mp (P) thi d song song v6i (Q).

D. Néu (P) song song v6i (Q) va d cat (P) thi d song song véi (O) .

Loi giai

Chon C. Néu (P) song song véi (Q) va d nam trong mp (P) thi d song song véi (Q).
Cau 11: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tdim O. Goi M, N, P theo thi tu

1a trung diém cia SA, SD va AB.Khing dinh nao sau diy diing?

A. (MNP) I/ (SBO). B. (OMN) cat (OPM).

C. (MPN)// (SBC). D. (PON)~(MNP)= NP.
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Xét hai mt phing (MON ) va (SBC), ta c6: OM // SC va ON // SB.
Ma BSNSC=C va OM NON =0.
Do d6 (MON) // (SBC).

Céu 12: Cho hinh hop ABCD.A'B'C'D’ . Ménh d& nao sau day SAI?

A. (ABCD)// (A'B'C'D"). B. (44'D'D)// (BCC'B').
C. (BDD'B")// (ACC'A'). D. (4BB'A")// (CDD'C").
Loi gidi

A. ding vi hai mit phang (ABCD)va (A'B'C'D')1a hai mit d6i cua hinh hop nén song song.
B. ding vi hai mit phing (44'D'D)va (BCC'B') la hai mit ddi ctia hinh hop nén song song.
C. SAI vi hai mat phing (BDD'B') va (ACC'A’) cdt nhau.

D. ding vi hai mit phang (ABB'A")va (CDD'C’)1a hai mit ddi ctia hinh hop nén song song.

PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi
sinh chon ding hoac sai.

Cau 1: Cho hinh binh hanh ABCD va ABEF nam & hai mit phang khac nhau. Goi M 1a trong tim
AABE . Goi (P) 1a mit phang di qua M va song song v6i mit (ADF). Liy N 1a giao diém ciia

(P) va AC.
a) EFDC la hinh thang
b) FD//EC
¢) (ADF)/ /(BCE).
g 2 _3
NC
Loi gidi
‘ a) Sai ‘ b) Piling ‘ ¢) Pung ‘ d) Sai ‘
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

B C
a) b) ¢) Cho hinh binh hanh ABCD va ABEF nam ¢ hai mit phiang khac nhau. Ching minh
rang: (ADF)//(BCE).
) {EF /1CD(/ | AB)

Ta co

EF = CD(= 4B)
= FD//EC.

AD//BC; AF | |BE
Tacé { AD, AF < (ADF); AD N AF = A=> (ADF)/ /(BCE)

BC,BE c (BEC);BCNBE =B

d) Tinh 4.
NC

= EFDC 1a hinh binh hanh.

C
V& mp (P) chia M va (P)//(ADF) cit AB, AC,CD,EF lan luottai I,N,K,J .

Ta co: Al = ﬂ(IN//BC)
BI NC

Ta co: B _ME_ 2(IS11JE)
IS MS
BI = EJ (tr giac BIJE la hinh binh hanh)
BI BI IS BI+IS BS
1S 2 1 2+1 3

N B[z%BS;IS :%BS

*Bs
Ta co: AI:AS+AI:BS+lBS:iBS:>>£:3—=2:>A—N:2
3 3 ZBS NC
3

Cho hinh chép S.ABCD ¢6 didy ABCD 1a hinh binh hanh tim O. Goi M, N lan luot 14 trung
diém cua S4 va SD. Khi do:
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a) ON chéo nhau voi SB
b) (OMN)/ /(SBC).
¢) Goi P va O la trung diém ciia AB va ON . Khi d6 PO cit (SBC)
d) Goi R la trung diém AD . Khi d6 (MOR)//(SCD) .
Loi giai
| a)Sai | b)Ping | ¢)Sai | d)Ding |

a)b) Taco OM //SC (dudng trung binh tam gidc SAC). Tacd ON //SB (dudng trung binh
tam giac SBD).
ON //SB;OM //SC
Taco {OM,ON c (OMN),OM nON =0
SB,SC c (SBC),SBNSC =S8
= (OMN)/ /(SBC)
¢) Goi P va Q lan luot 1a trung diém ciia 4B va ON . Ching minh: PQ//(SBC)
Tach {OP //AB
AB//MN
= OP//MN = OMPN 1a hinh thang = P € (OMN).
T el {NP < (OMN)
(OMN)/ I(SBC)
d) Goi R la trung diém 4D . Chimg minh: (MOR)//(SCD) .
Tacé OR//CD (duodng trung binh cia tam giac ACD)
OM //SC(cmt)
. |OR//CD(cmt)
Ta co = (MOR)/ /(SCD)
OM ,OR —c (MOR),OM NOR =0
SC,SD c (SCD),SCnSD =S
Cho ling tru tam giac ABC.A'B'C’. Goi I va I' 1an luot 1a trung diém cua BC va B'C'.
a) II'//BB'.
b) AA'I'l 1a hinh binh hanh.
¢) 14" song song (A4B'C").

— NP/ /(SBC)

d) Giao tuyén ctia (AB'C’) va (A'BC’) 1a duong thang di qua giao diém cia hai duong thing
Al A'T .
Loi giai
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Cau 4:

‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Pung

a)b) Tacéd I',1 1a trung diém cua B'C va BC.

Suy ra /I’ 1a dudng trung binh ctia hinh binh hanh BB'C'C.

Suyra II' =BB va Il //BB .

II'//44(//BB')

Tacoy , ,
II'= 44 (= BB')

— AAI'I 1a hinh binh hanh. = AI//AT .

¢) Trong ( IAA’I'), goi E=AI nAT.

{Ee Al AI < (4B'C) , -
Suy ra , :SuyraE=AIm(ABC).
EecAdl

d) Tim giao tuyén ciia (4B'C’) va (4 BC').

Trong (A4 B'B), goi F=AB' N AB.

FeAB;AB (4BC) o o

= o . = Fe(4BC)n(4BC) ()
FeABABc(ABC)

Taco E=AI NAT.

Ec Al ; Al (AB’C’)

AB'C ) (A4'BC')(2
- EeA'I;A’Ic(A’Bc’):EE( b )m( b )()

Tir (1) va (2) suy ra EF =(AB'C')n(4BC).
Cho hinh hop ABCD.A'B'C'D' ¢6 cac canh AA',BB',CC', DD’ song song voi nhau.
a) (BDA')//(B'D'C").
b) Duong chéo AC" di qua trong tim G,,G, clia tam giac BDA' va B'D'C.
¢) AG, =2GG,
d) Mit phang (A4'B'G,) cét hinh hop ABCD.A'B'C'D’ tao thanh mot t(r gic la hinh binh hanh
Loi giai
‘ a) Pung ‘ b) Ping ‘ ¢) Sai ‘ d) bung

Page 12

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

a) Chimg minh: (BDA')//(B'D'C).

Ta ¢6 BA'D'C 1a hinh binh hanh nén B4 / /D C .
Ta c6 BB'D' D 1a hinh binh hanh nén B'D //BD.
BA'//DC

BD//BD

Tacopy B (BAD);B4 nBD=B

BD,DCc (B’D’C);B'D' NDC=D
=(BDA')//(BDC).
b) Chirng minh dudng chéo AC" qua trong tim G, G, clia tam gidc BDA va BDC.
Trong (ABCD), goi O=ACNBD.

Oe AC;AC < (ACCA) o ,

. =0e(4CC4)n(BDA).

O e BD;BD c (BDA )
Mi 4 €(ACC'A')n(BDA') nén 40=(ACC'4)~(BDA)
Trong (ACC'A), goi E=A40NAC'.

]

——=2 (Thales)
EO A0

Suy ra E trung véi trong tim G, cua tam giac BDA .(1)
Trong (A'B'C'D'), g0i O =AC NBD.

—
o
o
o
Il

0'edC;AC c(4cC'4) | o o
=1 . '=>0e(d4CcC4)n(BDC).
O eBD;BD c(BDC)
Ma C e (Acc’A’)m(B’D’c) nén CO = (Acc’A')m(B'D’c).
Trong (ACC’A’), goi F=CONAC' .

Tacod C—F = ﬁ =2 (Thales)
FO CO
Suy ra F tring véi trong tim G, cua tam giac BD'C. (2)

Tur (1) va (2) suy ra AC" qua trong tim G,, G, ctia tam gidc BDA 'va BD'C.
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¢) Chimg minh G, G, chia doan AC " thanh ba phan bang nhau.
Trong (44'C'C), goi I=ACNAC

A’ o’ e
I
1
AT o C

J \ A ) .y ' A 2 2 1 ’ 1
Ta cod G, la trong tdm cua tam gidc 4 AC nén AG, :EAIZEEAC :EAC

. . A A 2 .21 . 1
Tacd G, la trong tam cua tam gidc 4 CC nén AG, ZEC[:EEAC ZEAC

Tacd G,G,=AC — AG —-CG,=AC —%AC' —%AC' :%AC'.
Txdétacd AG, =GG,=G,C [= %AC'].

Suy ra G,,G, chia doan AC" 'thanh ba phan bang nhau.

d) Xac dinh thiét dién cit boi mat phang (A’B’G2 ) . Thiét dién 1 hinh gi?
Xét tam giac BDC, goi P=BG,"CD'.

Suy ra P 14 trung diém cua CD'.

Trong (A'B'Gz), vé Px//AB.

Trong (Cc’D'D),Px cit CC',DD' 1an luot tai M va N.

Suyra MN//CD va MN =CD.

(4BG,)n(4BCD)=4B

(4BG,)n(BCCB)=BM

Ta co
(4BG,)n(cC'DD)=MN

(4BG,)n(44D'D)=NA
= thiét di¢n ctia (4'B'G, ) va hinh hop ABCD-AB'C'D' la tir gidc A BMN .

Ta ¢ {MN /4B — thiét dién 4 B MN 1a hinh binh hanh.

MN = A B (=CD)

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:

Cho hinh chép S.4ABC ¢6 G 1a trong tim tam giac ABC . Goi () 1a mit phang qua G va song
song v6i mit phang (SBC). Goi thiét dién cua hinh chop S.ABC cit boi mit phing («) 1a tam
. SM ; .
gidac MNP v61i M € SA,N € AB, P € AC . Tinh gia tri ctia biéu thuc TR (ket qua lam tron deén
hang phan tram)
Loi giai
Tra loi: 0,33
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Goi / 1a trung diém BC
Taco SI//MG suy ra Sﬂ:ﬁ:l.
SA 14 3

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N lan luot 14 trung diém cta
cac SB,SD; K la giao diém cua mit phang lan (AMN) va duong thang SC . Ti sb g—lébéng

Loi giai
Tra loi: 0,5

Theo Goi O=ACNBD.

Trong (SBD), 201 I =SONMN .

Trong (SAC)
K=A4InSC
KeAIC(AMN)zKe(AMN)
KeSC

= K =SCN(AMN).

Ké OE //SC . Theo dinh ly Thales, ta co:
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Cau 3:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

AC KC
“0-og'W
10 OE
= x5 (3
Ta co (1).(2):
AC 10 KC OE
A40°IS  OE KS

AC 10 KC

A0°IS  KS
< 2.1 _kc

KS

U

SC 2
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N 1an luot 14 trung diém cua
cic SC,0B v6i O=ACNBD;I =SDN(AMN). Ti sO f—é bang (két qud lam tron dén hang

phan tram)

Loi giai

Tra 1oi: 0,67

Trong (SAC), 201 H =SO N AM = H la trong tam ASAC.
Trong (SBD)
I =NHNSC
IeNH c(AMN)= 1 €(AMN)
1 eSC
= 1 =SDN(AMN).
Ké OE//SD. Theo dinh ly Thales, ta co:
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ND ID
o -og'W
HO OE
s~ as )
Ta c6 (1).(2):
ND HO ID OF
NO HS OE IS
ND HO ID
NO'HS IS
& 3.l = D
2 IS
W32
ID 3
Cau4: Chohinh chop S.ABCD . C6 day ABCD la hinh vuong canh 3av2. S84 L (ABCD), SA= 2a7
.Goi M, N lan luot thudc cac canh SB,SD sao cho SM =2MB, SN =2ND . Mit phfmg (AMN)
cit canh SC tai /. Tinh dién tich tu giac AMIN khi a=3.

Loi giai

Tra loi: 72

A

Taco AC = BD = ABN2 =3ax2/2 =6a, SC =S4 + AC* =\|2a\/7) +(6a)* =8a
Goi O la tam cua hinh vuong ABCD

Trong mit phang (SBD), goi giao diém ctia MN va SO 1a K

Trong mit phang (SAC) goi giao diém cia AK va SC 1a I

Thiét dién tao boi mat phang (AMN) véi hinh chop S.ABCD 1a tir giac AMIN

SM =2MB, SN =2ND = MN = %BD = %.661 =4q

SM =2MB,SN =2ND = SK =§SO
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Cau 5:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Vi SO 1a trung tuyén cua tam gidc ASAC va SK = %SO nén K la trong tam tam gidc ASAC

sty ra Al 1a trung tuyén cua tam gidc ASAC suy ra Al = %SC = %.Sa =4a

MN //BD

Taco SM =2MB,SN =2ND = = Al 1L MN
BD 1 (SAC)= BD 1 Al

T gidc AMIN c6 hai dudng chéo vudng goc nén dién tich cta no 1a

S e = %AI.MN = %451.4(1 =8a" =8.3" =72.

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O. Trén cic canh SB,SD lan
SM SN 2

luot 14y cac diém M, N sao cho 5 -sD°3 Mit phing («)di qua diém O va song song

v6i mit phang (AMN) cit SC tai J. Tinh ti s& %

Loi gidi
Tra loi: 0,75
Ta co SM_SN _2 MN //BD
SB SD
Trong mit phiang (SBD) goi 1 = MN NSO . Tacé MI//BD= i—ﬁg = % :g

Trong mit phang (SAC) goi P=AINSC = P=SCN(AMN) va (SAC)N(AMN)= AP

(P 1a trung diém SC)

Hai mit phing song song (AMN) va (o) bi cit boi mat phang (SAC) theo hai giao tuyén AP
va OJ nén AP//0J

Taco: 1P/ /0] =S =S 2 gy 3gp 3 lge 390503
SO SJ 3 27 T2 Ty SC 4

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tim O, E 1a trung diém cua SB . Biét rang
AEAC déu, BD=2A4C=2.Lay I tréndoan OD véi DI =x (0<x<1).Goi () la mit phang

qua I va song song v&i (ACE). Mt phang (&) cit AD,CD,SC,SB,SA lan lugt tai
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

M ,N,P,0,R . Tim dién tich 16n nhat ctia ngii gidc MNPOR ? (két qua lam tron dén hang phan

tram)

Loi giai

Tra loi: 0,58

Qua / dung dudng thing song song v6i AC cit AD,CD lan lugttai M va N .
Qua / dung dudng thiang song song v6i OF cat SB tai Q.

Qua O dung dudng thing song song vi AE cat SA tai R.

Qua O dung dudng thing song song voi EC cit SC tai P.

Khi d6 (o) =(MNPQR) va (MNPQR)||(ACE).

OP _OR _RP _SP

Ta co: nén AQORP déu.
EC AE AC SC
SD
Ta co: IQ|| OE || SD nén M . Mat khac N _AM nén RM = PN = MNPR la hinh
PN|| SD CD AD
binh hanh.
Lai c6 AEAC déunén OFE L AC = PN L MN . Suy ra MNPQ 14 hinh chit nhat.
y uy . 3
Tam giac EAC déu c6 canh AC =1 nén EO NE) — SD=+/3.
Ta co: M:ﬂ:f = MN =x; RM = AM = o1 =1-x 2RM:(1—x)x/§.
AC DO 1 SO AD OD
Dién tich hinh chit nhat MNPR bang: S,,,,, = x/g(l—x).x = —\3x* +-f3x.
Dién tich tam giac EAC bang: S, :g.
S R R DM DIY
Lai co: ﬂ:(Q_j (S j ( j (—j =x’ SSAQszﬁxz.
S \AE SA4 DA DO 4
Do d6 dién tich ngii giac MNPOR bang: \/7 ( —3x? +\/_x):—ix ++/3x.
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3V3

Xét ham sb f(x):——x +3x v6i 0<x<l.

D& thay ham sb dat GTLN bang ? tai x = % .

3

Vay dién tich 16n nhat cua ngii gidc MNPOR 1a 5
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

| CHUONG |

QUAN HE SONG SONG
TRONG KHONG GIAN

ON TAP CUOI CHUONG 4
PE TEST SO 01

PHAN 1. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Caiu 3:

thi sinh chi chon m¢t phuong an.

Cho céc ménh d@é sau:

(I ) : Néu hai mit phiang song song thi thi moi dudng thing nam trén mit phing nay déu song
song voi moi duong thing nam trén mit phing kia.

(H ) : Néu hai mit phang 1an lugt chira hai duong thing song song thi hai mit phing nay song
song voi nhau.

(IH ) : Hai miat phing phan biét khong song song thi cit nhau.

C6 bao nhiéu ménh dé dung trong cac ménh dé trén?

A. 0. B. 1. C. 2. D. 3.

Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh; diém N thudc canh SD, sao cho
SN = % : diém M thudc cac canh 4D, sao cho AM = %; G 1a trong tAm ctia AABC . Piém

K ludn thudc duong thang MG . Ménh dé nao sau day dang?
A. NK /| SB . B. NK // SA. C. NK // (S4B). ~ D. NK // SC.
Trong khéng gian, cho hinh chép tir giac S.ABCD c6 hinh v& bén duéi. Goi O 1a giao diém cua

AC va BD.
S

c
Giao tuyén cua hai mt phing (SAC) va (SBD) la dudng thang nao?
A. SA4. B. SB. C. SO. D. BC.
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 4:

Cau 5:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cho tir dién ABCD. Goi M,N,P 1an luot la trung diém cua cac canh AB, BC,CD (tham khao
hinh v& bén dudi). Ménh d& nao sau day sai?
A

N P
C

A. AC//(MNP). B. AD//(MNP). C. NP//(4BD). D. MN//(ACD).

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. M 14 trung diém cua SC . Hinh chiéu song
song ctia diém M theo phuong AB 1én mit phang (SAD) 1a diém nao sau day?

A, S. B. Trung diém cta SD .

C. 4. D. D.

Cho hinh chép S.ABCD c6 day 14 hinh thang ABCD (AD//BC). Goi M 1a trung diém CD.
Giao tuyén ctia hai mit phiang (MSB) va (SAC) la

A. SI (I la giao diém ctia AC va BM). B. SO (O la giao diém cua AC va BD).

C. SJ (J la giao diém ciia AM va BD). D. SP (P la giao diém ciia 4B va CD).

Cho tir dién ABCD. Goi M, N lan luot la trung diém ctia 4C, CD. Giao tuyén cua hai mat
phang (MBD) va (ABN ) la:

A. duong thang MN.

B. dudng thing AM .

C. duong thang BG (G 1a trong tAm tam gidc ACD).

D. duong thang AH (H 1a tryc tim tam gidc ACD).

Cho hinh chop S.ABCD, c6 ddy ABCD 1a hinh binh hanh. Goi /,J 1a trong tdm céc tam giac
SAB,SBC . Khi d6 duong thang IJ song song v&i dudng thang nao sau day?
A. AC. B. BD C. 4B. D. BC.

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Giao tuyén cta (S4B) va (SCD) 1a
A. duong thang qua S va song song v6i 4D .

B. duong thang qua S va song song v6i AB .

C. duong thang SO vé6i O 1a tam hinh binh hanh ABCD.

D. dudng thang qua S va song song voi AC.

Cho hinh chép S.ABCD . Goi M, N, P lan luot 1a trung diém ctia S4, SB, SC . Mat phang
(MNP) song song v&i mit phang nao sau day?

A. (ABCD). B. (S4B). C. (S40). D. (SBC).
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Céu 11: Cho hinh lang tru ABC.A'B'C’, goi I, I' 1an luot 14 trung diém cua AB, A'B'. Qua phép chiéu
song song dudng thang AI', mit phang chiéu (A4'B'C) bién / thanh?
A. A4 B. C'. C.B. D. I'.

Céu 12: Cho hinh ling try A4BC.A'B'C". Goi H 1a trung diém cia A'B’. Pudng thing B'C song song
v6i mit phang nao sau day?
A. (HAB). B. (44'H). C. (4HC). D. (HA'C).

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi
sinh chon ding hoac sai.

Cau 1:  Cho hinh hop ABCD.A'B'C'D'. Goi G,,G, la trong tdm cua cac tam giac A'BD, B'D'C.
a) A'D'CB 1a hinh binh hanh.
b) (4'BD)//(B'D'C).
¢) G,,G, cung thuoc AC".

2

d) GG, =§AC’.

Cau2: Trong mit phang (P), cho hinh binh hanh ABCD. V& cic nira duong thiang song song nhau,
ndm vé& mot phia doi v6i mit phang (P) va di qua céc diém 4,B, C,D. Mot mit phing (Q)
cit bdn nira duong thang ndi trén tai 4, B',C',D’.
a) mp(AA',BB') song song v6i mp(CC’,DD").
b) A'B'//C'D'".
c) Tt giac A'B'C'D' 1a hinh thang.
d) Goi O va O' lan luot 1a giao diém cua hai duong chéo cia ABCD va A'B'C'D'. Khi d6
00'/] AA'

Cau3: Cho hinh binh hanh 4BCD va ABEF nam & hai mit phang khac nhau. Goi M 1a trong tim
AABE . Goi (P) 1a mit phing di qua M va song song véi mit (ADF). Lay N la giao diém
cta (P) va AC.

a) EFDC la hinh thang

b) FD//EC

¢) (ADF)//(BCE).
AN

d) Z==3.
NC

Cau4: Cho lang tru tam giac ABC.A'B'C' c¢6 I,K,G lan luot 1a trong tdm cac tam giac
ABC,A'B'C', ACC' . Goi M, M’ 1an luot 13 trung diém cua BC,BC .
a) AMM A" 1a hinh binh hanh;
b) IG cit mit phang (BCC'B').

¢) (IKG) cat (BCC'B');
d) (A'KG)//(AIB').
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Trong mat phang (P) cho tam giac ABC . Trén dudng thang d cit mit phang (P) tai Alay 2
diém phan biét M, N khac A4 (tham khao hinh v& bén dudi). S6 mit phang 1ap duogc tir 5 diém
A,B,C,M,N la

B O
Cho hinh hop ABCD.A'B'C'D'. Goi M,N lan luot 1 trung diém cua CD va CC'. Puong
thang A di qua M dong thoi cit AN va A'B. Goi I,J lan luot 1a giao diém cua A v6i AN
va A'B . Hay tinh ti s6 M

J
Cho hinh chép S.ABCD, ddy ABCD la hinh binh hanh. G 1a trong tdm tam gidc SAD . Mat
phing (GBC ) cit SDtai E. Tinh ti s6 g—g (két qua lam tron dén hang phan tram)
Cho hinh chop S.ABCD c6 day ABCD la hinh binh hanh tdim O, SA=SB=6 va AB=8. Mat
phang (P) di qua O va song song véi (SAB) cit cac canh SC,SD, AD, AB lan luot tai M,N,P,Q.

Tinh dién tich t& gidc MNPQ. (két qud lam tron dén hang phan muoi)
Cho hinh hop chit nhat ABCD.A'B'C'D' . Xac dinh cac diém M, N tuong tng trén cac doan AC’

, B'D' sao cho MN song song v&i BA' va tinh ti sb

Cho tir dién ABCD. Trén canh AB lay diém M sao cho BM =3AM . Mit phang (P) di qua

M song song v6i hai duong thing AD va BC. Gei K 1a giao diém cuia mit phing (P) véi

. . KC
duong thang CD. Tinh ti sO0 —.
CD
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

HUGONG DAN GIAI CHI TIET
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.

CAul: Cho cac ménh dé sau:
(I ) : Néu hai mit phiang song song thi thi moi dudng thing ndm trén mit phing nay déu song
song v6i moi duong thang nam trén mit phang kia.
(I[ ) : Néu hai mit phang 1an lugt chira hai duong thing song song thi hai mét phing nay song
song voi nhau.
(II] ) : Hai miat phing phan biét khong song song thi cit nhau.
C6 bao nhiéu ménh dé dung trong cac ménh dé trén?
A. 0. B. [k C. 2. D. 3.
Loi giai
Ménh dé (III) ding.
Vay trong cic ménh dé da cho chi c6 mot ménh dé dung.
Cau2: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh; diém N thudc canh SD, sao cho

D AD 2
SN = NT ; diém M thudc cac canh 4D, sao cho AM = T; G la trong tam cia AABC . Diém

K ludn thudc duong thang MG . Ménh dé nao sau day dang?
A. NK // SB. B. NK // S4. C.INK /[ (S4B),  D. NK //SC.

Loi giai

B 1 . 1

Do G la trong tdm cua A4ABC, nén ta suy ra B¢ =—; tur gia thiét cling suy ra SV =—; Tu day
BD 3 D 3

ta chimg minh duoc (GMN) // (SAB) = NK // (SAB).

Cau3: Trong khong gian, cho hinh chép tir giac S.ABCD c6 hinh v& bén dudi. Goi O 1a giao diém cua
AC va BD.
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S

c
Giao tuyén cua hai mt phing (SAC) va (SBD) la dudng thing nao?
A. S4. B. SB. C.|so! D. BC.
Loi giai
Cho tir dién ABCD. Goi M,N,P lan luot 1a trung diém cua cac canh 4B, BC,CD (tham khao

hinh v& bén dudi). Ménh d& nao sau day sai?

A
M
B D
N P
C
A. AC//(MNP). B. MDI(VMNP),  C. NPI/(ABD).  D. MN//(ACD).
Loi giai

Cho hinh chép S.ABCD cé day 1a hinh binh hanh. M 14 trung diém cta SC . Hinh chiéu song
song cua diém M theo phuong AB 1én mit phing (SAD) 1a diém nao sau day?
A S. B. Trung diém cua SD .
C. 4. D. D.

Loi giai
Gia st N 1a anh caa M theo phép chiéu song song duong thang AB 1én mit phing (SAD).
Suy ra MN//AB = MN//CD . Do M 1a trung diém ctia SC = N 1a trung diém coa SD .

Cho hinh chép S.4BCD c6 day 1 hinh thang ABCD (AD//BC). Goi M 1a trung diém CD.
Giao tuyén ciia hai mit phiang (MSB) va (SAC) la

A. SI (I la giao diém cia AC va BM). B. SO (O 1a giao diém cua AC va BD).

C. SJ (J la giao diém cua AM va BD). D. SP (P 1a giao diém cua AB va CD).

Loi giai
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Cau 7:

S

Goi I 1a giao diém cua AC va BM .

I e AC c (SAC)

I € BM < (SBM)

Nén [ € (SAC)N(SBM) va S € (SAC)N(SBM)

Vay SI 1a giao tuyén cta hai mit phing (MSB) va (SAC).

Cho ti dién ABCD. Goi M, N lan luot 1a trung diém cia 4C, CD. Giao tuyén cua hai mat
phang (MBD) va (ABN ) la:

A. duong thang MN.
B. dudng thang AM .

C_ dubm hing 56 (G 1 wong tim tam gide ACD),

D. duong thang AH (H 1a tryc tim tam gidc ACD).
Loi giai.
A

B } D
N
C

« B 1a diém chung thi nhit giira hai mat phang (MBD) va (ABN )
« Vi M, N lan lugt 14 trung diém ciia AC, CD nénsuy ra AN, DM 1a hai trung tuyén cua tam
giac ACD. Goi G = AN " DM

G e AN c(ABN)= G €(4BN) , ,

= G la diém chung thir hai gitra hai mat phang (MBD)

G e DM < (MBD)= G €(MBD)
va (ABN )
Vay (ABN)n(MBD) = BG.
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Cho hinh chép S.ABCD, c6 ddy ABCD 1a hinh binh hanh. Goi /,J 1a trong tam céc tam giac

Cau 8:
SAB, SBC . Khi d6 dudng thang IJ song song v4i dudng thang nao sau day?
A. AC. B. BD C. 4B. D. BC.
Loi giai.
Goi M 1a trung diém cua SB . Ta co:
M_MT L 1ac,
MA MC 3
Céu9:  Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Giao tuyén cta (S4B) va (SCD) 1a

A. duong thang qua S va song song v6i 4D .
B. dudng thang qua S va song song voi AB .
C. duong thang SO voi O 1a tAm hinh binh hanh ABCD.

D. duong thing qua S va song song véi AC.
Loi giai

Ta c6: S la diém chung cia hai mit phang (S4B) va (SCD).
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Cau 10:

Cau 11:

AB < (S4B)
Mt khac {CD < (SCD).

AB /I CD
Nén giao tuyén cuia hai mét phang (SAB) va (SCD) 1a duong thang St di qua diém S va song
song véi AB .
Cho hinh chép S.ABCD. Goi M, N, P lan luot 1a trung diém cua S4, SB, SC . Mit phing
(MNP) song song v6i mit phang nao sau day?
A. (ABCD). B. (S4B). C. (S40). D. (SBC).

Loi giai

C
Ta c6: MN la duong trung binh ctia ASAB = MN//AB . Ma MN & (ABCD) = MN//(ABCD)
Tuong tu: NP//(ABCD).
Suy ra (MNP)//(ABCD) .

Cho hinh lang tru ABC.A'B'C’, goi I, I' 1an luot 13 trung diém ctia AB, A'B’. Qua phép chiéu
song song dudng thang AI', mit phang chiéu (A4'B'C) bién / thanh?
A A B. C'. C.B. D.I'.

Loi giai

Iy
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Cau 12:

CAI/BT

Taco
Al = B'T’

} = AIB'I' 1a hinh binh hanh.
Suy ra qua phép chiéu song song duong thang AI', mat phing chiéu (4'B'C ‘) bién diém [
thanh diém B'.

Cho hinh ling tru ABC.A'B'C'. Goi H 1a trung diém cua A'B’. Puong thang B'C song song
v6i mat phiang nao sau day?
A. (HAB). B. (44'H). C. (4HC'). D. (HA'C).

Loi giai

N7/

B’

Goi M 1a trung diém cia 4B suy ra AMB'H 1a hinh binh hanh, nén
MB' || AH = MB' [/ (AHC"). (1)

Vi MH 1a duong trung binh ctia hinh binh hanh ABB'A’ suy ra MH song song va bang BB’
nén MH song song va baing CC' = MHC'C 14 hinh hinh hanh.

= MC | HC' = MC J| (4HC'"). (2)

Tu (1) va (2), suyra (B'MC) /| (AHC')= B'C J/ (AHC").

PHAN II: CAu tric nghiém ding sai. Thi sinh tra 10i cAu héi. Trong mdi ¥ a), b), ¢), d) & mdi ciu, thi

Cau 1:

sinh chon ding hoac sai.

Cho hinh hop ABCD.A'B'C'D' . Goi G,,G, la trong tdm cua cac tam giac A'BD, B'D'C.
a) A'D'CB 1a hinh binh hanh.

b) (4'BD)//(B'D'C).

¢) G,,G, cung thuoc AC".

d) GG, =§AC' .

Loi giai
‘ a) DPung ‘ b) Ding ‘ c¢) Dung ‘ d) Sai ‘
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Cau 2:

i
b

pr= C’
A'D'/I BC
A'D'=BC

Vi ABCD- A'B'C'D' 1a hinh hop nén { = A'D'CB 1a hinh binh hanh. Suy ra a)

bung.
A'D'CB 1a hinh binh hanh suy ra A'B//CD'= A'B//(B'D'C). (1)
A'B'//CD

= A'B'CD 1a hinh binh hanh.
A'B'=CD
Suyra A'D//B'C= A'D//(B'D'C).(2)
Tir (1) va (2) suyra (4'BD)//(B'D'C). Suy ra b) Pung

Tuong tu, ta co: {

A B
b O e
G .
De —— (9
T b oo A
A‘p:ﬁ.:-.:-.'.'.'....- Qe leplann ------23p gt
,"’ * ,‘(’G:z_ -
/. - -““‘«-‘ ol “‘ ..7
S T e ! “-\ K
D' — = (o4
. R ., N . A o
Vi G, 1a trong tdm tam gidc AB'D nén =— = G, la trong tdm tam gidc A'"AC, suy ra
’ A0 3 '
G =A4AInA40.(3)
\ A . . CG, 2
Tuong tu, G, la trong tam tam giac B'D'C nén COZ' :E

= G, la trong tdm tam giac A'C'C,suyra G, =CINCO'. (4)
Tu (3) va (4) suy ra G,,G, cung thugc AC’. Suy ra c) Bing.
., AG, 2 AG, 1 CG, 2 (CG, 1
Tacdt: —=—= =—; =—= =—.
Al 3  AC" 3 CT 3 AC" 3

Do viy AG, =G,G, =G,C' :%AC'.

Vay G,,G, cung thugc AC', ddng thoi chia AC’ thanh ba phan bang nhau. Suy ra d) Sai

Trong mit phang (P) , cho hinh binh hanh 4BCD. V& cic nira dudng thang song song nhau,
ndm vé mot phia doi v6i mit phang (P) va di qua céc diem 4,B, C,D. Mot mit phing (Q)

cit bon nira duong thang noi trén tai A',B',C",D'.
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Cau 3:

a) mp(AA', BB') song song v6i mp(CC',DD').
b) A'B'//C'D'.
¢) Tt giac A'B'C'D' 1a hinh thang.
d) Goi O va O' lan luot 1a giao diém cua hai dudng chéo cia ABCD va A'B'C'D'. Khi d6
00"/ AA'
Loi giai
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Pung ‘

Taco AA'//DD' va AB//CD nén mp(AA',BB')//mp(CC',DD'). Suy ra a) Bung

mp(AA',BB')// mp(CC',DD')
Taco: (Q)nmp(A44',BB')=A'B'" = A'B'//C'D' (1)
(Q)nmp(CC',DD")=C'D'
Hoan toan tuong ty, ta chimg minh duwgc A'D’// B'C'. (2) Suy ra b) Bung
Tu (1) va (2) suy ra A'B'C'D’ 1a hinh binh hanh. Suy ra c) Sai
(ACC'A')~(BDD'B') = 00’
Tacod: ¢ AA4' < (ACC'A"), BB' = (BDD'B')
AA'/l BB'
= 00'// AA'// BB' hay OO'// AA". Suy ra d) Pung.

Cho hinh binh hanh 4BCD va ABEF nam & hai mat phang khac nhau. Goi M 1a trong tim
AABE . Goi (P) 1a mat phang di qua M va song song voi mit (ADF). Lay N la giao diém
cua (P) va AC.

a) EFDC 1a hinh thang

b) FD// EC
¢) (ADF)//(BCE).
d) AN =3.
NC
Loi giai
‘ a) Sai ‘ b) Piling ‘ ¢) Pung ‘ d) Sai ‘
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

B&

C
Cho hinh binh hanh 4BCD va ABEF nam ¢ hai mit phang khac nhau. Ching minh rang:
(ADF)//(BCE).

. |EF//CD(// AB)
a0 {EF =CD (= 4B)
= FD// EC . Suy ra b) Dung.

AD// BC; AF /| BE
Ta ¢6 < AD, AF < (ADF); AD N AF = A= (ADF)//(BCE) . Suy ra c) Diing.
BC,BE — (BEC);BCNBE =B

= EFDC 1a hinh binh hanh. Suy ra a) Sai.

Ta cé: £=@=2(IS//JE)
IS MS
BI = EJ (tu giac 1a hinh binh hanh)
BI_2 Bl IS _BI+IS _BS

—=2=
IS 2 1 2+1 3

= B[=§BS;[S =§BS

4

1 4 35 AN

Taco: AI=AS+ Al =BS+—-BS=—BS=>—==—=2=——=2.Suyrad) Sai.
3 3 2

EBS

Al

Cho lang try tam giac ABC.A'B'C' ¢6 [,K,G lan luot 1a trong tdm cac tam giac
ABC,A'B'C', ACC' . Goi M, M’ 1an luot 13 trung diém cua BC,B'C .
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a) AMM A’ 1a hinh binh hanh;
b) IG cit mit phing (BCC'B').
¢) (IKG) cat (BCC'B');
d) (A'KG)//(AIB').
Loi giai
‘ a) Ding ‘ b) Sai ‘ ¢) Sai ‘ d) Pung

Goi M, M' 1an luot 1a trung diém cua BC,B'C’.
MM’ 1a duong trung binh cta hinh binh hanh BCC'B’ nén
MM'// BB' MM']] AA'
= =
MM' = BB’ MM' = AA'
Vi I,K theo thir ty 1a trong tdm céc tam giac ABC, A'B'C' nén

IM =KM' = %A'M' = %AM ,ma IM // KM' nén IKM'M 1a hinh binh hanh.

= AMM 4’ 1a hinh binh hanh. Suy ra a) Pung.

Suy ra IK // MM',MM' < (BCC'B')= IK //(BCC'B'’) .(1) Suy ra b) Sai.
Goi N la trung diém cua CC', tam giac AMN co

Al A 2 £
i AG =— (tinh chat trong tam).
AM AN 3

Suy ra IG//MN ma MN < (BCC'B') nén IG//(BCC'B') .(2)
Tir (1) va (2) suy ra (IKG)//(BCC'B'). Suy ra c) Sai
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Vi (A'KG)=(A'MC),(AIB")=(AMB'), ta can chimg minh (AM'C)//(AMB').
D& thiy AMM'4' 1a hinh binh hanh nén AM // AM' ma A'M’ < (A'MC) nén AM //(AMC)

NE)
) {CM //B'M'
Ta co
CM =B'M'
BM //CM',CM" = (A'MC)=> B'M J/(AMC) (4)
Tir (3) va (4) suy ra (A'M'C)//(AMB'), hay (A'KG)//( AIB'). Suy ra d) Pung.

— CMB'M' 1a hinh binh hanh, suy ra

PHAN III. Cau tric nghiém tra 161 ngin. Thi sinh tra 15i tir cdu 1 dén céu 6.

Caul: Trong mit phang (P) cho tam gidc ABC. Trén dudng thang d cit mat phang (P) tai Alay 2
diém phan biét M, N khac A (tham khao hinh v& bén duéi). S6 mit phang 1ap duogc tir 5 diém

A,B,C,M,N la

M

N
A
e
B @

Loi giai.
Tra loi: 9
Vi 3 diém khong thang hang thi 1ap dugc mot mat phang nén s mit phang lap dwoc tir 5 diém
trén la:
C:-1=9.

Cau2: Cho hinh héop ABCD.A'B'C'D'. Goi M,N lan luot 1a trung diém caa CD va CC'. Puong
thang A di qua M dong thoi cit AN va A'B. Goi I,J lan luot 1a giao diém cua A v6i AN

va A'B . Hay tinh ti s6 M
J

Loi giai
Traloi: 1
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cau 3:

B’ C’
I
I
I
I
| )
’ 1
: N
N\ I
\ 1 -7
AN 1 -7
I -

\:\ i e N’
N P -
NERY e |
\)Ib- NPe ‘//’

——— R S i
B»=2"s ok C
’ 2T TN s
s s ==~

- Iso

d - - ' NN

St

A

o

/7 -
2=~

Gia su da dung dugc duong thrfmg A citca AN va BA'. Goi 1,J lan luot 1a giao diém cia A
vl AN va BA'.

Xét phép chiéu song song 1én (ABCD) theo phuong chiéu A'B.

Khi d6 hinh chiéu ba diém J,7,M lanlugtla B,I',M .

Do J,I,M thang hangnén B,I'.M ciing thang hang.

Goi N' 14 hinh chiéu cia N thi AN' 1a hinh chiéu ctia AN .

Vile AN=>1'e AN'=1'=BM N AN".

Ttr phan tich trén suy ra cach dung: Ly /'= AN'"BM .

Trong (ANN ') dung II'//NN' cat AN tai I.

Xéc dinh duong thang M1 , d6 chinh 1a duong thang can dyng.

Tacé MC=CN' suyra MN'=CD = AB.Do d6 I' 1a trung diém cua BM .

Mat khéc I7'//JB nén II' 1a dudng trung binh cta tam gidc MBJ , suyra IM =1J = % =1.

Cho hinh chép S.ABCD, ddy ABCD la hinh binh hanh. G 1a trong tdm tam gidc SAD . Mat
phing (GBC ) cit SDtai E. Tinh ti s6 g_[b; (két qua lam tron dén hang phan tram)
Loi giai

Tra loi: 0,67
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Mit phing (SAD) va (GBC)c6 G 1a 1 diém chung. Mit khéc (SAD) va (GBC) lan luot chira
hai duong thiang song song 1a 4D va BC nén giao tuyén cta chiing 1a dudng thiang qua G song
song voi AD , giao tuyén nay cit SD tai E.Goi M 1a trung diém AD , ta c6 56 = SE = 2 .
SM SD 3
Cho hinh chop S.ABCD c6 day ABCD la hinh binh hanh tdim O, SA=SB=6 va AB=8. Mat
phéng (P) di qua O va song song voi (SAB) cit cac canh SC,SD,AD, AB lan luottai M,N,P,Q.

Tinh dién tich t& giac MNPQ. (két qua lam tron dén hang phan muwoi)

Loi giai

Tra loi: 13,4

(ABCD)(P)=AB

Ta co: AB||(P) :{PQ I AB.
OePQ
0 €(ABCD)(P)
(SBC)n(P)=MQ (SCD)(P)=MN
Tuong tu = MQ || SB, = MN ||CD.
SB||(P) CD||(P)

Tu dosuyra M,N,P,Q lan luot 1a trung diém cua SC,SD,AD,AB .
Do d6 tr gidc MNPQ la hinh thang.

Taco PQ:AB:&MN:%AB:4;MQ:NP:%SA:3.

Vay MNPQ la hinh thang can.

Goi H 1a chan duong cao ha tir dinh M cta hinh thang MNPQ.
Khi do ta co HQ=%PQ=2:>MH —(MQ* —HO* =+/5.

(MN +PQ).MH 65

Vay dién tich cua tich tir gidc MNPQ 1a S = 5 6v5.
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Cau 5:

Caiu 6:

DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Cho hinh hop chit nhat 4ABCD.A'B'C'D’ . Xac dinh cac diém M, N tuong tng trén cac doan AC’

, B'D' sao cho MN song song v&i BA' va tinh ti sb

P

Loi giai

Tra loi: 2

Xét phép chiéu song song 1én mit phing (A4'B'C'D’) theo phuong BA', ta c6:

N 14 hinh chiéu ctia M hay N la giao diém ctia B'D’ véi hinh chiéu ciia AC" qua phép chiéu
nay.

Do d6 ta xac dinh dugc M, N nhu sau:

- Trén tia B'A’, 1ay diém K sao cho A'K = B'A’ thi ABA'K 1 hinh binh hanh nén AK // BA',
suy ra K 1a hinh chiéu ciia 4 qua phép chiéu song song.

-Goi N=B'D'// KC'. Puong thang qua N va song song v6i AK cat AC' tai M .

Tir d6 ta xac dinh duge diém M, N can tim.

MA NK KB

Theo dinh ly Ta-let, ta co: = = =
MC' NC' C'D’

Cho ttr dién ABCD. Trén canh AB lay diém M sao cho BM =3A4M . Mit phang (P) di qua
M song song véi hai duong thang AD va BC. Gei K la giao diém cua mit phang (P) véi

, . K
duong thang CD. Tinh ti s6 —C
CD

Loi giai

Tra loi: 0,75

a) M <(DAB)(P) (1).
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AD < (BAD)
Taco: {AD//(P) =d /| AD (2).
d, =(BAD)N(P)

Tu (1); (2) suyra d, qua diém M va song song v6i duong thang AD .
Trong mit phing (DAB), giasit d, "BD=N .
Tuong tu, d, =(DBC)(P) thi d, quadiém N va song song véi duong thing BC.

Trong mit phang (DBC), giast d, "\DC =K .

Khi d¢ Kebc K=DCn(P

148 K ed s, o (P)= K () = K =PEN(P):
ADBCe ADNK (do NK //BC) =K BN 4.

CD BD
Mat khac, ta cling c6: ABDA e ABNM (do NM // DA) :B_:%:i (b).
BD B 4
KC 3

Tir (a); (b ===,

U (a); (b) suyra D4
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DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

QUAN HE SONG SONG
TRONG KHONG GIAN

ON TAP CUOI CHUONG 4
PE TEST SO 02

PHAN 1. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

thi sinh chi chon mot phuong an.

Cho tam gidc ABC . Ly diém M trén canh AC kéo dai ( Hinh 1). Ménh d¢ nio sau day 1a ménh
dé sai?

B

A. M €(4BC), B. Ce(4BM). C. Ae(MBC) D. Be(ACM),

Cho tir dién ABCD véi I va J lan luot 1a trung diém cua cac canh 4B va CD.Ménh dé nao
sau day dang?

A.Bon diém /,J,B,C dong phang, B. Bon diém /,J,A4,C dong phang,

C.Bbn diém 1,J,B,D déng phéng. D. Bén diém 1,J,C,D déng phéng.

Cho hinh chép S.ABCD c6 AC cat BD tai M, AB cat CD tai N . Trong cac dudng thang sau
day, dudng nao 1 giao tuyén ciia (SAC) va (SBD)?

A. SM B. SN. C. SB D. SC.

Cho hinh chép S.4BCD ¢6 ddy ABCD 1a hinh binh hanh. Goi 7,J,E, F lan luot 1a trung diém
cia SA,SB,SC,SD . Trong cac duong thing sau dudng nao khéng song song v6i 1J ?

A. EF B. DC. C. AD D. 4B .

Cho hinh binh hanh ABCD va mot diém S khong ndm trong mit phang (ABCD). Giao tuyén
ctia hai mit phing (S4B) va (SCD) la mét duong thing song song v6i duong thing nao sau
day?

A. 4B, B. AC. C. BC D. S4 .
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Ciu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Quan hé song song trong khong gian c6 tinh chat ndo trong céc tinh chét sau?

A, Néu hai mit phiang (P ) va (Q ) song song v&i nhau thi moi duong thang nam trong (P ) déu
song song véi (Q)

B. Néu hai mit phang (P) va (Q)song song véi nhau thi moi duong thing ndm trong (P) déu
song song voi (Q).

C. Néu hai dudng thing song song véi nhau 1an lugt nim trong hai mat phang phan biét (P) va
(0Q) thi (P) va (Q) song song v6i nhau.

D. Qua mot dién} nam ngoai mit phing cho trude ta v& duge mot va chi mot duong thing song
song v&i mdt phang cho trude do,

Cho hinh lang tru ABC.A'B'C'.Goi M,N,P,Q lan luot la trung diém cua cac canh
AC,AA',A'C",BC .Ta co:

A. (MNP)||(BCA).  B.(MNQ)||(A'B'C") C.(NOP)||(CAB) D.(MPQ)||(ABA").
Cho cac ménh dé sau:

(1): Mot mit phang dugc xac dinh néu biét né chira ba diem.

(II ) : Mot mit phang duge xac dinh néu biét né chira mot duong thang va mot diém.

(1II) : Mot mit phing dugc x4c dinh néu biét nd chira hai duong thang cét nhau,

C6 bao nhiéu ménh dé ding trong cac ménh de trén?

A. 0. B. 1. C.2. D. 3.
Mot hinh chop c6 day l1a ngii giac thi c6 bao nhi€u mat va bao nhiéu canh?
A. 5 mat, 10 canh. B. 5 mat, 5 canh. C. 6 mat, 5 canh. D. 6 mat, 10 canh.

Cho hinh chép S.4BCD c¢6 day 1a hinh thang c6 ddy 16n 1a AD. Goi M 1a trung diém CD. Giao
tuyén ciia hai mat phing ( SBM ) va (SAC ) la

A. SI vé6i I 1a giao diém cua BM va AC.

B. SJ véi J la giao diém ciia AM va BC.

C. SO véi O 1a giao diém cua AC va BD.

D. SP véi P 1a giao diém ctia AB va CD.

Cho tir dién ABCD. Goi M, N lan luot 14 trung diém cua 4B va CD. Mit phang () qua MN
cit AD,BC lan luot tai P va 0. Biét MP cat NQ tai I. Ba diém nao sau day théng hang?

A. 1,B,D B. 1,4,C C.1,C,D D. 1,A4,B

Cho hinh hop ABCD.A,B,C,D, ¢c6 M ,N 1a cac diém lan luot thudc cac canh AD va CC, sao
AM 1 .

cho ——= C—N = —. Mat phang (a) qua M ,N vasongsong voi AB, . Hinh tao bdi cac giao
DM CN 2

tuyén cua (¢or) va hinh hop 1a

A. Luc giéc. B. Tt giac. C. Ngii giac. D. Tam giéc.
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PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi y a), b), ¢), d) & mdi cau, thi

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

sinh chon ding hoac sai.
Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang ddy AD va BC.Goi M 1a trong tdm tam

giac SAD; N 1a diém thudc doan AC sao cho NA = %; P 1a diém thudc doan CD sao cho

ppzﬂ_
2

a) (MNP) //(S4D).
b) NP // (SBC).

¢) Giao tuyén cua hai mit phang (SBC) va (MNP) 1a mot duong thing di qua M song song
v6i BC va MN .

d) (MNP) // (SBC).

Cho hai hinh vuéng ABCD va ABEF & trong hai mit phang phan biét. Trén cac duong chéo
AC va BF lan lugt lay cac diem M, N sao cho AM = BN .
Cac duong thang song song vi AB vé tir M, N lan luot cat
AD va AF tai M' va N'.

a) MM'//NN'.

b) (ABEF) va (MM N'N) cét nhau theo giao tuyén M'N'.

¢) (ADF)//(BCE). Dk
d) (DEF) va (MM'N'N) cét nhau theo giao tuyén song song véi EF .

Cho hinh chép S.4BCD c6 day 1a hinh binh hanh tim O. Goi M, N lan luot 1a trung diém cua
SA va SD.

a) MN //(SBC)

b) (OMN)//(SBC).

¢) Goi E la trung diém doan 4B va F 1a mot diém thuoc doan ON . Khi 46 EF cat mat
phing (SBC).

d) Goi G 1a mot diém trén mét phing (4BCD) cach déu AB va CD.Khi d6 GN cit (SAB)
Cho hinh lang try 4BC.A'B'C". Goi cac diém M, N, P lan luot la A

trung diém cua cic canh bén 44', BB’ va CC’ (tham khao hinh v&).
a) Puong thing MN song song véi dudng thing AC .

Fr

b) Duong thing AP song song v6i mit phang (MB'C').
¢) Mit phang (ANP) song song véi mét phang (MB'C’).

d) Gia st tam giac ABC latam giac vuong cantai 4 véi AB = V2
. AE 1
. Goi E, E' 1an luot thudc cac canh AB va A'B’ sao cho B =E’

Hf

AE" 1 . . .
1B = 3 Mit phang qua EE'va song song véi BC cat MN, MP

lan luot tai 7,J . Khi d6: 1J =§.

Page 3

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cho hinh hop ABCD.A'B'C'D’ . Trén céc canh AA', BB', CC' lan luot lay ba diém M, N, P
AM 1 BN 2 CP

sao cho ==, ==, _L Bié mit phang (MNP) cit canh DD’ tai. Q.. Tinh ti s
AA" 3 BB 3 CC'" 2

Do . . NS A

D (ket qua lam tron den hang phan tram)

Cho hinh hop ABCD.A'B'C'D' Goi M,N,P lan luot thudc cac canh AB,CC',A'D' sao cho

MA=MB,A'P=2PD',NC = NC'. Mit phéng (MNP) cit canh BC tai Q. Tinh ti ) %

Cho hinh hop ABCD.A'B'C'D’ . Trén cic canh AA4', BB', CC' lan luot lay ba diém M, N, P
AM 3 BN 1 CP

sao cho ==, =—, =l. Biét mit phrfmg (MNP) cit canh DD’ tai Q. Tinh ti $6
AA" 4 BB 2 CC'" 3

I;—DQ,. (két qua lam tron dén hang phan tram)

Cho hinh lang try hinh hop ABCD.A'B'C'D"'. Goi I 14 giao diém cua 4'C' va B'D'; Mit
phing (P) di qua I va song song v6i BD', B'C. d la giao tuyén cua hai mit phang (P) va

(BCC'B'). K 1a giao diém ctia dudng thang d va BC. Tinh %

Cho hinh chép S.4BCD c¢6 day ABCD 1a hinh binh hanh tdim O. Trén cac canh SB,SD lan
SM SN 2

luot lay cac diém M, N sao cho ) = ) = 3 Mit phang (a)di qua diém O va song song

v6i miit phing (AMN) cit SC tai J . Tinh ti s6 g—é

Cho hinh chép tir giac déu S.ABCD c6 canh day bang 10. M 1a diém trén SA sao cho i—];[ =§

. Mot mit phiang (o) diqua M songsong v6i AB va BC. Tinh dién tich hinh tao bi cac giao

tuyén cta (a) v6i cac mit cua hinh chop (két qua lam tron dén hang phan mieoi)
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HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi

Cau 1:

thi sinh chi chon mgt phuwong an.
Cho tam giac ABC . Lay diém M trén canh AC kéo dai ( Hinh 1). Ménh dé nao sau day 1a ménh
dé sai?

B

A. M (4BC), B. Cc(4BM). c.ae(upc) b [BE(AGH)]

Loi giai.
Xét cac phuong an:
Phuong én A: M € AC = (ABC)=> M €(ABC). Ding

Phuong an B: C € AM < (ABM )= C €(A4BM ) Pung
Phuong én C: A€ AM < (MBC)= Ae(MBC). bing.
Phuong 4n D: (ACM )= AC,B ¢ AC = B¢ (ACM ). Vay ménh dé & phuong 4n D sai.

Cho tir dién ABCD véi I va J lan luot 1a trung diém cua cac canh 4B va CD.Ménh dé nao
sau day dang?

A.Bbn diém I,J,B,C dong phang, B. Bon diém 1,J,4,C dong phang,
C. Bén diém 1,J,B,D déng phing, D. Bén diém 1,J,C,D dbng phing,
Loi giai.
A
T
B D
J!
&

Xét phuong an A: Néu bon diém 7,J,B,C dong phang thi bon diém 4,B,C,D dong phang
nén trai gia thiét.
Xét phuong an B: Néu bon diem 7,J, 4,C dong phang thi bon diém 4,B,C,D dong phang
nén trai gia thiét.

Page 5

Swu tdm va bién soan



DE TEST - CHUYEN PE IV — TOAN — 11 — QUAN HE SONG SONG TRONG KHONG GIAN

Xét phuong 4n C: Néu bon diém 1,J,B, D dong phang thi bon diém 4,B,C,D dong phang
nén trai gia thiét.
Xét phuong én D: Ta ¢6 bon diém /,J,C,D ddng phing do J e CD < (ICD).

Ciu 3: Cho hinh chdp S.ABCD c6 AC cat BD tai M, AB cit CD tai N . Trong cac duong thang sau
day, dudng nao 1 giao tuyén cia (SAC) va (SBD)?
A. [SM | B. SN. C. SB D. SC .

Loi giai.

Tacd ACNBD=M = (SAC)N(SBD)=SM .
Cau4: Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh binh hanh. Goi 1,J,E,F lan luot 1a trung diém
cta SA,SB,SC,SD . Trong cac duong thang sau dudng nao khong song song véi 1J ?
A. EF . B. DC. C. AD D. 4B
Loi giai.

S

B ¢
Ta co EF song song véi CD, AB song song v&i IJ ( tinh chat duong trung binh), AB song
song voi CD suyra EF ||1J;DC || 1J;AB|| 1J .
AD va IJ 1a hai duong thang chéo nhau nén 4D khong song song voi 1J .

Cau 5:  Cho hinh binh hanh 4ABCD va mét diém S khong nam trong mit phing (ABCD) . Giao tuyén
ctia hai mit phing (S4B) va (SCD) la mét dudng thing song song v6i duong thing nao sau
day?

A. 4B B. AC. C. BC D. 54
Loi giai.
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Cau 6:

Cau 7:

DE TEST — CHUYEN PE IV — TOAN - 11 — QUAN HE SONG SONG TRONG KHONG GIAN

D G
Tacd ABc(SAB); AD (SCD),AB||CD,c6 S la diém chung ciia hai mit phing (S4B) va
(SCD) do d6 giao tuyén ctia hai mit phang (S4B) va (SCD) 1a duong thang di qua S va song
song voi AB,CD . Viy giao tuyén cta hai mit phing (S4B) va (SCD) song song véi dudng

thang AB.
Quan hé song song trong khong gian ¢ tinh chit ndo trong cac tinh cht sau?

. s T e T e R

B. Néu hai mt phang (P) va (Q)song song véi nhau thi moi duong thing ndm trong (P) déu
song song voi (Q).
C. Néu hai duong thing song song v6i nhau 1an luot ndm trong hai mét phang phéan biét (P) va
(Q) thi (P) va (Q) song song v6i nhau.
D. Qua mot diér{l nam ngoai mit phang cho trudc ta v& duge mot va chi mot dudng thiang song
song voi mat phang cho trudce do.

Loi gidi.
Goi a la duong thang bét ki ndm trong (P).Giasu a va (Q) co diém chung thi trai gia thiét
(P) va (Q)song song véi nhaunén a va va (Q) khong d6 diém chung. Vay a ludn song
song véi (Q).
Nhu vy néu hai mat phiang (P ) va (Q) song song v&i nhau thi moi duong thang nam trong
(P) déu song song véi (Q).
Cho hinh ling tru ABC.A'B'C'.Goi M,N,P,Q lan luot 1a trung diém cta cac canh
AC,AA',A'C",BC .Ta c6:

A. (MNP)||(BCA).  B. (MNQ)||(4'B'C") C.(NQP)I|(C4B)  D.(MPO)II(4BAY).

Loi giai.
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BI

Ta c6: MQ|| AB ( tinh chat dudng trung binh ), 4B < (ABA"),MQ  (ABA") = MQ||(ABA");
MP|| AA' < (ABA');MP & (ABA") = MP||(ABA").
Hon nita MPNMQ =M , suy ra (MPQ)||(ABA").

Cho cac ménh dé sau:

(1 ) : Mot mat phéng duoc xac dinh néu biét n6 chira ba diém.

(1) : Mot mat phing duoc xac dinh néu biét né chira mot duong thang va mot diém.

(1I7) : Mot mit phing dugc x4c dinh néu biét nd chira hai duong thang cit nhau,

C6 bao nhiéu ménh dé dung trong cac ménh d¢é trén?

A. 0. B. [ C.2. D. 3.
Loi giai

Ménh dé (1 ) sai khi ba diém da cho théng hang. “Mot mat phéng duoc xac dinh néu biét nd

chtra ba diém khong thang hang” méi 13 ménh dé dung.

Ménh dé (1I) sai khi diém da cho ndm trén duong thang. “Mot mat phang duoc xc dinh néu

biét n6 chira mot dudng thang va mot diém khong thudc duong thing d6” méi 1a ménh dé

ding.

Ménh dé (IIl) ding.

Vay trong cic ménh dé di cho chi c6 mot ménh dé dung.

Mot hinh chop c6 day 1a ngli giac thi c6 bao nhiéu mat va bao nhiéu canh?

A. 5 mat, 10 canh. B. 5 mat, 5 canh. C. 6 mat, 5 canh. D. 6 mat, 10 canh.
Loi giai
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S

Nhin hinh ta thdy c6 6 mét gom: (S4B), (SBC), (SCD), (SDE), (SEA), (ABCDE)
10 canh gdm: S4, SB, SC, SD, SE, AB, BC,CD, DE, EA.
Céu 10: Cho hinh chdp S.4BCD c6 day 1a hinh thang c6 day 16n 1a AD. Goi M 1a trung diém CD. Giao
tuyén cta hai mat phang (SBM ) va (SAC) 1a
A. ST v6i I 1 giao diém clia BM va AC.
B. SJ véi J 1a giao diém cua AM va BC.
C. SO véi O 1a giao diém ciia AC va BD.
D. SP véi P 1a giao diém cta AB va CD.
Loi giai

Ta co: {i 2 Eijf)) = S e(SBM)N(SAC) (1).

Trong mit phing (ABCD) ,g01 [ =BM N AC
{1 € BM, BM < (SBM)

I € AC, AC < (SAC) =1 €(SBM)N($4C) (2).

Tu (1) va (2) = (SBM )N (SAC)=SI .
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CAu 11: Cho terdién ABCD.Goi M, N lan luot 1a trung diém cua AB va CD. Mt phfmg (a) qua MN
cit AD,BC lan lugttai P va Q. Biét MP cit NQ tai I. Ba diém nao sau ddy thang hang?
A.I,B,D B. 1,A,C C.1,C,D D. I,A,B

Loi giai

B=ABNBC= Be(ABD)N(BCD)
Ta c6: s D=ADNDC= De(ABD)N(BCD)
I=MPNQON = 1¢e(A4BD)n(BCD)
Suy ra I,B,D thang hang.
Cau 12: Cho hinh hép ABCD.A,B,C,D, c6 M ,N 1a cac diém lan luot thudc cac canh AD va CC, sao
0 % = CC'I—]]VV = % Mit phang (a) qua M ,N vasongsong voi AB, . Hinh tao bdi cac giao

tuyén cua (a) va hinh hop 1a

C

A. Luc giac. B. Tu giac. C. Ngii giéc. D. Tam giac.
Loi giai

Ta co:
AM_CN_l AM CN

N _1_AaM _CN 1
DM CN 2 4D CC, 3
. : NP . CP 1
Ta co: C,D//AB,, goi P la diém thugc CD sao cho E = E = NP//CD.

X¢ét hinh binh hanh ADC,B,, goi K la diém thuoc B,C, sao cho BR_ % = MK //AB, .

1~1
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Goi Q 1a diém thudc A B, sao cho BO _ % = QK //AC,//AC//MP .

11
Goi {R} =MP N AB,{T}=0RN A4, .
Vay thiét dién tao bdi mit phang (&) voi hinh hop 1a luc giac NPMTQOK .
PHAN II: Cau tric nghiém ding sai. Thi sinh tri 16i cAu héi. Trong méi ¥ a), b), ¢), d) & mdi cau, thi
sinh chon ding hoac sai.
Cau 1: Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang ddy AD va BC.Goi M la trong tdm tam

. 2 NC 2
giac SAD; N la diém thudc doan AC sao cho NA = 7; P la diém thudc doan CD sao cho

pD=P_C‘
2

a) (MNP) //(SAD).
b) NP // (SBC).
¢) Giao tuyén cua hai mit phang (SBC) va (MNP) 1a mdt dudng thang di qua M song song
v6i BC va MN .
d) (MNP) // (SBC).
Loi gidi
| a)Sai | b)Ping | o) Ping | d)Ping

Tacé M nim trén mit phang (SAD) va thude mit phang (MNP), suy ra a) Sai
na=NCE
Ta co ch = NP// AD//BC (1). Suy rab) Dung

PD="——
2
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NP /| AD ; ,
Ta co: . Do d6 giao tuyén cua hai mat phang (S4D) va (MNP) la duong
M €(S4AD)(MNP)
thang d qua M song song v6i BC va MN . Suy ra c) Pung
Goi R 14 giao diém cua d v6i SD .
~.. DR DP 1
D¢ thay: — =——=—= PR//SC (2).
DS DC 3
Tir (1) va (2) suy ra: (MNP)//(SBC). Suy ra d) Ding.
Ciu 2: Cho hai hinh vuéng ABCD va ABEF & trong hai mit phang phan biét. Trén cac dudng chéo
AC va BF lan luot lay cac diém M, N sao cho AM = BN . Cac duong thing song song véi AB

v tr M, N lan luot cit AD va AF tai M' va N'.

a) MM'//NN' .
b) (ABEF) va (MM N'N) cét nhau theo giao tuyén M'N'.
¢) (ADF)//(BCE).
d) (DEF) va (MM'N'N) cit nhau theo giao tuyén song song véi EF .
Loi gidi
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Sai ‘

= MM'// NN'. Suy ra a) ding
NN'// AB

Ta ¢6: N thudc mit phang (ABEF) va (MMN'N); N' thudc mat phang (ABEF) va
(MMN'N)
= (ABEF)va (MM'N'N) cit nhau theo giao tuyén NN'. Suy ra b) Sai

AD// BC
Ta co
{BC < (BCE)

) {MM’// AB
a Co.

= AD//(BCE)
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AF /| BE

Tuong t {BE = (BCE)

= AF//(BCE)

: ADC(ADF): ADF)//(BCE). S da
AF c(ADF) ( )//(BCE). Suy ra c) diing
Vi ABCDva (ABEF) la céc hinh vudng nén AC = BF (1)

Taco MM'//CD =AM _AM
AD ~ AC

NN'J/ 4B = AN _ BN 3)
AF  BF
Tu (1), (2) va (3) ta duoc AM. _ AN N ) DF = DF /(MMN).
AD  AF

Lai c6 NN'// AB=> NN'// EF = EF //( MM'N'N) .

DF /|(MM'N'N)) .
Vay . = (DEF)//(MM N'N). Suy ra d) sai

EF //(MM'N'N)

Cho hinh chép S.4BCD c6 day 1a hinh binh hanh tim O. Goi M, N lan luot 1a trung diém cua
S4 va SD.
a) MN //(SBC)
b) (OMN)//(SBC).
¢) Goi E la trung diém doan 4B va F 13 mot diém thudc doan ON . Khi d6 EF cét mit
phing (SBC).
d) Goi G 1a mot diém trén mat phing (ABCD) cach déu AB va CD.Khidé GN cit (SAB)
Loi gidi
‘ a) Ding ‘ b) Piling ‘ ¢) Sai ‘ d) Sai ‘
Vi MN la duong trung binh cta tam giac SAD
nén MN // AD = MN /[ BC = MN //(SBC). (1) Suy ra a) Ding
Tuong tu, ta cd6 O, N theo thir tu 1a trung diém cua BD,SD nén ON la duong trung binh cua
tam giac SBD = ON //SB= ON //(SBC). (2)
Tir (1) va (2) suy ra (OMN)//(SBC). Suy ra b) Piing

Ta c6 OF la duong trung binh ctua tam gidc 4BD nén OE// AD = OE// MN .
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Cau 4:

Do d6 E €(OMN ). Mit khac F € ON,ON  (OMN)= F €(OMN).

, {EF c (OMN)
Ta co:

EFJ/(SBC).S Sai
(OMN)//(SBC) (SBC). Suy ra c) Sai

Vi G thudc mit phing (4ABCD) va céch déu AB,CD nén G thudc dudng trung binh cta hinh
binh hanh ABCD (ing véi hai canh AB,CD).

Goi I 1a trung diém BC thi 1,0,G thang hang.

Ta c6 OI la duong trung binh cia AABC nén OI // AB = OI //(SAB) .(3)

Tuong tu, ta c6 ON // SB = ON//(SAB) .(4)

Tir (3), (4) suy ra (OIN)//(SAB) ma NG < (OIN) nén NG //(SAB). Suy ra d) Sai

Cho hinh lang tru 4BC.A'B'C". Goi cac diém M, N, P lan luot 1a trung diém cua cac canh bén
AA',BB" va CC'(tham khao hinh v&).

H/
a) Puong thing MN song song véi duong thang AC .
b) Dudng thing AP song song véi mit phang (MB'C’).
¢) Mt phing (ANP) song song v6i mit phang (MB'C").
d) Gia st tam giac ABC 1a tam gidc vudng can tai 4 voi AB = V2. Goi E,E' lan luot thudc
AE 1 AE 1

cac canh AB va A'B’ sao cho — =—, = —. Mit phing qua EE'va song song v6i BC cit
AB 2 AB" 3

MN, MP 1an luot tai 7,J . Khi do: IJ=§.

Loi giai
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‘ a) Sai ‘ b) Piling ‘ ¢) Pung ‘ d) Sai ‘

Tacod: M 1a trung diém cua A4', N 1a trung diém ctia BB’. Suy ra MN la dudng trung binh
cua hinh binh hanh BCC'B’.
= MN// AB// A'B". Suy ra a) Sai

AM 1/ PC' o )
M =B = AMC'P 14 hinh binh hanh= AP// MC'= AP//(MB'C"). Suy ra b) Puing
AP//(MB'C')
= (APN)//(MB'C'). Suy ra c) Pung
AN//(MB'C')
Tam giac ABC la tam gidc vudng can tai 4 voi AB = 2 = 4Cc= \/5, BC=2.
1
EF//BC,EF =—BC =1
AE 1 A'E" 1 ’
=g =y = Taco 2 1 | = i gide EFF'E' 12 hinh
E'F'//B'C'//BC,E'F'ZEB'C' :E
thang.
I 1atrung diém cia EE’, J 1a trung diém cia FF' nén IJ 1a duong trung binh cta hinh
thang.
1+ 2
EF +E'F' 3
S y=trEr . =%. Suy ra d) Sai.

PHAN III. CAu tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.
Cau7: Cho hinh hop ABCD.A'B'C'D' . Trén céc canh AA', BB', CC' lan luot 1y ba diém M, N, P
AM 1 BN 2 (C'P
sao cho =—, =—,
A4A" 3 BB 3 CC'

D’ ‘ . .
D—’g' (ket qua lam tron déen hang phan tram)

= % . Biét mgt phang (MNP) cdt canh DD’ tai. Q. Tinh ti s

Loi gidi
Tra 10i: 0,17
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Cau 8:

A’ D'

|
B’ <

(BB'C'C)//(AA'D'D)
Tac6 <(MNP)N(BB'C'C)=NP = NP//MQ.
(MNP)N(AA'D'D)= MQ
(A4'B'B)//(CC'D'D)
Tuong tw: {(MNP)(A4A'B'B)=MN = MN // PQ
(MNP)(CC'D'D) = PQ
Suy ra mit phang ( MNP) cat hinh hop theo thiét dién 1a hinh binh hanh MNPQ.
Goi 0, O', K lan luot 1a tim c4c hinh binh hanh 4BCD, A'B'C'D', MNPQ thi O, O', K thing
hang.

Tacé BN+D'QO=20K =AM +C'P :>BN+DQ_AM+CP

BB' DD A4 CC'

2. 0o 1.1
3 DD 3 2 DD 6
Cho hinh hép ABCD.A'B'C'D' Goi M,N,P lan luot thudc cac canh AB,CC', A'D' sao cho

DQ 1

MA=MB,A'P=2PD',NC = NC'. Mit phéng (MNP) cit canh BC tai Q. Tinh ti $6 %

Loi giai

Tra loi: 1,25

Truwéc hét ta dung diém O:
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Goi S 1a giao diém cua BB', A'M . Qua S v& duong thang d song song v6i BC. Goi R 1a
giao diém cia PM va d , d& thdy S va R cung thudc mét phing (BCC'B'). Giao diém cua
RN, BC chinh 1a diém O cin dung.

Tinh g:
OB
Goi U la trung diém cua BB'.
Vi MA=MB nén SB=AA'=BB',suyra SB=2BU hay BU =%SU (1)
Mit khac cling do MA=MB nén MS =MA',suyra RS =A'P tiic RS = %A’D' hay

RS=§UN,tiId€1ysuyra ST=§TU,d0d(’) TU:%SU (2)

T (1) va (2) suy ra BUngU, suy ra BU:%TB,hay CN:%TB, do do CQ:%BQ.

Cho hinh hop ABCD.A'B'C'D’ . Trén cic canh AA4', BB', CC' lan luot ldy ba diém M, N, P
AM 3 BN 1 CP

sao cho ==, =—,
AA" 4 BB 2 CC'

=§. Biét mit phang (MNP) cit canh DD’ tai Q. Tinh ti s6

I;—DQ,. (két qua lam tron dén hang phan tram)

Loi giai

Tra loi: 0,58

(BB'C'C) // (A44'D'D)
Do {(MNP)N(BB'C'C)=NP = NP// MQ (1).
(MNP)~(AA'D'D) = MQ
(A4'B'B) I/ (CC'D'D)
(MNP)~(A4'B'B)=MN= MN//PQ (2).
(MNP)~(CC'D'D)=PQ

Tuong tu

Tur (1)va (2) suy ra mat phang (MNP) cét hinh hop ABCD.A'B'C'D’ theo thiét dién 1a hinh
binh hanh MNPQ.
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Cau 10:

Cau 11:

Goi /=ACNBD, K=MPNNQ . D¢ dang c6 IK la duong trung binh cta hai hinh thang
AM +CP _ BN +DQ (3)

ACPM va BDON nén IK = , ma tir dé& bai suy ra AM =%AA',

2 2
[ 22 g : 5 nry
BN==BB'=—AA'", CP==CC'==44'.Do d6 (3)= DQ=-—DD'.
2 2 3 3 12
vay 29T
DD 12

Cho hinh lang try hinh hép ABCD.A'B'C'D'. Goi [ la giao diém cua A'C' va B'D'; Mat
phang (P) di qua I va song song v6i BD', B'C. d la giao tuyén cua hai mit phiang (P) va

(BCC'B'). K 1a giao diém cta duong thang d va BC . Tinh %

Loi giai
Traloi: 3

Vi (P) diqua I va song song véi BD' va BD'c(BDD'B')nén giao tuyén d' cia hai mit
phang (P) va (BDD'B') diqua I va song song véi BD'.

Goi J 1a giao diém ctia duong thang d' véi BB'.

Suy ra J la trung di€m cua BB'.

Vi (P) di qua J va song song véi B'C va B'C = (BDD'B')nén giao tuyén d cua hai mit
phing (P) va (BDD'B') diqua J va song song v6i B'C .

K 1a giao diém ctia duong thang d va BC suyra JK //B'C nén K 1a trung diém cua BC .

BC 2
Cho hinh chép S.4BCD c¢6 day ABCD 1a hinh binh hanh tdim O. Trén cac canh SB,SD lan
luot 1dy cac diém M, N sao cho ‘;—A; = i—g = % Mit phing («)di qua diém O va song song

vO1 mat phéng (AMN ) cit SC tai J . Tinh ti sb %

Loi giai
Tra loi: 0,75
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Cau 12:

Trong mit phing (SBD) goi I = MN NSO . Tacd MI//BD = i—j\; = % :g

Trong mit phang (SAC) goi P=AI NSC = P=SCN(AMN) va (SAC)~(AMN)= AP

(P 1a trung diém SC)

Hai mit phang song song (AMN) va (a) bi cit boi mit phang (SAC) theo hai giao tuyén AP
va OJ nén AP//0J

Tacs: 1P//0J ==L 2 gy 3gp2 Loc 2505523
SO SJ 3 2 22 4 SC 4

X ro e s aX , S v 22 N SM 2

Cho hinh chop tr giac déu S.ABCD c6 canh day bang 10. M la diém trén SA sao cho S_AZE

. Mot mit phing (o) di qua M song song véi AB va BC. Tinh dién tich hinh tao béi cac giao
tuyén cua (o) v6i cac mit cta hinh chop (két qud lam tron dén hang phan muoi)

Loi giai
Tra loi: 44,4

T
Mit phang (a) di qua M va song song voi AB nén tir M ké dudng thiang song song v6i 4B

cit SBtai N, tir N ké duong thing song song v6i BCcat SC tai P. Tur P ké dudng thang
song song v6i CD cit SD tai Q. Khi d6 mat phang () cit hinh chép theo tir giac MNPQ .
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_ , 2 200
Ta co tor gidc MNPQ 1a hinh vuéng c6 canh MN = EAB = ?O . Vay di¢n tich tor giac MNPQ

2
la S:(Ej _ 300
3) 9
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